
S O C I E T Y  O F  P E T R O L E U M  E N G I N E E R S

SPE TEXTBOOK SERIES VOL. 12

FUNDAMENTALS OF
DRILLING ENGINEERING

Robert F. Mitchell
Stefan Z. Miska



Fundamentals of Drilling Engineering



Fundamentals of Drilling Engineering

Editors:

Robert F. Mitchell
Halliburton

Stefan Z. Miska
University of Tulsa

Contributors:
Bernt S. Aadnoy, University of Stavanger

Neal Adams, Neal Adams Services
John W. Barker, ExxonMobil

J.C. Cunha, Petrobras America
Alfred W. Eustes III, Colorado School of Mines

Ross L. Kastor, Antelope Engineering
Vassilios C. Kelessidis, Technical University of Crete

Roberto Maglione, Eni SpA
Stefan Z. Miska, University of Tulsa

Robert F. Mitchell, Halliburton
Evren Ozbayoglu, University of Tulsa

Jim Powers, ExxonMobil
Ronald Sweatman, Halliburton

Society of Petroleum Engineers



© Copyright 2011 Society of Petroleum Engineers

All rights reserved. No portion of this book may be reproduced in any form or by any means, including electronic 
storage and retrieval systems, except by explicit, prior written permission of the publisher except for brief pas-
sages excerpted for review and critical purposes.

Manufactured in the United States of America.

ISBN 978-1-55563-207-6
ISBN 978-1-55563-338-7 (Digital)

Society of Petroleum Engineers
222 Palisades Creek Drive
Richardson, TX 75080-2040 USA

http://www.spe.org/store
books@spe.org
1.972.952.9393



v

Preface

Drilling engineering is a multidisciplinary subject, including a broad spectrum of topics in engineering, geology, 
chemistry, and physics. A general textbook must cover all these topics at greater than superficial depth and with 
reasonable balance in an abbreviated form. This is not an easy task. For instance, a well-known book on drilling 
fluids fills more than 600 pages, while Fundamentals of Drilling Engineering must cover similar topics in only 
60 pages. Similar problems of topic selection, condensation, and presentation must be solved for each of the 
other disciplines covered in the textbook. Because the book must be useful for introductory studies, intermedi-
ate studies, and post-graduate studies, each topic not only must cover elementary concepts but also include more 
advanced topics. 

The specific chapter topics covered in this book include the following:
•	 Rotary Drilling. This chapter describes the basics of rotary drilling; there are a number of elementary 

problems posed, suitable for an introductory course on drilling.
•	 Introduction to Geomechanics in Drilling. The objective of this chapter is to introduce the basic concepts 

of geomechanics related to drilling, including wellbore stability and the selection of suitable mud weights.
•	 Drilling Fluids. This chapter describes the types, functions, formulation, and testing of drilling fluids.
•	 Cementing. This chapter describes the primary objectives of cementing, the formulation and testing of 

cement, and methods for cement placement.
•	 Drilling Hydraulics. This chapter describes how wellbore pressures are calculated in a variety of sce-

narios, such as circulation and surge pressures.
•	 Rotary Drilling Bits. This chapter discusses bit types and selection criteria, factors affecting bit wear and 

drilling rate, and optimization of bit performance.
•	 Casing Design. This chapter addresses the types and functions of casing strings and the methods used for 

the selection, sizing, and design of well completions.
•	 Directional Drilling. This chapter presents directional well trajectory design, the control of the well path 

while drilling, and methods for modeling the torque and drag forces on a drillstring.
•	 Fundamentals of Drillstring Design. This chapter presents descriptions of the components of a drill-

string, determination of the forces and moments in the drillstring, the effect of wellbore pressures on 
drillstring forces, and overall drillstring design.

•	 Drilling Problems. This chapter presents specific drilling problems and their solutions, including lost 
circulation, well control, recovery of broken drillstring components, and stuck drillpipe.

Most important among the first drilling engineering textbooks was Applied Drilling Engineering, written by 
Adam T. Bourgoyne, Keith Millheim, Martin Chenevert, and F.S. Young, which was published in 1986. A second 
edition was published in 1991 and remains available today, and almost every drilling engineer has a copy of the 
“red book” on his or her bookshelf. This landmark publication summarized the state of the art of scientific drilling 
that was developed in the 1945–1980 time period. A survey of the academic community tells us that this text is 
considered the most comprehensive of available textbooks, that it represents a good mix of theory and practice, 
that it is clear and easily understood, and that the example problems are effective teaching aids. 

Fundamentals of Drilling Engineering is intended to be the successor to Applied Drilling Engineering. Why 
do we need a new book, and why change the title? No matter how you calculate the age of the latter work, it is 
at least 20 years old. Not many technical books can remain state of the art for 20 years or more, and this book is 
no exception; drilling technology has changed (significantly, in some areas) over the last 20 years. Further, the 
authors of Applied Drilling Engineering had a vision of the drilling engineering practices of the future; in many 
ways, the industry has taken different, unanticipated directions. The basic approach to drilling engineering has 
also moved from “rules of thumb” and correlations to a more fundamental, physics-based science, and there 
are many examples of this older style in that textbook. Some topics, such as torque-drag drillstring analysis, 
extended-reach wells, and underbalanced drilling, have taken on an importance not anticipated by the authors. 
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Drilling fluids and cementing technologies have evolved to solve new problems, notably environmental and dis-
posal concerns. Geological topics cover wellbore pressures but miss other important problems, such as wellbore 
stability. Cuttings transport analysis has progressed far since the first book’s publication. Other topics of modern 
importance, such as environmental, health, and safety issues, are completely absent from that textbook. Neverthe-
less, it will remain available, both as a useful source of information and as a historical document describing the 
state of the art of drilling engineering during a period of rapid technological development. 

While the past 20 years have produced explosive growth in new technologies in the drilling industry, the 
greatest change has been the greatly increased use of computer analysis in exploration, well design, planning, and 
reporting. In the mid-1980s, when Applied Drilling Engineering was first published, computer applications were 
largely confined to “mainframe” or “minicomputers” not generally available to drilling engineers on a daily basis. 
The personal computer was still too primitive to be useful for engineering calculations, and drilling engineering 
calculations were still in the “hand calculation” stage. Any calculation that could not be summarized on the back 
of a file card was considered too complex to be useful. The first IBM PC was introduced in 1981, and with the 
introduction of the Intel 80386 chip in 1986, personal computers became capable of intense engineering calcula-
tions. In 2011, most routine engineering calculations are done with commercial software packages on personal 
computers. The effective and correct use of these programs is a new teaching problem for the petroleum industry, 
especially considering the large turnover in manpower expected over the next decade. 

How do you replace a classic textbook, and why change the name? First, you don’t replace it. Applied Drill-
ing Engineering still has value. Because Applied Drilling Engineering will remain available for the foreseeable 
future, the new textbook would necessarily need a new name. One problem with the original name is that it is 
somewhat misleading in that it suggests a collection of drilling applications, rather than the fundamentals of 
drilling engineering it actually contains. To correct this potential misunderstanding, the word “Fundamentals” is 
prominent in the name of the new textbook. Second, to produce a worthy successor to Applied Drilling Engineer-
ing, we have taken the same approach used by the industry to drill a well—that is, we assembled a drilling team. 
Drilling engineering covers a widely diverse set of disciplines, and no single person can be an expert in all areas. 
Thus, the drilling team has experts in drilling fluids, cementing, geology, drillbits, and other areas. The editors 
sought out experts in industry and academia to contribute to this new textbook. The following pages give brief 
biographical information on each of these authors. This book could not have been produced without their efforts.

Robert F. Mitchell
Houston
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A Note on Prerequisites 
This book is intended primarily for junior and senior petroleum engineering students in a four-year university-
level type of program. Some parts also can be useful for graduate students as well as practicing engineers. We 
have assumed that the readers have successfully completed courses in calculus and differential equations, fluid 
mechanics and thermodynamics, engineering static, dynamics, and mechanics of materials. In general, a good 
understanding of conventional Newtonian mechanics (both fluid and solid) is sufficient for solving most drilling 
engineering problems, but some parts (e.g., those discussed in Chapters 3 and 4) also require a good background 
in chemistry that may be found in many textbooks at the bachelor’s level. Most developments are furnished 
with derivations followed by numerical examples. Careful review of example problems is highly recommended 
before working on the solve at home types of problems provided at the end of each chapter.  

We certainly hope that this book will also inspire the readers to study more advanced topics, as addressed in 
the recently published SPE book Advanced Drilling and Well Technology.  
 
A Note About Units 
An engineer or student new to drilling engineering will encounter the most peculiar collection of units to be 
found in any discipline. One reason for these odd units is that drilling engineering first developed as a craft. 
Wells have been drilled for millennia, and for much of that time, drilling has been a craft, not a science. The 
young driller learned his craft as a roughneck on a drilling rig and, as he acquired experience and seniority, 
eventually was put in charge of a drilling rig. Wells were successfully drilled because of the driller’s intuition in 
anticipating and experience in solving problems.  

Drilling engineering did not really exist as an engineering science before approximately 1945. 
Measurements were made with tools convenient to the driller. Mud weight would be measured in pounds of 
mud per gallon because the driller likely had a gallon bucket in which to weigh the mud. The origins of the 42-
gal oil barrel are obscure, but some historical documents indicate that around 1866, early oil producers in 
Pennsylvania, USA decided they needed a standard unit of measure to convince buyers that they were getting a 
fair volume for their money. They agreed to base this measure on the more-or-less standard 40-gal whiskey 
barrel, but added an additional 2 gal to ensure that any measurement errors would always be in the buyer’s 
favor. Drilling companies outside of the United States adopted metric units as well, measuring well depth in 
meters, volumes in liters, and diameters in centimeters. 

We have to contend with this odd assortment of units because for almost any engineering calculation, unit 
conversion will be necessary. For instance, the exact formula for calculating hydrostatic pressure for a constant 
density fluid is: 
 p g Z!" = " ,        (1) 

where p is pressure, ! is density, g is the acceleration of gravity, and Z is true vertical depth. Field units are psi 
for pressure, lbm/gal for density, and feet for depth. To reconcile these units, the equation has to be rewritten: 
 0.05195p Z!" = "        (2) 
This mysterious coefficient 0.05195 equals 12/231, where 231 is the number of cubic inches in a gallon and 12 
is the number of inches in a foot. The acceleration of gravity g is given in the unfamiliar unit of 1 lbf/lbm.  

A more challenging calculation is dynamic pressure: 
 2p v!= ,        (3) 

where p is pressure, ! is density, and v is velocity. Field units are psi for pressure, lbm/gal for density, and ft/sec 
for velocity. To reconcile these units, the equation has to be rewritten: 
 20.001615p v!= .       (4) 

This coefficient 0.001615 equals 12/(231*32.17), where 231 is the number of cubic inches in a gallon, 12 is the 
number of inches in a foot, and 32.17 is the acceleration of gravity in ft/sec2. Notice that it is necessary to 
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convert the field unit density to a consistent unit of density in this equation, but this time the conversion is the 
acceleration of gravity in ft/sec2, not 1 lbf/lbm. The potential pitfall is the confusion of weight with mass.  

We have tried, in this text, to keep equations in the form of Eq. 1 or Eq. 3 and to avoid the use of equations 
like Eq. 2 and Eq. 4. The drawback to Eqs. 1 and 3 is that we must convert units. It would be preferable to have 
measurements in a system of units such that we wouldn’t have to convert each property to a different unit to 
make a correct calculation. 

There are systems of units, called consistent units, which have the properties we desire. The system most 
commonly used is the SI system of units, based on the metric system. There exist consistent English units 
systems as well, but they are even more obscure than drilling engineering units and are not commonly used. The 
SI units and conversion factors can be found in The SI Metric System of Units and SPE Metric Standards, 
published by SPE. It is highly unlikely that drillers will adopt this system, but the scientific world uses it as a 
matter of course. 

When making engineering calculations, the safest approach is to convert all properties to SI units, perform 
the calculation, and then convert the result back to field units. With practice, some calculations (such as Eq. 1) 
become so familiar that one would simply use the coefficient 0.052. With computer programs and spreadsheets, 
use of SI units is particularly easy, and we recommend their use. For instance, Eq. 3 in SI units can be 
calculated with no concern about gravity constants whatsoever. 

For a proposed list of standard symbols for drilling engineering, please refer to the Appendix that begins on 
page 677. 
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Chapter 1

Introduction to Rotary Drilling

J.C. Cunha, Petrobras, and Ross Kastor, Antelope Engineering

The objectives of this chapter are to introduce the student to the rotary-drilling process, familiarize the student 
with the basic rotary-drilling equipment, and introduce the student to fundamental operational procedures and 
drilling cost evaluation.

1.1  Foreword
Envision an amazing source of energy whose location is known but not easily accessible. Now imagine that this 
energy will be used to provide means of transportation for every person living on Earth. In addition, envision that 
this incredible energy will also allow every product, natural or industrialized, to be transported from or into virtu-
ally any place on the face of our planet. As a consequence of that, this energy will somehow be an important part 
of every venture in every country of the world.

No matter the nature of the business, it will, in some way, depend on that energy. You may think about any 
 industrial enterprise, any large or small commercial endeavor, the construction industry, the entertainment or the 
tourism industries, and even the processes involved in producing other types of energy. Regardless of the venture, 
this extraordinary energy will always be necessary and almost every individual living on Earth, even in the most 
remote locations, will certainly depend on it.

Regrettably, the source of this energy is not located in a place of easy access. Concealed beneath millions of tons 
of rocks, trapped deep below ground, many thousands of meters under Earth’s surface, this energy often is located 
in areas of very diffi cult access or even offshore, under very deep waters. Nevertheless, due to its importance in 
our lives, no matter the location or the depth, in some way we will have to fi nd a means to establish a path between 
the energy source and the surface.

Somehow, in a notable work of engineering, a well will be drilled connecting the energy source to the surface. 
This well will have the necessary strength to withstand the enormous pressures produced by the adjacent rocks. 
It will prevent any damage to the surrounding environment. It will be outfi tted with modern equipment to allow 
production in a safe and nondetrimental way.

The planning and execution of this remarkable work of engineering is the job of drilling engineers.

1.2 History of Drilling
Drilling for oil and gas is not new. Even though the modern techniques, equipment, and methods that are going 
to be described in this book are completely different from the ones used in the  prehistoric era of the industry, 
there is evidence of wells purposely drilled for production of hydrocarbons as early as A.D. 347 in China. 
Also, there are reports of oilwell drilling activities in Japan by A.D. 600.

The fi rst oil well drilled in Europe dates back to 1745 in Pechelbronn, France, where petroleum mining from 
oil sands had been taking place since 1498. After that, many wells were drilled, mostly using rudimentary hand 
tools, in Europe, North America, and Asia where an oil well was drilled in 1848 on the Aspheron Peninsula 
northeast of Baku. Following the Baku well, various shallow oil wells were drilled in Europe during the next 
decade.
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There are many different versions about where the fi rst well of the modern oil industry was drilled. Depending 
on the historian, locations and dates will vary widely. Also, there are many different depictions about what should 
be considered a modern well and what would differentiate it from a well that, even though it has produced oil, was 
not actually drilled having that as a primary goal. In this chapter, without dueling about whom, where, and when, 
which would be rather ineffectual, we will mention some important milestones and pioneers that have contributed 
to the advancement of the modern oil industry in those early days.

In 1858, in Oil Springs (then part of the township of Enniskillen), Ontario, Canada, a rudimentary 49-ft (14.93-m) 
well was dug by James Miller Williams with the intention to produce “kerosene” for lamps. Even though this is 
considered to be one of the pioneer ventures of the North American oil industry, the Williams well did not represent 
any signifi cant advance as far as drilling technology is concerned.

A true milestone for the drilling industry and probably the world’s most widely recognized drilling milestone 
occurred in 1859. In that year, in Titusville, Pennsylvania, USA, Edwin L. Drake (Fig. 1.1) drilled what is, so far 
as known or documented, the fi rst well purposely planned for oil in the United States. Even though there is evi-
dence of oil and gas wells that had been drilled in the United States for as long as 40 years prior to the Drake well, 
most of those early wells were actually originally drilled in search of potable water or brine.

In the nineteenth century, cable tool rigs (see Fig. 1.2) were in widespread use in North America. Cable tool rigs 
pounded through soil and rock to drill the well by repeatedly dropping a heavy iron bit attached to a cable. Using 
a 6-hp steam engine (see Fig. 1.3) to power his cable tool drilling equipment, Drake drilled a well 69.5 ft deep 
(21.18 m) that initially produced oil at a rate believed to be from 8 to 10 B/D. Fig. 1.4 presents some of the tools 
used in cable drilling.

Immediately after that fi rst success, many other wells followed, causing the oil industry—and particularly its 
drilling segment—to experience an unprecedented growth.

1.2.1 Development of Rotary Drilling—The Modern Era. Percussion drilling was widely used by the oil in-
dustry until the 1930s. Even though there are archaeological records of the Egyptians using rotary drilling mech-
anisms as early as 3000 B.C., the process was little used in the early days of the industry because of its 
complexity compared to percussion drilling.

During the 1890s, Patillo Higgins, a mechanic and self-taught geologist, tried to prove his theory about the 
existence of oil at a depth of approximately 1,000 ft (305 m) below a salt dome formation south of Beaumont in 
eastern Jefferson County, Texas, USA. He gathered funding from various partners and drilled three wells, includ-
ing one using a cable tool rig, but all three holes did not reach the proposed fi nal depth because unconsolidated 
sand at a depth of approximately 400 ft (122 m) caused all three wells to be lost.

In 1899 Higgins partnered with Captain Anthony Francis Lucas, an engineer and navy offi cer who had immi-
grated to America a few years earlier, to try again to drill a proper test well in the region. Their fi rst try, a well 
drilled in July 1899, was yet another disappointment, with the well being lost due to the same unstable sands that 

Fig. 1.1—Edwin L. Drake (Giddens 1975). Used with permission from the Pennsylvania Historical and Museum 
Commission Drake Well Museum Collection, Titusville, Pennsylvania.



Introduction to Rotary Drilling 3

caused the previous failures. Their second well, however, the fi fth try in the region, fi nally succeeded in reaching 
the objective.

With operations initiated on 27 October 1900, the Lucas Spindletop well reached its fi nal depth on 8 January 
1901, and two days later, when a new drilling bit was being run into the well, it started fl owing with an amazing 
and unprecedented rate of nearly 100,000 BOPD (Fig. 1.5), which at that time represented more than the entire 
oil production of the United States.

The Lucas Spindletop well, besides establishing the presence of large hydrocarbon deposits in the region, also 
demonstrated the viability of using rotary drilling rigs to drill oil wells in soft formations where cable tools could 
not be effectively used except at very shallow depths.

There is some disagreement about the fi nal depth of the Lucas well. Captain Lucas stated that the fi nal depth 
was 1,160 ft (353.55 m), while Al Hamill, the drilling contractor for the well, in an article written 50 years later 
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Fig. 1.2—Cable-tool rig schematic. After Brantley (1940).
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Fig. 1.3—Steam engine (Brantley 1971). Reprinted courtesy of Gulf Publishing.

Fig. 1.4—Cable drilling tools (Brantley 1971). Reprinted courtesy of Gulf Publishing.

Fig. 1.5—The Lucas Spindletop well (circa January 1901). From Brantley (1971). Reprinted courtesy of Gulf Publishing.
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reported the fi nal depth as 1,020 ft (310.88 m). Nevertheless, more signifi cant than the controversy is the impor-
tance of this well for the oil industry.

The well was drilled using the most advanced technology known, and after its initial uncontrolled geyser-like 
production, it was capped, allowing production to restart in a safe and controlled way. The Lucas well is consid-
ered by many as the birth of the modern oil industry. The fact that it had its operations initiated by the end of the 
last year of the nineteenth century and concluded on the very fi rst days of the twentieth century just adds more 
symbolic meaning to this true milestone of an industry that changed the world.

1.3 The Drilling Team
Modern well drilling is an activity that involves many specialists and usually various companies. The expertise 
and number of engineers and technicians involved in the planning and execution of a drilling operation will 
 depend on the type of well being drilled, its purpose, the well location, its depth, and the complexity of the 
 operation. 

A well drilled with the purpose of discovering a new petroleum reservoir is called an exploration (or wildcat) 
well. Wildcat wells are the very fi rst ones drilled in a certain unexplored area. After a wildcat well has shown the 
potential of a reservoir to be productive, appraisal wells may be drilled to obtain more information about the res-
ervoir and its extension. Once a newly discovered reservoir is considered economically viable, a development 
plan is established and development wells are drilled to produce the oil and gas present in the reservoir.

Besides the most common exploration and development wells, special wells may be drilled for a variety of 
purposes including stratigraphic tests and blowout relief (see Chapter 10). Fig. 1.6 presents an overall classifi ca-
tion of wells according to their purpose.

The rights for a company to explore a certain area must be secured before any activity is carried out. Due to the 
high risk involved in the business, it is not uncommon to have two or more companies forming a consortium for 
the venture. Normally in that case, one company—the operating partner—will lead the operation while the other 
partners, who will have proportional participation in all expenses and profi ts, may or may not have a say on the 
operational procedures depending on the clauses  accorded in the joint operating agreement (often referred to as 
the JOA).

Prior to any drilling activity, seismic and geologic studies are carried out in order to determine the best location 
for the fi rst exploration well. Those studies are performed by a company’s geological team, which usually is 
 responsible for recommending locations for wildcat wells, while the reservoir team will be responsible, on a later 
phase, for locating development wells. In either situation, the  drilling team will be responsible for the planning 
and execution of the operation including its budget (cost estimation) and contingency plans.

Leading a drilling operation is not an easy task. Normally, the oil company that owns the exploration rights 
for the area, or the operating partner in case of a consortium, assembles a drilling team that in turn will prepare 
the detailed well design and the drilling program and establish operational procedures according to local regu-
lations and the company’s own health, safety, and environment (HSE) policy. This is done in order to conduct 
drilling operations in the most safe, clean, and economical way.

The drilling operation itself generally will be carried out by a drilling contractor that may be hired specifi cally 
for a certain well or on a long-term contract. The contractor will be responsible for performing the operations 
 according to the well program using the equipment and procedures specifi ed in the contract.

Prior to the initiation of the drilling operations, the wellsite must be prepared to receive the drilling rig and 
all other related equipment. The specifi c type of work for wellsite preparation will depend on the location and 

      Objective
• Exploration 
◦ Wildcat 
◦ Appraisal 
◦ Extension 

• Development 
• Injection 
• Special purpose 
◦ Stratigraphic 
◦ Blowout relief 

      Trajectory

• Vertical 
• Directional 
◦ Inclined 
◦ Horizontal 
◦ Long reach 
◦ Special design  

Environment

• Onshore 
• Offshore 

Fig. 1.6—Well classifi cation.
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the infrastructure present. Offshore operations in unexplored areas may require a seafl oor survey to determine 
the feasibility of installation of subsea equipment. Some  onshore areas may require extensive preparation, and 
remote areas, without any infrastructure, may require costly and time-consuming preparation including road 
construction. Fig. 1.7 shows an  offshore location in the North Sea, an operation in western Canada, and another 
in Brazil’s Amazon jungle.

During drilling operations, the operator will have at least one representative, usually a drilling engineer or tech-
nician, responsible for ensuring that operational standards are being followed by the drilling contractor and other 
service contractors involved in the process. Depending on the importance of the well, the operator may be repre-
sented by a team of specialists including engineers, geologists, drilling-fl uid specialists, and others. The opera-
tor’s representatives, besides ensuring that the well program is properly executed, will also be responsible for 
on-site decisions regarding minor adjustments or major changes to the drilling program that may be necessary due 
to unpredicted conditions.

During well drilling, various services will be needed depending on the type of well and its complexity. Common 
services required for oilwell drilling are related to drilling fl uids (Chapter 3), directional drilling (Chapter 8), 
casing and cementing (Chapters 4 and 7), drilling bits (Chapter 6), and well logging (which is beyond the scope 
of this book). Fig. 1.8 presents a typical drilling structural organization. The drilling engineer recommends the 
drilling procedures that will allow the well to be drilled as safely and economically as possible. In many cases, the 

Fig. 1.7—Drilling operations in the Chinook Field, Gulf of Mexico (courtesy of Petrobras), Alaska (courtesy of Minerals 
Management Service), and Brazil’s Amazon jungle (courtesy of Petrobras).
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original well plan must be modifi ed as drilling progresses because of unforeseen circumstances. These modifi ca-
tions also are the responsibility of the drilling engineer. The company representative, using the well plan, makes 
the on-site decisions concerning drilling operations and other services needed. Rig operation and rig personnel 
supervision are the responsibility of the tool pusher or drilling supervisor.

1.4 Drilling Rigs
Currently, rotary drilling is the standard oilwell drilling method for the drilling industry, with almost all operations 
being performed by rotary-drilling rigs. Rigs will vary widely in size, drilling capability, level of automation, and 
environment in which they can operate. Nevertheless, the basic rotary-drilling process is the same for all types of 
rigs as shown in Fig. 1.9.

The well is drilled using a bit that, under a downward force and rotation, breaks the rock into small pieces. The 
force is provided by the weight of pipes placed above the drilling bit, while rotation generally is provided at sur-
face by equipment that rotates the drillstring, which in turn transmits rotation to the bit. As the bit drives into the 
ground, deepening the well, new pipes are added to the drillstring. The small pieces of rock (cuttings), resulting 
from the bit action, are transported to surface by a fl uid (drilling fl uid or mud) that is constantly pumped into the 
hollow drillstring all the way to the bottom of the hole, where it passes through small orifi ces placed at the bit, and 
returns to surface carrying the cuttings through the annular space formed between the well and the drillstring. 
Once reaching the surface, the cuttings are separated from the fl uid, which is treated for reuse.

Generally, rotary rigs are classifi ed as either land rigs or marine rigs. Fig. 1.10 shows rig classifi cation under 
those categories.

1.4.1 Land Rigs. Land rigs, in a broad sense, can be categorized as conventional and mobile. Mobile rigs tend to 
be more easily transported, while the conventional rigs will take longer to be moved from one location to another.

Conventional rigs normally use a standard derrick that needs to be built on location before drilling the well and 
is usually dismantled before moving to the next location. In the past, quite often the derrick was left standing 
above the well after it began production in case workovers became necessary; however, today’s modern rigs are 
usually built so that the derrick can be easily disassembled and moved to the next wellsite. There also are special 
rigs that are built in a way that rig pieces, when disassembled, will never exceed a certain weight, allowing trans-
portation by helicopter. Those rigs, also called helitransportable rigs, are used in remote areas with no road infra-
structure and also on jungle operations.

Mobile rigs have a cantilever derrick or a portable mast that is raised and lowered as a whole rather than being 
constructed piecemeal. The rig-up and rig-down operation is less time-consuming than on conventional rigs.
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Fig. 1.8—Typical drilling rig organization (Bourgoyne et al. 1986).
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Fig. 1.9—The rotary drilling process (Bourgoyne et al. 1991).
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Fig. 1.10—Rotary-rig classifi cation (Bourgoyne et al. 1986).
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Generally, all important rig components are skid-mounted and can be transported and reconnected easily. 
The cantilever derrick has its components assembled horizontally on the ground and then is raised using the rig 
hoisting equipment (see Fig. 1.11).

Rigs with portable masts usually are mounted on a truck together with its hoisting system. Upon arrival on 
 location, the telescoped portable mast is easily raised to vertical and extended to its fully operational position. 
Fig. 1.12 shows a mobile rig with portable mast.

Besides portability, another important feature for a rig is its maximum operating depth, which is closely related 
to its derrick loading capacity. A variety of rig types are available in the market with maximum depth capacity 
ranging from less than 3,000 ft (~900 m) up to 30,000 ft (~9000 m) and beyond. A typical rig specifi cation sheet 

Fig. 1.11—Rig with cantilever derrick (Derrick Engineering Company 2010).

Fig. 1.12—Mobile rig with portable mast (GEFCO 2007). Courtesy of GEFCO.
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is shown in Fig. 1.13. These specifi cations must be used to evaluate and compare rigs of various contractors before 
selecting the right one for an upcoming well. Information contained in the rig specifi cations generally addresses 
the following items:

· Derrick type
· Drawworks type
· Maximum operating depth
· Hookload capacity
· Mud pumps (number, manufacturer, horsepower)
· Engines (type, horsepower)
· Topdrive or rotary table
· Well-control equipment
· Fishing tools
· Main rig equipment information
· Drillstring and accessories
· Circulating system and mud-processing equipment
· Miscellaneous equipment

The rig specifi cation usually contains a schematic of the rig’s layout so that the rigsite can be properly prepared. 
This information is of extreme importance in certain areas where logistic or environmental conditions may drasti-
cally limit the drillsite area.

1.4.2 Marine Rigs. The beginning of the oil industry was marked by the development of oil fi elds located on 
land. Even though there were indications of existence of underwater oil reservoirs in lakes and oceans, the easier 
logistics for land developments and the abundance of onshore reservoirs precluded offshore ventures in those 
earlier years. When the industry started moving offshore, the fi rst wells were drilled near shore using regular land 
drilling rigs over wharfs or artifi cial islands. Modern offshore drilling started in the mid-1940s, when offshore 
wells started to be drilled in shallow waters from fi xed platforms. Today, marine drilling activity is an important 
segment of the industry, with offshore rigs carrying amazing technological developments.

Fixed platforms require a large up-front investment, for they fi rst must be constructed and transported to a 
specifi ed location. Obviously, such investment should be made only after there is reasonable assurance about the 
presence of commercial oil and/or gas accumulations. This reality pushed the industry to develop mobile drilling 
vessels—rigs that could be used for exploration drilling and, afterward, drill the subsequent production wells or 
be moved to another location. Less than a decade after offshore wells started to be drilled from fi xed platforms, 
movable, submersible offshore drilling barges were introduced. The portability of these drilling vessels created a 
major increase in the attractiveness of offshore drilling.

Besides portability, another important characteristic of an offshore drilling unit is its maximum  water depth of 
operation. There are rigs that can drill only in very shallow waters, while some modern drilling vessels can drill 
in very deep oceans.

Offshore drilling rigs can be bottom-supported or fl oating vessels. A submersible drilling barge (Fig. 1.14) is a 
bottom-supported vessel typically used in 8 to 20 ft of water (3 to 6 m). In order to operate, the barge is towed to 
the location and sunk to the bottom by fl ooding various vessel compartments. After conclusion of the drilling 
operation, the water is pumped out of the compartments, allowing the rig to fl oat so that it can be moved to the 
next location. The barge usually is designed as a fully self-contained vessel. In addition to a complete drilling rig, 
it has sleeping quarters for the crew and ancillary personnel and galley facilities. Crew boats are used for trans-
portation between the rig and the nearest docking facility and for emergency evacuation of personnel. Water depth 
and weather limit the areas for submersible barge operation. A minimum water depth of 6 to 8 ft (2 to 3 m) is 
 required for vessel draft during transport to the location. The upper range on the water depth can be extended to 
40 ft (12 m) if a shell mat or pad is built as a support base for the barge. Quite often, the shell pad is required due 
to poor seafl oor supporting capabilities.

Drilling barges are widely used in areas such as the Gulf of Mexico and the Niger basin marsh areas, and in 
coastal waters immediately adjacent to land areas. Specially dredged channels may be required in marshes where 
no other access is available. These channels, or canals, may add signifi cantly to the well costs. Barges are not used 
when wave height exceeds 5 ft (1.5 m).

The discovery of signifi cant petroleum reserves in an offshore area usually requires the installation of a produc-
tion platform to extract the reserves economically. A number of wells are drilled directionally from the platform 
to exploit the reservoir. This approach is more cost-effective, in most cases, than using many single-well platforms 
with vertical wells.
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sekarBIGQgiRfosnoitacificepSlacinhceT

Rig Name Queiroz Galvão I QG I Electromagnetic Baylor model 6032 Elmago.
Place of Manufacture USA Crown Block

Year of Manufacture 1980 Skytop Brewster 7 sheaves 60” 
Manufacturer Skytop Brewster Blocks

Model NE 95 Skytop Brewster 400
Type Electric SCR Swivel

National P 500 

Drilling Capacity Hook

5000 mts. With 5” Drill pipe. Hydrahook 500 ton 

Rig Driving Force Drill String and Accessories

531SedarGstM0052”5epiPllirD,srotareneg4htiwpudelpuocAT893-DrallipretaChcaE4

”G“edarGstM0001”½3epiPllirDAVK0004gnilatotAVK0001htiwhcaE

4”½9sralloCllirD002.2ledoMSPImetsysRCShcaE1

Drill Collars 8” 21

Drill Collars 6½” 30

Drill Collars 4¾” 15

Hevi-Wate 5” 21

Hevi-Wate 3½” 50

Float subs for each Diameter

retemaiDhcaerofsresilibatS.ph06rotomcirtcele1ybnevirdtinugnotciluardyHhcae1

retemaiDhcaerofsremaeRrelloR.ph03srotomcirtcelehcae2ybnevirdsrosserpmocriahcae2

”½8dna”¼21steksaBknuJph52rotomcirtcele1ybnevirdrotalumuccAyemooKhcae1

ylleKxeh”¼5rofevlaVylleKdnaskcoCylleKph02srotomcirtcele4ybnevirdspmupegufirtneChcae4

epipllirdnognisacrof001srotcetorP.ph02srotomcirtcele5ybnevirdsreximdumhcae5

sretemaiDllarofsbusfoteshcaE1sbuSph01srotom2knatpirtdnaressageDrofspmupegufirtneChcae2

2 each sale shakers driven by 2 electric motors 5 hp

Mud cleaner driven by 3 hp motor Fishing Tools

4 each lubrification pumps driven by 4 electric ”¾5dna,SF”8/18,SF”¾11stohsrevOph3srotom

Jars 7¾”, 6½”, 4¾”

Industrial Safety and Pollution Control Bumpers 7¾”, 6½”, 4¾”
H2S Detection System, MAS, Model 580 Jar Intensifiers 7¾”, 6½”, 4¾”

”¾4,”½6,”¾7stnioJytefaS,enilwolF,srosneS3,mralA,mpp01ytilibisneS

Shale Shaker and rig floor. Taper Taps 7¾”, 6½”, 4¾”

Complete set of fire extinguishers Reverse circulating junk basket 11¼” 77/8” 5¾”

”¾51/88”½11stengaMpmacehtdnettaottnalptnemtaertretaW

Bug Blower installed on rig floor. Impression Block 11½” 81/8” 5¾”

Junk Mill 12¼” 8½” 61/8”

Capacity of fuel and water Spears for 95/8” casing and 7” casing
Diesel tanks 2 each 30 M3

Water Potable 1 Each 5 M3 Casing Equipment
Industrial Water 2 Each 20 M3

Elevators Side Door 20” 133/8” 95/8” 7” 150 ton

Pick up Elevators 20” 133/8” 95/8” 7”

Circulating System and mud processing equipment 1 Set Spiders 350 ton Pneumatic for 133/8”, 95/8” and 7”

”7”95/8”33/8 1”02rofspilSlaunaM031-P01lanoitaNph0031spmupdumxelpirThcaE2

gnisac”02tiusotsgnoTgiRhcaeph07xelpuDtnednepednileseiDspmupretawhcaE2

Hydraulic Tongs lamb 16000 with heads for 133/8”, 95/8” and 7”

Stabbing Board installed in Mast
1 Each Desander Demco 4” x 10 cones

1 Each Mud Cleaner Brandt Single Instruments and Recorders

1 Each set of Pit volume indicators with complete alrm system.

Drilling Instruments

1 Each Degasser Drilco See-flow.

1 Each sand Trap with 2 divisions and individual outlets for cleaning.

1 Each slug pit 75 Brls Geolograph

5 Each Mud Mixers and 6 Mud guns Totco, Model DR6WPT 6 pin recorder

seergeD61-0,8-0,sredrocernoitaiveDlbb0561kcotslatotsknaTduMhcaE4

2 Each mixing Hoopers with individual lines to each tank and mud guns

1 Each Mud Laboratory with running water for analysis Communication System

1 Each baroid kit 821 Complete internal telephone system 10 points

BOP and Well Control System Accomodation

Ram sets for 23/8”, 27/8”, 3½”, 5”, 7”, 95/8” and blinds.

1 each kill Line 2” x 10000 psi with 2 manual valves and 1 check. Valve Cameron. Logistic Equipments

1 Each D 6 Catterpillar tractor

1 Each crane track type GROVE 20/22 ton.
1 Each Pick up Toyota double cabin with 4 wheel drive.

Fishing Tools QGI Quantity

122821-C#.SFEPYT”¼11TOHSREVO

1 each Acumulator Koomey type 80 180 gallon capacity. EXTENSION 42” 1

1230/2225-C#”8/18TOHSREVOPOBtsetotisp00001yemooKpmuptsetciluardyhhcae1

13225-A#”24NOISNETXE

1”51EDIUGDEZISREVO

19225-A”½11EDIUGDEZISREVO.epipllird”½3dna”5tiusotPOBedisnI

17225#”77/8TOHSREVO.sevlavqrotoLdna”2snaskihC.stM52

1 Each poor boy Degasser Vertical. 16012-B”24NOISNETXE

1600/5798”¾5TOHSREVO

Principal Rig Equipment 1040/6798”24NOISNETXE
Rotary Table FISHING JAR 7¾” 1

Skytop Brewster 27½” FISHING JAR 6¼” 1
Ezy Torque FISHING JAR 4¾” 1

Drilco type D 150,000 Ft/lbs 1”¾4REIFISNETNIRAJ
Kelly Spinner 1”8REPMUBGNIHSIF

International A6C-2 Air 1”¾6REPMUBGNIHSIF
Wire Line Unit 1”¾4REPMUBGNIHSIF

Mathey 5000 Mts MAGNET 11” 1
Cat Lines MAGNET 8½” 1

”¾5TENGAM.sbl0004,sbl0057dnarllosregnihcaE2 1
Draw works 1”½8TEKSABKNUJ

1”¼21TEKSABKNUJ,ph0051not57359-EN,retswerBpotykS
1”½71TEKSABKNUJcitaMOnworChtiwdepiuqe”13/8eniLgnillirD

1”8TEKSABKNUJGNITALUCRICESREVER

HOIST CAPACITY LB. X 1,000 1”¾5TEKSABKNUJGNITALUCRICESREVER
DRUM CLUTCH TRANS.SPEED LINES 8 LINES 10 LINES 12 1”01KCOLBNOISSERPMI

LO LO 1st 599 719 828 1DO”6KCOLBNOISSERPMI
LO LO 2nd 459 551 635 1”¾4OT”¾1REPAT”¾7PATREPAT
LO HI 1st 330 396 456 1”311/16OT”13/16REPAT”61/8PATREPAT
LO HI 2nd 237 285 328 hcae1”61/8dna”½8,”¼21LLIMKNUJ
HI LO 1st 165 198 228 1”

”
¾7TNIOJYTEFAS

HI LO 2nd 126 152 175 hcae17dna”95/8RAEPSGNISAC
HI HI 1st 91 109 125 KANGAROO 12¼” 1
HI HI 2nd 65 78 90 KANGAROO 8½” 1

1 each Trip Tank with a capacity of 20 Brls closed in system with visual and alarm 
readouts.

1 each Principal choke line 31/16” with 2 manual valves and 1 hydraulic closing 
valve. Flex line hook up to choke line.

1 each secondary choke line 21/16” with 2 manual valves. Rigid hook up to choke 
line.

Choke Manifold 10000 psi with 2 manual chokes and 1 hydraulic choke 31/16” x 
10000 psi.

Weight indicator, rotary torque indicator, connection torque indicator, pump stroke 
counters, RPM counter, Pit volume totalizer, Pump pressure guages.

The camp houses are equiped to accomodate up to 70 people, Kitchen, mess hall, 
bathrooms, store rooms and recreation room.

2 Each Centrifuge Pumps 6” x 8” for Mud Hoppers driven by 2 electric motors 75 hp. 
With 1750 rpm.

2 Each Centrifuge Pumps 6” x 8” to super charge mud pumps driven by 2 electric 
motors 75 hp 1750rpm.

2 Each Centrifuge Pumps 6” x 8” for solids extraction quipment driven by 2 electric 
motors 75 hp 1750rpm.

2 Each Derrick Shale Flow Line Cleaner Plus Stock of screens to attend each situation

Centrifuge: manufacturer brandt, model HS 3400, horsepower 50, driving by 
horsepower 15

Cameron 135/8” x 10000 psi triple ram preventers being 1 single and 1 double

”

”7”95/8”33/8 1

Fig. 1.13—Land rig specifi cation sheet (courtesy of Queiroz Galvao Drilling).
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Rigs that drill from platforms can be fully self-contained or tender-supported. If the production platform is suf-
fi ciently large, all drilling equipment and personnel can stay on the rig. Alternatively, a fl oating tender is used if 
the platform working area or load capacity is restricted.

Fixed platforms (Fig. 1.15) are usually of jacket-type construction and are supported by piling. There are also 
areas, with fi rmer bottom sediments, where massive concrete structures are built and simply placed on the bottom. 
In both cases there will be a large structure running from the seafl oor all the way to surface. Obviously, installation 
of such large structures will be possible only up to a certain water depth because construction and transportation 
of platforms for very deep areas would be either extremely expensive or technically unfeasible. Normally, fi xed 
platforms are used for development of fi elds in water depths up to 1,500 ft (460 m). Slender and lighter platforms, 
the so-called compliant towers, may be installed in deeper areas. Those platforms have a fl exible tower as opposed 
to the relatively rigid structures of the regular fi xed platforms.

Normally, the main purpose of fi xed platforms is to remain in place permanently after drilling has been con-
cluded, producing and processing the oil and gas from the wells. Actually, there are fi elds where the wells are 
drilled previously by another drilling vessel and it is only afterward that a fi xed structure is installed and the wells 
are tied back to the platform to initiate production.

When fi xed platforms are used for drilling operations, the drilling equipment may either remain in place for 
future use in some necessary well intervention or it may be removed for use elsewhere. In the latter case, if well 
intervention or new drilling jobs are necessary, the required equipment has to be reinstalled.

The primary and most widely used bottom-supported marine vessel for oilwell drilling is the jackup rig 
(Fig. 1.16). Unlike fi xed platforms, jackups are designed primarily for drilling operations. As with any 
 bottom-supported rig, jackups cannot operate in a deepwater environment. Water depths will vary from a few 
feet to approximately 350 ft (~106 m).

The principal components are a barge-type unit and three to fi ve legs capable of supporting the  vessel when 
positioned over the seafl oor. When moving between locations, the legs are up in the air, allowing the barge to fl oat. 
Upon arrival at the new location, the legs are jacked down to contact the seafl oor, and the barge is raised into the 
air. When drilling is completed, the rig is lowered to the water level, the legs are raised, and the rig is towed to the 
next location. It is not uncommon to have some diffi culty removing the legs from loosely consolidated, sticky 
subseafl oor soils; therefore, most rig legs are equipped with water-jetting systems to help release the legs.

Fig. 1.14—Submersible drilling barge “Mr. Charlie,” circa 1954.
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Fig. 1.15—Typical fi xed-platform structure. Courtesy of Petrobras.

Fig. 1.16—Jackup rig. Courtesy of Maersk Drilling.
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The rig is self-contained and carries all drilling equipment, materials, life-support systems, and crew quarters. 
The barge usually is divided into two or three decks. The top deck contains the rig, pipe racks, and  occasionally 
the living quarters. The lower decks contain all support drilling equipment, such as pumps and mud systems, and 
the auxiliary barge equipment. Even though they are self-contained, jackups and most drilling rigs do not have 
enough load capability and space to carry all equipment, chemicals, water, pipes, and other miscellaneous materi-
als necessary to drill a well. Usually rigs will have enough capability to carry  everything necessary to keep the 
operation going for a certain period of time, at least a week, but supply boats will continually travel back and 
forth, bringing new equipment and supplies and carrying away equipment no longer needed.

Floating rigs such as drillships and semisubmersible platforms do not rest on the seafl oor. As such, these rigs 
are not restricted by the length of the rig’s legs for maximum operating water depth.  Normally these rigs are more 
expensive than jackups and are used in areas where, due to the water depth, jackups cannot operate. For station 
keeping while drilling, these rigs use either an anchoring system or a  dynamic positioning (DP) system.

The semisubmersible drilling unit usually has two lower hulls that provide fl otation. When drilling, the bal-
lasted lower hulls, fi lled with water, grant stability to the rig. After conclusion of the drilling operation, the water 
is pumped out of the compartments and the rig can be moved to the next location. Anchored semisubmersible rigs 
(Fig. 1.17) are held in place by huge anchors that, combined with the submerged portion of the rig, provide great 
stability, allowing the rig to be used in turbulent offshore waters.

There are semisubmersible rigs that use a dynamic positioning system. This system uses electric motors in-
stalled in the hulls that allow propelling of the rig in any direction. A computer system, using satellite positioning 
technology and sensors located near the wellhead, commands the motors, ensuring that the ship will be kept di-
rectly above the subsea wellhead at all times. 

Drillships use a ship-type vessel as the primary structure to support the rig. It may be a converted  seagoing vessel 
or, most commonly, a specially designed drilling vessel. Most drillships are self- propelled, not requiring oceangoing 
tugs for transportation between locations. Semisubmersible rigs generally are not self-propelled.

New-generation drillships usually are dynamically positioned, but there are also anchored vessels. An-
chored drillships (Fig. 1.18) normally are built with a central turret where the anchoring system is installed. 
This allows vessel rotation around the central turret in order to always keep the ship facing the waves, reduc-
ing wave action.

Fig. 1.17—An anchored semisubmersible drilling rig [after Aadnoy et al. (2009)].
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Even though fl oating drilling vessels are designed to minimize motion due to ocean waves and tides, the ship 
will never be totally motionless. To eliminate the effect of rig heave and allow penetration control during drilling 
operations, motion compensators are installed on the rig’s hoisting system.

Water depth records on offshore drilling operations are broken regularly. Large hydrocarbon accumulations in 
offshore reservoirs as well as increasing oil prices have made expensive deepwater exploration attractive for many 
companies. Semisubmersible rigs have already drilled in water depths exceeding 8,000 ft (~2440 m), while 
dynamically positioned drillships have already drilled in water depths greater than 10,000 ft (~3000 m).

Deepwater rigs (Fig. 1.19) carry up-to-date technology and a high level of automation. Some will have dual 
activity with two derricks installed, which will allow drilling operations by one derrick and assemblage of equip-
ment for the next drilling phase by the other.

Other types of stationary platforms where drilling can take place are the tension leg platform (TLP) and spar 
platform. Spar platforms and TLPs are primarily production structures that may have drilling capability. Even 
though these types of vessels are classifi ed as fl oating structures, they must be differentiated from the common 
fl oating drilling vessels since they are designed to be stationary production platforms.

A TLP is a fl oating deepwater-compliant structure designed for offshore hydrocarbon production with its hull 
moored to the ocean fl oor by high-strength cables, giving the platform vertical and lateral stability. The drilling 
equipment and production facilities, as well as crew quarters, are installed at surface on top of the structure. 

The spar platform concept comprises a huge cylindrical steel hull that supports both the drilling operations and 
production facilities. Compartments on the upper portion of the cylinder provide buoyancy, while water-fi lled 
tanks on the bottom give weight and stability. The hull is attached to the seafl oor by catenary mooring systems.

1.5 Drilling Rig Systems
As mentioned in Section 1.4, rigs will vary widely in size, drilling capability, level of automation,  appearance, 
method of deployment, and environment in which they can operate. Nevertheless, the basic drilling equipment for 
the rotary-drilling process will be present in all rigs.

Fig. 1.18—An anchored drillship (Lake 2006). 
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Drilling rigs are used to construct the well. This includes drilling the hole, lowering and cementing the casing, 
and providing the means to perform various auxiliary functions such as logging and well testing. Modern rigs have 
complex equipment and require experienced personnel for effi cient operations. If improperly selected, the rig can be 
the cause of low penetration rates, formation damage due to poor solids control, and, ultimately, high well costs.

Proper rig selection is important for the safety, effi ciency, and cost of the well. The correct procedure for rig selection 
is to consider the various loads that will be placed on the equipment and to select the most cost-effective rig that will 
satisfy these requirements. Drilling contractors provide detailed rig specifi cations for this purpose. When these specifi ca-
tions are compared with the well prognosis, the proper rig can be selected.

Rig selection is not completely quantitative. Although the objective is to select the most cost-effective rig that will 
drill the well, some other factors must be considered, including

· Technical design requirements
· Rig’s manpower (i.e., experience and training)
· Track record
· Logistics
· Rigsite requirements

Occasionally a company will use a certain rig even if it is not the most suitable, due to nontechnical reasons 
including market availability and long-term contractual commitments.

Drilling rigs have six basic systems. During drilling operations, all six systems are necessary and there is high 
interaction between them. Traditionally, rig systems are classifi ed as

· Power system
· Hoisting system
· Circulating system
· Rotary system
· Well-control system
· Well-monitoring system

Additionally, fl oating offshore rigs will have a seventh system comprising special marine equipment required 
to deal with the particularities of offshore drilling.

1.5.1 Rig Power System. Drilling rigs—and their support vessels in the case of a barge or fl oating vessel—have 
high power requirements. Equipment that requires power includes the drawworks, mud pumps, rotary system, and 
life-support system. The power loading may be continuous or intermittent.

The power system on a drilling rig usually consists of a prime mover as the source of power and some means to 
transmit the power to the end-use equipment. The prime movers used in the current drilling industry are diesel engines.

Most rig power is consumed by the hoisting and fl uid-circulating systems. The other rig systems have much 
smaller power requirements. Since the hoisting and circulating systems generally are not used simultaneously, the 

Fig. 1.19—A modern ultradeepwater drillship operating in Camp s Basin, Brazil (courtesy of Petrobras SA).o
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same engines can perform both functions. Total power requirements for most rigs are from 1,000 to 3,000 hp (750 
to 2,200 kW).

Power is transmitted via one of the following systems:

· Mechanical drive
· Direct-current (DC) generator and motor
· Alternating-current (AC) generator, silicon-controlled rectifi er (SCR), and DC motor

The most widely used system on new rigs or large marine rigs is the AC-SCR system, also called the diesel-
electric system. Diesel-electric rigs are those in which the main rig engines are used to generate electricity. 
Electric power is transmitted easily to the various rig systems, where the required work is accomplished through 
use of electric motors. DC motors can be wired to give a wide range of speed-torque characteristics that are 
extremely well suited for the hoisting and circulating operations. Electric power allows the use of a relatively 
simple and fl exible control system. The driller can apply power smoothly to various rig components, thus min-
imizing shock and vibration problems.

Most early drilling rigs used a mechanical drive system to transmit power from the engines to the operating 
equipment such as the drawworks and pumps. The drive system consists of gears, chains, or belts that are attached 
to the engines’ shafts and couple the output of two or more engines. Torque converters are attached to the shafts 
to increase the range of output revolutions per minute (rev/min) and also to improve engine life by absorbing 
equipment-induced power-train shock loads.

The weaknesses of the mechanical drive systems are as follows:

· Shock loading to the engine
· Inability to produce high torque at low engine rev/min, which becomes a compounded problem as higher 

workloads continue to decrease engine rev/min
· Diffi culty in providing low torque output due to minimum engine idle speeds and gear ratios
· Power loss through the gears and chains

Power system performance characteristics generally are stated in terms of output horsepower, torque, and fuel 
consumption for various engine speeds. The shaft power P

sp
 developed by an engine is obtained from the product 

of the angular velocity of the shaft w and the output torque T: 

spP T .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.1)

The overall power effi ciency h
sp

 determines the rate of fuel consumption f
.

m  at a given engine speed. Fuel con-
sumption times the heating values H of the fuel, for internal-combustion engines, gives the heat energy input per 
unit time (power) to the engine, Q:

f
.

Q m H .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.2)

Since the overall power system effi ciency h
sp

 is defi ned as the power output per power input, then

sp
sp

P

Q
.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.3)

Example 1.1—Power and Effi ciency of an Engine. A diesel engine gives an output torque of 1,740 ft-lbf at an 
engine speed of 1,200 rev/min. If the fuel consumption rate is 31.5 gal/hr, what is the output power and overall 
effi ciency of the engine?

Solution. The angular velocity w is given by

2 (1,200) 7,540 rad/min.

The power output can be computed using Eq. 1.1

7,540 (1740)ft lbf/min
398 hp  297 kW.

33,000 ft lnf/min/hpspP T
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Since the fuel type is diesel, the density is 7.2 lbm/gal and the heating value H is 19,000 Btu/lbm. Thus, the fuel 
consumption rate f

.
m  is

 31.5 gal/hr (7.2 lbm/gal)(1 hr/60 min) = 3.78 lbm/min.f
.

m

The total heat energy consumed by the engine is given by Eq. 1.2

3.78 lbm/min(19,000 Btu/lbm)(779 ft lbf/Btu)/33,000 ft lbf/min/hp 

1695 hp (1,264 kW).

f
.

Q m H

Thus, the overall effi ciency of the engine at 1,200 rev/min given by Eq. 1.3 is

397.5
0.234 or 23.4

1695.4
sp

sp

P

Q

1.5.2 Hoisting System. The hoisting system is a vital component of the rig equipment. It provides a means for 
vertical movement of pipe in the well (i.e., to lower or raise drillstrings, casings, and other equipment into or out 
of the well). The principal items in the hoisting system are as follows:

· Drawworks
· Block and tackle
· Derrick and substructure
· Ancillary equipment such as elevators, hooks, and bails

Two of the most recognizable and routine drilling operations performed with the hoisting system are called 
making a connection and making a trip. Making a connection refers to the periodic process of adding a new joint 
of drillpipe as the hole deepens. Making a trip refers to the process of removing the drillstring from the hole to 
change a portion of the bottomhole assembly and then lowering the drillstring back to the hole bottom. One of the 
main reasons to make a trip is to change a dull bit. In that case, the entire drillstring is pulled out of the well (trip 
out) so the used bit can be changed to a new one. After that the string is lowered into the well again (trip in) so the 
drilling process can resume.

Drawworks. The drawworks is the equipment that uses the energy from the power system to apply a force to 
the cable (see Fig. 1.20a). In practical terms, it reels in the cable (drilling line) on the drum to lift the pipe. In 
 addition, it allows the cable to be spooled out as the pipe is lowered into the well. The drawworks must have an 
effective brake system to control the heavy pipe loads and a cooling system to dissipate large amounts of frictional 
heat generated during braking.

The draw works drum is grooved to accommodate a certain cable size. Several layers of the line overlap on the 
drum. Occasionally, the line becomes damaged due to accelerated wear if it is wrapped improperly on the drum 
during the reeling process.

An effective braking system must be used on the drum. In some cases, 500-ton loads must be decelerated 
quickly and held in place. A commonly used braking system on mechanical rigs is the hydrodynamic type. The 
braking is provided by water being impelled in a direction opposite to the rotation of the drum.

Electric rigs often use an electromagnetic (eddy current) brake in addition to a breaking action generated by the 
drive motors on the drawworks. The braking is provided by two opposing magnetic fi elds. The magnitude of the 
magnetic fi elds is dependent on the speed of rotation and the amount of external excitation current. The brake is 
directly coupled to the drawworks shaft. The electric brake alone cannot stop the drawworks, but it does take 
much of the load off the mechanical brake. 

The drawworks transmission provides a means for easily changing the direction and speed of the traveling 
block. 

Block and Tackle. The block and tackle is the primary link between the drawworks and the loads that will be 
lowered into or raised out of the wellbore. It is composed of the crown block, the traveling block, and the drilling 
line. The arrangement and nomenclature of the block and tackle used on rotary rigs are shown in Fig. 1.20a. The 
principal function of the block and tackle is to provide a mechanical advantage, which permits easier handling of 
large loads. The mechanical advantage MA

bt
 of a block and tackle is simply the load supported by the traveling 

block, F
tb
, divided by the load imposed on the drawworks, the tension in the fast line, F

fl 
:
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tb

fl

bt

F
MA

F
.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.4)

The load imposed on the drawworks is the tension in the fast line. The ideal mechanical advantage, which as-
sumes no friction in the block and tackle, can be determined from a force analysis of the traveling block. Consider 
the free-body diagram of the traveling block as shown in Fig. 1.20b. If there is no friction in the pulleys, the ten-
sion in the drilling line is constant throughout. Thus, a force balance in the vertical direction yields

tb fl tbN F F ,

where N
tb
 is the number of lines strung through the traveling block. Solving this relationship for the tension in the 

fast line and substituting the resulting expression in Eq. 1.4 yields

bti tb
tb

tb tb

F
MA N

F /N
,

which indicates that the ideal mechanical advantage of the block-and-tackle system, MA
bti 

, is equal to the number 
of lines strung between the crown block and traveling block. The use of 6, 8, 10, or 12 lines is common, depending 
on the loading condition.

The input power P
bt
 of the block and tackle is equal to the drawworks load F

fl 
 times the velocity of the fast line, 

v
fl
:

fl flbtP F v .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.5) 

The output power, or hook power, P
h
, is equal to the traveling block load F

tb
 times the velocity of the traveling 

block, v
tb
:

h tb tbP F v .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.6)

For a frictionless block and tackle, F
tb
 = N

tb
F

fl   
. Also, since the movement of the fast line by a unit distance tends 

to shorten each of the lines strung between the crown block and traveling block by only l/N
tb
 times the unit dis-

tance, then v
tb
 = v

fl
/N

tb
. Thus, a frictionless system implies that the ratio of output power to input power is equal 

to 1.
Of course, in an actual system, there is always a power loss due to friction. Values of block-and-tackle effi ciency 

will vary and depend on various conditions including the number of lines strung through the traveling block. The 
greater the number of lines, the lesser the effi ciency.

Storage reel

Crown block

Dead line

Traveling block

Fast line

Anchor

N
tb

lines

N
tb

F
fl

F

F
d

F

Load 
Drawworks

F
tb

F
f

F
dl

F
tb

(a) Block-and-tackle arrangement (b) Traveling block-free-
body diagram

(c) Crown block-free-
body diagram

Fig. 1.20—Schematic of drawworks and block and tackle (Bourgoyne et al. 1986).
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API RP9B (2005) contains the following standard effi ciency relation:

NL

bt NSh
L

K 1

K N K 1
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.7)

where
h

bt
   = block-and-tackle effi ciency

K   = friction factor (approximately 1.04)
N

L
      = number of lines strung

N
Sh

     = number of rolling sheaves (normally, N
Sh

 = N
L
)

Table 1.1 indicates h
bt
 values for various pulley systems.

Knowledge of the block-and-tackle effi ciency permits calculation of the actual tension in the fast line for a 
given load. Because the power effi ciency is given by

tbh tb tb tb
bt

sp fl fl fl tb

fl tb

fl fl

F v /NP F v F

P F v F v F N
,

the tension in the fast line is

tb
fl

bt tb

F
F

N
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.8)

The above equation can be used to select drilling-line size. However, a safety factor should be used to allow for 
line wear and shock loading conditions.

The line arrangement used on the block and tackle causes the load imposed on the derrick to be greater than the 
hookload. As shown in Fig. 1.20c, the load F

d
 applied to the derrick is the sum of the hookload F

tb
, the tension in 

the dead line, F
dl

, and the tension in the fast line, F
fl
:

d tb fl dlF F F F .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.9a)

If the load, F
tb
, is being hoisted by pulling on the fast line, the friction in the sheaves is resisting the motion 

of the fast line and the tension in the drilling line increases from F
tb
/N

tb
 at the fi rst sheave (dead line) to F

tb
/

h
bt

N
tb
 at the last sheave (fast line). Substituting these values for F

f
 and F

s
 in Eq. 1.9a gives

1
d tb

tb tb bt bt tb
tb

bt tb tb bt tb

F F N
F F F

N N N
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.9b)

Drilling Line. Drilling rigs have many applications for wire rope. The more common uses are as drilling lines 
and guideline tensioners. The drilling line connects to the drawworks and the dead line anchor. It is pulled through 
the crown and traveling block sheaves so the traveling block can be raised or lowered as necessary. 

The crown block and traveling block consist of sheaves designed for use with wire rope. The crown block is 
stationary and is located at the top of the derrick. The traveling block is free to move and has a hook, bails, and 
elevators attached to the bottom for latching to the pipe. Both blocks have 4–12 sheaves. The number of lines 
strung varies with load, with fewer on shallow wells and maximum for heavy loads.

TABLE 1.1—EFFICIENCY FACTORS FOR

BLOCK-AND-TACKLE SYSTEM (K = 1.04)

Number of Lines, N
L
 Efficiency, η

bt

4 
6 
8 

10 
12 
14

0.908 
0.874 
0.842 
0.811 
0.782 
0.755

(Bourgoyne et al. 1986)
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Wire rope is made from cold-drawn carbon steel of various grades, depending on the strength  required. API 
Spec 9A/ISO 10425 (2004) covers wire rope grades and construction. The classifi cation of the various grades is as 
follows:

· Extra improved plow steel (EIPS)
· Improved plow steel (IPS)
· Plow steel (PS)
· Mild plow steel (MPS)

The primary element of wire rope is the individual wires. Wires are carefully selected, sized, and helically 
placed together, forming a precise geometric pattern that forms the strand. After stranding, the strands are 
helically placed together around a core to form wire rope (see Fig. 1.21a). The helix may be right-handed or 
left-handed (see Fig. 1.21b). The proper way to measure the wire-rope  diameter is shown in Fig. 1.21c. The 
core may be a fi ber rope (either naturally grown fi bers or synthetic fi bers), a plastic core, a spring steel core, 
a multiple-wire strand, or an independent wire rope core (IWRC). The IWRC is the most widely used because 
it resists crushing and distortion.

The nominal strength of wire rope depends on the materials used in construction, the number of strands and 
wires, and the size of the rope. The grade of steel utilized in the construction is a key factor in ultimate breaking 
strength. Most wire ropes are made using IPS. In addition, EIPS provides 10% extra strength over IPS, with EE-
IPS providing another 10% strength over EIPS. 

Table 1.2 presents nominal breaking strength for various wire rope diameters. In the table there are specifi ca-
tions for cables with fi ber core and IWRC. The 6×19 classifi cation indicates a cable of six strands with 19 wires 
per strand.

Drilling line does not tend to wear uniformly over its length. The most severe wear occurs at the pickup points 
in the sheaves and at the lap points on the drum of the drawworks. The pickup points are the points in the drilling 
line that are on the top of the crown block sheaves or the bottom of the traveling block sheaves when the weight 
of the drillstring is lifted from its supports in the rotary table during tripping operations. The rapid acceleration of 
the heavy drillstring causes the most severe stress at these points. The lap points are the points in the drilling line 
where a new layer or lap of wire begins on the drum of the drawworks.

Drilling line is maintained in good condition by following a scheduled slip-and-cut program.  Slipping the drill-
ing line involves loosening the dead line anchor and placing a few feet of new line in service from the storage reel. 
Cutting the drilling line involves removing the line from the drum of the drawworks and cutting off a section of 
line from the end. Slipping the line changes the pickup points, and cutting the line changes the lap points. The line 
is sometimes slipped several times before it is cut. Care must be taken not to slip the line a multiple of the distance 

(a) Wire rope (b) Right and left regular lay

Core

Wire rope
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Strand

Correct

Incorrect

Right
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(c) Measuring wire rope diameter 

Fig. 1.21—(a) Wire rope: wire, strand, and core; (b) right and left regular lay; and (c) measuring wire rope diameter 
[from API Spec. 9 (2004)]. Reproduced courtesy of the American Petroleum Institute.
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between pickup points; otherwise, points of maximum wear are just shifted from one sheave to the next. Likewise, 
care must be taken when cutting the line not to cut a section equal in length to a multiple of the distance between 
lap points.

In API RP 9B (2005), API has adopted a slip-and-cut program for drilling lines. The parameter  adopted to 
evaluate the amount of line service is the ton-mile. A drilling line is said to have rendered 1 ton-mile (14.3 MJ) of 
service when the traveling block has moved 1 US ton (0.91 Mg) a distance of 1 mile (1.6 km). Note that for 
 simplicity, this parameter is independent of the number of lines strung. Ton-mile records must be maintained in 
order to employ a satisfactory slip-and-cut program. The number of ton-miles between cutoffs will vary with drill-
ing conditions and drilling-line diameter and must be determined through fi eld experience. In hard-rock drilling, 
vibration problems may cause more rapid line wear than when the rock types are relatively soft. Ton-miles 
 between cutoffs typically range from approximately 500 (7,150 MJ) for l-in.-diameter drilling line to approxi-
mately 2,000 (28,600 MJ) for 1.375-in.-diameter drilling line.

Calculation and recording of ton-miles is tedious work. Normally, devices that automatically accumulate the 
ton-miles of service are available in the rigs. The device will constantly measure the loads being applied to the 
cable as well as the length of displacement. 

Derrick and Substructure. The derrick and substructure play an important role in drilling operations. The der-
rick provides the height necessary for the hoisting system to raise and lower the pipe. The greater the height, the 
longer the section of pipe that can be handled and, thus, the faster a long string of pipe can be inserted into or 
removed from the hole. Derricks can handle sections called stands, which are composed of two, three, or four 
joints of drillpipe. Because common drillpipes are between 8 and 10 m long (approximately 26 to 33 ft), a derrick 
designed to handle three-drillpipe stands will be taller than a 10-story building. 

The substructure provides the height required for the blowout preventer stack on the wellhead below the rig 
fl oor. The derrick and the substructure must have enough strength to support all loads, including the hook load, 
pipe set in the derrick, and wind loads.

TABLE 1.2—NOMINAL BREAKING STRENGTH OF 6  19 WIRE ROPE (Bourgoyne et al. 1986)

Nominal Strength
(tons)

Rope Diameter

Approximate
Weight
(lbm/ft)

IPS
EIPS

EEIPS
( in.) (mm) Fiber Core IWRC IWRC Fiber Core IWRC IWRC

1/4 6.5 0.105 0.116 2.94 3.20 3.40 3.74
5/16 8.0 0.164 0.18 4.58 4.69 5.27 5.80
3/8 9.5 0.236 0.26 6.56 6.71 7.55 8.31

7/16 11.0 0.32 0.35 8.89 9.09 10.2 11.2
1/2 13.0 0.42 0.46 11.5 11.8 13.3 14.6

9/16 14.5 0.53 0.59 14.5 14.9 16.8 18.5
5/8 16.0 0.66 0.72 17.7 18.3 20.6 22.7
3/4 19.0 0.95 1.04 25.6 26.2 29.4 32.3
7/8 22.0 1.29 1.42 34.6 35.4 39.8 43.8

1 26.0 1.68 1.85 44.9 46.0 51.7 56.9

1 1/8 29.0 2.13 2.34 56.5 57.9 65.0 71.5

1 1/4 32.0 2.63 2.89 69.4 71.0 79.9 87.9

1 3/8 35.0 3.18 3.50 83.5 85.4 96.0 106.0

1 1/2 38.0 3.78 4.16 98.9 101.0 114.0 125.0

1 5/8 42.0 4.44 4.88 115 118.0 132.0 146.0

1 3/4 45.0 5.15 5.67 133 136.0 153.0 169.0

1 7/8 48.0 5.91 6.50 152 155.0 174.0 192.0

2 52.0 6.72 7.39 172 176.0 198.0 217.0

2 1/8 54.0 7.59 8.35 192 197.0 221.0 243.0

2 1/4 58.0 8.51 9.36 215 220.0 247.0 272.0

2 3/8 60.0 9.48 10.4 239 244.0 274.0 301.0

2 1/2 64.0 10.5 11.6 262 269.0 302.0 332.0

2 3/4 70.0 12.7 14.0 314 321.0 361.0 397.0
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1.5.3 Circulating System. The fl uid-circulating system provides hydraulic power to the drilling fl uid so that it 
can be pumped from surface into the drillstring, travel all the way down the bottom of the hole, and then return to 
surface through the annulus, carrying the rock cuttings produced by the action of the bit against the rock. Fig. 1.22 
shows a schematic of the typical path of the drilling fl uid in a regular drilling operation.

The main components of the rig’s circulating system are the mud pumps, mud pits, mud-mixing equipment, and 
contaminant-removal equipment.

Mud pumps are designed for pressure output, fl ow rate, and horsepower requirements. High  pressures are re-
quired to circulate heavy muds in deep wells and to optimize hole cleaning below the bit. Flow rate must exceed 
a minimum required to clean the hole. This usually is not a limiting criterion for most operations except when 
drilling large-diameter surface hole sections. Maximum available pump horsepower is sometimes used in surface 
holes or when operating downhole  motors.

Most mud pumps currently used in the drilling industry are duplex or triplex positive-displacement pumps. The 
duplex double-acting pump has two liners with valves on both ends of the liners. Fluid is displaced from the liner 
on the forward and backward strokes of the rod plunger (Fig. 1.23a). On the forward stroke of each piston, the 
volume displaced, V

dfs
, depends on the liner diameter, d

dpl
, and the stroke length, L

dst
, and is given by 

2

4dfs dpl dstV d L .

On the backward stroke the volume,V
dfs

, also depends on the rod diameter, d
dpr

, and is given by

2 2

4dbs dpl dpr dstV d d L .

Thus, the total volume,V
dp

,
 
displaced per complete pump cycle by a pump having two cylinders is given by

2 22 2
2dp dfs dpl dprdbs dpv dst dpvV V V d d L ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.11)

where h
dpv

 is the volumetric effi ciency of the pump. 
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Fig. 1.22—Schematic of drilling-fl uid path (Bourgoyne et al. 1991).
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Triplex pumps are lighter and more compact than duplex pumps, their output pressure pulsations are not as 
great, and they are cheaper to operate. For these reasons, modern rigs use triplex pumps. One single-action piston 
of a triplex pump is shown in Fig. 1.23b. The volume displaced by each piston V

tst 
during one complete pump 

cycle is given by

2

4tst tpl tstV d L .

Thus, the volumetric output for a complete cycle of a triplex pump, V
tp

, is as follows:

23

4tp tpl tst tpvV d L .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.12)

The fl ow rate q of the pump is obtained by multiplying the single-cycle volumetric output by the number of cycles, 
N, per unit time.

Pumps are rated for hydraulic power, maximum pressure, and maximum fl ow rate. If the inlet pressure of the 
pump is essentially atmospheric pressure, the increase in fl uid pressure moving through the pump is approxi-
mately equal to the discharge pressure. The hydraulic power output of the pump is equal to the discharge pressure 
times the fl ow rate. The hydraulic power developed by the pump is given by

HP pq.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.13)

For a given hydraulic power level, the maximum discharge pressure and fl ow rate can be varied by changing the 
stroke rate and liner size. A smaller liner will allow the operator to obtain a higher pressure, but at a lower rate.

Example 1.2—Duplex Pump Factor. Compute the pump factor, V
dp

, in units of barrels per stroke for a duplex 
pump having 6.5-in. liners, 2.5-in. rods, 18-in. strokes, and a volumetric effi ciency of 90%.

Solution. The pump factor for a duplex pump can be determined using Eq. 1.11:

2 32 2 22 2(6.5) 2.5 18 0.90 199 in. /stroke.
2 2dp dpl dpr dst dpvV d d L

Recall that there are 231 in.3 in a US gallon and 42 US gallons in a US barrel. Thus, converting to the desired fi eld 
units yields

3 3 31991 in. /stroke gal/231 in. bbl/42 gal 0.205 bbl/stroke 0.0326 m /stroke

Pump Suction Design. Pump suction requirements are an often-neglected consideration in mud-pump plan-
ning, which can seriously reduce the effi ciency of the pump. If the mud pump cannot gain access to the proper 
volume of mud as needed, its output will be less than expected for a particular pump rate. The two common types 
of suction systems are atmospheric and supercharged.
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Fig. 1.23—Schematic of (a) duplex double-acting pump and (b) triplex single-acting pump.
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The pump suction system common in early drilling operations used atmospheric pressure in conjunction with the 
hydrostatic pressure of the fl uid in the mud pits to force the drilling fl uid into the suction valves of the pump. The 
hydrostatic pressure must overcome inertia forces and friction pressures of the fl uid in the lines. Obviously, long 
suction lines with many bends signifi cantly decrease the effectiveness of the system. In addition, gas-cut or high-
viscosity fl uids impede the system’s good operation.

Optimum input requirements increase as the pump stroke rates increase. Under most conditions, a fl ooded or 
atmospheric suction system cannot meet the upper demands.

A more successful method of fulfi lling mud-pump suction needs is the use of centrifugal pumps as boosters 
(superchargers or prechargers). The addition of a supercharger offers many advantages  including elimination of 
shock loads, smoother operation, increased bearing life, and higher-speed operation. The supercharger also en-
ables the mud pump to better handle gas-cut or aerated mud, giving better fi lling.

Pulsation Dampeners. Improved pumping characteristics can be expected when a pulsation dampener (surge 
chamber) is added to the discharge line. The surge chamber contains a gas in the upper portion, which is separated 
from the drilling fl uid by a fl exible diaphragm. The surge chamber greatly dampens the pressure surges developed 
by the positive-displacement pump. A dampener helps to utilize most of the available pump horsepower. It ac-
complishes this by increasing the speed at which the pump can run without the problems of knocking and accom-
panying pressure surges. The extra speed advantage is the basic reason to use a dampener, but other advantages 
include the following:

· Stabilizes pressures in the suction line
· Allows the use of longer suction lines or smaller-diameter lines
· Makes suction from deeper pits possible
· Allows the use of heavier muds
· Allows the use of higher-temperature muds

Most operators prefer to run pulsation dampeners on the discharge end of the pump. The discharged drilling 
fl uid is under high pressure and, as it is forced out of the liners it places signifi cant surge pressures on the equip-
ment. The pulsation dampeners are designed to absorb most of these surges and to reduce the wear of the other 
surface circulating equipment.

Centrifugal Pumps. The centrifugal pump (see Fig. 1.24) plays an important role in the circulating system. 
Among its applications are supercharging the rig pumps, pumping fl uid to mud-mixing equipment and to the 
solids-control equipment, and performing ancillary functions such as pumping water and cleaning tanks.

Centrifugal pumps will not perform satisfactorily with gaseous or high-viscosity fl uids. The primary component 
of a centrifugal pump is an impeller that accelerates the fl uid into the discharge line. 

Drilling-Fluid-Handling Equipment. The drilling fl uid is handled by a variety of equipment during the 
normal drilling process. Each item must be evaluated to determine if it will meet the job requirements for the 
upcoming well. The handling equipment includes the mud pits (tanks for  drilling-fl uid storage), solids-control 
equipment, gas-control system (degasser), and chemical-treatment systems.

Mud pits are required for holding an excess volume of drilling fl uid at surface. This surface volume allows time 
for settling of the fi ner rock cuttings and for the release of entrained gas bubbles not  mechanically separated. Also, 
in the event of some drilling-fl uid losses to underground formations, this fl uid loss is replaced by mud from the 
surface pits. 

Discharge nozzle

BearingsCasingVolute
Impeller

Suction
nozzle Oil ringsShaft

Seal

Fig. 1.24—Centrifugal pump diagram (Sahdev 2008).
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The mud-pit system and the arrangement of the mud-handling equipment on the pits is a design consideration 
for the drilling-fl uid engineer. This fact is particularly pertinent in land drilling operations if rental solids-control 
equipment is used. Offshore rigs are usually limited with respect to space availability and, in most cases, the pit 
system will have a dedicated position for the special equipment.

Drilling operations during the early days of the industry used earthen pits to contain the mud. The fl uid from the 
well was discharged in one end of the pit, and the mud pump suction line was located in the other end of the pit. The 
surface area was large enough that solids could settle to the bottom of the pit before entering the pump suction line.

Earthen pits were replaced by steel pits for several reasons, including increasingly severe environmental regu-
lations that made mandatory a very comprehensive treatment of discarded fl uids and rock cuttings so that no harm 
is done to the environment. In addition, steel pits are easier to move with the rig, compared to the effort required 
to build new earthen pits. Also, certain denser and more-viscous fl uids require special solids-control equipment 
that can be located only on steel pits.

During drilling operations, the discharged fl uid from the well enters the pits and is processed through several 
types of solids-removal equipment, including the shale shakers, sand trap, degasser, desilting hydrocyclone, 
 desanding hydrocyclone, centrifuges, and mud cleaners. After the treatment, the fl uid will eventually re-enter the 
suction line and repeat the cycle.

Removal of undesirable solids from the drilling fl uid is important to improve drilling performance and conse-
quently reduce drilling costs. Fluids properly treated will

· Increase drilling rates by enhancing cuttings removal
· Provide better bit hydraulics due to lower fl uid viscosity
· Avoid premature wear on surface equipment such as lines and the mud pumps’ liners

In addition, formation damage will be reduced. A fl uid with a high percentage of solid particles may invade and 
block the formation’s pore channels, reducing the reservoir permeability. 

Solids are removed from the mud system by settling, screening, centrifuging, or dilution. Settling is ineffective in 
most cases due to weighted mud systems or lack of time for gravity segregation. Dilution is expensive with heavy-
mud systems. The principles employed for most commonly used solids-removal equipment are screening, centrifug-
ing, or a combination of both. 

The shale shaker is the most important component of the solids-control equipment. It removes the major portion 
of all drilled solids circulated out of the well. It also removes the large cuttings that would plug the other equip-
ment. 

Although many manufacturers produce shale shakers, the designs are quite similar. Mud fl ows from the well 
fl owline into the “possum belly,” or mud box. The possum belly has a lower bypass gate so that mud can fl ow 
directly into the sand trap and pits in case the screens are plugged with viscous fl uids or solids. Depending on the 
openings in the screen mesh, the mud and small-diameter particles fall through the screen and exit at the discharge 
chute. The vibrating, or rotating, assembly on the screen causes the larger particles to move along to the end and 
off the screen. 

Various screen arrangements are available on common shakers. Multiple-screen shakers are widely used and 
can offer better solids removal. The particle separation with a multiple-deck screen is determined by the fi nest-
mesh screen, which is usually the bottom screen. The size separation with the parallel arrangement is determined 
by the coarsest screen size. 

Screening surfaces used in solids-control equipment are generally made of woven wire screen cloth in many 
different sizes and shapes. Characteristics of the screen cloth that must be considered by the drilling engineer are 
mesh size and the shape and size of openings. Mesh is defi ned as the number of openings per linear inch. 

A sand trap is a small compartmented section of the fi rst pit immediately adjacent to the shale shaker. The 
 effl uent from the shale shaker fl ows to the sand trap. Its purpose is to allow settling of heavy particles such as sand 
or shale cuttings that escaped removal by the shaker screen. 

Hydrocyclones (desilters and desanders) remove most of the solids in the 16- to 100-mm range. Because some 
barite falls within these sizes, the desilters and desanders cannot be used cost- effectively on weighted systems 
unless a fi ne-mesh screen is used below the cyclone to remove the barite from the underfl ow. (Barite is a solid 
purposely added to muds to increase mud density.)

A hydrocyclone (Fig. 1.25) consists of a conical shell with a small opening at the bottom for underfl ow dis-
charge, a larger opening at the top for liquid discharge through an internal vortex fi nder, and a feed nozzle on the 
side of the body near the wide end of the cone. The fl uid enters the cyclone under pressure from a centrifugal 
pump. High fl uid velocity causes the particles to rotate rapidly within the main chamber of the cyclone. Light, fi ne 
solids and the liquid phase of the fl uid tend to spiral inward and upward for discharge through the liquid outlet. 
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Heavy, coarse solids and the liquid fi lm around them tend to spiral outward and downward for discharge through 
the solids outlet. 

Oilfi eld cyclones commonly vary from 4 to 12 in. (10 to 30 cm) in size and may be arranged in a parallel, mul-
ticone system. The size measurement refers to the inside diameter of the largest cylindrical section of the cone. 
The diameter of the cone usually controls throughput capacity and the size of solids that can be removed.

Centrifuges are used to remove colloid-sized solids (5 mm) from weighted water-based muds. The decanting 
centrifuge is the most commonly used type (Fig. 1.26). Unlike screens, cyclones, and mud cleaners that operate 
continuously on the full mud circulating volume, centrifuges operate intermittently on a small fraction of the 
circulating volume, usually 5–10%. 

A decanting centrifuge consists of a conveyor screw inside a cone-shaped bowl that is rotated at very high 
speeds (1,500–2,500 rev/min). The drilling fl uid usually is diluted with water and then pumped into the conveyor. 
As the conveyor rotates, the fl uid is thrown out of the feed ports into the bowl. The centrifugal force on the mud 
pushes the heavy, coarse particles against the wall of the bowl, where the scraping motion of the conveyor screw 
moves them toward the solids discharge port. The light, fi ne solids tend to remain in suspension in the pools 
 between the conveyor fl utes and are carried to the overfl ow ports along with the liquid phase of the mud. 

Mud cleaners were developed in the early 1970s in response to a need for equipment to effectively remove fi ne 
drilled solids from weighted muds without excessive loss of barite and fl uid. The cleaners use a combination of 
desilting hydrocyclones and a very fi ne-mesh vibrating screen to remove fi ne drilled solids while returning valu-
able mud additives and liquids to the active system. 

After the drilling fl uid has passed through a shale shaker to remove the large cuttings, the mud is pumped into 
the cyclones on the mud cleaner. These cyclones clean the mud and discharge the fi nest solids and liquid phase 
into the next pit downstream. The solids discarded out of the bottom of the cyclones are deposited on a screen. 
Drilled solids larger than the screen are discarded into the waste pit. The remaining solids, which include most of 
the barite, pass through the screen and are discharged into the next downstream pit. The size of particles separated 
by a mud cleaner depends primarily on the mesh of the screen used in the particular unit.

Several manufacturers of solids-control equipment have developed complete packages of skid-mounted solids-
control devices and all supporting tanks, piping, pumps, motors, and accessories. These unitized systems provide 
excellent solids control, effi ciency, and ease of transportation and  installation. They can create a “closed” system 
for ecologically sensitive drilling sites. Because the unit is designed as a complete system, all pieces of equipment 
including pumps and motors are sized properly to provide maximum effi ciency in the smallest amount of space. 
Piping is designed for  optimum fl uid handling with the shortest practical suction and discharge lines.
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Fig. 1.25—Hydrocyclone (GN Solids 2009–2010). Courtesy of Tangshan Guanneng Machiner Equipment Co. Ltd.
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Components of unitized systems can vary, depending on the manufacturer and the particular drilling applica-
tion. Most include one or more of the basic separation devices installed in series, including screen shaker,  degasser, 
desander, mud cleaner, and centrifuge. Desilting requirements usually are met by blocking the mud-cleaner 
screens and operating them as desilters when appropriate. Sand traps and agitators also are standard equipment in 
most units. In some cases, clay-removal cyclones may be used in place of or in addition to centrifuges.

When the amount of entrained formation gas leaving the settling pit becomes too great, it can be separated using 
a degasser. A vacuum chamber degasser is shown in Fig. 1.27. A vacuum pump mounted on top of the chamber 
removes the gas from the chamber. The mud fl ows across inclined fl at surfaces in the chamber in thin layers, 
which allows the gas bubbles that have been enlarged by the reduced pressure to be separated from the mud more 
easily. Mud is drawn through the chamber at a reduced pressure of approximately 5 psia (35 kPa) by a mud jet 
located in the discharge line. 

Pressures in a Wellbore. Calculation of static fl uid pressure is most suitable for hand calculation, since veloc-
ity is zero and no time-dependent effects are present. The general equation for the static fl uid pressure Dp calcu-
lation is given by:

cos
s

p g ds,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.14)

where r is the density of the fl uid, g is the gravity constant, j is the angle of inclination of the wellbore (measured 
from the vertical), and s is the measured depth of the well. The simplest version of Eq. 1.14 is the case of an in-
compressible fl uid with constant density r: 

P g Z ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (1.15)

where DZ is the change in true vertical depth (i.e., hydrostatic head). For constant slope wellbore  trajectories, DZ 
equals cos(j)Ds. 

Example 1.3—Static Pressure in a Wellbore. Calculate the static mud density required to prevent fl ow from a 
permeable stratum at 12,200 ft if the pore pressure of the formation fl uid is 8,500 psig.

Solution. The common fi eld unit for mud density is lbm/gal (pound per gallon, or ppg). Because we want pres-
sure in psig, we need to convert Eq. 1.15 into fi eld units of ppg, psig, and feet. Eq. 1.15 converts to:

3

12 in.gal lbf
(psig) lbm/gal ft 0.05195 (lbm/gal) (ft)

231in. ft lbm
p g Z Z

Note that the gravity constant for lbm is 1 lbf/lbm—that is, 1 pound mass weighs 1 pound force. Solving the 
equation for density:

8,500 psig
13.4 lbm/gal

0.05195 12,200 ft

Fig. 1.26—Decanting centrifuge (Hutchison-Hayes Separation 2011). Used with permission from Hutchison-Hayes 
Separation, Inc.
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Example 1.4—Pressures in a Deviated Well. A 20,000 ft well is drilled vertically to 3,000 ft, and the remainder of 
the well is drilled at a 50° angle to the vertical. If the wellbore fl uid is 10.5 lbm/gal, what is the pressure at 10,000 ft?

Solution. For the fi rst 3,000 ft, the measured depth s equals the true vertical depth Z, so the pressure at 3,000 ft is

(3,000 ft) 0.05195 10.5 lbm/gal 3,000 ft 1,636 psigp

The remainder of the interval from 3,000 ft to 10,000 ft is inclined 50°, so the true vertical depth  increment is:

(3,000 ft to 10,000 ft) cos(50 )(10,000 3,000) ft 0.6428(7,000) ft 5,000 fZ

The resulting pressure at 10,000 ft is:

(10,000 ft) 1,636 psig 0.05195(10.5 lbm/gal)(5,000) ft 4,090 psig 28,200 kPap

1.5.4 The Rotary System. The rotary system includes all of the equipment used to achieve bit rotation. Origi-
nally, the main driver in the system of all rigs was the rotary table. The main parts of the rotary system with a 
rotary table are the swivel, kelly, and drillstring.

The rotary swivel (Fig. 1.28) serves two important functions in the drilling process. It is a connecting point 
between the circulating system and the rotary system. It also provides a fl uid seal that must absorb rotational wear 
while holding pressure. The upper section of the swivel has a bail for connection to the elevator hook, and the 
gooseneck of the swivel provides a downward-pointing connection for the rotary hose.

The kelly is the fi rst section of pipe below the swivel. The outside cross section of the kelly is square or (most 
commonly) hexagonal to permit it to be gripped easily for turning. Torque is transmitted to the kelly through kelly 
bushings, which fi t inside the master bushing of the rotary table. The kelly thread is right-handed on the lower end 
and left-handed on the upper end to permit normal right-hand rotation of the drillstring.

During drilling operations, in every connection, a new pipe is added below the kelly. To avoid premature wear 
in the kelly’s threads, a kelly saver sub is used between the kelly and the fi rst joint of drillpipe. Kelly cock valves 
are located on either end of the kelly.

Modern rigs use a topdrive to replace the kelly, kelly bushings, and rotary table. Drillstring rotation is achieved 
through hydraulic or electric motors. One type of topdrive is shown in Fig. 1.29.

Topdrives are suspended from the hook and can travel up and down the derrick. This will allow  drilling to be 
done with stands of pipes, instead of single joints, which will save considerable time. Comparing with the conven-
tional process, where a new pipe must be added to the drillstring after the length of just one joint has been drilled, 
using a topdrive system, a new connection will occur only after the length of one stand (two, three, or four pipes) 
has been drilled.

Besides saving time, a system with a topdrive enables the driller to re-initiate fl uid circulation or drillstring 
rotation faster while tripping, which reduces the chance of problems such as stuck pipe.

Fig. 1.27—Vacuum-chamber degasser (Derrick Equipment 2010).
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Fig. 1.28—(a) Rotary swivel (Steven M. Hain Company, Inc. 2010)  sed with permission from Steven M. Hain Company, 
Inc.; (b) rotary swivel (courtesy of OSHA).

Fig. 1.29—Topdrive (Bull. 20310 2008).

; u
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The drillstring connects the surface equipment with the drill bit at the bottom of the well. The rotary table, or 
the topdrive, rotates the drillstring and, consequently, rotation is transmitted to the bit.

The drillstring is basically composed of two major portions, the drillpipes and the bottomhole  assembly (BHA) 
(see Fig. 1.30). Drillpipes (Fig. 1.30b) are specifi ed by outside diameter, weight per foot, steel grade, and length 
range. Drillpipes are classifi ed by API in the following length ranges: Range 1 is 18 to 22 ft (5.5 to 6.7 m), Range 
2 is 27 to 30 ft (8 to 9 m), and Range 3 is 38 to 45 ft (12 to 14 m).

Range 2 drillpipe is used most commonly. Since each joint of pipe has a unique length, the length of each joint 
must be measured carefully and recorded to allow a determination of total well depth during drilling operations.

The drillpipe joints are fastened together in the drillstring by means of tool joints (Fig. 1.30a). The portion of 
the drillpipe to which the tool joint is attached has thicker walls than the rest of the drillpipe to provide for a stron-
ger joint. This thicker portion of the pipe is called the upset. If the extra thickness is achieved by decreasing the 
inside diameter, the pipe is said to have an internal upset. If the extra thickness is achieved by increasing the out-
side diameter, the pipe is said to have an external upset. A tungsten carbide hardfacing sometimes is manufactured 
on the outer surface of the tool joint box to reduce the abrasive wear of the tool joint by the borehole wall when 
the drillstring is rotated.

The BHA is the lower section of the drillstring. Even though a BHA may have many different tubulars depend-
ing on the complexity of the operation, most of the BHA is composed of drill collars (Fig. 1.30c). The drill collars 
are thick-walled, heavy steel tubulars used to apply weight to the bit. The buckling tendency of the relatively thin-
walled drillpipe is too great to use it for this purpose. The smaller clearance between the borehole and the drill 
collars helps to keep the hole straight. Stabilizers (Fig. 1.31) often are used in the drill collar string to assist in 
keeping the drill collars centralized. Other types of tubulars used include shock absorbers and drilling jars. In ad-
dition, heavyweight drillpipes, a type of drillpipe with thicker walls, are commonly placed on top of the BHA to 
make the transition between the heavier drill collars and the drillpipes.

1.5.5 The Well-Control System. The well control system prevents the uncontrolled fl ow of formation fl uids 
from the wellbore. When the bit penetrates a permeable formation that has a fl uid pressure in excess of the hydro-
static pressure exerted by the drilling fl uid, formation fl uids will begin displacing the drilling fl uid from the well. 
The fl ow of formation fl uids into the well in the presence of drilling fl uid is called a kick.

The well-control system enables the driller to

· Detect the kick
· Close the well at the surface
· Circulate the well under pressure to remove the formation fl uids and increase the mud density

Fig. 1.30—(a) Drillpipe tool joint; (b) drillpipe; (c) drill collar. Parts (a) and (b) are from Aadnoy et al. (2009).
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· Move the drillstring up and down with the well closed
· Divert the fl ow away from rig personnel and equipment

Failure in detecting a kick or a malfunction in the well-control system may result in an uncontrolled fl ow of 
formation fl uids into the wellbore. This unwanted fl uid production is called a blowout. A blowout is arguably the 
worst disaster that can occur during drilling operations. Blowouts can cause loss of lives, drilling equipment, the 
well, much of the oil and gas reserves in the underground reservoir, and can cause damage to the environment. 
Thus, the well-control system is one of the more important systems on the rig.

Kick detection during drilling operations usually is achieved by use of a pit-volume indicator or a fl ow indica-
tor. Both devices can detect an increase in the fl ow of mud returning from the well over that which is being circu-
lated by the pump.

Pit volume indicators usually employ fl oats in each pit that are connected by means of pneumatic or electrical 
transducers to a recording device on the rig fl oor. The recording device indicates the volume of all active pits. 
High- and low-level alarms can be preset to turn on lights and horns when the pit volume increases or decreases 
signifi cantly. An increase in surface mud volume indicates that formation fl uids may be entering the well. A de-
crease indicates that drilling fl uid is being lost to an underground formation.

Mud-fl ow indicators are used to help detect a kick more quickly. The more commonly used devices are some-
what similar in operation to the pit-level indicators. A paddle-type fl uid-level sensor is used in the fl owline. In 
addition, a pump-stroke counter is used to sense the fl ow rate into the well. A panel on the rig fl oor displays the 
fl ow rate into and out of the well. If the rates are appreciably different, a gain or loss warning will be given.

While making a trip, circulation is stopped and a signifi cant volume of pipe is removed from the hole. Thus, to 
keep the hole full, mud must be pumped into the hole to replace the volume of pipe  removed. Kick detection dur-
ing tripping operations is accomplished through use of a hole fi ll-up indicator. The purpose of the fi ll-up indicator 
is to measure accurately the mud volume required to fi ll the hole. If the volume required to fi ll the hole is less than 
the volume of pipe removed, a kick may be in progress.

Small trip tanks provide the best means of monitoring hole fi ll-up volume. Trip tanks usually hold 10 to 15 bbl 
(1.6 to 2.4 m3) and have 1-bbl (0.16 m3) gauge markers. Periodically, the trip tank is refi lled using the mud pump. 
The required fi ll-up volume is determined by periodically checking the fl uid level in the trip tank. When a trip tank 
is not installed on the rig, hole fi ll-up volume should be determined by counting pump strokes each time the hole 
is fi lled. The level in one of the active pits should not be used since the active pits are normally too large to provide 
suffi cient accuracy.

The fl ow of fl uid from the well caused by a kick is stopped by use of well-control devices called blowout pre-
venters (BOPs). The BOP will close the well and hold well pressure, consequently impeding new fl uid from enter-
ing the wellbore.

Multiple BOPs with different purposes are used in a well. This arrangement is called a BOP stack. The reason 
for using a BOP stack is to enable the system to close the well and stop the fl ow of  unwanted fl uid into the well-
bore under all drilling conditions. The well-control system must enable well closure while drilling, tripping in or 
out of the hole, running casing, and even when there is no drillstring inside the well.

When the drillstring is in the well, movement of the pipe without releasing well pressure should be allowed to 
occur. In addition, the BOP stack should allow fl uid circulation through the well annulus under pressure. These 
objectives usually are accomplished by using several ram preventers and one annular preventer.

An example of a ram preventer is shown in Fig. 1.32. Ram preventers have two packing elements on opposite 
sides that close by moving toward each other. Pipe rams have semicircular openings that match the diameter of 
pipe sizes for which they are designed. Thus, the pipe ram must match the size of pipe currently in use. If more 
than one size of drillpipe is in the hole, additional ram preventers must be used in the BOP stack. Rams designed 
to close when no pipe is in the hole are called blind rams. Blind rams will fl atten drillpipe if inadvertently closed 
with the drillstring in the hole but will not stop the fl ow from the well. Shear rams are blind rams designed to shear 
the drillstring when closed. This will cause the drillstring to drop in the hole and will stop fl ow from the well. 
Shear rams are closed on pipe only when all pipe rams and annular preventers have failed or, in the case of off-
shore drilling, when an emergency dictates that the drilling vessel must abandon the location. In that case, the 
blind ram is intentionally activated, and an emergency disconnection is made. This operation will be  described 

Fig. 1.31—Drillstring stabilizer (National Oilwell Varco 2010a).
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later in Section 1.6. Ram preventers are available for working pressures of 2,000, 5,000, 10,000, and 15,000 psig 
(14,000, 35,000, 70,000, 100,000 kPa).

Annular preventers, sometimes called bag-type preventers, stop fl ow from the well using a ring of synthetic 
rubber that contracts around the pipe, preventing fl uid passage and sealing the annulus. The rubber packing con-
forms to the shape of the pipe in the hole. Most annular preventers also will close an open hole if necessary. A 
cross section of one type of annular preventer is shown in Fig. 1.33.  Annular preventers are available for working 
pressures of 2,000, 5,000, and 10,000 psig (14,000, 35,000, 70,000 kPa).

Both ram and annular BOPs are closed hydraulically. In addition, the ram preventers have a screw-type locking 
device that can be used to close the preventer if the hydraulic system fails. The annular preventers are designed so 
that once the rubber element contacts the drillstring, the well pressure helps to hold the preventer closed.

Modern hydraulic systems used for closing BOPs are high-pressure fl uid accumulators similar to those devel-
oped for aircraft fl uid-control systems. The accumulator is capable of supplying suffi cient high-pressure fl uid to 
close all of the units in the BOP stack at least once and still have a reserve.  Accumulators with fl uid capacities of 
40, 80, or 120 gal (0.15, 0.30, or 0.45 m3) and maximum operating pressures of 1,500 or 3,000 psig (10,000 or 
20,000 kPa) are common. The accumulator is maintained by a small pump at all times, so the operator has the 
ability to close the well immediately, independent of normal rig power. For safety, standby accumulator pumps 
are maintained that use a secondary power source.

The accumulator is equipped with a pressure-regulating system. The ability to vary the closing pressure on the 
preventers is important when it is necessary to strip pipe into the hole. Stripping the pipe means moving the pipe 
with the preventer closed. A pipe may be stripped either into or out of the well. If a kick is taken during a trip, it 
is best to strip back to bottom to allow effi cient circulation of the formation fl uids from the well. The application 
of too much closing pressure to the preventer during stripping operations causes rapid wear of the sealing element. 
The usual procedure is to reduce the hydraulic closing pressure during stripping operations until there is a slight 
leakage of well fl uid.

Stripping is accomplished most easily using the annular preventer. However, when the surface well pressure is 
too great, stripping must be done using two pipe ram preventers placed far enough apart for external-upset tool 
joints to fi t between them. The upper and lower rams must be closed and opened alternately as the tool joints are 
lowered through.

Space between ram preventers used for stripping operations is provided by a drilling spool. Drilling spools also 
are used to permit attachment of high-pressure fl owlines to a given point in the stack. These high-pressure fl ow-
lines make it possible to pump into the annulus or release fl uid from the annulus with the BOP closed. A conduit 
used to pump into the annulus is called a kill line. Conduits used to release fl uid from the annulus may include a 
chokeline, a diverter line, or simply a fl owline. All drilling spools must have a large enough bore to permit the next 
string of casing to be put in place without removing the BOP stack.

The BOP stack is attached to the casing using a casing head. The casing head is welded or connected to the fi rst 
string of casing cemented in the well. It must provide a pressure seal for subsequent casing strings placed in the 
well. Also, outlets are provided on the casing head to release any pressure that might accumulate between casing 
strings.

The control panel for operating the BOP stack usually is placed on the derrick fl oor for easy access by the 
driller. The controls should be marked clearly and identifi ably with the BOP stack arrangement used. Modern and 
safer rigs will have at least one other control panel located far from the rig fl oor. This panel will be used in case it 
is necessary, for safety reasons, to evacuate personnel from the rig fl oor.

The arrangement of the BOP stack varies considerably. The arrangement used depends on the magnitude of 
formation pressures in the area and on the type of well-control procedures used by the  operator. API presents 
several recommended arrangements of BOP stacks, including Spec. 16A (2004), Spec. 16C (1993), and Spec. 16D 
(2004). Fig. 1.34 shows two typical BOP stack arrangements, showing several types of rams, annular preventers, 

Fig. 1.32—Double ram preventer (© Cameron 2006).
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drilling spools, and fl owlines. In some cases, it may be desirable to conduct drilling operations with surface pres-
sure on the annulus. A rotating head, which seals around the kelly at the top of the BOP stack, must be used when 
this is done. Rotating heads most commonly are employed when air or gas is used as a drilling fl uid.

When the drillstring is in the hole, the BOP stack can be used to stop only the fl ow from the annulus. Several 
additional valves can be used to prevent fl ow from inside the drillstring. These valves include kelly cocks (i.e., 
valves inside the kelly) and inside BOPs. Generally, an upper kelly cock having left-hand threads is placed above 
the kelly, and a lower kelly cock having right-hand threads is placed  below the kelly. The lower kelly cock also is 
called a drillstem valve. Two kelly cocks are required because the lower position might not be accessible in an 
emergency if the drillstring is stuck in the hole with the kelly down.

An inside BOP is a valve that can be placed in the drillstring if the well begins fl owing during  tripping opera-
tions. Inside BOPs can use a ball valve or dart-type valve (check valve), as shown in Fig. 1.35. An inside BOP 
should be placed in the drillstring before drillpipe is stripped back in the hole because it will permit mud to be 
pumped down the drillstring after reaching the bottom of the well. Inside BOPs are installed when needed by 
screwing into the top of an open drillstring with the valve or dart in the open position. Once the BOP is installed, 
the valve can be closed or the dart released.

Fig. 1.33—Annular preventer. Courtesy of National Oilwell Varco.
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A high-pressure circulating system is used for well-control operations. The kick normally is circulated from the 
well through an adjustable choke. The adjustable choke is controlled from a remote panel on the rig fl oor. Suffi -
cient pressure must be held against the well by the choke so that the bottomhole pressure in the well is maintained 
slightly above the formation pressure. Otherwise, formation fl uids would continue to enter the well.

Mechanical stresses on the emergency high-pressure fl ow system can be quite severe when handling a kick. The 
rapid release of large volumes of fl uid through the surface piping frequently is accompanied by extreme vibra-
tional stresses. Thus, care should be taken to use the strongest available pipe and to anchor all lines securely 
against reaction thrust. Also, some fl exibility in the piping to and from the wellhead is required. The weight of all 
valves and fi ttings should be supported on structural members so that bending stresses are not created in the pip-
ing. Because of fl uid abrasion, the number of bends should be minimized. The bends required should be sweep-
turn bends rather than sharp “L” turns, or should have an abrasion-resistant target at the point of fl uid impingement 
in the bend.

API has several recommended choke manifold arrangements for 2,000-, 3,000-, 5,000-, 10,000-, and 15,000-
psig (14,000, 21,000, 34,000, 69,000, and 100,000 kPa) working pressure systems (Spec. 16C 1993). In addition 
to these recommendations, well operators have developed many other,  optional designs.

1.5.6 Well-Monitoring System. An optimal drilling operation requires close control over a number of parame-
ters. Even though the drilling program may have recommendations related to drilling  parameters, it is mandatory 
that rig personnel (e.g., driller, drilling supervisor, drilling and mud engineer) keep track of the operation develop-
ment at all times in order to make necessary adjustments and to quickly detect and correct drilling problems.

A modern rig will have devices that display and simultaneously record most of the important parameters related 
to the drilling operation. Parameters that cannot be determined automatically, such as mud properties, will be 
measured, recorded, and controlled constantly as well. Some of the most important parameters include

· Well depth
· Weight on bit
· Rotary speed
· Rotary torque
· Pump pressure
· Pump rate
· Fluid-fl ow rate
· Flow return
· Rate of penetration
· Hookload
· Fluid properties (e.g., density, temperature, viscosity, gas and sand content, salinity, solids  content)
· Pit level

Monitoring of these important parameters, together with reliable historical records of previous similar opera-
tions, will assist the driller in predicting and detecting possible drilling problems. Monitoring the mud system is 
an important task that must be fulfi lled to maintain well control. The mud gives warning signs and indications of 
kicks that can be used to reduce the severity of the kicks by early detection, avoiding a large infl ux of gas into the 
wellbore. Additionally, if the system is properly monitored, other drilling problems such as lost circulation can be 
minimized. 

Fig. 1.35—Inside BOP with dart-type valve (National Oilwell Varco 2010b).
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Moreover, good records of various aspects of the drilling operation also can aid geological, engineering, and 
supervisory personnel. Today, modern rigs carry centralized well-monitoring systems that can be housed in the 
engineer’s offi ce and/or in the geologist’s offi ce at the rigsite. Besides, if desired, advancements in satellite com-
munications allow installation of monitoring systems in places far from the rigsite. 

These monitoring units provide detailed information about the formation being drilled and the fl uids being 
circulated to the surface in the mud, and they centralize the record keeping of drilling parameters. The mud logger 
carefully inspects rock cuttings taken from the shale shaker at regular intervals and maintains a log describing 
their appearance. Additional cuttings are labeled according to their depth and are saved for further study by the 
paleontologist. The identifi cation of the microfossils present in the cuttings assists the geologist in correlating the 
formations being drilled. Gas samples  removed from the mud are analyzed by the mud logger using a gas chro-
matograph. The presence of a hydrocarbon reservoir often can be detected by this type of analysis.

With the development of downhole tools specially designed for well inclination and direction control, opera-
tions in directional wells became much more effi cient. These tools are run together with the BHA and will con-
stantly send information to surface regarding the position of the well. Measurement-while-drilling (MWD) tools 
normally use a mud pulser that sends information to the surface by means of coded pressure pulses in the drilling 
fl uid contained in the drillstring. Chapter 8 provides information on MWD equipment.

1.6 Marine Drilling
Drilling wells offshore, from a fl oating vessel, requires special equipment and procedures. Even though the drill-
ing operation itself is similar to onshore drilling, special equipment is required to hold the vessel on location over 
the borehole and to compensate for the vertical, lateral, and tilting movements caused by wave action against the 
vessel.

In the past, most fl oating vessels were held on location by anchors. However, to anchor a drillship or a semisub-
mersible in deep water using conventional anchors and cables or chains is virtually impossible. Consider an opera-
tion at a water depth of 2000 m (6,560 ft). The cables or chains connecting the anchor with the vessel would have to 
be huge in order to support the large tensions. Consequently, the vessel space required to store the cables must also 
be very large. Further, the operation to position the anchors would be very diffi cult, probably unfeasible. Even 
though there are some reports (Maksoud 2002) of deepwater mooring, this was achieved with special cables made 
of polyester and a mooring system that used a special suction anchor system. This system needs the support of other 
boats to handle the anchors and cables. On the other hand, a dynamically positioned drillship can move to the loca-
tion and get positioned using only its own equipment; no additional support is needed.

Conventional anchored vessels are limited to just a few hundred meters of water depth. When the ocean bottom 
is too hard for conventional anchors, anchor piles are driven or cemented in boreholes in the ocean fl oor. The ves-
sel is moored facing the direction from which the most severe weather is  anticipated. Certain drillships are de-
signed to be moored from a central turret containing the drilling rig. In this case, the ship will rotate about the 
turret so that it always faces incoming waves. Most mooring systems are designed to restrict horizontal vessel 
movement to approximately 10% of the water depth for the most severe weather conditions; however, horizontal 
movement can be restricted to approximately 3% of the water depth for the weather conditions experienced 95% 
of the time. As many as 12 anchors are used in a mooring system. For anchored vessels, motion problems are more 
severe for drillships than for semisubmersibles. However, drillships usually are easily operated and can be moved 
rapidly from one location to the next.

For deep and ultradeep water, where anchoring systems are not feasible, an anchorless system was developed. 
In this case, the vessel has large thrusters (Fig. 1.36), units capable of holding the drilling vessel on location 
without anchors. This system is called dynamic positioning (DP), and it works to counteract the forces to which 
the drilling vessel is subjected while on location. The wind, waves, and maritime currents will tend to displace the 
vessel from its station. Sensors at the vessel detect these actions and require the thrusters to counteract the forces 
accurately. The entire system is controlled by two independent computer systems. In addition, manual position 
and heading control is also available. Table 1.3 shows the classifi cation of DP systems according to standards 
established by the International Maritime Organization (IMO). Fig. 1.37 shows a DP control room, and Fig. 1.38 
shows a diagram of the basic elements of a DP system.

Even though DP systems are designed mainly for use in water depths in excess of 700 m (2,300 ft), there are 
cases in which DP vessels (semisubmersibles or drillships) have been used in lesser depths due to their practical-
ity and time-saving capability.

A special derrick design must be used for drillships because of the tilting motion caused by wave action. The 
derrick of a drillship often is designed to withstand as much as a 20° tilt with a full load of drillpipes standing in 
the derrick. Also, special pipe-handling equipment is necessary to permit tripping operations to be made safely 
during rough weather. This equipment permits drillpipe to be laid down quickly on a pipe rack in doubles or 



Introduction to Rotary Drilling 37

 triples rather than supported in the derrick. A block guide track also is used to prevent the traveling block from 
swinging in rough weather.

Normally, in marine operations from fl oating vessels, the wellhead and BOPs are placed at the seafl oor. A marine 
riser conducts the drilling fl uid from the ocean fl oor to the drilling vessel. A fl ex joint at the bottom of the marine 
riser allows lateral movement of the vessel. The vertical movement of the vessel is allowed by a slip joint placed 
at the top of the marine riser. The riser is secured to the vessel by a pneumatic tensioning system. To reduce tension 
requirements in long and heavy riser strings, buoyant sections made of light material are added to the riser system. 

Fig. 1.36—Thruster with controllable-pitch propeller (Thrustmaster of Texas 2010).

TABLE 1.3—IMO DP CLASSIFICATION [after MSC/Circ. 645 (1994)]

Reproduced courtesy of the International Maritime Organization

IMO DP Class noitpircseD

Class 1        Automatic and manual position and heading control under specified maximum environmental 
conditions. 

Class 2        Automatic and manual position and heading control under specified maximum environmental 
conditions, during and following any single fault excluding loss of a compartment. (Two 
independent computer systems.) 

Class 3        Automatic and manual position and heading control under specified maximum environmental 
conditions, during and following any single fault including loss of a compartment due to fire or 
flood. (At least two independent computer systems with a separate backup system.) 

Fig. 1.37—DP control room. Courtesy of Keith Wyatt, Converteam.
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To keep the drillstring from suffering the effects of the vertical movement of the vessel and to keep the weight 
on bit constant, types of surface-motion-compensating equipment called heave compensators have been devel-
oped. A constant hookload is maintained through use of a pneumatic tensioning device on the traveling block.

As mentioned before, the BOP stack for a fl oating drilling operation normally is placed on the ocean fl oor below 
the marine riser. However, in recent years, alternatively, a system with a slim high-pressure riser system and a 
surface BOP has been developed. Even though a subsea BOP could be considered the standard drilling procedure, 
a number of wells (DeLuca 2005) have been drilled lately using surface BOPs.

The subsea BOP ensures that the well can be closed even in severe weather, such as a hurricane. In such extreme 
conditions, the BOP can be closed and the marine riser disconnected from the top of the BOP system, allowing 
the vessel to go to a safer place. Later, when weather conditions get back to normal, the vessel returns to the loca-
tion and the riser is reconnected to the BOP so that the operation can resume. If the drillstring is in the well and 
an emergency disconnection is necessary, the BOP’s shear ram is used to cut off the drillpipe. Then, the BOP’s 
blind ram also is closed, keeping the well shut. Later, after the reconnection, the portion of the drillstring remain-
ing in the well can be fi shed (special tools are used to retrieve the original drillpipe), the damaged pipe substituted, 
and the operation resumed.

Another feature of the subsea system is that identical hydraulically operated connectors often are used above 
and below the BOP stack. This makes it possible to add on an additional BOP stack above the existing one in an 
emergency.

Offshore drilling operations differ from onshore drilling in various aspects, including well spud-in (initiating a 
well), in which the differences in equipment and operating procedures are considerable. For drilling operations 
from fl oating vessels, this difference is even more signifi cant. Various schemes have been developed for offshore 
well spud-in. To illustrate those differences, let us analyze initial drilling operations for a shallow-water well 
drilled from a jackup rig and a deepwater well drilled from a fl oating DP vessel. Note that the sequence of opera-
tions presented for both cases does not represent the only possible way to initiate a well because these operations 
can vary depending on the type of rig and equipment used.

In a jackup rig, the fi rst section may be drilled using, for example, a 26-in. bit coupled with a 36-in. hole opener. 
This fi rst section normally is not long, and when concluded, a 30-in. conductor is run into the well and cemented. 
The 30-in. conductor (Fig. 1.39) has an internal profi le that allows support, at mudline, for the next casing, nor-
mally a 20-in. surface casing. Alternatively, the conductor could be jetted instead of cemented. In the case of jet-
ting, the initial well section is drilled by the action of  water jets positioned at the lower end of the conductor. When 
the planned depth is reached, the conductor is already in place.
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Fig. 1.38—The elements of a DP system (IMCA 2003). Courtesy of the International Marine Contractor Association.
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After this fi rst phase is concluded, the conductor is cut below the rotary table, and the fi rst wellhead and a di-
verter is installed at its top so that the drilling operation can resume. The next section is drilled using, for example, 
a 26-in. bit, and afterward a 20-in. casing will be run and cemented. Note that this casing has its weight supported 
by the 30-in. conductor at mudline, avoiding unnecessary loads to the rig.

The 20-in. casing, when cemented in place, also is cut below the rotary table, allowing a wellhead and BOP to 
be installed on its top. After that, drilling operation resumes, with each section being drilled and its associated 
casing being run and cemented in a similar fashion. Normally, the fi rst low-pressure BOP, installed on top of the 
20-in. casing, is changed after the next casing is run, so that high-pressure safety equipment can be installed. Note 
that, because all safety and wellhead equipment is installed at surface, subsequent operations are quite similar to 
onshore drilling.

When drilling from a fl oating vessel, normally the wellhead and BOPs are installed close to seafl oor and are 
called a subsea system. There are many different wellhead and subsea BOP confi gurations. One type of design, 
which has been in use since the early 1980s, involves the installation at seafl oor of two guide bases. The fi rst one, 
called the temporary guide base, is a heavy steel structure with an opening in the center and four cables, called 
guidelines, surrounding the central hole and extending back to the vessel, where a constant tension is maintained 
in the cables.

With the temporary base in position, a drillstring with the fi rst drill bit is lowered to the seafl oor, and the fi rst 
section of the well is drilled. Commonly, a remotely operated vehicle (ROV) is used to monitor the operation. The 
ROV has a camera that transmits the view of the action to a monitoring station located at surface on the drilling 
vessel.

After conclusion of drilling, the fi rst casing is run into the well with the permanent guide base  attached to its 
top, and, as the casing is placed in position, the permanent guide base is landed on the temporary base (Fig. 1.40).

After the fi rst well section is concluded, a second section is drilled, also without a BOP system. 
A marine riser may be installed in the wellhead housing of the previous casing; if so, a diverter system is installed 
at surface to deal with the possible hazards associated with drilling into shallow gas zones. This will allow forma-
tion fl uids to be diverted away from the rig in an emergency.

After drilling, the conductor casing is lowered into the hole with a high-pressure subsea wellhead housing at-
tached to its top. The wellhead housing internal profi le (see Fig. 1.40) is designed to receive subsequent casing 
strings. The BOP stack is lowered and latched into the top of the wellhead, and the marine riser then can be de-
ployed and latched into the BOP.

Fig. 1.39—MLH Mud Line Suspension System (photo courtesy of GE Oil & Gas).
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As can be seen from the above sequence of operations, well startup from a fl oating vessel can be very time-
consuming, which directly affects well cost because daily rates for fl oating vessels tend to be especially high. This 
situation is more noticeable for deepwater drilling, where the tripping operations to install subsea equipment at 
seafl oor take even longer.

Recently, modern subsea systems and procedures were specially developed for deepwater drilling. These 
systems allow the operator, in one trip, to run the fi rst large-bore casing and its  wellhead housing and, after 
jetting it in place, to immediately start drilling the second well section without tripping back to surface. The 
sequence of operation for deepwater well spud-in is as follows (see Fig. 1.41):

· Run the conductor and its wellhead housing and jet it in place.
· Release the running tool and drill ahead with the bit and BHA previously connected with the running string 

and positioned inside the conductor.
· After conclusion of drilling, retrieve the drillstring and the running tool to surface.
· Run the next casing with the high-pressure wellhead. The casing is run with a running tool connected to the 

wellhead, and casing length is calculated so that, when the casing shoe is in place, the wellhead is landed on 
the wellhead housing. After landing the wellhead, cement the casing and then retrieve the running tool and 
running string back to surface.

· Run the BOP with the riser already connected on its top. The BOP is then landed on the high-pressure well-
head. 

· With the BOP and riser in place, the operation to drill the next section can be carried out.

1.7 Drilling Cost Analysis
Drilling is the most visible of the many faces of the oil industry and may represent up to 40% of the entire 
 exploration and development costs (Cunha 2002) of a fi eld. Drilling engineers play a major role in well planning, 
not only designing the well but also recommending effi cient and safe drilling procedures for routine rig operations 
such as drilling-fl uid treatment, pump operation, bit selection, drilling parameters, and casing and cement 
 programs. Drilling engineers also are responsible for preparing contingency plans that will be used in case any 

Fig. 1.40—SS10 subsea system with temporary and permanent guide base (courtesy of Dril-Quip).
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Fig. 1.41—Cam-actuated drill-ahead (CADA) tool (courtesy of Dril-Quip).
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problems are encountered during the drilling operation. This entire process, which should be carried out taking 
into consideration safety and environmental constraints and regulations, must ultimately be as effi cient and inex-
pensive as possible.

The fi nal cost of a well depends on many factors, but clearly good well planning represents a major step toward 
cost-effi ciency. In addition, the drilling team should be attentive during well drilling to keep track of the develop-
ment of operations and promptly act if changes are needed. In this section, we will discuss existing methods for 
drilling cost analysis as well as ways to optimize costs during drilling operations.

1.7.1 Drilling Cost Pr ediction. One of the most challenging tasks for the drilling engineer is to predict well 
costs, either for a single exploration well or for a number of development wells on a drilling campaign. Normally, 
a decision about when and where a well will be drilled is made far in advance of operation startup. It is important 
for companies to have a reasonable cost estimate so that a proper budget can be prepared, with the necessary funds 
being set aside for the operation. Also, most exploration ventures are very risky, presenting a high possibility of 
resulting in “dry wells.” Because of this, it is very common in modern industry for companies to make joint ven-
tures to explore a new area. In such cases, normally one company is responsible for the operations (the operating 
partner), while others share the costs and eventually the associated profi ts of the project. In this common case, the 
operator must present to the partners an authorization for expenditure (AFE) with the expected cost of drilling, 
which will allow the partners also to include those predicted expenses on their own budgets. An AFE usually in-
cludes a provision for contingency costs, and it is expected that operators will have the necessary expertise to 
predict well costs that will not exceed 20% of the initially predicted budget. In some cases, such as the evaluation 
of a given tract of land available for lease, only an approximate cost estimate is required. In other cases, such as 
in a proposal for drilling a new well, a more detailed cost estimate is  required.

Drilling costs depend primarily on well location and well depth. External factors, such as abnormal rig market 
conditions, also may infl uence cost. The location of the well governs the costs of preparing the wellsite and mov-
ing the rig to the location. Remote locations, with no roads or infrastructure, will certainly result in a higher fi nal 
well cost. Also, a wildcat well drilled in a place far from the regions where rigs are concentrated will have a 
 signifi cant part of its costs spent on rig mobilization and demobilization. For example, an operator may have to 
pay millions of dollars just to bring a deepwater drillship from the Gulf of Mexico to the African west coast. 
 Additionally, if the region does not have a developed market, all costs, including crew, boat, and helicopter rentals, 
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well-monitoring services, housing, routine maintenance, drilling-fl uid treatment, and rig supervision, will be con-
siderably higher.

The depth of the well will govern the lithology that must be penetrated and, thus, the time required to conclude 
the well. Traditionally, oil companies have in their database a source of historical drilling/cost data presented by 
type of well, region, and well depth. In addition, there are companies that specialize in collecting drilling data 
around the world and compiling them in a database that can be used by drilling engineers when planning and 
budgeting well operations.

Drilling costs tend to increase exponentially with depth, and it is a good policy for drilling engineers to rely on 
past data to estimate drilling time and cost for future operations.

When enough data are available for a certain region, it is possible to assume a relationship between cost, C
dc

, 
and depth, s, as proposed in Bourgoyne (1986).

exp( )dc dc dcC a b s ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (1.16)

where the constants a
dc

 and b
dc

 depend primarily on the well location.

Example 1.5—Well Cost Estimation. Fig. 1.42 presents data of depth and cost for a series of wells drilled in the 
same region. Assuming all external conditions remained the same, estimate the cost for two new wells with depths 
of 13,550 ft (4130 m) and 19,500 ft (5943 m).

Solution. From the data in Fig. 1.42 it is possible to perform a least-squares curve fi t (see Appendix) where a
dc

 
equals USD 803,210 and b

dc
 equals 4.9´10–5 ft–1. Fig. 1.43 shows a cost vs. depth chart for the area and the result-

ing exponential curve.
Once the parameters of the curve are established, the predicted costs are easily obtained as

5803,210exp(4.9 10 )dcC s .

For s = 13,550 ft, 

5803,210 exp(4.9 10 13,550) USD 1.56 milliondcC .

For s = 19,500 ft,

5803,210 exp(4.9 10 19,500) USD 2.09 milliondcC .

When a number of similar wells have been drilled in a region (e.g., in a development campaign in which all 
wells have approximately the same depth and casing program), prediction of future wells is simpler. Data from the 
completed wells may be used to estimate time and costs of future wells. In such a case, it is important, when an-
alyzing the data, to keep in mind the order in which the wells were drilled, because it is well known that, keeping 
all external conditions constant, there will be a tendency to have an improved performance as the drilling cam-
paign progresses. This  improvement is part of a learning process and can be mathematically described by learning 
curves (Teplitz 1991). This useful concept can be used in many petroleum engineering processes, including pre-
diction of drilling performance and well cost (Ikoku 1978). If enough data are available, a curve can be drawn 
relating wells drilled with drilling performance (or well cost). Then the drilling engineer can use the curve to 
predict future well costs. The learning curve can be mathematically represented by

blc
lc lc wC a n ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (1.15)

where C
lc
 represents the “learning curve” cost of the well or cost per foot, a

lc
 and b

lc
 are constants, and n

w
 repre-

sents the well number (ordered by the fi rst well drilled to the last) or the cumulative footage drilled.
One problem with this formula is that well cost continues to decrease the more wells that are drilled, whereas, 

in reality, there will be a minimum cost for the ideal trouble-free well. We could devise a more complex formula, 
such as:

min
blc

lc lc wC C a n ,
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which has the proper behavior for large n
w
, but at a higher computational cost. A simpler approach would take the 

last wells drilled and calculate their average cost and the standard deviation. The average ± twice the standard 
deviation should give the approximate cost range for 95% of the remaining wells. If the standard deviation is high, 
you are still on the learning curve, and you will not be able to predict accurately the future well costs. Further, if 
you make major changes in your operations, your predictions will no longer be valid.

Example 1.6—Statistical Well Cost Estimation. Given the table with the costs of 20 wells drilled in the same 
fi eld with approximately the same fi nal depth, determine the estimated costs for the next two wells to be drilled in 
the fi eld.

Solution. Take Wells 15 through 20 and calculate the average cost and the standard deviation. A spread-
sheet for this calculation is given in Fig. 1.44. The average well cost is USD 2.94 million and the standard 
deviation is USD 40,000, only 1.4% of the average cost of a well in the last six wells drilled. Because there is 
not much variation in well cost, we can feel relatively confi dent that the next two wells will cost between USD 
2.9 and 3.0 million. Further, we are rather high on the learning curve and should not expect much more cost 
saving.

Fig. 1.42—Spreadsheet calculation of “least squares” fi t.

Well Depth Cost ln Cost
Depth*ln 

Cost (ln Cost)^2 Depth^2 Cost Estimate

1 12550 1,480,500 14.21 178309.0 201.86 157502500 1,481,868

2 12560 1,482,500 14.21 178468.1 201.90 157753600 1,482,592

3 12800 1,500,000 14.22 182028.5 202.24 163840000 1,500,058

4 12950 1,490,000 14.21 184075.0 202.05 167702500 1,511,079

5 12980 1,515,000 14.23 184717.4 202.52 168480400 1,513,293

6 13000 1,513,000 14.23 184984.9 202.48 169000000 1,514,770

7 13250 1,530,000 14.24 188690.3 202.80 175562500 1,533,364

8 13780 1,560,000 14.26 196505.5 203.35 189888400 1,573,540

9 14250 1,600,000 14.29 203568.6 204.08 203062500 1,610,048

10 14250 1,650,000 14.32 204007.1 204.96 203062500 1,610,048

11 15000 1,700,000 14.35 215192.1 205.81 225000000 1,670,068

12 16500 1,800,000 14.40 237654.4 207.45 272250000 1,796,903

13 16580 1,810,000 14.41 238898.5 207.61 274896400 1,803,932

14 17000 1,850,000 14.43 245321.8 208.24 289000000 1,841,287

15 17240 1,840,000 14.43 248691.8 208.09 297217600 1,862,979

16 18000 1,950,000 14.48 260700.1 209.77 324000000 1,933,370

17 18200 1,960,000 14.49 263689.9 209.92 331240000 1,952,332

18 18200 1,900,000 14.46 263124.0 209.02 331240000 1,952,332

19 18750 2,020,000 14.52 272223.9 210.79 351562500 2,005,443

Totals 287840 272.38 4130851 3904.94 4452261400

avg(lnCost) 14.34

beta1 4.9E-05 a=exp(beta0) 803,210
beta0 13.60 b=beta1 4.9E-05
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Fig. 1.43—Example 1.5: well cost vs. depth.
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Fig. 1.44—Spreadsheet statistics for Wells 15 through 20 (Example 1.6).

Well Cost (USD) (C-Cavg)^2
15 2,997,800 3147210000

16 2,932,800 79210000

17 2,966,800 630010000

18 2,891,800 2490010000

19 2,957,500 249640000

20 2,903,500 1459240000

Total 17,650,200 8055320000

Average cost 2,941,700 USD

Variance 1611064000

Standard deviation 40,138 USD

Minimum cost (95%) 2,861,424 USD

Maximum cost (95%) 3,021,976 USD
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Normally, when accurate drilling-cost prediction is needed, a cost analysis based on a detailed well plan must 
be made. The cost of tangible well equipment (such as casing) and the cost of preparing the surface location usu-
ally can be predicted accurately. Also, the cost per day of the drilling operations can be estimated from consider-
ations of rig rental costs, other equipment rentals, transportation costs, rig supervision costs, and others. The time 
required to drill and complete the well is estimated on the basis of rig-up time, drilling time, trip time, casing 
placement time, formation evaluation and borehole survey time, completion time, and trouble time. Trouble time 
includes time spent on hole problems such as stuck pipe, well-control operations, and formation fracture. Major 
time expenditures always are required for drilling and tripping operations. 

Fig. 1.45—AFE for an offshore well in the Gulf of Mexico.

AFE No.:

Original #:
:#tnemelppuS.oNlleW:esaeL

:ytnuoC:dleiF Offshore State: Louisiana

:evitcejbO:DTdesoporP
Legal Location: Budget Period:

Code DHC to drill well to 24,000' md/tvd Dry Hole Completion
BCP ACP Cost (BCP) Cost (ACP) TOTAL

ESTIMATED INTANGIBLE DRILLING COST

0$0$stimrePdnasyevruS
Surface Damages
Location 0$0$

0$syaDsyaDetaRpunaelCnoitacoL
0$0$).bomeD&boM(evoMgiR

Drilling Cost - Turnkey $0
003,987,9$003,987,9$54000912krowyaD-tsoCgnillirD
077,358$077,358$54001,91$)staoB/giR(retaW/leuF
008,669,1$008,669,1$)gnikcurT/riA/staoB(noitatropsnarT
055,063$055,063$sriapeRlatneR/tnempiuqE/slooTlatneR

Bits 088,622$088,622$
050,247,2$050,247,2$reenignEduM/slacimehC/duMgnillirD
051,102$051,102$gniggoLelpmaSdnaduM
518,115$518,115$syevruS/srotoM/slooT/ecivreSgnillirDlanoitceriD
000,744$000,744$DWP/DWL/DWM
005,866$005,866$secivreSgnitnemeCdnatnemeC
000,054$000,054$slooTdnaswerCgnisaC
000,05$000,05$snoitarepOgnihsiF
0$0$eloHnepO-gniggoL
0$0$tsoCgiRnoitelpmoC
0$0$LBC,PCTgniggoLeloHdesaC,gnitarofreP
0$0$)kcapcarf(gnirutcarFdnagnizidicA
0$0$PGlortnoCdnaS
0$0$.ctE,syevruSPHB,gnitseT
0$0$gniretliFdnadiulFnoitelpmoC
005,1$005,1$robaLtcartnoC
002,862$002,862$.loeG.srepO+.rgnEgnillirD+rosivrepuSgiR
580,842$580,842$gniretaC/noitacinummoC/rehctapsiD/kcoD

P&A/T&A  0$0$
000,031$000,031$noitcepsnIepiP
078,745$078,745$daehrevO
0$0$sexaT/ecnarusnI
059,298$059,298$)rehtO/gniniarTeurT/VOR/gninaelCtaoB/lasopsiD(.csiM
765,165$765,165$seicnegnitnoC

TOTAL INTANGIBLES $20,917,986 $0 $20,917,986
ESTIMATED TANGIBLE COSTS

037,37$037,37$00.002$63963epiPevirD
021,352$021,352$04.17$02545,3rotcudnoC
031,512$031,512$00.17$61030,3gnisaCecafruS
593,526$593,526$14.06$8/531353,01gnisaCetaidemretnI
0$0$65.63$8/590reniLgnillirD

Production Liner $0 $0
Production Casing $0
Production Tubing $0 $0

000,021$000,021$seicnegnitnoC/ecivreS/tnempiuqEgnisaC
000,066$000,066$.piuqESLM/tnempiuqEdaehlleW
0$)PG&VSSCS&srekcaP(tnempiuqEnoitcudorPecafrusbuS

Pumping Unit and Installation $0
Rods and Downhole Pump $0
Tank Batteries $0
Separators, Heaters, Dehydrator, etc. $0
Flow Lines, Fittings and Connections $0
Caisson and/or Protective Structure $0
Labor - Production Equipment $0

000,2$000,2$%0seicnegnitnoC
TOTAL TANGIBLES $1,949,375 $0 $1,949,375

163,768,22$0$163,768,22$STSOCNOITELPMOCDNAGNILLIRDLATOT

%0000.001%0000.001%0000.001TSERETNIGNIKROWTNECREP

163,768,22$0$163,768,22$TSOCLLEWTSERETNIGNIKROWLATOT

Approved:
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After gathering all information, the drilling engineer is then equipped to prepare the AFE. AFEs vary signifi -
cantly in format and amount of information contained. Normally, each company will have its own customized 
AFE form. An example of an AFE for an offshore well in the Gulf of Mexico is shown in Fig. 1.45. The provision 
of an extra percentage of the total predicted cost for “Contingencies” is customary. This amount is set aside for 
costs related to unexpected drilling problems such as mud contamination, lost circulation, stuck drillstring, broken 
drillstring, or ruptured casing. Also, geological uncertainties are always present, and eventually a well may end up 
being deeper than originally predicted, which will increase the fi nal well cost. As experience is gained in an area, 
more-accurate predictions of drilling time can be obtained, and consequently better AFEs can be prepared.

In addition to predicting the time requirements for drilling and tripping operations, time requirements for other 
planned drilling operations also must be estimated. These additional drilling operations usually can be broken into 
the general categories of

TABLE 1.4—TIME DISTRIBUTION FOR GULF OF MEXICO

DEEPWATER WELL 

Operation Description  Days Percentage

Normal operation (except drilling) 44.40 37
9208.43gnillirD

Lost time—operation problems 14.40 12
Lost time—service company equipment 3.60 3

306.3tnempiuqegir—emittsoL
806.9smelborpdetaler-rehtaeW
306.3gninodnabadnagniggulP
500.6gninoitisop,gnivomgiR
00100.021latoT

37%

29%

12%

3%

3%

8%

3%
5%

Normal operation (except drilling)
Drilling
Lost time—operation problems
Lost time—service company equipment 
Lost time—rig equipment 
Weather-related problems 
Plugging and abandoning 
Rig moving, positioning 

Fig. 1.46—Time distribution for the Gulf of Mexico deepwater well referenced in Table 1.4.

Engine Speed (rev/min) Torque (ft-lbf) Fuel Consumption (gal/hr)

1,200 1,400 25.3

1,000 1,550 19.7

800 1,650 15.7

600 1,700 12.1
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· Wellsite preparation
· Rig movement and rigging up
· Formation evaluation and borehole surveys
· Casing placement
· Well completion
· Drilling problems

The cost associated with wellsite preparation and moving the rig on location depends primarily on the terrain, 
the distance of the move, and the type of rig used. The cost of formation evaluation depends on the number and 
cost of the logs and tests scheduled plus rig time required to condition the drilling fl uid and run the logs and tests. 
The time required to run, cement, and test casing depends primarily on the number of casing strings, casing 
depths, diameters, and weights per foot. These costs also must include the rig time required for running and ce-
menting the casing strings, rigging up the surface equipment for each casing size, and perhaps changing the drill-
pipe or drill collar sizes to accommodate the new hole size. The cost of completing the well depends on the type 
of completion used, and this cost estimate is often made by the completion/production engineer.

On many wells, a large portion of the well cost may be related to unexpected drilling problems such as mud 
contamination, lost circulation, stuck drillstring, broken drillstring, or ruptured casing. These unforeseen costs 
cannot be predicted with accuracy and, in some cases, are not included in the original cost estimate. Requests for 
additional funds then must be submitted whenever a signifi cant problem is encountered. However, long-range 
economic decisions concerning a drilling program in a given area should include average well costs due to drilling 
problems. Table 1.4 shows an actual time distribution for operations in a deepwater well in the Gulf of Mexico. 
Fig. 1.46 is the graphical representation of the operation time distribution for the same well.

Problems

1.1  What are the major differences between percussion drilling and the modern rotary-drilling process?
1.2 List the classifi cation of wells according to their objective, trajectory, and environment.
1.3 List the main types of rotary-drilling rigs for onshore and offshore environments.
1.4 What are the main systems present in a drilling rig?
1.5 The following test data were obtained on a diesel engine. 
 (a)  Compute the brake horsepower at each engine speed.

Answer: 319.9, 295.1, 251.3, and 194.2 hp.
 (b)  Compute the overall engine effi ciency at each engine speed.

Answer: 0.235, 0.278, 0.297, and 0.298.
 (c)  Compute the fuel consumption in gallons/day for an average engine speed of 800 rev/min and a 

12-hour workday.
 Answer: 188.4 gal/D.
1.6  An intermediate casing string is to be cemented in place at a depth of 10,000 ft. The well contains 10.5 lbm/

gal mud when the casing string is placed on bottom. The cementing  operation is designed so that the 
10.5-lbm/gal mud will be displaced from the annulus by (1) 300 ft of 8.5 lbm/gal mud fl ush, (2) 1,700 ft of 
12.7 lbm/gal fi ller cement, and (3) 1,000 ft of 16.7 lbm/gal high-strength cement. The high-strength cement 
will be displaced from the casing with 9-lbm/gal brine. Calculate the pump pressure required to completely 
displace the cement from the casing.

   Answer: The complex well fl uid system is illustrated in Fig. 1.47. The hydrostatic pressure balance is 
written by starting at the known pressure and moving through the various fl uid sections to the point of the 
unknown pressure. When moving down through a section, DZ is positive, and the change in hydrostatic 
pressure is added to the known pressure; conversely, when moving up through a section, DZ is negative, 
and the change in hydrostatic pressure is subtracted from the known pressure.

1 0.05195(10.5 lbm/gal)(7,000 ft) 3,818 psigP

2 0.05195(8.5 lbm/gal)(300 ft) 132 psigP

3 0.05195(12.7 lbm/gal)(1,700 ft) 1,122 psigP

4 0.05195(16.7 lbm/gal)(1,000 ft) 868 psigP

5 0.05195(9 lbm/gal)( 10,000 ft) 4,676 psigP
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Pump pressure = åDP
i
 = 1,264 psig.

1.7  A very simple drilling cost formula (Bourgoyne 1986) to evaluate the effi ciency of a bit run can be writ-
ten by associating the depth interval drilled during the bit run, Ds, the rotating time during the bit run, 
t
rot

, the nonrotating time during the bit run, t
con

, and the trip time, t
tr
. This drilling formula is

bit rig rot con tr
br

C C t t t
C

s
,

where C
br

 is the drilling cost per unit depth, C
bit

 is the bit cost, and C
rig

 is the fi xed operating cost of the 
rig per unit time, independent of the alternatives being evaluated. The nonrotating time t

con
 is the time to 

connect new pipes to the drillstring as drilling progresses. On the basis of the information provided 
above, solve the following:

A recommended bit program is being prepared for a new well using bit-performance records from 
nearby wells. Drilling-performance records for three bits are shown for a thick limestone formation at 
9,000 ft. Determine which bit gives the lowest drilling cost if the operating cost of the rig is USD 2,300/
hr, the trip time is 7 hours, and the connection time is 2 minutes per connection. Assume that each of the 
bits is operated at near the minimum cost per foot attainable for that bit.

Bit
Bit Cost 
(USD)

Rotating Time 
(hours)

Connection Time 
(hours)

Mean Penetration
Rate (ft/hr) 

A 800 14.8 0.1 13.8

B 4,900 57.7 0.4 12.6

C 4,500 95.8 0.5 10.2

Answer: For Bit A, the cost per foot is:

800 400 14.8 0.1 7
46.8 USD/ft

13.8 14.8brC

Similarly for Bit B:

Atmospheric pressure

Pump pressure

10.5-lbm/gal

mud

8.5-lbm/gal

flush

9-lbm/gal

brine

7,000 ft

300 ft

12.7-lbm/gal

cement

16.7-lbm/gal

cement

1,700 ft

1,000 ft

Fig. 1.47—Complex well fl uid system.
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4,900 400 57.7 0.4 7
42.6 USD/ft

12.6 57.7brC

Finally, for Bit C:

4,500 400 95.8 0.5 7
46.9 USD/ft

10.2 95.8brC

Bit B with a cost of 42.6 USD per ft.
 1.8  Solve the problem presented in Example 1.2 (Section 1.5.2, “Hoisting System”) assuming the well is 14,880 

ft deep and the drilling fl uid has a density of 12 lbm/gal. In addition, assume that the BHA is composed of 
eight stands of 7×3-in. drill collars. All other variables remain the same.

 1.9  List the main parameters that should be controlled and measured by the well-monitoring system while 
drilling a well.

1.10 Explain the main characteristics of a DP system.
1.11  Repeat what was done in Example 1.7 (Section 1.7.1 “Drilling Cost Prediction”) using the following 

tables:

Well Order Cost (USD)

1 26,385,420

2 27,895,500

3 26,430,250

4 24,355,400

5 23,215,560

6 22,450,090

7 20,345,600

8 21,095,600

9 19,455,900

10 19,600,080

11 19,155,400

12 18,890,900

13 18,750,000

14 18,930,080

15 18,345,890

Well Order Cost (USD)

1 17,895,040

2 15,935,400

3 16,890,900

4 15,455,090

5 14,999,890

6 14,750,980

7 14,020,760

8 13,987,650

9 14,230,890

10 13,678,650

11 13,545,780

 Use Wells 10–15 for the fi rst table and Wells 7–11 for the second table. What cost range should be 
 expected, everything else being equal? What does the standard deviation tell you about the learning curve?
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Answer for the First Table: The average well cost is USD 18.9 million. Well cost should vary between 
approximately USD 19.1 million and USD 18.1 million. The standard deviation is approximately USD 
418,000, which is approximately 2.2% of the average total cost. We should not expect much cost 
 improvement.

Answer for the Second Table: The average well cost is USD 13.9 million. Well cost should vary between 
USD 13.3 million and USD 14.4 million. The standard deviation is USD 277,000, or  approximately 2.0% of 
the average total cost. Again, we should not expect much cost  improvement.

Nomenclature
 a

dc
 = constant used in curve-fi tting drilling cost vs. depth, USD

 a
lc
 =  constant used in “learning curve” drilling cost, USD

 b
dc

 = constant used in curve-fi tting drilling cost vs. depth, (1/L), 1/ft (1/m) 
 b

lc
 = constant used in “learning curve” drilling cost, dimensionless

 C
dc

 = estimated cost from curve-fi tting drilling cost vs. depth, USD
 C

bit
 = bit cost, USD

 C
br

 = drilling cost per unit depth for bit run, USD/ft (USD/m) 
 C

lc
= estimated well cost based on “learning curve” concepts, USD

 C
min 

 = minimum possible cost to drill a well, USD
 C

rig
 = fi xed operating cost of rig per unit time, USD/day 

 d
dpl

 = diameter of liner in duplex pump, (L), in. (cm) 
 d

dpr
 = diameter of rod in duplex pump, (L), in. (cm) 

 d
tpl

 = diameter of liner in triplex pump, (L), in. (cm)
 F

d
 = force on derrick, (mL/t2), lbf (N)

 F
fl 
 = force in fast line, (mL/t2), lbf (N) 

 F
dl
 = force in static line (dead line), (mL/t2), lbf (N) 

 F
tb
 = force (weight) carried by the traveling block, (mL/t2), lbf (N)

 g = gravity constant, (L/t2), lbf/lbm, (m/s2)
 H = heating value of fuel, (L2/t2), Btu/lbm (kJ/kg)
 K = friction factor, dimensionless
 L

dst
 = stroke length on duplex pump, (L), in. (cm) 

 L
tst

 = stroke length on triplex pump, (L), in.( cm) 
 MA

bt
 = real mechanical advantage of block-and-tackle system, dimensionless

 MA
bti

 = ideal mechanical advantage of frictionless system, dimensionless
 f

.
m  = mass rate of fuel consumption, (m/t), lbm/min (kg/s)

 N = number of data points in statistical analysis, dimensionless 
 N

L
= number of lines strung in block-and-tackle system, dimensionless

 N
Sh

= number of rolling sheaves (normally, N
Sh

 = N
L
) in block-and-tackle system, dimensionless

 N
tb
 = number of lines strung between crown block and traveling block, dimensionless

 n
w
 = well number (e.g., n

w
 = 10 means well number 10)

 P
sp

 = shaft power, (m2L/t3), hp (kW)
 P

h
 = output power (hook power) of block-and-tackle system, (m2L/t3), hp (kW)

 P
H
 = hydraulic power of a pump, (m2L/t3), hp (kW)

 P
bt
 = input power to block-and-tackle system, (m2L/t3), hp (kW)

 Q = heat input from fuel consumption, (m2L/t3), hp (kW) 
 s = measured depth, (L), ft (m) 
 s

i
 = initial drilled depth of bit run, (L), ft (m)

 t
con

 = nonrotating time (e.g., the time to connect new pipes to the drillstring)
 t

rot
 = rotating time during the bit run

st  = average time required to handle one stand of drillpipe during tripping operations
 t

tr
 = time of tripping operations required to change bit

 T = torque, (m2L/t2), ft-lbf (Nm)
 V

dbs
 = volume per stroke of back stroke of duplex pump, (L3), bbl/stroke (m3)

 V
dp

 = total volume per stroke of a duplex pump, (L3), bbl/stroke (m3)
 V

dfs
 = volume per forward stroke of duplex pump, (L3), bbl/stroke (m3)

 V
tst

 = volume per stroke of single cylinder of a triplex pump, (L3), bbl/stroke (m3)
 V

tp
 = total volume per stroke of a triplex pump, (L3), bbl/stroke (m3)
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 v
tb
 = velocity of traveling block, (L/s), ft/s (m/s)

 v
fl 
 = velocity of fast line, (L/s) , ft/s (m/s)

{x
i
,y

i
} = ith pair of numbers in a data set

 x  = average value of x
i
, i=1..N

 y  = average value of y
i
, i=1..N

 Z = true vertical depth, (L), ft (m)
 b

0
,b

1
 = coeffi cients for best straight line fi t to data {x

i
,y

i
}, i=1..N

 Dp = pressure change, (L/m-t2), psi (bar)
 Ds = change in measured depth, (L), ft (m)
 DZ = change in true vertical depth, (L), ft (m)
 r = density, (m/L3), ppg, (kg/m3)

h
bt
 = block-and-tackle effi ciency, dimensionless

h
sp

 = shaft power effi ciency, dimensionless
 h

dpv
 = volumetric effi ciency of a duplex pump, dimensionless

 h
tpv

 = volumetric effi ciency of a triplex pump, dimensionless
 j = angle of wellbore with the vertical, dimensionless, degrees (rad)

w = angular velocity, (1/t)

Subscripts
 bt  =  block-and-tackle
bti = deal block-and-tackle

 d  = derrick
dc = drilling cost estimate
dl = dead line
dp = duplex pump

dpl = duplex pump liner
dbs = duplex pump backward stroke
dfs = duplex pump forward stroke
dpr = duplex pump rod
dst = duplex pump stroke

 f = fuel
fl  = fast line

 h = hook
 H  = hydraulic

lc = learning curve
min = minimum
 r  = rig

sp = shaft power 
tb = traveling block
tp = triplex pump

tpl = triplex pump liner
tst = triplex pump stroke

 w = well

Abbreviations

AC alternating current
AFE authorization for expenditure
API American Petroleum Institute
BHA bottomhole assembly
BOP blowout preventer
DC direct current
DP dynamic positioning
EEIPS extra extra improved plow steel
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EIPS extra improved plow steel
IMO International Maritime Organization
IPS improved plow steel
IWRC independent wire rope core
MPS mild plow steel
MWD measurement while drilling
PS plow steel
ROV remotely operated vehicle
SCR silicon-controlled rectifi er
TLP tension-leg platform
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Appendix—Simple Statistics and Least-Squares Fit
Given a set of N data pairs{x

i
,y

i
}, the following formula, from Zwillinger (1996), gives the “best” fi t to this data:
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The variance and the standard deviation are calculated in the following way:
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where x  is the average value of x.
These formulas are easy to use on a spreadsheet, or you may have a math software package or spreadsheet that 

already has them programmed.

SI Metric Conversion Factors 
bbl ´ 1.589 873 E – 01 = m3

ft ´ 3.048* E – 01 = m
gal ´ 3.785 412 E – 03 = m3

gal/hr  ´ 3.785 412  E − 03 = m3/h
gal/min ´ 2.271 247  E − 01 = m3/h
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hp ´ 7.460 43 E – 01 = kW
in. ´ 2.54* E + 00 = cm
in.3 ´ 1.638 706 E + 01 = cm3

lbf ´ 4.448 222 E + 00 = N
lbm ´ 4.535 924 E – 01 = kg
mile ´ 1.609 344 E + 00 = km
psi ´ 6.894 757 E + 00 = kPa
ton-mile ´ 1.459 972 E + 00 = M kg-m
US ton ´ 0.907 185 E + 00 = Mg

*Conversion factor is exact.



Chapter 2

Introduction to Geomechanics 
in Drilling
Bernt S. Aadnoy, University of Stavanger

The objective of this chapter is to introduce the student to the basic concepts of geomechanics related to drilling, 
including wellbore stability in vertical and horizontal wells and the selection of suitable mud weight to enhance 
wellbore stability.

2.1 Borehole Stability Analysis for Vertical Wells
This chapter offers an introduction to geomechanics. It is divided into three sections; the fi rst two sections focus, 
fi rst, on vertical wells and, second, on inclined wells. The last section addresses general methodology, for more 
advanced analysis. The fi rst two sections will give the student basic knowledge because we study the simplest 
conditions. For deviated wells we must consider a 3D perspective, a more general and complex analysis. These 
issues are addressed in the last section. There are many aspects of geomechanics, including, for instance, rock 
mechanics and soil mechanics. For those who want to go deeper into the subject, there is a special reference sec-
tion of recommended reading at the end of the chapter. 

2.1.1 Description of the Pr oblem. Stability of boreholes became an important issue in the early 1980s when 
long, highly inclined wells were evolving, to be able to drain large reservoirs from single offshore platforms. 
Bradley (1979) is considered the person who introduced analytic borehole stability analysis to the oil industry. 
From that time, geomechanics has evolved as a petroleum discipline, and today a geomechanical analysis is of-
ten conducted for more complex wells, in order to reduce risk and cost. 

In this chapter we will focus on the understanding of the physics of borehole stability. One objective is to pro-
mote physical understanding. This is an introductory text to borehole mechanics seen from a drilling perspective. 
The major drilling challenge that relates to borehole mechanics is the stability of the wellbore. 

Several well problems often arise during drilling:

 • A circulation loss occurs when the volume of returned mud is less than the volume of mud pumped. Circu-
lation losses are unplanned events that usually must be resolved before drilling can continue. Circulation 
losses also may lead to loss of well control, resulting in a blowout, or lead to diffi culty in cleaning the bore-
hole, which may eventually lead to a stuck drillstring. One remedy is to reduce the mud weight. We will 
develop a fracturing model to analyze these problems.

 • Mechanical borehole collapse often occurs at low borehole pressures, such as happens with too low mud 
weight or during circulation losses or if the well is swabbed in while tripping pipe. The remedy is often to 
increase wellbore pressure, usually by increasing the mud weight.

 • Particularly in shales, chemical effects may induce hole enlargement or collapse. When water-based drilling 
fl uids are used, the shale may react with the mud fi ltrate (fl uid that penetrates the wellbore wall), deteriorating 
the borehole. Oil-based muds are often better on hole collapse, but more diffi cult if circulation losses arise.

There are many publications presenting various empirical correlations for borehole stability, mainly addressing 
fracturing. However, in the last decades an analytic approach has emerged, wherein the problems are analyzed 
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using the principles of classical mechanics. The advantage is that the various problems can be seen from a com-
mon reference frame. This chapter will provide an introduction to the mechanics approach. 

Fig. 2.1 illustrates some common drilling problems. The mud weight or the bottomhole pressures are often a com-
promise between well control and borehole stability. We will present methods to establish the optimum mud weight.

It is observed that 10–20% of the time spent on a well is due to unplanned events. These events often have a root 
in borehole stability. Knowing that the worldwide drilling budgets are many billion dollars, we understand there-
fore that borehole instability is a very costly problem. Table 2.1 shows the unplanned time spent on an exploration 
well in the North Sea.

The unplanned events in Table 2.1 are mostly related to borehole stability. Some wells have lower downtime, 
but if severe problems arise, they are often very time-consuming to solve. The average statistic must of course 
include problem wells.

2.1.2 Units and Equations. First we will defi ne our reference frames. Pressures are defi ned in terms of the hy-
drostatic head at a given depth, or

= .P g Z     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.1)

Here P is the wellbore pressure, ρ is the mud density, g is the gravity constant, and Z is the true vertical depth. The 
drilling industry uses the mud density as a reference. For simple comparison to the mud weight, we use equivalent 
density instead of pressure. Another advantage of the equivalent density is that it takes out the depth element. It is 
defi ned as

.
e
= P

gZ
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.2)

In metric units, the gradient equation becomes

,
e

(bar)
=

0.098 × (m)
(SG) P

Z
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.3)

where

water

e

e

The unit SG denotes specifi c gravity, the ratio of the actual density to the density of water. For most drilling ap-
plications, the gradient is preferred because it is depth-independent and can be directly compared to the static mud 
weight. However, during transient fl uid processes such as cement displacement and circulating out a kick, it is 
advised to use pressures instead of gradients.

Fig. 2.1—Typical borehole problems.

Mud loss 

Tight hole 

Hole cleaning 

Borehole collapse 

Formation fluids
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2.1.3 In-Situ Stresses. All rocks are subjected to stresses at any depth. It is a convention in the petroleum indus-
try to defi ne these stresses as follows:

• A vertical principal stress, usually the overburden stress σ
v
. This results from the cumulative weight of the 

sediments above a given point. Usually this is obtained from bulk density logs or from the density of cuttings.
 • Two principal horizontal stresses, the maximum horizontal stress σ

H
 and the minimum horizontal stress σ

h
. 

The magnitudes of these are obtained from leakoff data or other measurements.

Note that we use the sign convention of compressive stress as positive, a convenience since we usually are dealing 
with compressive stresses. We assume that these principal stresses are always vertical and horizontal. Further-
more, we assume the following stress states:

 • In a relaxed depositional-basin environment, the two horizontal stresses are smaller than the overburden 
stress, a so-called normal fault stress state: σ

h
 < σ

H
 < σ

v
. The two horizontal stresses are often similar and 

equal to 70–90% of the overburden stress.
 • Tectonic stresses may arise due to faulting or plate tectonics. Two different states may exist:

 ° Strike-slip fault stress state: σ
h
 < σ

v
 < σ

H

 ° Reverse fault stress state: σ
v
 < σ

h
 < σ

H

Most oil fi elds are located in sedimentary basins and are in normal fault stress states. This will form the basis for 
the following development. However, before looking at the actual borehole mechanics, we need to consider other 
properties of porous media. Regarding stresses, Terzaghi (1943) defi ned the effective stress principle: The total 
stress is the sum of the pore pressure and the stress in the rock matrix, or

σ
total

 = σ′+ P
pore

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.4)

where we have indicated the effective stress as σ′. This is illustrated in Fig. 2.2. Imagine that the total load on the 
wellbore wall is the mud pressure inside the borehole. This load is taken up by the stresses in the rock matrix plus the 
pore pressure. When we study failure of rock, we always compute the effective stresses, which apply to the rock itself.

Example 2.1—In-Situ Stresses.

1.  At a given depth in a sedimentary basin, the overburden stress is equal to 1.95 SG from density logs. From 
fracturing data, the horizontal stresses are defi ned as 1.75 and 1.77 SG. What type of stress state exists in 
this fi eld? Is this what you would expect in a sedimentary basin?

2.  Another well is drilled in a tectonic setting. The overburden stress is given as 1.81 SG, whereas the two 
horizontal stresses are estimated to be 1.92 and 1.64 SG. What stress state is this?

TABLE 2.1—EXAMPLE OF UNPLANNED EVENTS

Unplanned Event Time Used to Cure 

Tight hole, reaming                               0.3 days  
Squeeze cementing 2.5 days

Total time loss 5.6 days 
Percent of well time 5.6 days / 30 days = 19% 

Mud losses                                      2.5 days

Fishing                                          0.3 days

Fig. 2.2—Illustration of effective stresses.
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3.  If there is normal pore pressure in 1 and 2, compute the effective stresses, also called the rock matrix 
stresses.

Solution. 

1. The stress ratios are

1.75 SG 1.77 SG
0.90 0.91.

1.95 SG 1.95 SG
h H

v v

Because both stress ratios are smaller than 1, we have a normal fault stress state. This is the expected stress 
state in a sedimentary basin.

2.  Now the stress ratios are: 1.64 SG 1.92 SG0.91 1.06.1.81 SG 1.81 SG
h H

vv

In this case, one horizontal stress is smaller than the overburden stress, whereas the other horizontal stress 
is larger than the overburden stress. This is a strike/slip stress state, which may be caused by a tectonic 
event such as an earthquake.

3.  A normal pore pressure is often defi ned as the density of seawater, 1.03 SG. The effective stresses for 1 
and 2 are:

(1.75 1.03) SG 0.72 SG
0.78

(1.95 1.03) SG 0.92 SG
h

v    

1.77 1.03 SG 0.74 SG
0.80

1.95 1.03 SG 0.92 SG
H

v

(1.64 1.03) SG 0.61SG (1.92 1.03) SG 0.89 SG
= = = 0.78 = = = 1.14
(1.81 1.03) SG 0.78 SG (1.81 1.03) SG 0.78 SG

h H

v v

We observe that the stress ratios change values but are still within the defi nition of the stress states. The 
effective stresses are the stresses acting on the rock matrix when we exclude the pore pressure. Because 
we are concerned with failure of the rock matrix, we have to use effective stresses. This principle will be 
implemented in the borehole failure models that follow.

2.1.4 Pore Pressures. Sedimentary rocks are usually porous. The pores usually are fi lled with water, which is the 
most abundant fl uid. In oil and gas reservoirs, the water is locally replaced with hydrocarbons.

The pore pressure is an important parameter for several reasons. First, it is important for the production of hy-
drocarbons and for determining whether the reservoir can be produced naturally or if artifi cial lift is required. The 
pore pressure is also important for borehole stability because of the effective stress principle (Eq. 2.4).

In sedimentary rocks such as sandstones, the pore pressure can be measured directly with logging tools. How-
ever, shales are nearly impermeable, so there exist no direct methods to measure the pore pressure here. Instead, 
the pore pressure is inferred from drilling data and from various logs. The methods used are beyond the scope of 
this chapter, but the interested student is referred to Bourgoyne (1986), Chapter 6.

It should be noted that there is a large uncertainty in the pore pressure prediction of these indirect methods. In 
the reservoir, direct measurements are considered accurate. Because the pore pressure profi le has a direct bearing 
on the selection of the casing depths, the uncertainty should be understood. Remember also that if a homogeneous 
tight shale has a high pore pressure, it cannot fl ow and therefore cannot lead to a well-control incident. 

In general, a caprock is required to create overpressure. There are several different mechanisms that create ab-
normal pore pressures. Some mechanisms are

 • Buoyancy, where the lightest fl uid moves to the top and the heaviest to the bottom
 • Rock compaction of a closed volume
 • Consolidation effects
 • Chemical effects

The buoyancy effect is considered a dominating mechanism, and it is always present in a reservoir. In the fol-
lowing examples, we will explore the pressures throughout an oil and gas reservoir as shown in Fig. 2.3.
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Example 2.2—Pore Pressure From Measurements. Fig. 2.3 shows hydrocarbons trapped in a sandstone 
reservoir under an arch-shaped caprock. A well is drilled through the reservoir, and multiple pore pressure mea-
surements are made throughout the reservoir. There is full vertical communication throughout the reservoir, 
except through the caprock, which acts as a seal. Table 2.2 summarizes the pore pressure measurements. We 
will plot the data and evaluate the results. The results are shown in Fig. 2.4.

Caprock
Gas

Oil

Water

Fig. 2.3—Trapped hydrocarbons.

TABLE 2.2—PORE PRESSURE MEASUREMENTS 

Depth (m) Pressure (bar) Fluid 

1500 (151.4) (Caprock) 
1550 170.7 Gas 
1580 172 Gas 
1620 172.6 Gas 
1680 173 Oil 
1700 174.6 Oil 
1740 179.5 Oil 
1800 182.7 Oil 
1850 186.7 Water 
1900 191.8 Water 
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Fig. 2.4—Plots of measured pore pressures.
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Solution. Above 1500 m and below 1900 m, we assume a normal pore pressure. In the interval in between, 
hydrocarbons have migrated upward and are captured below the caprock. The pressure at any point in the reser-
voir is equal to the normal pressure below minus the weight of the hydrocarbons to the point of interest. As an 
example, the pore pressure at 1700 m is

= 0.098 ×1.03 SG ×1900 (m) 0.098 × 0.88 SG × [1900(m) 1700(m)] = 174.5 bar
o

P

This shows that the reservoir has overpressure below the caprock, but normal pressure at the bottom of the 
reservoir. During production, the water front moves upward, leading to reduced pore pressures above the water 
front.

Measured pore pressures are often missing, and we must rely on indirectly obtained pore pressures from logs. 
These are often uncertain because they are not calibrated. In the event that we have competent shales with negli-
gible permeability, zero fl ow potential may be assumed when evaluating the well-control risk.

Example 2.3—Pore Pressure. The gradient plot in Fig. 2.5 is from a well in the North Sea. Assume that the 
caprock is located at the 9⅝-in. casing point at 2350 m. Call this location point B. Furthermore, assume that there 
is vertical communication down to 2600 m. Call this location point A. 

1. Using the pore pressure data, calculate the density of the oil in the reservoir in this interval.
2.  Assume that the fl uid in the depth interval A–B is not oil, but condensate of density 0.5 SG. Compute the 

pore pressure in this interval for the new values of fl uid density. 

Solution.

1. From Fig. 2.5 the following pore pressure gradients are read:
 • 1.57 SG in point B at a depth of 2350 m
 • 1.50 SG in point A at a depth of 2600 m
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TVD (m)
TVD (m)

500

1000

1500

2000

2500

3000

18⅝-in.

30-in.

13⅜-in.

9⅝-in.

7-in.

Estimated reservoir pressure

Mud weight

Fracture

0   1.0  1.1  1.2  1.3  1.4  1.5  1.6 1.7  1.8 1.9  2.0
Formation type

500

1000

1500

2000

2500

3000

Balder
Rogaland

Statford
S5-LO1

L02-L10

Utsira

S
he

tla
nd

   
   

   
   

   
H

or
da

la
nd

   
   

   
   

   
  N

or
dl

an
d

B

A

Estimated virgin pore pressure

Fig. 2.5—Gradient plot from a well in the North Sea.
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The pressures at these positions are

= 0.098 × 1.57 SG × 2350 m = 361.6 bar

= 0.098 × 1.50 SG × 2600 m = 382.2 bar.
B

A

P

P

The difference in pressure is

382.2 bar 361.6 bar 20.6 bar.B AP P

This hydrostatic pressure reduction is caused by the weight of the oil column acting over the depth inter-
val. The relative density of the oil is then

20.6 bar 0.84 SG0.098 250 m0.098( )
B A

e
B A

P P
Z Z

2.  We assume the same gradient and pressure at point A as used above. The pressure here is 382.2 bar. If we 
assume condensate of 0.5 SG, the pressure at point B will be

= 382.2 bar 0.098 × 0.5 SG(2600 m 2350 m) = 370 bar.
B

P

This corresponds to a gradient of:

370 bar 1.61 SG
0.098 2350 me

2.1.5 Fracturing. In this section, we will present the borehole mechanics model used in the oil industry. The fi rst 
part assumes simple conditions, as found in relaxed sedimentary basins, such as equal horizontal in-situ stresses 
and also a vertical borehole. Later we will present more-complex scenarios.

There are two different mechanics approaches used in the oil industry:

 • Classical mechanics approach. We assume an infi nite plate with a hole in the middle. This hole represents 
the wellbore. (See Fig. 2.6.) For fracturing and collapse analysis during drilling, this is the method used.

 • Fracture mechanics approach, assuming that a fracture already exists. This is used in stimulation operations 
where massive fracturing and reservoir stimulation take place, and relates to boreholes that are already 
fractured. This will not be pursued in this chapter.

The plate in Fig. 2.6 is subjected to external loading defi ned by the in-situ stresses. The borehole is the hole in the 
middle. At the borehole wall, for the special case σ

H
 = σ

h
, three different stresses exist as illustrated in Fig. 2.7:

• The radial stress is given by the mud pressure:  σr = P
w
   . . . . . . . . . . . . . . . . . . . . . . . . . .   (2.5a)

• The tangential stress, or hoop stress:      σθ = 2σh – Pw   . . . . . . . . . . . . . . . . . . . .    (2.5b)

• The axial stress, or vertical stress:       σ
z
 = constant    . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.5c)

The tangential stress depends on the horizontal stress.The factor 2 is called a stress concentration factor and is due 
to the circular geometry of the borehole. If the borehole has an oval shape or some other noncircular shape, higher 
stress concentration factors often arise. If σ

H
 ≠ σ

h
, then σθ would vary with θ (we will learn more about this in 

Section 2.2.1). Also, observe that the borehole pressure directly affects the tangential stress.
For this special case, we observe from Eqs. 2.5a and 2.5b that the sum of the radial and tangential borehole 

stresses is constant. A consequence of this is that at high borehole pressures the tangential stress is low, whereas 
at low borehole pressure the tangential stress is high.
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Fig. 2.8 visualizes the effects of varying the borehole pressure. If the mud weight applies the same load as the 
stresses before the hole was drilled, there is no disturbance, as illustrated in Fig. 2.8a. If the borehole pressure is 
lower than the in-situ stresses, the borehole will shrink, or actually fail in collapse (Fig. 2.8b), because of the high 
hoop stress that is created with low borehole pressures. Finally, Fig. 2.8c illustrates that with a high borehole 
pressure, the hole will expand until it fails or fractures. 

Fig. 2.8 shows the expected fracture gradients for a relaxed depositional basin. In general, the fracture pressure 
increases with depth as the overburden stress and the horizontal stresses increase with depth. However, sometimes 
we encounter loss zones where this trend no longer applies. For deviated wells, the fracture gradient is expected to 
decrease with increased wellbore inclination, as shown in Fig. 2.8. At present, we will analyze vertical wells only; 
deviated wells will be covered later in this chapter.

When the borehole pressure is increased, the wellbore wall will eventually fail. Mud losses may occ ur through 
the resulting fracture. Borehole fracturing is a tensile failure, because the tangential stress goes into tension. 
Rocks generally have low tensile strength. Often tiny cracks and fi ssures exist in the rock body, or are created 
during the drilling operation. It is therefore a common assumption to neglect rock tensile strength. Fracturing is 
defi ned as the pressure at which the effective hoop stress is zero. For a vertical well with equal horizontal in-situ 
stresses,

σθ – P
o
 = 2σ

h
 – P

w
 – P

o
 = 0,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.6a)

or

P
wf

 = 2σ
h
 – P

o
.      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.6b)

For unequal horizontal in-situ stresses, the fracturing pressure becomes

P
w

σ
h

σ
H

Fig. 2.6—Classical mechanics approach: an infi nite plate with a hole in the middle [from Aadnoy (1996)].
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Fig. 2.7—Stresses acting on the borehole wall [from Aadnoy (1996)].
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σθ – P
o
 = 3σ

h
 – σ

H
 –  P

w
 – P

o
,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.7a)

or

P
wf

 = 3σ
h
 – σ

H
 – P

o
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.7b)

Example 2.4—Fracturing.

1.  Assume that we have a 1100-m-deep vertical well. At this depth, the overburden stress gradient is 1.9 SG, 
while the two horizontal stresses are 1.51 SG. There exists a normal pore pressure of 1.03 SG in the for-
mation. Determine the fracturing pressure for the borehole.

2.  Further interpretation of the well data reveals that the two horizontal stresses are actually different. Using 
the same overburden stress as above, but assuming that the horizontal stresses are equal to 1.61 and 1.45 
SG, respectively, compute the fracture pressure now. 

3.  Discuss the effect of anisotropic stresses–that is, equal horizontal stresses vs. different horizontal stresses. 
Which gives highest fracture pressure?

Solution. 

1. Using Eq. 2.6, the fracturing pressure is

P
wf

 = 2 × 1.51 SG – 1.03 SG = 1.99 SG.

2. The new fracture pressure becomes

P
wf

 = 3 × 1.45 SG – 1.61 SG – 1.03 SG = 1.71 SG.

3. I n the discussion, include if a difference in stresses leads to a lower fracture gradient. Conversely, do equal 
in-situ stresses lead to a stronger well?

Often we perform a leakoff test (LOT) or a formation integrity test after each casing string is cemented in 
place. The purpose is to ensure that the formation is suffi ciently strong, and that the cement has suffi cient in-
tegrity such that the next section can be drilled. This leakoff test is our main parameter to estimate the magni-
tude of the in-situ stresses. 

Fig. 2.9 shows the general trends for the fracture gradient in a depositional basin. The fracturing pressure in-
creases with depth, and it decreases with borehole inclination. The reason for the latter is that the in-situ stresses 
are different. For a vertical well, there are two nearly equal horizontal stresses acting on the wellbore. For a hori-
zontal well, the overburden stress and the horizontal stress are acting on the borehole, creating an anisotropic 
stress state.

The LOT. This pressure test is very important for the drilling of wells. After each casing is installed and ce-
mented in place, a hydraulic test is performed. This is called the LOT. To allow further drilling, this must show 
adequate hole strength to drill the next openhole section. When the cement is hardened around the casing, the 
casing shoe is drilled 4–6 m into the new formation below the shoe. Then the well is shut in and the borehole is 
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tight hole

Hole enlargement
or fracturing

(a) Mud weight equal to
the horizontal stress

(b) Mud weight lower than
the horizontal stress   

(c) Mud weight higher than
the horizontal stress   

Fig. 2.8—Borehole response to borehole pressure.
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pressurized, usually using the cement pump. The pressure that builds up in the annulus is shown in Fig. 2.10. The 
initial linear slope is due to the compressibility of the drilling fl uids in the borehole. When the pressure buildup 
deviates from the straight line, we assume that a fracture initiates in the borehole wall. This is commonly defi ned 
as the LOT point. Beyond this point, the pump is stopped and the pressure drop is observed. It is common to as-
sume that the point where the pressure curve changes slope indicates the minimum horizontal stress; however, this 
interpretation is debated.

The Optimal Mud Weight. In a typical well, we have a pore pressure prognosis, an overburden stress progno-
sis, and several LOT data. To develop this information into a predictive tool, we must estimate the horizontal 
stresses. From Eq. 2.6, we obtain

h wf o
P P1= ( + ).

2
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (2.8)

With the assumptions given, the horizontal stress is actually the midpoint between the fracture pressure and the 
pore pressure. For this reason, it is often called the median-line principle. Fig. 2.11 shows an example. The oil 
industry has commonly used a mud weight barely exceeding the pore pressure, as shown in the left stepped curve 
in Fig. 2.11. When borehole stability analysis became invoked, a high mud weight like the right stepped curve was 
often recommended to reduce the tangential stress and, hence, the collapse potential of the well. This often led to 
fl uid-loss problems instead. The middle stepped curve gave better results because it is based on the idea of mini-
mum disturbance of the stresses acting on the borehole. This is explained in the following.

Before the well was drilled, a horizontal stress state σ
h
 existed in the rock. During drilling, the rock that was in 

the hole is replaced with drilling mud. If the drilling mud creates the same stress, there is no disturbance in 
stresses. However, a lower mud weight sets up a compressive tangential stress, and a higher mud weight sets up a 
lower tangential stress. A mud weight equal to the horizontal stress level is actually the optimal mud weight for 
the well. We therefore often start a new well program using the median-line principle for mud weight. This mud 
weight must be modifi ed for several reasons:

 • The mud density in a well section is constant, but the stresses and pore pressure change with depth. The mud 
weight is therefore a compromise over a depth interval.

 • Wells often have potential fl uid-loss zones. The mud weight selection must consider this.
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Fig. 2.9—Fracture gradients for relaxed depositional basin [from Aadnoy (1996)].
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 • In directional wells, differential sticking (higher wellbore pressure presses the drillstring against lower pore 
pressure) can result in a stuck drillstring. This risk can be reduced by reducing the mud weight.

 • In exploration wells, sometimes the mud weight is kept close to the pore pressure (tagging the pore pres-
sure). This is one method to establish a more correct pore pressure curve than the prognosis.

 • Mud cost may be of concern.

Fig. 2.11 shows three mud weight selection principles: low mud weight, median-line mud weight, and high mud 
weight. Recent experience favors the median-line method. 

The median-line principle is a simple tool to establish an optimal mud-weight schedule, taking into account the 
concerns discussed above. Aadnoy (1996) reports a reduction in tight holes and backreaming after invoking this 
principle. 

Example 2.5—Optimal Mud Weight. Fig. 2.12 shows a pressure gradient prognosis for a well. There are two 
sand stringers, and it has a sand reservoir. The rest of the borehole consists of shales. Assuming a relaxed deposi-
tional basin, do the following:

1. Draw a curve that estimates the horizontal stress level.
2.  In the interval between the two casing points, suggest a mud weight profi le. Lists concerns that add con-

straints to this plan. 

Solution.

1.  Draw a fi gure similar to Fig. 2.9 using Fig. 2.10. The horizontal stress estimate is the midpoint between 
the fracturing curve and the pore pressure curve.

2.  The mud weight should not be changed continuously. From a practical perspective, the mud engineer may 
increase mud weight every 4–6 hours. Propose 3 to 4 mud weight increases in the interval. At the top of 
the new well section, it is common to start with a mud weight below the median line for two reasons. A 
low mud weight gives a longer pressure increase in the LOT plot of Fig. 2.8, leading to better interpreta-
tion, and a gradual increase from a lower mud weight will gradually expand the borehole, possibly leading 
to less tight hole. In a deviated well, hole cleaning and stuck pipe are of particular concern. Two permeable 
sand stringers are exposed in the interval. For a given inclination, the upper is most critical because the 
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pore pressure is lowest. Here the highest differential pressure between the mud pressure and the pore pres-
sure will arise. In these cases, we must consider the highest allowable mud weight to avoid differential 
sticking. Other remedies include using small and lightweight drilling assemblies and a thin mud cake.

2.1.6 Borehole Collapse. Borehole collapse typically takes place at lower borehole pressures. The high stress 
contrast between the high hoop stress and the low borehole pressures gives rise to a high shear stress. Therefore, 
collapse is defi ned as a shear failure.

Sometimes tight holes occur, which may require frequent wiper trips or reaming. This can, in certain wells, lead 
to stuck drillstring or diffi culties in landing the casing string. There are many reasons for a tight hole; for example, 
dogleg severity (high wellbore curvature) can contribute, or simply inward creep of the borehole wall, also aided 
by shale swelling.

Most boreholes will enlarge over time. This is often a time-dependent collapse phenomenon. Problems caused by 
hole enlargement include diffi culties in removing rock fragments and drilled cuttings from the borehole, or a reduced 
quality of the logging operation or cement placement behind casing strings. It is important to understand that a tight 
hole and borehole collapse are similar events; in one case, the hole may yield, while in the latter case, an abrupt fail-
ure may occur. If rock cavings are seen in the mud returns, the correcting action is usually to increase the mud weight, 
thereby reducing the hoop stress.

Fig. 2.13 shows a typical collapse failure. The shear failure planes are curved because of the circular geometry 
of the hole. As shown in Fig. 2.13a, the shear planes connect, resulting in rock fragments falling into the borehole.

If the external borehole stresses are equal, the collapsed hole will retain a circular shape, as seen in Fig. 2.13b. 
However, if the stresses are different, an elongated borehole will result. For a vertical well, the longer hole axis 
will point in the direction of the minimum in-situ stress. This is often used as a method to assess the direction of 
the minimum horizontal stress from caliper logs, and it is called breakout analysis. This method usually is not 
applied for deviated wells because it is believed that the drillstring rotation may provide an upward bias for an 
elongated borehole.

Shear Failure. Before analyzing borehole collapse, we must defi ne the failure mechanism, which is a shear 
failure. Strength data are obtained from cores as shown in Fig. 2.14. Core samples are subjected to a constant 
confi ning pressure and loaded axially until they fail. This process is repeated for various confi ning pressures. The 
failure behavior depends on the loading state—that is, the confi ning pressure level. An example of such laboratory 
tests is shown in Table 2.3.

There are many details that must be considered when testing core plugs. This discussion will not be pursued 
here, but the reader is referred to Cook and Edwards (2009). For a given rock plug test, the data from the test are 
the maximum compressive stress; the minimum stress, which is the confi ning pressure; and the pore pressure in-
side the plug. Here we will show how these pressures are used for modeling.

The failure data from Table 2.3 are plotted in Fig. 2.15. Six core plugs are tested to failure for various confi ning 
pressures. We show the data in a Mohr-Coulomb plot. Along the horizontal axis, the failure and the confi ning 
pressure for each test are marked, and a circle is made between these points. A line is drawn on top of all circles. 
This is the failure line, which we will use in our collapse analysis.
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Fig. 2.12—Pressure gradient prognosis.
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If the stress state for an application falls below the failure line, the specimen is intact. However, crossing the 
failure line, the specimen will fail. The laboratory-obtained data from Table 2.3 can be modeled with many 
other failure models. We will restrict the discussion to the most common model.

The Mohr-Coulomb Shear Model. In a 2D stress state, the stresses can be described by means of Mohr’s cir-
cle. This is done by constructing a circle with a diameter equal to the difference between the maximum and the 
minimum stress at failure. 

The Mohr-Coulomb failure model is this failure line, which mathematically can be expressed as

τ = τ
0
 + σ′ tan ϕ.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.9)

The failure line is established from laboratory-obtained data as shown above. To apply this failure model to a well, 
we must derive expressions for the stresses acting on the wellbore. Fig. 2.16 shows the stresses at failure.

In the Fig. 2.16, we use effective stresses. Inspection of the fi gure reveals that the coordinates (τ, σ′) at failure 
are defi ned by the following equations:

1 3
.1= ( ) cos

2
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.10a)

1 3 1 3

1 1( ) ( )
22

sin .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.10b)

The models above are expressed in terms of principal stresses. The maximum principal stress is the tangential stress 
and the minimum principal stress is the wellbore pressure. The derivation will be shown later. Inserting Eq. 2.10 into 
the Mohr-Coulomb failure model, Eq. 2.9, and the borehole stresses from Eq. 2.5 (equal horizontal stresses), results 
in the following equation for the critical collapse pressure:

(a) Rock falling off the borehole wall 

(b) Collapsed shape if stresses are equal (c) Collapsed shape if stresses are different

σh = σH

σh = σH

σh 

σH

Fig. 2.13—Collapse of borehole wall.
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0(1 sin ) cos sin .wc h oP P      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.11)

The Mohr-Coulomb model contains two material properties. The angle ϕ is defi ned as the angle of internal fric-
tion. Sandstone, for example, will exhibit friction along a shear plane because the grains will restrict motion. This 
is true whether the sand grains are cemented or not. The cohesive strength τ

0
, on the other hand, refl ects the degree 

of cementation of the material. 
Although simple, Eq. 2.11 shows the interrelationships that cause mechanical wellbore collapse. A high forma-

tion stress and a high pore pressure induce collapse. High cohesive strength or the cementation of the rock actually 
resists collapse. Loose sands have no cohesive strength and therefore have a high collapse pressure. Therefore, the 
borehole might be subjected to sand production. A high angle of internal friction also opposes collapse.

The fracture angle on the plug specimen shown in Fig. 2.16 can be determined from the following expression:

TABLE 2.3—TRIAXIAL STRENGTH DATA FOR LEUDERS LIMESTONE

Test No. Confining Pressure,  3 (bar) Yield Strength,  1 (bar)

 096 0 1
 297 14 2
 839 96 3
 9601 831 4
 8421 702 5
 8441 013 6

σ σ

Fig. 2.14—Shear strength from core samples [from Aadnoy (1996)].
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Fig. 2.15—Mohr-Coulomb failure model for data of Table 2.3 [from Aadnoy (1996)].
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2
45 .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.12)

We will show the mechanisms that lead to mechanical hole collapse by referring to the three borehole stresses 
given in Eq. 2.5. Because we are considering porous media, we will defi ne them in terms of effective stresses:

Radial effective stress:      σ
r
′ = P

w
 – P

o
 .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.13a)

Tangential effective stress:   σθ′ = 2σ
h
 – P

w
 – P

o  
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.13b)

Vertical effective stress:     σ
v
′ = σ

v
 – P

o  
.   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.13c)

Example 2.6—Stresses on the Borehole Wall. Plot the radial, the tangential, and the vertical stress for the fol-
lowing stress state:

σ
h
 = 1.5 SG, σ

v
 = 1.7 SG, P

o
 = 1.03 SG

Solution. Inserting these data into Eq. 2.13 results in the data shown in Table 2.4; these data are furthermore 
plotted in Fig. 2.17.

We observe from Example 2.6 that the vertical (axial) stress component is constant regardless of the borehole 
pressure, while the radial and tangential stresses vary with the borehole pressure. Of course, the radial stress is 
given by the borehole pressure itself, so the key parameter is the tangential stress, or the hoop stress. In the fol-
lowing, we will illustrate how these stresses relate to failure of the borehole.

At low borehole pressure, the difference between the radial and the tangential effective stresses controls failure 
because this stress contrast gives rise to shear stresses. We see that for the lowest borehole pressure gradient (P

w1
), 

this difference is largest. At P
w2

, the difference is smaller, but we observe that at high pressures (P
w3

), the stress 
difference again increases. But here the borehole fails in a tensile mode. Fracturing is a tensile failure.

The three cases from Fig. 2.17 are shown in a Mohr-Coulomb plot in Fig. 2.18. The straight line is a failure 
envelope obtained from triaxial testing of cores. We see that P

w2
 and P

w3
 are well below the failure envelope, and 

τ
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½(σ1′+σ3′)

½(σ 1′−
σ 3′

)
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φ

(τ, σ′)

σ′
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σ3′

σ1′

σ1′σ3′

Fig. 2.16—Stresses at failure for the Mohr-Coulomb failure model [from Aadnoy (1996)].

TABLE 2.4—EFFECTIVE STRESSES FOR VARIOUS MUD WEIGHTS

Borehole pressure gradient (SG) Pw1 = 1.1 Pw2 = 1.4 Pw3 = 1.75 

Radial effective stress 0.07 0.37 0.72 
Tangential effective stress 0.87 0.57 0.22 
Vertical effective stress 0.67 0.67 0.67 
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the hole should therefore be stable for these borehole pressures. However, P
w1

 approaches the failure envelope, 
and at this point the stress loading is equal to the strength of the rock. The borehole will fail at this point.

Example 2.7—Borehole Collapse. A vertical well is subjected to equal horizontal stresses. The following data 
apply:

Horizontal stress:          1.5 SG

Pore pressure:       1.03 SG

Angle of internal friction:  30°

Rock cohesive strength:     0.4 SG
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Fig. 2.17—Stresses on the wellbore wall [from Aadnoy (1996)].
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1. Compute the critical collapse pressure for the wellbore.
2.  During drilling, one observes that the rock is not consolidated, because sand particles drop out of the 

wellbore wall. Compute the critical collapse pressure now.

Solution. This problem has equal horizontal in-situ stresses. For this case, Eq. 2.11 can be used to predict the 
critical collapse pressure.

1. The critical collapse pressure is with the data given:

1.5(1 sin 30 ) 0.4 cos 30 1.03sin 30 0.92 SG.wcP

2.  If the rock is not consolidated, the cohesive strength is zero. The critical collapse pressure now becomes:

1.5(1 sin 30 ) 1.03sin 30 1.27 SG.wcP

This example illustrates the importance of the degree of consolidation of the rock. When there is no cementa-
tion, the well will collapse at a higher pressure than for a consolidated rock. Sand production during production 
is similar to wellbore collapse and can be analyzed the same way.

Interpretation of Caliper Logs. We have just shown that the borehole pressure plays a key role in collapse 
failures of boreholes. Often the remedy is to increase the borehole pressure—that is, to lower the shear stress as 
shown in Fig. 2.17. We also have briefl y introduced the elements of stresses and rock strength. Unfortunately, 
often we do not have suffi cient stress and rock strength information to perform a detailed collapse analysis.

However, we have many caliper logs from boreholes, showing hole enlargement. In this chapter, we will take 
advantage of these to analyze the fi eld data in an empirical way. First, we will analyze a vertical exploration well 
in the southern North Sea.

Example 2.8—Exploration Well. During drilling of a vertical exploration well, some borehole collapse took 
place. Although the collapse was not very pronounced, there was diffi culty landing the production casing and the 
liner. Remedial work such as reaming, hole cleaning, and under-reaming took considerable time before the well 
was successfully fi nished.

Fig. 2.19 shows the information for the well. We observe that the 12¼-in. hole section is abnormally long, 2000 
m. Also, there is normal pore pressure down to 2800 m. The well has a low pore pressure gradient profi le. Also 
shown are the mud weights used, the overburden stress gradient obtained from integration of density logs, and the 
measured leakoff values below each casing shoe.

(a) Pressure gradients                                                     (b) Hoop stress function and caliper log 
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Fig. 2.19—Pressure gradients and caliper log for the exploration well.
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Solution. In the foregoing, we have seen that the well will reach a critical pressure and collapse as the mud 
weight is lowered, and we have seen that the tangential (or hoop) stress is the key parameter. We will now cal-
culate the hoop stress for this well and correlate with the caliper log. We will use the results of an analysis of the 
well, which concluded that the horizontal stress level is approximately 80% of the overburden stress for this 
well. The effective stresses from Eq. 2.13 can then be written

σ
r
′ = P

w
 – P

o
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.14a)

σθ′ = 2σ
h
 – P

w
 – P

o
 = 2 × 0.8 × σ

v
 – P

w
 – P

o
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.14b)

σ
v
′ = σ

v
 – P

o
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.14c)

We want to depth-normalize the data. For example, if we calculate the effective hoop stress and divide by the 
effective overburden stress, we expect a vertical trend. This ratio can be obtained from Eq. 2.14, as follows:

2 0.8
.v w o

v ov

P P
P

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.15)

Fig. 2.19 shows Eq. 2.15 plotted using the fi eld data. Also, the caliper log is shown. We observe that there is a 
very good correlation as the hole is collapsed for σθ′/σv

′ > 1, but the hole is basically in gauge if this ratio is lower. 
At the bottom of the 12¼-in. section of Fig. 2.19, we observe that the mud weight has been increased. The result 
is an in-gauge hole. However, in the 8½-in. section, the mud weight was temporarily reduced, and some collapse 
took place. Maintaining a higher mud weight for the remainder of the drilling operation resulted in an in-gauge 
hole.

From the evaluation of Fig. 2.19, we can state that the critical collapse pressure was reached when σθ′/σv
′ = 1. 

Solving Eq. 2.15 for this condition results in

P
wc

 = 0.6σ
v
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.16)

Actually, the solution to this evaluation of this particular well is that the mud weight should be higher than 60% 
of the overburden stress. This curve is shown in Fig. 2.20. It is seen that only a slight increase in mud weight 
would probably have resulted in a more in-gauge hole. Also, from Fig. 2.20 we see that the overburden stress 
gradient is systematically increasing with depth, which also is refl ected in the horizontal stress state. The mud 
weight, however, is kept nearly constant, which implies that the shear stress acting on the hole wall is increasing 
with depth. 

Minimum mud weight
Actual mud weight used

1000

2000

3000

1.0               1.5              2.0
Gradients, SG

D
e
p

t
h

,
 
m

Fig. 2.20—Results of the analysis showing critical mud weight to avoid collapse.
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Inspection of Fig. 2.19a indicates that when the external loading (the in-situ stresses) increases with depth, the 
mud weight should be increased correspondingly. When maintaining a constant mud weight with depth the tan-
gential stress is increasing, leading to collapse of the borehole wall. 

2.1.7 Water-Based vs. Oil-Based Drilling Fluids. These two types of drilling fl uids have very different behav-
ior. In recent years, the oil-based drilling fl uid has gained popularity, but the present environmental movement 
brings water-based drilling fl uids back. They both have their advantages and disadvantages as briefl y discussed 
here.

Water-based drilling fl uids use water as the continuous phase. Additives are used to change density and viscos-
ity and to control fi ltrate losses. Also, chemical compatibility with the rock is important. Water-based drilling 
fl uids are cheap. They also are good for curing mud losses. By pumping coarse bridging materials (called lost-
circulation material), mud losses often are cured. It is believed that the main mechanism is that in water-wet for-
mations, fi ltrate losses occur, leaving dense particles in the mud in the fracture. The main disadvantage with 
water-based drilling fl uids is that they are reactive to clays and lead to time-dependent borehole problems. The 
hole size often increases with time in shales.

Oil-based drilling fl uids use oil as the continuous phase. Lower well friction is one of the advantages with oil-
based drilling fl uids. They are therefore often used in long-reach wells where friction is a critical parameter. Usu-
ally the borehole does not show time-dependent deterioration as with water-based fl uids. The capillary pressure 
prevents oil from invading a water-wet rock.

There is, however, one disadvantage with oil-based drilling fl uids. If circulation losses arise during drilling, it 
is often diffi cult to stop the losses. A severe loss situation can be quite time-consuming to cure. One main mech-
anism is that there is little or no fi ltrate loss toward the water-wet rock, such that the drilling-fl uid viscosity will 
not increase and the oil-based mud will continue opening the fracture.

2.2 Borehole Stability Analysis for Inclined Wells
We have so far discussed vertical wells. Many wells today are deviated. This complicates the picture, which is 
now three-dimensional, and one has to properly account for the effects of wellbore deviation. In the following 
sections, the general methodology will be presented. We will fi rst defi ne the general equations for stresses around 
a borehole.

2.2.1 The Kirsch Equations. In the previous derivation, we have studied the stresses at the borehole wall. Now 
we will investigate the stress state in the rock formation. The following equations defi ne this (Aadnoy and Chen-
evert 1987):
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2 2

222 ( ) cos 2 4 sin 2z zz x y x y
a a

rr
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.17c)

4 2

4 2
1 ( ) sin 2 cos 2 1 3 2
2r x y x y

a a
r r

.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.17d)

2

2cos sin 1r z x z y z
a
r .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.17e)
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2

2cos sin 1z x z y z
a
r

.      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.17f)

At the borehole wall (r = a), the above equations reduce to

Radial stress:

σ
r
 = P

w
.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.18a)

Tangential stress:

σθ = σ
x
 + σ

y
 – P

w
 – 2 (σ

x
 – σ

y
)cos 2θ – 4τ

xy
 sin 2θ.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.18b)

Axial stress, plane strain:

σ
z
 = σ

z
 – 2ν(σ

x
 – σ

y
)cos 2θ – 4nτ

xy
 sin 2θ.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.18c)

Axial stress, plane stress:

σ
z
 = σ

zz
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.18d)

Shear stress:

2( cos sin ).z yz xz      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (2.18e)

0.
rz r

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.18f)

Eq. 2.18 is used for most borehole stability analysis because the formation fails at the borehole wall. That is, the 
stresses are usually highest on the borehole wall, so therefore it will fail here fi rst. The plane stress solution (ver-
tical stresses remain constant) for the axial stress usually is used because of simplicity. The difference between the 
plane stress and plane strain solutions (wellbore displaces only in the horizontal plane) is usually negligible.

Example 2.9—Stresses Into the Formation. Assume that σ
x
 = σ

y
 and τ

xy
 = τ

xz
 = τ

yz
 = 0. Plot the stresses from 

Eq. 2.17 for various r/a ratios. At what r/a ratio is the borehole no longer affecting the in-situ stresses?
Solution. Note the symmetry between the radial and the tangential stresses. The effect of the borehole dimin-

ishes for the r/a ratio between 5 and 10. We usually state that the stress concentration effect of the borehole ex-
tends 5 radii into the rock.

2.2.2 Deviated Boreholes and Stresses in Three Dimensions. Deviated boreholes are in general subjected to a 
more complex stress state than vertical wells, even in a sedimentary basin. The reason is that if horizontal stresses 
are equal for a vertical well, the stresses normal to the hole will change when the well becomes inclined.

In applications of the Kirsch equations given above, often one assumes a horizontal and vertical  in-situ stress 
fi eld. The borehole, however, may take any orientation. Therefore, one must defi ne equations to transform the in-
situ stresses to the orientation of the borehole.

It is common in the oil industry to assume three principal in-situ stresses: the vertical or overburden stress σ
v 
,

and the maximum and minimum horizontal stresses, σ
H
 and σ

h
. Fig. 2.21 shows the most important stresses. The 

input stresses are the in-situ stresses σ
v 
, σ

H 
, and σ

h 
. Because the borehole may take any orientation, these stress 

must be transformed to a new coordinate system, x, y, z, where we observe stresses as σ
x 
, σ

y 
, σ

z 
. The directions of 

the new stress components are given by the borehole inclination from vertical, φ, the geographical azimuth, α, and 
the position on the borehole wall from the x axis, θ. One of the properties of this transformation is that the y axis 
is always parallel to the plane formed by σ

H
 and σ

h
.

The following equations defi ne all transformed stress components:

2 2 2 2cos sin cos sin .x H h v
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.19a)

2 2( sin cos ).y H h
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.19b)

2 2 2 2( cos sin ) sin cos .z H h v
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.19c)
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1
2

( ) sin 2 sin .
yz h H

     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.19d)

2 21 ( )
2

cos sin sin 2 .xz H h v     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.19e)

1
2

( ) sin 2 cos .xy h H     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.19f)

With this, all equations are defi ned that are required to analyze failures of boreholes. This analysis will be dem-
onstrated in the following example.

Example 2.10—Stress Transformations. Using the stress transformation equations from Eq. 2.19, do the fol-
lowing:

1.  Assume that the two horizontal in-situ stresses are equal. Write the resulting equations. See if any shear 
components disappear. Also, see if the stress state becomes independent of the azimuth.

2.  Defi ne all three principal in-situ stresses as equal. Write the resulting equations. Is there any directional 
dependence on azimuth and inclination? What would you call this stress state?

Solution.

1. Letting σ
h
 = σ

H 
, Eq. 2.19 becomes

2 2

2 2

cos sin

sin cos
0

( )sin 2

x h v

y h

z h v

yz xy

xz h v

The stress state is isotropic in the horizontal plane. We observe that the transformed stresses are no longer dependent 
on the azimuth of the borehole. This is the simplest case in a relaxed depositional basin, where the borehole stability 
is the same in all geographical directions for a given wellbore inclination.

vσ hσ  

Hσ  

ϕ

α

xσ  

yσ  

zσ  

θ  

Fig. 2.21—Orientation of borehole relative to the in-situ stresses.
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2. If σ
h
 = σ

H
 = σ

v 
, Eq. 2.19 reduces to

0 .

x h

y h

z h

yz xz xy

This is a fully hydrostatic stress state, equal to a static fl uid pressure acting equally in all directions. For deeper 
parts of the Earth’s crust, this stress state is called lithostatic. However, at shallower parts of the crust where hy-
drocarbons are found, this stress state rarely exists.

2.3 General Methodology for Analysis of Wellbore Stability
In this section, the general methodology for borehole stability analysis will be presented for both fracturing and 
collapse. This is valid for all stress states (normal, strike-slip, and reverse) and for all borehole orientations.

The calculation procedure is as follows:

 • Calculate the stresses in the direction of the borehole. 
 • Insert these data into the borehole stress equations.
 • Determine the point on the borehole wall where failure will occur.
 • Implement a failure model.
 • Compute borehole pressure at failure.

In the following sections, the general methodology for failure analysis will be presented both for fracturing and 
collapse.

Assuming that we know the in-situ stress state, we must transform these to the orientation of the borehole by using 
Eq. 2.19. The transformed stresses may then be inserted into the stress equations (Eq. 2.18).

Now we have expressions for the stresses at the borehole wall, or the stress state in the adjacent formation. Usu-
ally the borehole pressure is unknown at this stage. The object is often to determine the critical pressure that leads 
to failure of the borehole.

2.3.1 Principal Borehole Stresses. To solve for the critical pressure, the stresses discussed above are inserted 
into the failure criteria for the borehole. Remember, however, to use effective stresses by subtracting the pore 
pressure. This applies only for normal stresses, not for shear stresses. 

The borehole wall is subjected to normal stresses and shear stresses. It is common to fi nd the maximum normal 
stress by defi ning a direction (plane) where the shear stresses vanish. The resulting stresses are called principal 
stresses. At the borehole wall, these are

1 wP     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.20a)

2 2

2
11
22

( ) ( ) 4z z z     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.20b)

2 2

3
1 1( ) ( ) .
2 2

4z z z

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.20c)

After calculating the principal stresses above, the subscripts are often interchanged such that 1 always refers to 
the maximum compressive principal stress, 2 to the intermediate, and 3 to the least principal stress. Typical prin-
cipal stresses are

Fracturing:  
1 wP

2 2

3
1 ( ) .
2

1 ( ) 4
2z z z      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.21a)

Collapse:      2 2

1

11 ( ) ( ) 4 .
2 2z z z

   

3
.

w
P  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.21b)
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2.3.2 Borehole Fracturing. The borehole will fracture when the minimum effective principal stress reaches the 
tensile rock strength σ

t
. This is expressed as

33
.o tP     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.22)

Inserting Eq. 2.21a into Eq. 2.22, the critical tangential stress is given by

2

.
z

o t
z t o

P
P     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (2.23)

Inserting the equation for the tangential stress, Eq. 2.18b, the critical borehole pressure is given by

2

2( ) cos 2 4 sin 2 .z

w x y x y xy o t

z t o

P P
P

     . . . . . . . . . . . . . . . . . . . . .   (2.24)

There is another unknown for the general case. The fracture may not arise in the direction of the x or y axis 
because of shear effects. To resolve this issue, Eq. 2.24 is differentiated to defi ne the extreme conditions (dP

w  
/

dθ = 0).
The normal stresses are in general much larger than the shear stresses. Neglecting second-order terms, Eq. 2.25 

defi nes the position on the borehole wall for the fracture:

2
.tan 2

( )
xy

x y

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.25)

The fi nal fracture equation is obtained by inserting the angle from Eq. 2.25 into Eq. 2.24.
The general fracturing equation is now defi ned. It is valid for all cases, arbitrary directions, and anisotropic 

stresses, but must in general be solved by numerical methods.
If symmetric conditions exist, all shear stress components may vanish. In these cases, the fracture may take 

place at one of the following conditions: σ
H
 = σ

h
; γ = 0°; α = 0°, 90°. It is also common to assume that the rock 

has zero tensile strength because it may contain cracks or fi ssures. Inserting these conditions, the fracturing equa-
tion becomes

3w x y o tP P  for σ
x
 < σ

y
 and θ = 90°,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.26a)

3w y x o tP P
 

for σ
y
 < σ

x
 and θ = 0°.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.26b)

These equations simply say that a fracture will initiate normal to the least stress and will propagate in the direction 
of the largest normal stress. 

Also, observe that assuming a maximum and a minimum stress normal to the borehole wall and vanishing shear 
stresses, the general fracturing equation becomes

min max .3w o tP P     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.27)

Example 2.11—Fracture Pressure vs. Borehole Inclination. Assume that the following data exist for a well:

Overburden stress:  σ
v
 = 100 bar

Horizontal stress: σ
H
 = σ

h
 = 90 bar

Pore pressure: P
o
 = 50 bar

Borehole inclination: φ = 40°
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Borehole azimuth: α = 165°

Tensile rock strength: σ
t
 = 0

Rock Poisson’s ratio: ν = 0.25

Determine the fracture pressure for a vertical well and for the deviated well given above.
Solution. For the vertical well, the in-situ stresses relate directly to the borehole direction and 

become σ
x
 = σ

y
 = 90 bar. The fracture pressure is determined directly by Eq. 2.27 and is

02 2 90 50 130 bar.wf xP P

For the inclined well, the stresses must fi rst be transformed to the orientation of the wellbore by 
Eq. 2.19. The result is

σ
x
 = 94.13 bar

σ
y
 = 90 bar

σ
z
 = 95.87 bar

τ
xz
 = –4.92 bar

τ
yz
 = τ

xy
 = 0.

These data are again inserted into the equations for the borehole stresses, which become

Radial stress: σ
r
 = P

w

Tangential stress: σθ = 184.13 – P
w
 – 8.26 cos2θ

Axial stress, plane strain: σ
z
 = 95.87 – 2.07 cos2θ

Shear stress: τθz
= –9.84 sinθ

The angle θ from the x axis at which the fracture starts (see Fig. 2.21) must be determined. Eq. 2.25 for these 
particular data results in θ = 0°, and Eq. 2.24 reduces to Eq. 2.26b. The fracturing pressure now becomes

3 90 94.13 50 125.9 bar.wfP

We observe that the fracturing pressure decreases with increased borehole inclination. This is a general trend. 
However, for anisotropic stress states, this behavior may differ.

2.3.3 Borehole Collapse. While fracturing occurs at high borehole pressures, collapse is a phenomenon asso-
ciated with low borehole pressures. This can be seen from Eq. 2.21b. At low borehole pressures, the tangential 
stress becomes large. Since there now is a considerable stress contrast between the radial and the tangential 
stress, a considerable shear stress arises. If a critical stress level is exceeded, the borehole will collapse in 
shear. 

The maximum principal stress (from Eq. 2.21b) is dominated by the tangential stress and is given by

2 2
1

11 ( )2 2 ( ) 4 ,z z z     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.28)

and the minimum principal stress (from Eq. 2.21b) is given by

σ
3
 = P

w
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.29)

Differentiating the maximum principal stress equation, Eq. 2.28, we can determine the position on the bore-
hole wall at which the collapse will occur. This is complicated because there are many implicit functions in 
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Eq. 2.28. For the case above with vanishing shear stresses, it turns out that the collapse position on the bore-
hole wall is 90° from the position of fracture initiation. Invoking this angle into Eq. 2.28, the collapse stress 
is obtained. 

If symmetric conditions exist, all shear stress components may vanish. In these cases, the collapse failure may 
take place at one of the following conditions: σ

H
 = σ

h
, φ = 0°, α = 0° or 90°. Inserting these conditions into Eq. 

2.26, the borehole pressure causing highest tangential stress is

σ
1
 = 3σ

y
 – σ

x
 – P

w
  for  σ

x
 < σ

y
 and θ = 0°,   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (2.30a)

σ
1
 = 3σ

x
 – σ

y
 – P

w
  for  σ

y
 < σ

x
 and θ = 90°,   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (2.30b)

or, in general,

σ
1
 = 3σ

max
 – σ

min
 – P

w.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.31)

These equations simply say that borehole collapse will initiate in the direction of the minimum horizontal in-situ 
stress. Eq. 2.31 is strictly valid if the borehole direction is aligned with the in-situ stress direction. 

Having obtained expressions for the maximum and the minimum principal stress, a failure model must be de-
fi ned. An example will demonstrate the application.

Example 2.12—Collapse Pressure vs. Inclination. Compute the critical pressure that will cause mechanical 
borehole collapse for the well given in Example 2.4. The remaining data are cohesive strength τ

0
 = 60 bar, and 

angle of internal friction ϕ = 30. 
Solution. We will use the Mohr-Coulomb model of Eq. 2.9. From Example 2.4, the transformed in-situ stresses 

become

σ
x
 = 94.13 bar

σ
y
 = 90 bar

σ
z
 = 95.87 bar

τ
xz
 = 4.92 bar

τ
yz
 = τ

xy
 = 0

P
o
 = 50 bar

Comparing these data with the equations above, we see that the maximum principal stress is defi ned by Eq. 
2.30b:

1 .3 94.13 90 192.39w wP P

The minimum principal stress is equal to the borehole pressure.
The failure model is defi ned by Eqs. 2.9 and 2.10, which become

01 3 1 3 1 3

1 1 ( )
2 2

1 ( ) cos ( ) sin tan .
2

Inserting the numbers above, the critical collapse pressure is found from

11 1(192.39 2 )cos 30 60 (92.39) (192.39 2 )sin 30 tan 30 ,
2 2 2w w

P P

or

P
wc

 = 21.14 bar.
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Example 2.12 demonstrates the calculation method for borehole collapse. However, the student should evaluate 
the physical signifi cance of the result. The critical collapse pressure above is lower than the pore pressure. In re-
ality, an inward fl ow would occur, for example, during underbalanced drilling. The calculation method above is 
valid only if the collapse (or well) pressure is higher than the pore pressure, or if the rock is impermeable.

When the borehole pressure is lower than the pore pressure, and we have a permeable formation, fl ow occurs 
from the formation into the borehole. This means that the pore pressure at the borehole wall is equal to the bore-
hole pressure. Inserting this condition (P

o
 = P

w
) into the principal stress equations, the result is

1 3 94.13 90 192.39 2w w wP P P

3 0w wP P

The failure model defi ned by Eqs. 2.9 and 2.10 now becomes

11 1(192.39 2 )cos 30 60 (92.39) (192.39 2 )sin 30 tan 30 ,
2 2 2w w

P P

The numerical solution to this equation is a negative pressure, a clearly unrealistic solution. For practical pur-
poses the well may at most be emptied—that is,

P
wc

 = 0 bar.

These calculations have relevance to the emerging activities toward underbalanced drilling and sand produc-
tion. An inward fl ow into the borehole actually stabilizes the formation because the pore pressure is reduced 
locally.

2.4 Empirical Correlations
Many correlations have been used in the oil industry to enable the transfer of knowledge from one well to another. 
Some of these are just simple correlations, whereas others are based on models or physical principles. Although 
many correlations are still useful, others are replaced by more fundamental engineering methods that have evolved 
in recent years. It also should be stated that there is signifi cant potential in exploring the geology from various 
aspects. Here, we will briefl y discuss some of the classical correlation methods still in use.

The fi rst factor to discuss is the drillability, which is actually a normalized rate of penetration.

2.4.1 Drillability Correlations. In its simplest form, the rate of penetration R (m/hr, ft/hr) is modeled as a func-
tion of supplied energy:

( )(WOB)( )R k N ,   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (2.32)

where WOB is the bit force, N is the rotary speed, and the factor k represents the drillability. In a soft rock, R is 
high and k is high. Conversely, in a hard rock R and k are small for the same bit force and rotary speed. The drill-
ability is actually an instant measure of the rock properties at the face of the drillbit. It is presently the only infor-
mation obtained at the drillbit face during drilling.

By computing the drillability, we can create a log that tells us something about the rock; some interesting infor-
mation can be obtained if we understand the relationships.

Fig. 2.22 shows an example from an underground blowout in the North Sea. The well had been fl owing for a 
year before it was killed with a relief well. The drillabilities for the two wells were compared, and they were 
identical until the wells were approximately 6 m apart. The increase in drillability in the relief well is believed to 
be caused by a considerable underground fl ow over a period of 1 year. This information is important for the plan-
ning of the relief well and the target size for the relief well. Inside this region of increased drillability, the drilling 
assembly was homing in towards the fl owing well.

Drillability also has been used to estimate pore pressures for many years. There is usually a considerable 
uncertainty in pore-pressure estimation; pore pressure in shales cannot be measured, but in permeable rocks 
like sandstones, real pressure measurements can be used to calibrate pore-pressure curves. A common method 
is to compute sound transit time from seismic records. During drilling, the drillability is also used as an indi-
cator of pore pressure. Well known is the so-called d-exponent developed by Jorden and Shirley (1966); during 
drilling, the following parameter is computed:
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d     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.33)

The parameters are the same as in Eq. 2.32, and the bit diameter is d
b
 (in.). A number of corrections are pro-

posed to this equation, and it is still in use in the oil industry.
The d-exponent is actually a drillability equation in logarithmic form. If a weak rock is encountered, both drill-

ing rate and drillability increase. Conversely, a hard rock slows down the drilling rate and causes the drillability 
to decrease. 

During drilling, a trend line is established for the d-exponent. If this starts to deviate from the trend, it can be 
associated with some of the following factors:

 • Bit wear. Rock bits wears gradually, and the drilling effi ciency may reduce gradually; an abrupt drop in 
drillability may be caused by drillbit or roller cone failure.

 • If drillability increases relative to the trend line, it may be a pore-pressure indicator. Reservoir rock below 
the caprock often has higher drillability because it is weaker and more porous.

Hareland and Hoberock (1993) developed a method to estimate the rock strength from drillability data; the result 
is used as input data for wellbore stability analysis. 

The concept of drillability has been used to a small extent in drilling. For the foreseeable future, there is con-
siderable potential for further applications of drillability; drilling optimization is one such area.

2.4.2 Fracture Pressure Correlations. In order to predict fracture pressures and pore pressures, a number of 
correlations have been derived over the years. Although some of these are valid for the places in which they 

Fig. 2.22—Drillabilities for the blowing well and the relief well. From Aadnoy (2010).
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were derived, a number of correlations based on various physical assumptions have been seen to have a more 
general applicability; many of these have been developed in the Gulf of Mexico region. It is interesting to see 
how understanding of the fracture problem gradually evolved.

Hubbert and Willis (1957) developed a very useful correlation; they assumed that the horizontal stress in a re-
laxed basin should be one-third to one-half of the overburden stress. Although we today know that this value is 
too low, their correlation is still effective. Matthew and Kelly (1967) modifi ed this model by introducing a “matrix 
stress coeffi cient,” which implied that the stress ratios were not constant with depth. Pennebaker (1968) related 
the overburden gradient to geologic age and established “effective stress ratio” relationships. Pennebaker also 
correctly found that the fracture gradient is related to the overburden stress gradient.

Eaton (1969) introduced the Poisson effect by defi ning the horizontal stress as a result of the overburden stress. 
The correlation coeffi cient for this case was actually Poisson’s ratio. Finally, Christman (1973) extended this 
work to an offshore environment.

At fi rst glance, the fi ve methods listed above look different; however, Pilkington (1978) compared these meth-
ods and found that they were very similar. By introducing the same correlation coeffi cient, all fi ve models can be 
defi ned by the following equation:

.( )
wf v o o

P K P P     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (2.34)

Pilkington also used fi eld data and showed that Eq. 2.34 basically gave the same result as each of the fi ve 
models. Most of these models were developed in the Texas-Louisiana area, where they still may serve; how-
ever, in the early 1980s, wellbore inclination increased, and because the empirical correlations could not han-
dle this, continuum mechanics was introduced. In addition to handling the directions of inclined wells it also 
opened up for various stress states. Any relaxed or tectonic setting can now be handled by using classical me-
chanics.

2.4.3 Pore-Pressure Correlations. Pore pressure is a key factor in petroleum production, and it also has a signif-
icant effect on well construction and wellbore stability. Typically, 70% of the rock we drill is shale or clay; as 
discussed, these rocks are usually impermeable, and it is therefore not possible to measure pore pressure—pres-
sure measurements are made in the reservoir.

We need a pore-pressure curve to select mud weights and casing points. The pore-pressure curves inferred 
from many sources are used as absolute; of course, underbalanced drilling in a tight shale will not lead to a well 
kick. So if we could guarantee that there were no permeable stringers, we could drill the well with a mud 
weight below the pore pressure. Unfortunately, such a guarantee is unlikely.

From this discussion, it is clear that pore pressure from logs and other sources is not accurate unless it is cali-
brated (e.g., with a pressure measurement). This is usually not the case, so pore-pressure curves in general have 
signifi cant uncertainty.

In many cases, correlations serve well as predictive tools for new wells. Consistency is important here; if, for 
example, Eq. 2.34 is used to establish a correlation, the same equation should be used to develop predictions for 
new wells. One should be careful when mixing various correlations because the results may not be representative 
for the actual wells.

For further work on pore-pressure estimation, the reader is referred to the literature on petrophysical interpretation.

Problems

2.1 In-Situ Stresses
Given leakoff data from three wells (see Table P-1), determine the following:

TABLE P-1—LEAKOFF DATA  

Data 
set  

Leakoff 
(SG) 

Pore pressure  
(SG) 

Overburden  
(SG) 

Depth  
(m) 

Inclination  (degrees)  
1 1.51 1.03 1.62 890 0 

2 1.35 1.21 1.76 1124 30
3 1.27 1.30 1.80 1540 39
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(a) For the two last wells, compute the expected leakoff pressures as if they were vertical Please state 
assumptions.

(b)  Estimate the in-situ stress state based on the LOT values. Please state all assumptions.
(c)  Plot a curve that defi nes the fracture pressure for a vertical and a horizontal well over the depth inter-

val.
2.2 Pore Pressure

In the planning of a new well, the geologist identifi es a signifi cant uncertainty in the estimation of the 
pore pressure profi le. The following data were used:

Depth: 1800 m
Estimated pore pressure:  1.23 SG
Reservoir interval:  1800–2000 m

(a)  Determine the density of the oil in the reservoir. Assume waterdrive. What is the expected pore pres-
sure gradient at the bottom of the reservoir?

(b)  After many discussions with colleagues, the geologist decides that the reservoir section most prob-
ably covers the interval 1800–2100 m. Assume the same oil density, and compute the pressure gradi-
ents at the top and bottom of the reservoir now.

(c)  Where would you perforate your production casing? When water breakthrough occurs after some 
time of production, a workover is called for. Where would you perforate now?

2.3 Mud Weight Limits
(a) Defi ne the two classical limits for the mud weight. What are the failure mechanisms?
(b)  Using a simple fracturing equation, defi ne a mud-weight selection criterion. What is this criterion 

called?
(c) Defi ne two advantages of using this criterion. Also, defi ne two concerns.

2.4 Selection of Optimal Mud Weight
Assume that we use low mud weight. If we increase the mud weight, determine if the following effects of 
higher mud weight constitute an advantage or a disadvantage. If the effect is debatable, explain why.

2.5 Establishing a Fracture Prognosis
We are planning a new exploration well, and have no reference information. 

 (a)  Make an overburden stress gradient curve assuming that the bulk density of the rock is 2.0 SG. Plot 
to 2000 m depth. Also, plot the pore pressure gradient curve assuming normal pore pressure to 1000 
m and a linear increase to 1.3 SG at 2000 m.

 (b)  An LOT of 1.8 SG is obtained at a depth of 1500 m. Determine the horizontal in-situ stress in the rock. 

2.6    Borehole Stability
The following data apply for a well:
Overburden stress: 110 bar
Horizontal stresses: 100 bar

TABLE P-2—EFFECTS OF INCREASED MUD WEIGHT 

Effect Advantage Debatable Disadvantage

Reduced borehole collapse    
Reduced fill    
Poor pore pressure estimation    
Increased lost circulation    
Reduced washout    
Expensive mud    
Increased differential sticking    
Reduced pressure variations    
Reduced drilling rate    
Reduced tight hole    
Reduced clay swelling  
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Pore pressure: 65 bar
Well inclination: 60°
Well azimuth.: 75° clockwise from North
Rock cohesive strength: 30 bar
Rock frictional angle: 30°

 (a)  Determine the fracturing pressure for a vertical well and for the well given above.
 (b) Determine the critical collapse pressure for a vertical well and for the well given above.

  It is decided that a well should be drilled underbalanced through the reservoir. The objective is to 
minimize particle invasion and skin effects. The drilling rig is equipped with a rotating blowout pre-
venter for this purpose. The new condition is that the borehole pressure matches the pore pressure. 
This must be taken into account in the effective stress principle.

Use the same data as above, and assume that the well pressure is 40 bar during the  operation.

 (a)  Determine the collapse pressure now for the (vertical) well.

 (b)  Is the underbalance reducing or increasing the collapse resistance of the borehole? Explain why.

Nomenclature
      a = borehole radius, L, in. [cm]
      g = gravity constant, L/t2, lbf/lbm [m/s2]
                      P = pressure, m/L-s2, psi [bar]
                         P

A
 = pressure at depth Z

A
, m/L-s2, psi [bar]

                    P
B
 = pressure at depth Z

B
, m/L-s2, psi [bar]

                         P
o
 = pore pressure, m/L-s2, psi [bar]

                    P
w
 = borehole pressure, m/L-s2, psi [bar]

               P
wc

 = critical collapse pressure, m/L-s2, psi [bar]
               P

wf
 = fracturing pressure, m/L-s2, psi [bar]

                                 r = radius, L, in. [cm]
                              Z = true vertical depth, L, ft [m] 
                         Z

A
 = true vertical depth of Point A, L, ft [m]

                         Z
B
 = true vertical depth of Point B, L, ft [m]

                              α = borehole azimuth, radians
                              β = shear failure direction on core plugs, radians
                              γ

e 
= equivalent specifi c gravity of the wellbore fl uids, dimensionless

                              φ = borehole inclination, radians
                              θ = position on borehole wall from x axis, radians
                                  ρ = density, m/L3, lbm/ft3 [kg/m3]
                         ρ

e
 = equivalent mud density of the wellbore fl uids, m/L3, lbm/ft3 [kg/m3]

          ρ
mud

 = mud density, m/L3, lbm/ft3 [kg/m3]
ρ

water
 = density of water, m/L3, lbm/ft3 [kg/m3]

                              σ = normal stress, m/L-s2, psi [bar]
                         σ′ = rock effective stress, m/L-s2, psi [bar]
                         σ

h
 = minimum horizontal stress, m/L-s2, psi [bar]

                    σ
H
 = maximum horizontal stress, m/L-s2, psi [bar]

          σ
max 

= maximum principal normal stress, m/L-s2, psi [bar]
          σ

min
 = minimum principal normal stress, m/L-s2, psi [bar]

                         σ
r
 = radial stress, m/L-s2, psi [bar]

                  σ
r
′ = radial effective stress, m/L-s2, psi [bar]

                         σ
v
 = overburden stress, m/L-s2, psi [bar]

               σ
v
′  = overburden effective stress, m/L-s2, psi [bar]

                        σ
x
 = normal stress, x coordinate direction, Cartesian coordinates, m/L-s2, psi [bar]

                         σ
y
 = normal stress, y coordinate direction, Cartesian coordinates, m/L-s2, psi [bar]

                         σ
z
 = normal stress, z coordinate direction, cylindrical coordinates, m/L-s2, psi [bar]

                    σ
zz
 = normal stress, z coordinate direction, Cartesian coordinates, m/L-s2, psi [bar]

                         σθ = tangential stress, m/L-s2, psi [bar]
               σθ′ = tangential effective stress, m/L-s2, psi [bar]
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                                   τ = shear stress, m/L-s2, psi [bar]
                         τ

0
 = cohesive rock strength, m/L-s2, psi [bar]

                         τ
rz
 = shear stress, r plane in the z direction, cylindrical coordinates, m/L-s2, psi [bar]

               τ
r
θ = shear stress, r plane in the θ direction, cylindrical coordinates, m/L-s2, psi [bar]

                         τ
xy
 = shear stress, x plane in the y direction, Cartesian coordinates, m/L-s2, psi [bar]

                         τ
yz
 = shear stress, y plane in the z direction, Cartesian coordinates, m/L-s2, psi [bar]

               τθ
z
 = shear stress, θ plane in the z direction, cylindrical coordinates, m/L-s2, psi [bar]

                                   n = Poisson’s ratio for the rock matrix, dimensionless
                              ϕ = angle of internal friction for rocks, radians
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Chapter 3

Drilling Fluids

A.W. Eustes III, Colorado School of Mines

The purposes of this chapter are to present (1) the primary functions of the drilling fl uid, (2) the test procedures 
used to determine whether the drilling fl uid has suitable properties for performing these functions, and (3) the 
common additives used to obtain the desirable properties under various well conditions. 

3.1 Introduction
The success of the rotary-drilling process (completion of an oil or gas well) and its cost depend substantially on 
three important factors:

· The bit penetrating the rock
· The cleaning the bit face and transport of the cuttings to surface
· The support of the borehole

The drilling fl uid used affects all of these critical items. The drilling-fl uid density and ability to penetrate rock 
have an effect on the rate of penetration. The hydraulic energy expended on the bottom of the hole and the viscos-
ity and fl ow rate of the fl uid affect the cuttings transport. And the density of the fl uid and its ability to form a layer 
on the wellbore (wall cake) affects the wellbore stability and support. It is often said that the majority of the prob-
lems in drilling are related in some manner or another to the drilling fl uid.

The drilling engineer is concerned with the selection and maintenance of the drilling fl uid because of its relation 
to most drilling operational problems. The cost of the drilling fl uid, commonly known as “drilling mud” or simply 
“mud,” is comparatively small as compared to the rig or casing costs; but, the selection of the proper fl uid and the 
testing and control of its properties has considerable effect on the total well cost. The additives needed to create 
and maintain the fl uid properties can be expensive. In addition, the penetration rate of the rotary bit and opera-
tional delays caused by circulation loss, stuck drillpipe, caving shale, and the like are signifi cantly affected by the 
drilling-fl uid properties. Fluid properties also profoundly infl uence the rig days needed to drill the total depth 
(TD) (Bourgoyne 1991; Darley and Gray 1988).

3.2 A Brief History of Drilling Fluids 
Like many aspects of modern well construction, the fi rst modern drilling fl uid—little more than muddy water—
was used at Spindletop in south Beaumont, Texas, USA to drill through unconsolidated sands (Clark and Hal-
bouty 1980). However, the Chinese used water as a “softening” agent while drilling wells several hundred feet in 
depth as early 600 BCE (Darley and Gray 1988). The practice of circulating fl uid while drilling was introduced 
and patented in England in 1845 by Robert Beart (Beart 1845). 

While clay-based muds were helpful in establishing a wall cake and stabilizing unconsolidated sands, they 
did not provide a way to control subsurface pressures. In 1926, noted Louisiana geologist Ben K. Stroud 
patented a “means for controlling the fl ow of gas, oil and water under pressure from the well.” His “inven-
tion” was a “compound consisting of iron oxide, barium sulfate, lead concentrate, and mercury mixed in the 
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desired proportion and quantities according to the character of the well bei ng bored” (Stroud 1926). Barite 
was soon identifi ed as the best weighting material for drilling purposes because it is inert and comparatively 
nonabrasive.

The addition of high specifi c gravity weighting material to drilling fl uid created the need for a reliable suspend-
ing agent. Bentonite was already in use in the 1920s as a cement component. Seeing its usefulness for well drilling, 
one manufacturer packaged and sold “Plastiwate,” 95% of which was barite, with 5% bentonite added for suspen-
sion purposes (Darley and Gray 1988). Finely ground, premium-grade Wyoming sodium bentonite is now the 
standard viscosifi er and primary fl uid-loss-control agent in most freshwater base muds. One of its key functions has 
not changed since 1928: promoting hole stability in poorly consolidated formations.

Approximately 85% of the barite sold in the United States is used as a weighting agent in drilling fl uids. The 
third largest market for bentonite (behind kitty litter and foundry sand manufacturers) is the oil and gas drilling 
industry. The production specifi cations of barite, bentonite, and attapulgite (saltwater clay) for use in drilling 
fl uids are specifi ed by the American Petroleum Institute (API) (API Spec. 13A).

The early simple drilling fl uids quickly gave way to increasingly “engineered” systems. To better protect the 
target formations, additives were developed for improved rheology and fl uid-loss control, shale inhibition, and 
resistance to contamination. Laboratory and fi eld-test procedures became more sophisticated as drilling-fl uid 
companies and oil and gas operators sought correlations between surface measurements and downhole condi-
tions. Under conditions in which bentonite and other clay additives proved inadequate, organic and synthetic 
polymers were substituted as viscosifi ers and fl uid-loss-control agents. Low-solids and solids-free polymer for-
mulations are the basis for drill-in fl uid systems, which are commonly used for drilling horizontal well produc-
tion intervals.

One of the major turning points in drilling-fl uids technology was the introduction of invert emulsion oil-
based fl uids (OBFs) in the 1960s (although true oil muds were used much earlier in California and Texas). The 
improvement in drilling performance, compared to that of water-based fl uids, was impressive. These OBFs 
(typically formulated with diesel) were naturally inhibitive and enabled high rates of penetration. However, 
heightened concerns over environmental issues in the late 1970s led state and federal regulatory agencies to 
prohibit the overboard discharge of whole mud and drill cuttings offshore when diesel is in the drilling fl uid 
(Bleier 1993). The risk of causing serious harm to fi sh populations together with transportation and disposal 
issues rising from continued use of oil- and diesel-based fl uids offshore signifi cantly curtailed their use in the 
Gulf of Mexico (GOM) and other offshore locations. Diesel OBFs are still commonly used in on-land drilling 
operations and, if disposal processes are properly monitored and carried out, are used under certain circum-
stances offshore.

Synthetic-based fl uids (SBFs) were developed and introduced around 1990. These fl uids retained the good 
drilling-performance characteristics of traditional OBFs, yet complied with the stringent regulations governing 
offshore fl uid and cuttings disposal. After a decade of evolving SBF development, internal olefi n- (IO) and ester-
based fl uids emerged as reliably “safe” drilling fl uids, based on a prolonged period of testing and data collection 
coordinated by the Environmental Protection Agency (EPA), Minerals Management Service (MMS), API/Na-
tional Offshore Industries Association (NOIA), and several drilling-fl uids companies. 

As drilling operations began moving into deeper water in the 1990s, typical SBF formulations were challenged 
by temperatures ranging from the near-freezing seabed to 400°F at TD. The development of a clay-free SBF in 
2001 allowed operators to control rheological properties over this temperature range, with no sacrifi ce in drilling 
performance (Whitson and McFadyen 2001). Because of its fl at rheological profi le, this ester/IO-blend fl uid also 
helped reduce deepwater risks associated with high equivalent circulating densities (ECDs) and surge pressures, 
particularly while running and cementing casing strings.

Underbalanced drilling increased in favorability throughout the 1990s and led to the refinement of pneu-
matic (air, mist, and foam) drilling methods. This type of drilling has been successful in certain mature 
fields, in low pressure formations, and particularly in hard, dry rock. Though these methods are not adapt-
able for all downhole environments and require close management of ignition and explosion risks, produc-
ing formations are not as likely to be damaged by pneumatic drilling. Less complicated completions and 
fewer subsequent workover operations are also among the benefits. The absence of drilling fluid eliminates 
the need for a mud-handling system, and disposal issues related to drilling fluid and drill cuttings are greatly 
reduced.

Sustained drilling in ultradeepwater locations and the emergence of energy production capabilities in ex-
tremely remote geographical locations continue to infl uence drilling-fl uid-system design and packaging. While 
traditional drilling-fl uid formulations are still commonly used, advanced modeling and testing tools available 
today make it possible to create a single “fi t-for-purpose” drilling-fl uid system without incurring unacceptable 
cost increases.
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3.3 Functions of Drilling Fluids
The functions of a drilling fl uid can be categorized as follows:

· Cuttings transport
 °  Clean under the bit 
 ° Transport the cuttings up the borehole
 ° Release the cuttings at the surface without losing other benefi cial materials 
 ° Hold cuttings and weighting materials when circulation is interrupted

· Physicochemical functions 
· Cooling and lubricating the rotating bit and drill string
· Fluid-loss control

 ° Wall the newly drilled wellbore with an impermeable cake for borehole support
 ° Reduce adverse and damaging effects on the formation around the wellbore

· Control subsurface pressure
· Support part of the drillstring and casing weight
· Ensure maximum logging information
· Transmit hydraulic horsepower to the rotating bit (Magcobar 1972)

3.3.1 Cuttings Transport. The drilling fl uid should be able to remove rock fragments or cuttings from beneath 
the drilling bit, transport them up the wellbore drillstring annulus, and permit their separation at the surface using 
solids-control equipment. The density and viscosity of the drilling fl uid are the properties that control the process 
of lifting particles that fall down through the fl owing fl uid by the effect of gravity. The fl uid must also have the 
ability to form a gel-like structure to hold cuttings and weighting materials when circulation is interrupted. 

Horizontal and high-angle wells require specialized fl uid formulations and “sweep” protocols to minimize the 
risk of barite sag (in which the barite slurry separates downhole) and of low-side cuttings settling, both of which 
can lead to stuck pipe and loss of the well. The lubricity of the drilling fl uid is also a key factor in controlling 
torque and drag in these types of operations.

3.3.2 Physicochemical Functions. The drilling-fl uid system should remain stable when exposed to contaminants 
and hostile downhole conditions. Among the common natural contaminants are reactive drill solids, corrosive acid 
gases (e.g., H

2
S), saltwater fl ows, and evaporites (e.g., gypsum). The cement used in setting casing and liner 

strings is also a contaminant to some water-based muds. Wells in certain areas have extremely high bottomhole 
temperatures, at times approaching 500°F, and, likewise, arctic locations may expose the drilling fl uid to subzero 
temperatures at surface.

3.3.3 Cooling and Lubricating the Rotating Bit and Drillstring . The drilling mud cools and lubricates when 
the rotating bit drills into the bottom of the hole and when the drillstring rotates against the wellbore walls. The 
fl uid should have the ability to absorb the heat generated by the friction between metallic surfaces and formation. 
In addition, the fl uid should not adversely affect the bit life nor inc rease the torque and drag between the drillstring 
and the borehole.

3.3.4 Fluid-Loss Control. The bit removes lateral support of the drilled wellbore and is immediately replaced 
by the drilling fl uid until the casing is set with cement. The stability of uncased sections of the borehole is 
achieved by a thin, low-permeability fi lter cake formed by the mud on the walls of the hole. Also, the cake 
seals pores and other openings in formations caused by the bit, thereby minimizing liquid loss into permeable 
formations.

Poor fl uid-loss control can cause surge (an increase in wellbore pressure under a bit from running into the hole), 
swab (a decrease in wellbore pressure under a bit from running out of the hole), and circulation-pressure problems 
(known as ECD). Loss of circulation increases the drilling-fl uid cost and the potential for the infl ow of fl uids (gas, 
oil, or water) from formations. High viscosity and high gel strength may cause excessive pressure in the borehole, 
as well. 

The drilling fl uid should not negatively affect the production of the fl uid-bearing formation. That is, the drilling 
mud is designed to reduce adverse effects on formation around the wellbore. In contrast, the fl uid must assist in 
the collection and interpretation of electrical-log information. 

3.3.5 Control Subsurface Pressure. A drilling fl uid is the fi rst line of defense against well-control problems. 
The drilling fl uid balances or overcomes formation pressures in the wellbore. Typically, this is accomplished with 
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weighting agents such as barite, although there are other chemicals that can be used. In addition, surface pressure 
can be exerted to give the equivalent pressure needed to balance a formation pressure. 

An overbalanced condition occurs when the drilling fl uid exerts a higher pressure than the formation pressure. 
An underbalanced condition occurs when the drilling fl uid exerts a lower pressure than the formation pressure. 
Therefore, in underbalanced drilling operations, the borehole is deliberately drilled with a fl uid/pressure combina-
tion lower than the formation pressure. A balanced condition exists if the pressure exerted in the wellbore is equal 
to the formation pressure.

3.3.6 Help Support the Drillstring and Casing Weight. Any time a material is submerged in a fl uid in a gravita-
tional fi eld, there is a reaction that offsets the force that gravity exerts. This is often called buoyancy, although there 
are a lot of misconceptions related to this term. Nonetheless, in heavily weighted situations, this “buoyancy force” can 
assist by offsetting some of the weight of a drillstring or casing. This offset is dependent upon the density of the fl uid, 
with higher-density fl uids giving more of an offset and lower density “fl uids” (e.g., air) not helping much, if at all.

3.3.7 Ensure Maximum Logging Information. The drilling fl uid has a profound impact on the electrical and 
acoustical properties of a rock. Because these properties are what logging tools measure, it is imperative that the 
correct selection of wireline logging tool or logging-while-drilling (LWD) tool for a given drilling fl uid be made. 
Or, lacking that, then the correct drilling fl uid must be used for a given logging tool. In addition, the drilling fl uid 
should facilitate retrieval of information by means of cuttings analysis.

3.3.8 Transmit Hydraulic Horsepower to the Rotating Bit. The hydraulic force is transmitted to the rotating bit 
when the fl uid is ejected through the bit nozzles at a very high velocity. This force moves the rock fragments or 
cuttings away from the drilled formation beneath the bit. In directional-drilling operations, the hydraulic force 
powers the downhole hydraulic motor and turns electric-power generators (turbines) for measurement-while-
drilling (MWD) and LWD drillstring equipment. 

3.4 Drilling-Fluid Categories
According to the World Oil annual classifi cation of fl uid systems, there are nine distinct categories of drilling fl uids in 
use today (World Oil 2002). Five categories include freshwater systems, one category covers saltwater systems, two 
categories include oil- or synthetic-based systems, and the last category covers pneumatic (air, mist, foam, gas) “fl uid” 
systems. In the following text, these fl uids will be discussed in detail.

3.4.1 Classifi cation of Drilling Fluids. The principal factors governing the selection of type (or types) of drilling 
fl uids to be used on a particular well are

· The characteristics and properties of the formation to be drilled 
· The quality and source of the water to be used in building the fl uid 
· The ecological and environmental considerations 

Continuous-Phase Classifi cation. Drilling fl uids are categorized according to their continuous phase so that 
there are 

· Water-based fl uids
· OBFs
· Pneumatic (gas) fl uids

Consider a drop of a drilling fl uid. If one could go from a point in one phase to any other point in that same phase, 
then it is said to be continuous. If one had to cross one phase to get back to the previous phase, then that phase is 
discontinuous. Solids are always a discontinuous phase. Therefore, drilling fl uids are designated by their continu-
ous phase.

Water-based drilling muds are the most commonly used fl uids, while oil-based muds are more expensive and 
require more environmental considerations. The use of pneumatic drilling fl uids (i.e., air, gas, and foam) is limited 
to depleted zones or areas where the formations are low pressured (although with underbalanced-drilling equip-
ment, higher pressured zones can now be drilled without the need of pneumatic drilling fl uids). In water-based 
fl uids, the solid particles are suspended in water or brine, while in oil-based muds the particles are suspended in 
oil. When pneumatic drilling fl uids are used, the rock fragments or drill cuttings are removed by a high-velocity 
stream of air or natural gas. Foaming agents are added to remove minor infl ows of water (Darley and Gray 1988).
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Water-Based Fluids. The majority of wells are drilled with water-based drilling fl uids. The base fl uid may be 
fresh water, saltwater, brine, or saturated brine. A typical water-based mud composition is illustrated in Fig. 3.1. 

Water-based drilling fl uids range from native muds to lightly treated fl uids to the more heavily treated, inhibi-
tive fl uids. They are divided into three major subclassifi cations: 

· Inhibitive
· Noninhibitive
· Polymer

Inhibitive fl uids retard clay swelling (i.e., the ability of active clays to hydrate is greatly reduced). For this reason, 
inhibitive fl uids are used for drilling hydratable-clay zones. The ability of the formation to absorb water is not in-
hibited when noninhibitive fl uids are used. The term noninhibitive refers to the lack or absence of those specifi c ions 
(sodium, calcium, and potassium) that are present in inhibitive fl uids. Inhibitive fl uid systems do not use chemical 
dispersants (thinners) or inhibitive ions, but native waters. Polymer fl uids may be inhibitive or noninhibitive de-
pending upon whether an inhibitive cation is used. 

Saltwater Drilling Fluids. Saltwater drilling fl uids are used for shale inhibition and for drilling salt formations. 
They are also known to inhibit hydrates (ice-like formations of gas and water) from forming, which can accumu-
late around subsea wellheads and well-control equipment, blocking lines and impeding critical operations. 

Inhibitive Drilling Fluids. Inhibitive drilling fl uids are designed to reduce chemical reactions between the drill-
ing fl uid and the formation. Fluid formulations containing sodium, calcium, and/or potassium ions minimize shale 
hydration and swelling. Gypsum (“gyp”) drilling fl uids are used for drilling anhydrite and gypsum formations. In 
known H

2
S environments, a high pH water-based fl uid treated with scavengers, or an OBF with 4–6 ppb of excess 

lime, usually is the recommended drilling-fl uid system. 
Incorporating up to 10% oil in a water-based fl uid to improve lubricity and inhibition was a long-standing drill-

ing practice; however, the availability of glycol additives and high performance SBFs makes oil additions unnec-
essary. Furthermore, disposal of water-based fl uids containing a measurable percentage of oil is closely regulated.

Organic and Synthetic Polymers. Organic and synthetic polymers are used to provide viscosity, fl uid-loss control, 
shale inhibition, and prevention of clay dispersion in freshwater- or saltwater-based drilling fl uids. Most polymers are 
very effective even at low concentrations and can be run by themselves or added in small quantities to enhance or extend 
bentonite performance. Specially developed high-temperature polymers are available to help overcome gelation issues. 

Polymers function in several ways. Some polymers actually hydrate and swell in much the same manner as con-
ventional clay materials. By doing this they thicken the water phase, making the escape of this water into the forma-
tion or into the clay structure more diffi cult, thereby preventing swelling. Large, high molecular-weight polymers will 
bond onto clay surfaces and literally surround and isolate the clay/shale particle. This is referred to as encapsulation. 
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Fig. 3.1—Composition of 11-lbm/gal water-based mud (Bourgoyne et al. 1991).
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Smaller polymers with low molecular weight will attach to exposed broken-edge bond sites and block the intru-
sion of hydrating water from the continuous phase. Free water can still bond to exposed surfaces, but the interior 
regions of the clays will not be wetted or expanded. 

A recently developed inhibitive polymer system relies on nonionic materials that behave in much the same way as 
inhibitive water-based muds, because of hydrogen bonding. The advantage of this system is the ability to maintain a 
moderate concentration without raising the viscosity to undesirable levels. Excess polymeric material remains avail-
able to handle freshly drilled solids. 

Membrane-Effi cient Water-Based Drilling Fluids. Wellbore instability predominantly occurs in shales that 
overlay reservoirs and is an industrywide problem that affects exploration through to development drilling. Shales 
are fi ne-grained with high clay content, low permeability, and are chemically reactive with incompatible drilling 
fl uids. The signifi cant drilling fl uid/shale interaction mechanisms are hydraulic or mud-pressure penetration, 
chemical potential, and swelling/hydration stresses. 

When drilling with improperly designed drilling fl uids, shales without effective osmotic membranes progres-
sively imbibe water, which leads to mud-pressure penetration. Consequently, the net radial mud support changes 
over a period of time and near-wellbore formation pore pressure increases. This reduces formation strength and 
leads to borehole instability.

Past efforts to develop improved water-based fl uids for shale drilling have been hampered by a limited under-
standing of the drilling fl uid/shale interaction phenomenon. Recent studies of fl uid/shale interactions have pro-
duced new insights into the underlying causes of borehole instability, and these studies suggest new and innovative 
approaches to the design of water-based drilling fl uids for drilling shales (Tare 2002). 

In most cases, the two most relevant mechanisms for water transport into and out of shale are the hydraulic-
pressure difference between the wellbore pressure (drilling-fl uid density) and the shale pore pressure; and the 
chemical potential difference (i.e., the water activity) between the drilling fl uid and the shale.

The fi ne pore size and negative charge of clay on pore surfaces cause argillaceous materials to exhibit mem-
brane behavior. The effi ciency is a measure of the capacity of the membrane to sustain osmotic pressure between 
the drilling fl uid and shale formation. 

If the water activity of the drilling fl uid is lower than the formation water activity, an osmotic outfl ow of pore 
fl uid from the formation, because of the chemical potential mechanism, will lessen the increase in pore pressure 
resulting from mud-pressure penetration. If the osmotic outfl ow is greater than the infl ow as a result of mud-
pressure penetration, there will be a net fl ow of water out of the formation into the wellbore. This will result in the 
lowering of the pore fl uid pressure below the in-situ value. The associated increase in the effective mud support 
will lead to an improvement in the stability of the wellbore. 

One of the key parameters that can be manipulated to increase the osmotic outfl ow is membrane effi ciency. The 
osmotic outfl ow increases with increasing membrane effi ciency. In most conventional water-based fl uids, the 
membrane effi ciency is low. Therefore, even if the water activity of the drilling fl uid is maintained signifi cantly 
lower (with a high salt concentration) than the shale-water activity, the osmotic outfl ow may be negligible because 
of the low membrane effi ciency. 

As a result of extensive testing, three new generations of water-based drilling fl uid systems with high membrane 
effi ciencies (greater than 80%) have been developed, including a 12% NaCl system that generated a membrane 
effi ciency of approximately 85%. Such systems hold promise for operations where OBFs and SBFs are unsuitable 
or prohibited because of drilling conditions and/or regulations.

OBFs. Normally, the high salinity water phase of an invert emulsion or SBF helps stabilize reactive shale and 
prevent swelling. However, drilling fl uids formulated with diesel- or synthetic-based oil and no water phase are 
used to drill long shale intervals where the salinity of the formation water is highly variable. By eliminating the 
water phase altogether, the all-oil drilling fl uid preserves shale stability throughout the interval. These drilling-
fl uid systems are commonly used in eastern Venezuela to drill the Caripita shale, which may be up to 10,000 ft 
thick.

Diesel and mineral oil OBFs—also called “invert emulsions”—are inhibitive, resistant to contaminants, 
stable at high temperatures and pressures, lubricious, and noncorrosive. A typical oil-based-mud composition 
is illustrated in Fig. 3.2. Onshore, they are the fl uids of choice for drilling troublesome shale sections, ex-
tended-reach wells that would be otherwise prone to pipe-sticking problems, and dangerous HP/HT H

2
S 

wells. The drilling effi ciency of an OBF system can save days, perhaps weeks, on the time required to drill 
the well.

These fluid systems are also subject to stringent disposal regulations because of their toxicity. Mineral-
oil formulations are considered less toxic than diesel-based fluids, but not a suitable alternative where 
“greener” SBFs are available. The use of diesel- or mineral-oil-based fluids is absolutely prohibited in 
some areas.
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The oil/water ratios typically range from 90:10 to 60:40, though both oil and water percentages can be increased 
beyond these ranges. Generally, the higher the percentage of water, the thicker the drilling fl uid. High salinity 
levels in the water phase dehydrate and harden reactive shales by imposing osmotic pressures.

The basic components of an invert-emulsion fl uid include diesel or mineral oil, brine (usually calcium chlo-
ride), emulsifi ers, oil-wetting agents, organophilic clay, fi ltration-control additives, and slaked lime. Relaxed 
OBFs are formulated without fi ltration-control additives and have a loose emulsion. 

The primary emulsifi ers are calcium-based soaps. Secondary emulsifi ers enhance temperature stability and are 
tall oils. In order to make the clays and lignites oil soluble, a tallow derivative is grafted onto them. The tallow 
derivative is primarily responsible for extremely high viscosities at low temperatures, making traditional invert-
emulsion muds unsuitable for deepwater applications. 

SBFs. Synthetic-based drilling fl uids were developed to provide the highly regarded drilling-performance char-
acteristics of conventional OBFs while signifi cantly reducing the toxicity of the base fl uid. Consequently, SBFs 
are used almost universally offshore and they continue to meet the increasingly rigorous toxicity standards im-
posed by regulatory agencies. 

The cost-per-barrel for an SBF is considerably higher than that of an equivalent-density water-based fl uid, but 
because synthetics facilitate high ROPs and minimize wellbore-instability problems, the overall well-construction 
costs are generally less, unless there is a catastrophic lost-circulation occurrence. 

Emulsion-Based Drilling Fluids (EBFs). In early 2002, an SBF formulated with an ester/IO blend became 
widely used, especially in deepwater operations where temperatures range from 40 to 350°F on a given well. The 
fl uid contains no commercial clays or treated lignites; rheological and fl uid-loss-control properties are maintained 
with specially designed fatty acids and surfactants. The system provides stable viscosity and fl at rheological prop-
erties over a wide range of temperatures.

Gel strengths develop quickly, but are extremely shear-sensitive. As a result, pressures related to breaking cir-
culation, tripping or running casing, cementing, and ECD are signifi cantly lower than pressures that occur with 
conventional invert emulsion fl uids. Lost circulation incidents appear to occ ur less frequently and with a lesser 
degree of severity where EBFs are used. 

The EBF performs well from an environmental perspective and has met or surpassed stringent oil-retained-on-
cuttings regulations governing cuttings discharge in the GOM. The EBF is highly water- and solids-tolerant and 
responds rapidly to treatment. 

Pneumatic Drilling Fluids. Pneumatic drilling fl uids are most commonly used in dry, hard formations such as 
limestone or dolomite. In pneumatic drilling-fl uid systems, air compressors circulate air through the drillstring 
and up the annulus to a rotating head. The return “fl uid” is then diverted by the rotating head to a fl owline leading 
some distance from the rig to protect personnel from the risk of explosion. Gas from a pressured natural gas 
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Fig. 3.2—Composition of 11-lbm/gal oil-based mud (Bourgoyne et al. 1991).
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source nearby may be substituted for air. Both air and gas drilling are subject to downhole ignition and explosion 
risks. Sometimes, nitrogen—either from cryogenic sources or generated using membrane systems—is substituted 
for the pneumatic fl uid. Pneumatic drilling fl uids are considered to be nondamaging to productive formations. 

Silicate-Based Drilling Fluids. Field applications of sodium silicate drilling fl uids indicate that they appear to 
provide a sealing effect within shale pore throats and may also increase membrane effi ciency (the mobility of solutes 
through a shale pore network) (Mody 1993). Contact with calcium or magnesium ions, or the decrease in pH caused 
by dilution of fl uid fi ltrate with pore fl uid, may cause the electrolytes to precipitate (Bland 2002). Shale permeability 
is therefore reduced. However, the excellent shale inhibition characteristics of silicate drilling-fl uid systems may be 
outweighed by other perceived defi ciencies in lubricity, thermal stability, and the necessity for a high pH. 

Typically, the silicate-based fl uid system creates a physical membrane, which, in conjunction with the soluble 
sodium silicate or potassium silicate, provides primary shale inhibition. The wellbore becomes pressure-isolated 
so that fi ltrate invasion is minimal. Polyglycols may provide secondary inhibition, improve lubricity and fi ltration 
control, and stabilize the drilling fl uid’s physical properties. Polyglycols can withstand the high pH environment 
of silicate fl uids better than conventional lubricants that may hydrolyze at high pH.

Silicate-based fl uids have been used successfully in drilling highly reactive gumbo clays in the top hole interval 
and as an alternative inhibitive fl uid in areas where invert-emulsion fl uids are prohibited. They may also be useful 
for drilling highly dispersible formations such as chalk and have been used to stabilize unconsolidated sands.

3.4.2 Drilling Fluid Additives. Water-based drilling fl uids consist of a mixture of solids, liquids, and chemicals, with 
water being the continuous phase. Solids may be active or inactive. The active (hydrophilic) solids such as hydratable 
clays react with the water phase, dissolving chemicals and making the mud viscous. The inert (hydrophobic) solids 
such as sand and shale do not react with the water and chemicals to any signifi cant degree. Basically, the inert solids, 
which vary in specifi c gravity, make it diffi cult to analyze and control the solids in the drilling fl uid (i.e., inert solids 
produce undesirable effects).

Broad classes of water-based drilling-fl uid additives are in use today. Clays, polymers, weighting agents, fl uid-
loss-control additives, dispersants or thinners, inorganic chemicals, lost-circulation materials, and surfactants are the 
most common types of additives used in water-based muds. Clays and polymers were discussed in Section 3.4.1.

Weighting Agents. The most important weighting additive in drilling fl uids is barium sulfate (BaSO
4
). Barite is a 

dense mineral comprising barium sulfate. The specifi c gravity of barite is at least 4.20 g/cm3 to meet API specifi ca-
tions for producing mud densities from 9 to 19 lbm/gal. However, a variety of materials have been used as weight-
ing agents for drilling fl uids including siderite (3.08 g/cm3), calcium carbonate (2.7–2.8 g/cm3), hematite (5.05 g/
cm3), ilmetite (4.6 g/cm3), and galena (7.5 g/cm3). 

Fluid-Loss-Control Additives. Clays, dispersants, and polymers such as starch are widely used as fl uid-loss-
control additives. Sodium montmorillonite (bentonite) is the primary fl uid-loss-control additive in most water-
based drilling fl uids. The colloidal-sized sodium-bentonite particles are very thin and sheetlike or platelike with a 
large surface area, and they form a compressible fi lter cake. Inhibitive mud systems inhibit the hydration of ben-
tonite and greatly diminish its effectiveness. Therefore, bentonite should be prehydrated in fresh water before 
being added to these systems. The larger and thicker particles of sodium montmorillonite do not exhibit the same 
fl uid-loss-control characteristics. 

Thinners or Dispersants. Although the original purpose in applying certain substances called thinners was to 
reduce fl ow resistance and gel development (related to viscosity reduction), the modern use of dispersants or thin-
ners is to improve fl uid-loss control and reduce fi lter cake thickness. The term dispersant is frequently used incor-
rectly to refer to defl occulants. Dispersants are chemical materials that reduce the tendency of the mud to coagulate 
into a mass of particles or “fl oc cells” (i.e., the thickening of the drilling mud resulting from edge-to-edge and 
edge-to-face association of clay platelets). In addition, some dispersants contribute to fl uid-loss control by plug-
ging or bridging tiny openings in the fi lter cake. For this reason, some dispersants such as lignosulfonate (a highly 
anionic polymer) are more effective than others as fl uid-loss reducers (IMCO 1981).

Quebracho is a type of tannin that is extracted from certain hardwood trees and used as a mud thinner. It also can 
be added to mud to counteract cement contamination. High pH is required for quebracho to dissolve readily in cold 
water. Therefore, quebracho should be added with caustic soda in equal proportions by weight of 1 part of caustic 
soda to 5 parts quebracho. Concentration of quebracho varies between 0.5 and 2 lbm/bbl. Safety considerations for 
mixing these fl uids (or any fl uid and solid) must be observed.

Lost-Circulation Materials. In mud parlance, losses of whole drilling fl uid to subsurface formation are called 
lost circulation. Circulation in a drilling well can be lost into highly permeable sandstones, natural or induced for-
mation fractures, and cavernous zones; such a loss is generally induced by excessive drilling-fl uid pressures. Drill-
ing mud fl owing into the formation implies a lack of mud returning to the surface after being pumped down a well. 

An immense diversity of lost-circulation materials have been used. Commonly used materials include:
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· Fibrous materials such as wood fi ber, cotton fi ber, mineral fi ber, shredded automobile tires, ground-up cur-
rency, and paper pulp 

· Granular material such as nutshell (fi ne, medium, and coarse), calcium carbonate (fi ne, medium, and 
coarse), expanded perlite, marble, formica, and cottonseed hulls

· Flakelike materials such as mica fl akes, shredded cellophane, and pieces of plastic laminate

Darley and Gray (1988) include an additional group of lost-circulation materials—slurries. Hydraulic  
cement, diesel oil-bentonite-mud mixes, and high-fi lter-loss drilling muds harden (increase strength) with time 
after placement.

Surfactants or Surface-Active Agents. A surface-active agent is a soluble organic compound that concen-
trates on the surface boundary between two dissimilar substances and diminishes the surface tension between 
them. The molecular structure of surfactants is made of dissimilar groups having opposing solubility tendencies 
such as hydrophobic and hydrophilic. They are commonly used in the oil industry as additives to water-based 
drilling fl uid to change the colloidal state of the clay from that of complete dispersion to one of controlled fl oc-
culation. They may be cationic (dissociating into a large organic cation and a simple inorganic anion), anionic 
(dissociating into a large organic anion and a simple inorganic cation), or nonionic (long chains of polymer that 
do not dissociate) (Darley and Gray 1988).

Surfactants are used in drilling fl uids as emulsifi ers, dispersants, wetting agents, foamers and defoamers, and to 
decrease the hydration of the clay surface. The type of surfactant behavior depends on the structural groups of the 
molecules. 

Various Other Additives. There are a plethora of other additives for drilling fl uids. Some are used for pH 
control—that is, for chemical-reaction control (inhibit or enhance) and drill-string-corrosion mitigation. There 
are bactericides used in starch-laden fl uids (salt muds in particular) to kill bacteria. There are various contami-
nate reducers such as sodium acid polyphosphate (SAPP) used while drilling cement to bind up calcium from the 
cement cuttings. There are corrosion inhibitors, especially H

2
S scavengers. There are defoamers to knock out 

foaming and foaming agents to enhance foaming. There are lubricants for torque-and-drag reduction as well as 
pipe-freeing agents for when a drill string is stuck. 

3.5 Clay Chemistry
The key to understanding drilling fl uids is to understand clay chemistry. And to really understand clay chemistry, 
the understanding of particle sizes is critical. 

3.5.1 Particle Sizes. The common size of a given particle is usually measured in microns (µm). This is 0.001 mm 
or 3.937 × 10–5 in. Particles that are greater than 44 µm are considered sand-sized particles (regardless of their 
material). These can be subcategorized as coarse (greater than 2 mm), intermediate (between 2 mm and 250 µm), 
medium (between 250 and 74 µm), and fi ne (between 74 and 44 µm). Particles sized between 44 and 2 µm are 
silt-sized. And particles less than 2 µm are called colloidal. Clay particles are colloidal in size. While sand- and 
silt-sized particles can be physically separated in a liquid, a colloidal-sized particle cannot. It must be removed 
using a chemical reaction, which typically enlarges the particle and makes it susceptible to physical separation. 
The range of particle sizes are illustrated in Fig. 3.3.

The surface area of a clay particle is remarkable. For example, a 1 cm cube of clay has a surface area of 6 × 
10–4 m2. Chop that same 1 cm cube into 1-µm cubes (the size of a clay particle) and the result would be 10,0003 
(1012) particles. Each particle would have a surface area of 6 × 10–12 m2; 1012 of those particles would yield a 
surface area of 6 m2—this is an increase of 10,000 in the available surface area. And, because the chemical 
reactivity of clay is partially dependent on its surface area, the more dispersed a clay is, the more reactive it 
becomes.

The surface area of a clay particle typically has an ion associated with it. This cation links the platelet structure 
of the clay together. The strength of the cation, as well as other environmental conditions, dictates whether the 
platelets separate or not.

Hydration occurs as clay platelets absorb water and swell. Fig. 3.4 illustrates the various forms of clay behavior. 
Dispersion (or disaggregation) causes clay platelets to break apart and disperse into the water because of loss of 
attractive forces as water forces the platelets farther apart. Aggregation—a result of ionic or thermal conditions—
alters the hydration of a layer around the clay platelets, removes the defl occulant from positive-edge charges, and 
allows platelets to assume a face-to-face structure. Flocculation begins when mechanical shearing stops and plate-
lets that previously dispersed come together because of the attractive force of surface charges on the platelets. 
Defl occulation, the opposite effect, occurs by addition of chemical defl occulant to fl occulated mud; the positive-
edge charges are covered and attraction forces are greatly reduced. 
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3.5.2 Clay Types. From the standpoint of geology, clay (sediments less than 0.0039 mm in size) is a group of 
rock-forming, hydrous aluminum silicate minerals that are layered in morphology and can form by the alteration 
of silicate minerals. On the other hand, from the standpoint of drilling-fl uid technology, clay is a large family of 
complex minerals containing the elements magnesium, aluminum, silicon, and oxygen (magnesium, aluminum 
silicates) combined in a sheetlike structure (Darley and Gray 1991). 

Various clays react to water at differing levels known as activity levels. The smectites are the most reactive with 
water, easily disassociating. The best known clay is sodium montmorillonite, better known as bentonite or gel. 
Calcium montmorillonite is sometimes called subbentonite. And vermiculite is the least active of the smectites. 
The next less-reactive clays are the illites, followed by the chlorites, and the kaolinites. Each of these clays is pres-
ent in differing proportions in formations, a fact that can seriously complicate drilling-fl uid selection.

Wyoming bentonite is composed primarily of three-layer clays called montmorillonite (a mineral found near 
Montmorillon, France). The term now is reserved usually for hydrous aluminum silicates approximately repre-
sented by the formula 4SiO

2
·A1

2
O

3
·H

2
O + water, but with some of the aluminum cations Al3+ being replaced by 

magnesium cations Mg2+. This replacement of Al3+ by Mg2+ causes the montmorillonite structure to have an excess 
of electrons. This negative charge is satisfi ed by loosely held cations from the associated water. The name sodium 
montmorillonite refers to a clay mineral in which the loosely held cation is the Na+ ion.

Montmorillonite, a hydrophilic and dispersible clay mineral of the smectite group, is a mineral that tends to 
swell when exposed to water. This clay has the extraordinary capacity of exchanging cations, typically sodium 
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(Na+) and calcium (Ca+2). Sodium montmorillonite is known as a premium mud additive. It is considered higher-
quality swelling clay, while calcium-type montmorillonite is of lower quality and is treated during grinding by 
adding more additives for various commercial applications. Sodium montmorillonite is capable of swelling to 
approximately 10 times its original volume when mixed with fresh water. Calcium montmorillonite will swell 
only two to four times its original volume when mixed with water. In mud parlance, bentonite is classifi ed as so-
dium bentonite and calcium bentonite, depending on the exchangeable cation (Darley and Gray 1991).

Montmorillonite clay has a mica-type crystal structure made up of a crystal lattice of silica and aluminum, and 
the lattice is loosely bound with a cation such as sodium or calcium. In the presence of water, the crystal lattice 
absorbs water, allowing the crystal to swell. The covalent calcium ion holds the crystal lattice together tighter, 
allowing less swelling. A model representation of the structure of sodium montmorillonite is shown in Fig. 3.5 
(Grim 1968). A central alumina octahedral sheet has silica tetrahedral sheets on either side. These sheetlike struc-
tures are stacked with water and the loosely held cations between them. Polar molecules such as water can enter 
between the unit layers and inc rease the interlayer spacing. This is the mechanism through which montmorillonite 
hydrates or swells. A photomicrograph of montmorillonite particles in water is shown in Fig. 3.6 (Grim 1968). 
Note the platelike character of the particles.

In addition to the substitution of Mg2+ for A13+ in the montmorillonite lattice, many other substitutions are pos-
sible. Thus, the name montmorillonite often is used as a group name including many specifi c mineral structures. 
However, in recent years, the name smectite has become widely accepted as the group name, and the term mont-
morillonite has been reserved for the predominantly aluminous member of the group shown in Fig. 3.5. This re-
cent naming convention has been adopted in this text.

The ability of smectite clays to swell when exposed to water is considerably affected when the salinity of the 
water is too great. In the particular case of salt water, a fi brous, needlelike clay mineral called attapulgite is used. 
Attapulgite (a mineral found near Attapulgus, Georgia, USA) is composed of magnesium-aluminum silicate and 
is incapable of controlling the fi ltration properties of the mud. Attapulgite is approximately represented by the 
formula (Mg,AL)

2
Si

4
O

10
·4H

2
O , but with some pairs of the magnesium cations (2Mg2+) being replaced by a 

single trivalent cation. A photomicrograph of attapulgite in water is shown in Fig. 3.7a. The ability of attapulgite 
to build viscosity is thought to be a result of interaction between the attapulgite fi bers rather than the hydration 
of the water molecules. A longer period of agitation is required to build viscosity with attapulgite than with 
smectite clays. However, with continued agitation, viscosity decreases are observed eventually because of the 
mechanical breakage of the long fi bers. This can be offset through the periodic addition of a new attapulgite 
material to the system. 
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Fig. 3.4—Association of clay particles (after Bourgoyne et al. 1991).
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The clay mineral sepiolite, a magnesium silicate with a fi brous texture, has been proposed as a high-temperature 
substitute for attapulgite. A photomicrograph of sepiolite in water is shown in Fig. 3.7b. The idealized formula can 
be written Si

12
Mg

8
O

32
·nH

2
O. X-ray diffraction techniques and scanning-electron-microscope studies have estab-

lished that the crystalline structure of this mineral is stable at temperatures up to 800°F. Slurries prepared from 
sepiolite exhibit favorable rheological properties over a wide range of temperatures.

3.6 Estimating Drilling Fluid Properties
Two principal properties of interest in drilling fl uids are density (mud weight) and viscosity. Reasonably accurate 
densities can be estimated from basic principles, but viscosity can be estimated within a broad range, at best. 
Fortunately, drilling-fl uid viscosity usually is not specifi ed in a narrow range, but testing and adjusting mud vis-
cosity usually is desirable.

Oxygen atom

Hydroxyl ion

Aluminum or magnesium

Silicon

OH

OH

OH

OH
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Fig. 3.5—Structure of sodium montmorillonite (Grim 1968). Used with permission of McGraw-Hill.
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Fig. 3.6—Transmission electron photomicrograph of montmorillonite (Grim 1968). Used with permission of 
McGraw-Hill.

(a) (b)

Fig. 3.7—Transmission electron photomicrograph of attapulgite (left) and sepiolite (right) (Grim 1968). Used with 
permission of McGraw-Hill.
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3.6.1 Calculating Mud Weight. Generally speaking, drilling mud is composed of four major components: water 
or brine phase, an oil phase, low density solids, and high density solids. These four components are immiscible, 
that is, no component dissolves in any other component to any signifi cant degree. This means that the four com-
ponents form an ideal mixture. In an ideal mixture, the sum of the component volumes equals the total volume of 
the mixture:

f w o ls hsV  =V +V +V +V ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.1)

where V
f
  is the total fl uid volume, V

w
 is the volume of the water phase, V

o  
is the volume of the oil phase, V

ls
  is the 

volume of the low density solids, and V
hs

 is the volume of the high density solids. This volume sum may seem 
obvious, but there are common mixtures that are not ideal. For instance, a mixture of table salt and fresh water 
does not obey Eq. 3.1, and therefore, the prediction of the volume of salt/water mixtures is extremely complex 
(Rogers and Pitzer 1982). 

The total weight of a fl uid mixture is simply the sum of the weights of the components. Conservation of mass 
ensures that the total weight calculation is always correct:

f w w o o ls ls hs hsm V V V V= ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.2)

where m
f
 is the mass of the fl uid mixture, ρ

w
 is the density of the water phase, ρ

o 
is the density of the oil phase, ρ

ls
 

is the density of the low-density solids, and ρ
hs 

is the density of the high-density solids. The overall density of the 
fl uid mixture, then, is

f w o ls hs

f f f f f

m V V V V
V V V V V

f f f f

w o ls hs
f

w w o o ls ls hs hs

=

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.3)

where f
w
 is the volume fraction of the water phase, f

o
 is the volume fraction of the oil phase, f

ls
 is the volume frac-

tion of the low density solids, and f
hs

 is the volume fraction of the high density solids. Note that the sum of the 
volume fractions equals 1. The specifi c gravities of typical drilling-fl uid solids are given in Table 3.1. Changes in 
temperature and pressure will change the volumes of the components. While the solid phases show little change 
over typical ranges of temperature and pressure, water does show some change with temperature, and oil shows 
considerable change with pressure and temperature. Water is relatively incompressible, while oils are much more 
compressible. If we review Eq. 3.2, we see that the volume of the fl uid changes as the volume of the water phase 
and oil phase changes. As a result, the volume fractions, computed at a given pressure and temperature, are not 
constants and vary with changes in pressure and temperature. If we measure volume fractions at a specifi ed tem-
perature, the following formula gives the density of the mixture at new temperatures and pressures:

  
   

( )

f r r
f

o o w w

o w

w w w r r

o o o r r

P ,T
P,T

f f

P,T P,T

P,T P ,T

P,T P ,T ,

( ) =
1 

=

=

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.4)

where P
r 
is the reference temperature and T

r 
is the reference temperature used to calculate the volume fractions

 
f
w 

and f
o
. 

Water and Oil Densities. The effect of temperature and pressure on the density of water, the density of diesel 
oil, and the density of typical synthetic oil is shown in Figs. 3.8 through 3.10, respectively. For an accurate 

TABLE 3.1—DENSITY OF SOLIDS IN DRILLING FLUIDS (SG)

Bentonite 2.6 Limestone 2.8 Hematite 5.05 Galena 7.50
Barite 4.2 Siderite 3.08 Ilmetite 4.6 Cuttings ~2.6
Attapulgite 2.89 Sand 2.63 NaCl 2.16 CaCl2 1.96
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analytic formula for water density, we recommend the correlation in Parry et al. (2000). Sorelle et al. (1982) 
gives the following simplifi ed formula:

2.37170 ,T Pw = 8.63186     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.5)

where r
w
 is water density in lbm/gal, T is temperature in °F, and P is pressure in psia. A general correlation for oil 

density has been proposed by Zamora et al. (2000):

2
0 0 0 1 1 2 2SG = + + +a +b T a b T P a b T P ,   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.6)
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Fig. 3.8—Density of fresh water as a function of pressure and temperature.
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where SG
0 
is the oil specifi c gravity, T is temperature in °F, and P is pressure in psia. Specifi c gravity is con-

verted to lbm/gal by multiplying by 8.34. Table 3.2 gives coeffi cient values for diesel oil and four synthetic 
oils. 

Brine Density. As mentioned earlier, mixtures of water and salts, such as NaCl, KCl, and MgCl
2
 are not ideal 

solutions and do not obey the mixing rules given in Eqs. 3.1 through 3.4. The calculation of brine density is ex-
tremely diffi cult and beyond the scope of this book. The interested student is referred to Rodgers and Pitzer (1982) 
and Kemp and Thomas (1987). The usual method for calculating brine density is to refer to tables, such as Table 
3.3 from Halliburton’s cementing tables (Halliburton 2001).
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Fig. 3.9—Density of diesel oil as a function of pressure and temperature.
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Fig. 3.10—Density of synthetic oil as a function of pressure and temperature.
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TABLE 3.2—COEFFICIENTS FOR OIL DENSITY CORRELATION

a0  104
b0  10 a1 x 108

b1  106
a2  1013

b2  1012

Diesel –3.6058 8.7071 0.4640 3.6031 –1.6843 –72.465
LVT 200 –3.8503 8.3847 1.5695 2.4817 –4.3373   6.5076
LAO C16C18 –3.5547 8.1304 1.2965 3.1227 –2.7166 –28.894
Saraline 200 –3.7621 8.0019 1.5814 2.3560 –4.3235   10.891
EMO-4000 –3.7799 8.4174 1.3525 2.8808 –3.1847 –17.697
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Example 3.1 Determine the volume and density of brine composed of 110.6 lbm of NaCl and 1 bbl of fresh water 
at 68°F.

Solution. From Table 3.3, the total volume is 1.115 bbl, and the solution density is 9.84 lbm/gal. Note that if 
ideal mixing is assumed, the total volume calculated, using Table 3.1 for the specifi c gravity of NaCl, is given by

wV V VNaCl

110.6 lbm
= = 1.0 bbl + = 1.146 bbl.

(2.16SG)(8.34 lbm/gal)(42gal/bbl)

TABLE 3.3—BRINE PROPERTIES (HALLIBURTON 1981)

PHYSICAL PROPERTIES OF SODIUM CHLORIDE SOLUTIONS
Percent
Sodium 

Chloride by 
Weight

Density of 
Solution

Specific 
Gravity Weight of Salt Freeze Point

of 
Solution

of
Water lbm/gal kg/m3 @ 20°C

lbm/gal 
of 

Water
lbm/bbl 

of Water
kg/m3 of 
Water

Yield of 
Solution °F °C

0 8.34 998 0.998 1.000
1 1.01 8.38 1005 1.005 0.08 3.54 10.08 1.005 30.9 –0.6
2 2.04 8.45 1013 1.013 0.17 7.15 20.36 1.008 29.9 –1.2
3 3.09 8.51 1020 1.020 0.26 10.82 30.85 1.011 28.8 –1.8
4 4.17 8.57 1027 1.027 0.35 14.61 41.63 1.015 27.7 –2.4
5 5.26 8.62 1034 1.034 0.44 18.42 52.51 1.018 26.2 –3.0
6 6.38 8.68 1041 1.041 0.53 22.35 63.69 1.022 25.3 –3.7
8 8.70 8.81 1056 1.056 0.73 30.47 86.85 1.029 22.9 –5.1

10 11.11 8.93 1071 1.071 0.93 38.92 110.90 1.038 20.2 –6.6
12 13.64 9.06 1086 1.086 1.14 47.78 136.16 1.047 17.3 –8.2
14 16.28 9.18 1101 1.101 1.36 57.03 162.51 1.056 14.1 –9.9
16 19.05 9.31 1116 1.116 1.59 66.73 190.16 1.067 10.6 –11.9
18 21.95 9.44 1132 1.132 1.83 76.89 219.11 1.077 6.7 –14.0
20 25.00 9.57 1148 1.148 2.09 87.57 249.56 1.089 2.4 –16.5
22 28.21 9.71 1164 1.164 2.35 98.81 281.60 1.101 –2.5 –19.2
24 31.58 9.84 1180 1.180 2.63 110.62 315.24 1.115 +1.4* –17.0*
26 35.14 9.98 1197 1.197 2.93 123.09 350.78 1.129 +27.9** –2.3**
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S

* Precipitation @ –17°C, 1.4°F; ** Precipitation @ –2.3°C, 27.9°F

PHYSICAL PROPERTIES OF POTASSIUM CHLORIDE SOLUTIONS

Percent
Potassium
Chloride by 

Weight
Density of 
Solution

Speci-
fic 

Gravity
Weight of Potassium 

Chloride Freeze Point

of 
Solution

of
Water lbm/gal kg/m3

@ 
20°C

lbm/gal 
of 

Water

lbm/bbl 
of 

Water

kg/m3

of 
Water

kg of 
Potas-
sium 

per m3

of 
Water

kg of 
Chloride 
per m3

of 
Water °F °C

0 — 8.34 998 0.998 — — — — — — —
1 1.01 8.38 1005 1.005 0.08 3.54 10.08 5.27 4.78 31.2 –0.44
2 2.04 8.43 1011 1.011 0.17 7.15 20.36 10.6 9.6 30.3 –0.94
3 3.09 8.48 1017 1.017 0.26 10.82 30.85 16.0 14.5 29.5 –1.39
4 4.17 8.54 1024 1.024 0.35 14.61 41.63 21.5 19.5 28.7 –1.83
6 6.38 8.65 1037 1.037 0.53 22.35 63.69 32.6 29.6 27.0 –2.78
8 8.70 8.75 1050 1.050 0.73 30.47 86.85 44.0 39.8 25.2 –3.78

10 11.11 8.87 1063 1.063 0.93 38.92 110.90 55.8 50.0 23.3 –4.83
12 13.64 8.98 1077 1.077 1.14 47.78 136.16 67.8 61.4 21.4 –5.89
14 16.28 9.10 1091 1.091 1.36 57.03 162.51 80.0 72.5 19.3 –7.06
16 19.05 9.21 1104 1.104 1.59 66.73 190.16 92.6 84.0 17.4 –8.11
18 21.95 9.33 1119 1.119 1.83 76.89 219.11 105.4 95.5 14.9 –9.50
20 25.00 9.45 1133 1.113 2.09 87.57 249.56 118.8 107.8 15.0 –9.44
22 28.21 9.57 1147 1.147 2.35 98.81 281.60 132.1 119.8 32.6 10.33
24 31.58 9.69 1162 1.162 2.63 110.62 315.24 146.3 132.6 52.0* 11.11*

26.5 36.05 9.82 1178 1.178 3.10 126.28 359.86 163.7 148.5 78.3* 25.72*
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* Precipitates
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This volume corresponds to a density of

lbm/gal.
(8.34 lbm/gal)(42 gal/bbl) 110.6 lbm

= 401.76 lbm/bbl = 9.57
1.1462 bbl

This value does not compare favorably with the true value shown in Table 3.3. As previously stated, salt solutions 
do not obey ideal mixture assumptions.

Mud Weight Calculations. This section provides fi ve example problems that are very typical of day-to-day 
mud-engineering calculations. The equations are helpful in the sense that if you are working in a location where 
barite specifi c gravity is not always 4.2, or you are using some other type of high-density weighting material, ac-
curate values can still be calculated. Remember that published charts are usually based on barite with specifi c 
gravity of 4.2.

Example 3.2 In this problem we will calculate the barite requirements for a weighted mud. We are not concerned 
with the volume increase of our mud. How much API barite (SG = 4.2) is needed?

Solution. First we look at the volume and mass balances:

,

f i

f f i i
hs

V V V

V V V

where Vi  is the initial volume, V f  is the fi nal volume, ρi
 
is the initial mud density of 11 lbm/gal, ρ f is the fi nal mud 

density of 11.5 lbm/gal, and ΔV is the volume of barite added. We then solve for V f, assuming initially 200 bbl 
mud; from Table 3.1, we know the specifi c gravity of barite is 4.2, so the density of barite = (4.2)(8.34) = 35 lbm/

gal:

i
f i hs

f
hs

V V
35 11

200 bbl 204.3bbl.
35 11.5

Note that you will need to have an additional 4.3-bbl tank volume to be able to accommodate the increase. 
While this is not much in this case, weighting up to large volumes and higher densities would strain the capacity 
of a rig.

Next we calculate how much barite we need to add to get the increase:

f i
hs hsm V V 204.3 200 35 42 gal/bbl 6,255lbm 63sacks,

where m
hs 

is the mass of high density solids (barite) to be added.
Now that the basic principle has been illustrated, we can move on to a slightly more complex situation.

Example 3.3 The volume of the mud system is currently 800 bbl. The mud weight is 12 lbm/gal and needs to be 
increased to 14 lbm/gal. Because the mud system is full, we need to throw out some mud before we weight up the 
remainder.

Usually, when adding a large amount of barite to a system, the dry barite tends to rob the system of its water. It 
is good practice to add about 1 gal of water for every sack (100 lbm) of barite to compensate for this issue.

We need to calculate the volume of old mud to throw away and how much barite we need to add to the system.
Solution. This problem is similar to the previous problem, with two exceptions:

1. The fi nal volume is known.
2. Additional water is added proportional to the barite added.

Because the additional water is proportional to the added mass of the barite, 

,wb wb
w hs hs hsV m V V V
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where Vwb  = 1 gal of water per 100 lbm of barite. Rewriting the volume and mass balances:

.

f i wb
hs hs hs

f f i i wb
hs hs w hs hs

V V V V V

V V V V V

The volume of old mud to be thrown away is simply the difference in the desired initial volume Vi and the actual 
initial volume. We solve the above equations for the desired initial volume, where we have been given the desired 
fi nal volume:

1 V
1 V
1 V
1 V

wb
fw

hs wb
hs

wb
iw

hs wb
hs

i fV = V

1+ 8.33(0.01)
35 14

1+ 35(0.01)
= 800 = 700.5bbl.

1+ 8.33(0.01)
35 12

1+ 35(0.01)

Vi  is the initial volume we need to start with so that when we fi nish weighing up, we will maintain the 800-bbl 
system volume. Note that the equation is the inverse of the one in Example 3.2 with only the additional factor to 
take into account the additional water added in with the dry barite.

The volume of mud we need to throw out Vdiscard is

V V Vf idiscard 800 700.53 99.47bbl.= − = − =

Next, we calculate how much barite we need:

    

i fhs
hs wb

hs

m V V
V

35 800 700.53 42gal/bbl 108,309lbm
1 35 0.011

 1,083 sacks.

Remember also to add in 1 gal of water per sack of barite (i.e.,  1,083 gal or 25.8 bbl water).
So the procedure is to

1. Throw out 99.47 bbl of mud.
2. Add 1,083 sacks of barite and 25.8 bbl water.
3. Mix it up, and you are ready to go.

Example 3.4 This example will illustrate another common situation. Suppose we have just set intermediate casing 
and are ready to drill ahead. We have been informed that we are to hit a high pressure zone 50 ft below the shoe 
and need to weigh up the mud to 14 lbm/gal. Currently we have 9.5 lbm/gal unweighted mud in the hole with 5% 
solids content.

Because there is a large distance to drill, it is necessary to lower the solids content of the mud to 3%. The mud 
volume is 1,000 bbl, which is too much, and we determine that an 800-bbl volume is suffi cient. (It costs more to 
weigh up 1,000 bbl than 800 bbl.)

This scenario requires a mass operation on the mud, getting it into fi rst-class condition so that the next section 
can be drilled without any problems. The fi rst step is to lower the solids content of the mud using dilution. Because 
the fi nal mud volume must be 800 bbl, 200 bbl are thrown out. Additionally, more mud will need to be removed 
and water added to reach the 3% solids content.

Solution. The initial start volume is determined:

V V
f

f
i f ls

f

ls
i

=
⎛

⎝
⎜

⎞

⎠
⎟ = ⎛

⎝⎜
⎞
⎠⎟

=800
0.03

0.05
480 bbl,
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where f i
ls
 is the initial low density solids fraction and f i

ls
 is the fi nal low-density solids fraction. Therefore, an ad-

ditional 320 bbl of mud must be thrown out to leave the 480 bbl. Next, determine how much water must be added 
to the system:

f f i i
hs hs

w
hs w

V V
V

35 14 800 35 9.5 480
171 bbl water,

35 8.33

where V
w 

is the volume of water added. Finally, determine the amount of barite to be added:

    

i
wV Vf

hs hsm V 800 480 171 35 42gal/bbl 219,000 lbm

2,190 sacks.

This will result in 800 bbl of 14 lbm/gal mud.

Example 3.5 To drop the weight of a drilling fl uid, calculate the volume of dilution fl uid required to decrease the 
density of the drilling fl uid when a volume increase can be tolerated:

Solution.

11.5 11
200 4.2 bbl.

35 11

i f
f i

f
hs

V V

So, in this case, adding 4.2 bbl will dilute 200 bbl of mud from 11.5 lbm/gal to 11.0 lbm/gal. The total volume 
would end up at 204.2 bbl.

Example 3.6 To drop the weight of a drilling fl uid without a change in volume, calculate the volume of dilution 
fl uid required to decrease the density of a drilling fl uid, and calculate the volume of old mud to throw away.
Solution. The volume of old mud to be thrown away:

35 11
200 195.8bbl.

35 11.5

f
i f hs

i
hs

V V

Vi is the initial volume to start with so that when density reduction is fi nished, the 200-bbl system volume is main-
tained. The volume of mud to be thrown out (V discard) and the amount of water to be added is

discard 200 195.8 4.2 bbl.f iV V V

3.6.2 Estimating Mud Viscosity. Correlations for the viscosity of fresh water and of various oils are available 
from many sources. For example, Parry et al. (2000) provide correlations for fresh water, and Poling et al. (2000) 
provide correlations for oils. The effect that pressure and temperature have on the water viscosity is shown in Fig. 
3.11 and for diesel oil in Fig. 3.12. The viscous properties of a mixture of liquid and solid components, however, 
are not well understood. Fig. 3.13 shows the effect of low density solids on the viscosity of water, and the varia-
tion for different types of solids is quite pronounced. A formula for dilute mixtures of spherical, noninteracting 
particles has been developed by Einstein (Govier and Aziz 2008):

M lsf1 2.5 ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.7)

where µ is the fl uid viscosity, µM
 is the viscosity of the mixture, and f

ls 
is the solid volume fraction. This formula 

is valid only up to 1–2% of solids by volume. Guth and Simha (Govier and Aziz 2008) extended Einstein’s results:

21+ 2.5 14.1M ls lsf f ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.8)
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which is valid up to about a volume fraction of 20% with about a 10% error. Unfortunately, the assumptions of 
spherical and noninteracting particles are not generally valid for drilling fl uids and are especially untrue for brines 
and water-bentonite mixtures.

Generally speaking, drilling fl uids are mixed from basic components, the viscosity of the fl uid is tested, and 
the viscous properties are then adjusted, if necessary, using chemical additives. The variation in drilling-fl uid 
viscous properties as a function of pressure and temperature have been correlated by Alderman et al. (1988) for 
water-based muds and Houwen and Geehan (1986) for oil-based muds. 

3.7 Testing of Drilling Fluids
During the drilling process, the physical and rheological properties of a drilling fl uid have to be controlled accu-
rately to ensure the fl uid’s appropriate performance. These properties are regularly tested and recorded on the 

Effect of Pressure and Temperature on the Viscosity of Water
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Fig. 3.11—Viscosity of fresh water as a function of pressure and temperature.
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Fig. 3.12—Viscosity of diesel oil as a function of pressure and temperature (Annis 1974). Reprinted 
 courtesy of ExxonMobil.
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drilling-mud report, which is presented by the API (API Spec. 13B-1 2009). The drilling-fl uid technicians carry 
out the fi eld tests at the wellsite where the mud properties are routinely monitored. 

Because the chemical tests conducted upon the water phase are only semiquantitative, the control of the water’s 
ionic balance is quite complicated. Thus, a persistent question arises: How accurate are the test results? From a 
chemical standpoint, most of the chemical test results are suffi cient for interpretation of drilling-fl uid behavior. 
But, occasionally, no chemical balance is present and the interpretation of those results does not point to the actual 
problem. 

A water-based mud is composed of a three-phase system: water, active solids, and inert solids. The active solids 
(hydrophilic) such as hydratable clays react with the water phase by dissolving chemicals and by providing vis-
cosity to the mud. On the other hand, the inert solids (hydrophobic) such as sand and shale do not react with the 
water and chemicals to any signifi cant degree. Basically, the inert solids make diffi cult the analyses and control of 
the solids in the drilling fl uid (i.e., inert solids produce undesirable effects). 

3.7.1 Properties of Drilling Fluids. There are many physical and chemical properties of drilling fl uids that are 
useful to know or even critical to determine. The physical properties of a drilling fl uid, the density, and the rheo-
logical properties are examined continuously to optimize the rotary-drilling process. These properties contribute 
to preventing an infl ux of formation fl uid, providing wellbore stability, providing hydraulic energy at the drilling 
bit, removing drilled solids (cuttings) from the well and suspending them during static periods, and permitting 
segregation of solids and gas at the surface. The chemical properties of a drilling fl uid provide the chemical effects 
associated with formation damage, rheological-property changes, and cuttings-transport issues.

3.7.2 Testing for Density. The mass per unit volume of a drilling fl uid, density, is commonly reported either in 
pounds per gallon (lbm/gal), in kilograms per cubic meter (kg/m3), grams per cubic centimeter (also called spe-
cifi c gravity [SG]), or in hydrostatic gradient, lbm/in2/ft (psi/ft) or psi/1,000 ft. The mud density and the depth of 
the well control the hydrostatic pressure exerted by a static drilling-fl uid column. The mud density prevents infl ow 
of formation fl uid into the well and collapse of the open hole and the casing. To prevent infl ow, the hydrostatic 
pressure of a mud column must exceed the formation or pore pressure. However, excessive mud weight can cause 
lost circulation and considerably affect the rate of penetration. 

The mass per unit volume (density or mud weight) of the drilling fl uid is determined by the use of the mud bal-
ance. A typical pressurized mud balance is illustrated in Fig. 3.14. It is important to note that fresh water weighs 
8.34 lbm/gal. Therefore, to calibrate a mud balance, fresh water must be used. If brine is used, the calibration will 
be incorrect unless one knows precisely the salt concentration and can determine the actual weight of the calibra-
tion fl uid.

Fig. 3.14—Pressurized mud balance. Courtesy of Halliburton.
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3.7.3 Testing for Flow Properties. The fl ow properties of the drilling fl uid play a very important role in the suc-
cess of the rotary-drilling operation and they must be controlled if the fl uid is to perform its various functions 
properly. 

Viscosity. The resistance to flow of a fluid and the resistance to the movement of an object through a fluid 
are usually stated in terms of the viscosity of the fluid. Experimentally, under conditions of laminar flow, 
the force required to move a plate at constant speed against the resistance of a fluid is proportional to the 
area of the plate and to the velocity gradient perpendicular to the plate. The constant of proportionality is 
called the viscosity. In the oil field, the following terms are used to describe the drilling-fluid viscosity: 
funnel viscosity, apparent viscosity, plastic viscosity, and effective viscosity. Viscosity is the rheological 
property of the drilling fluid that indicates its resistance to flow. Viscosity is defined as the ratio of shear 
stress to shear rate: 

. ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.9)

where t is the shear stress, g. is the shear rate, and m is the viscosity. The shear rate is the velocity gradient or fl uid 
velocity/length. The shear stress is the force over an area exerted on the fl uid (t = force/area), and m is the constant 
of proportionality, or viscosity, of the fl uid. Viscosity, in the drilling industry, is expressed in centipoise (cp), 
where 1 cp = 0.01 poise = 0.01 dyne-sec/cm2 = 0.01 g/cm-sec. The shear rate (g., sec–1) of a fl uid is defi ned as the 
velocity change divided by the width of a canal through which it is moving in laminar fl ow. The shear stress (t, 
lbm/100 ft2) is the force per unit area needed to move a fl uid at a given shear rate. When the proportionality be-
tween shear stress and shear rate is independent of shear rate, the fl uid is called Newtonian, and many common 
fl uids have this behavior. However, most of the drilling fl uids are characterized as non-Newtonian fl uids, where 
the proportionality is shear-rate dependent.

Testing for Viscosity. A simple test for viscosity at the wellsite is the Marsh-funnel test. The Marsh funnel, 
shown in Fig. 3.15a, is a cone-shaped tool with a small bore tube on the bottom end through which drilling mud 
fl ows due to gravity action. The resulting value is not a true viscosity value but a relative comparison one. The 
qualitative measurement indicates how thick the drilling mud sample is measuring a timed rate of fl ow. This vis-
cosity is the number of seconds it takes for 1 quart of drilling mud to fl ow through the funnel. For example, the 
fl uid would be described as a “43 viscosity fl uid” if its fl owing from the funnel reaches the 1-quart line in 43 
seconds. However, no useful engineering information can be derived from this test.

The shear stress-shear rate relationship of a drilling mud is determined by conducting tests in a concentric viscom-
eter (Fig. 3.15b). This consists of concentric cylinders, one of which rotates (usually the outer one). A sample of fl uid 
is placed between the cylinders and the torque on the inner cylinder is measured, as illustrated in Fig. 3.16. Assuming 
an incompressible fl uid, with fl ow in the laminar-fl ow regime, the equation of motion can be solved for t to give: 

Fig. 3.15—Marsh funnel (left) and rotational viscometer (right) (Bourgoyne et al. 1991).
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,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.10)

where M
t
 is the torque,

 
r

1 
is the radius of the bob, and L is the length of the cylinders. In a concentric viscometer, 

torque M
t
 is measured at different rotational speeds of the outer cylinder. 

Shear stress is then calculated from Eq. 3.10 and shear rate is given by:

2
2

2 2
2 1

4 r

r r
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.11)

where r
2
 is the inside radius of the outer cylinder and w is the angular velocity of the outer cylinder. A number of 

commercially available concentric-cylinder rotary viscometers are suitable for use with drilling muds. They are 
similar in principle to the viscometer already discussed. All are based on a design by Savins and Roper (1954)—a 
two-speed viscometer that enabled the determination of the parameters of a fl uid model called a Bingham plastic 
model. A Bingham plastic fl uid model assumes that no fl ow occurs for shear stresses below τ

Y
, called the yield 

point. For shear stresses above the yield point, a Bingham plastic fl uid behaves as a Newtonian fl uid with viscos-
ity μ

p
, called the plastic viscosity. The formula for the Bingham plastic model is given by

Y p .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.12)

Fig. 3.17 shows the result of a typical viscometer test, with the Bingham-plastic curve shown as a solid line and 
the actual fl uid response shown as a dashed line. We can see that the Bingham plastic model does not fi t this fl uid 
very well except for high shear rates, and that the true yield point falls well below the calculated yield point. For 
this reason, many other fl uid models have been devised, which will be studied in Chapter 5. For our current pur-
poses, we will only consider the Bingham plastic model, but note that the viscometer results can be used in other 
ways. Viscometers are built so that

· 1° dial reading = 1.067 lbf/100 ft2 = 5.109 dynes/cm2 shear stress
· 1 rev/min = 1.703 reciprocal seconds, shear rate

Therefore, the plastic viscosity and yield point are calculated very simply from two dial readings at 600 rev/min 
and 300 rev/min, respectively. 

,600 300PV      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.13)

YP = θ
300

 − PV,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.14)
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Fig. 3.16—Rotational-viscometer geometry (Bourgoyne et al. 1991).
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where PV is plastic viscosity and YP is yield point. The units of plastic viscosity come out conveniently as centi-
poise (cp). Yield point results are reported using the units lbf/100 ft2. Apparent viscosity μ

a
 may be calculated from 

the Savins and Roper (1954) viscometer reading as follows:

.
300

a

    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.15)

m
a
 = t/g = 5.109/1.703 poise/degree per rev/min = 300 cp/degree per rev/min = 300 q/w, where q is the dial read-

ing at w rev/min. Apparent viscosity is usually reported at the 600 rev/min reading.
Notice that real fl uids are not ideally any of the models shown above, but generally are close to one model or 

another. The selection of the model may be motivated by a particular fl uid velocity of interest. Using a direct 
reading concentric-cylinder rotary viscometer, a more meaningful measurement of rheological properties is ob-
tained. This rotational cylinder and bob instrument is largely known in the drilling industry as a V-G meter. In 
1951, Melrose and Lilienthal (Rogers 1963) developed this multispeed viscometer for laboratory or fi eld use in 
measuring the rheological properties. The rotational viscometer is capable of providing plastic viscosity, apparent 
viscosity, yield point, and gel strength.

Although most models operate at six different speeds, only two dial readings are converted to the rheological 
parameters plastic viscosity and yield point—the 300- and 600-speed readings. The shear speed—that is 300 
rev/min and 600 rev/min—is the rotational speed on a standard oil-fi eld viscometer on which the shear rate is 
measured. The V-G meter is called a direct reading viscometer because at a given speed, the dial reading is a 
true centipoise viscosity. For example, the dial reading (511 sec–1) at 300 rev/min (q

300
) represents the true 

viscosity.
Plastic Viscosity. For a plastic fl uid, the plastic viscosity is the shear stress in excess of the yield stress that 

will induce a unit rate of shear. In other words, it is that part of the fl ow resistance in a drilling fl uid mainly 
produced by the friction of the suspended particles and by the viscosity of the liquid phase (IMCO 1981). It 
is given by Eq. 3.13. Recommended ranges of plastic viscosity are given in Fig. 3.18 as a function of mud 
density.

Yield Point. The yield point of clay in fresh water is defi ned as the number of barrels of 15-cp mud that can be 
obtained from 1 ton of dry material. Above 15 cp, small additions of clay have a signifi cant effect on viscosity. 
The yield point is given by Eq. 3.14. Recommended ranges of yield point are given in Fig. 3.19 as a function of 
mud density.
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Apparent Viscosity. In evaluating drilling fl uids, it is common practice to report the effective viscosity at 600 
rev/min using Eq. 3.15. This quantity is called the apparent viscosity, and is given by 

600 1
2 600

300
,

600
AV

    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.16)

where AV is apparent viscosity.
Effective Viscosity. Effective viscosity is defined as the viscosity of a Newtonian fluid that exhibits the 

same shear stress at the same rate of shear as the actual fluid being tested. Although it is a very useful pa-
rameter in hydraulic equations when the shear rate is known, the value of the effective viscosity is meaning-
less unless the rate of shear at which it is measured is specified. Furthermore, it is not a reliable parameter 
for comparing the viscous properties of two fluids; at least two parameters are necessary for that purpose.
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Fig. 3.18—Recommended range of yield point (Annis 1974). Reprinted courtesy of ExxonMobil.
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Gel Strength. Gel strength is the third rheological parameter commonly used to describe non-Newtonian fl u-
ids. The gel strength is the shear stress measured at low shear rate after a mud has set quiescently for a period of 
time. In other words, it is the measure of ability of a colloidal solid at rest to form a gel. A colloid is a fi nely di-
vided solid that does not deposit by gravity when dispersed in a liquid medium. Gel strength has the unit of pres-
sure usually reported in lbf/100 ft2. It is a measure of the same interparticle forces of a fl uid as determined by the 
yield point, except that gel strength is measured under static conditions. 

This rheological parameter is useful in drilling operations for determining the swabbing effect on pulling the 
drillpipe, the pressure required to break circulation, the ease of release of gas, and the settling of particles in the 
mud pits. The common gel strength measurements are initial and 10-min gels, which can be measured with a V-G 
meter as follows:

The fl uid is stirred at 600 rev/min until a stable dial reading is achieved. Then the instrument is turned off. After 
10 seconds of rest, the cylinder is rotated at 3 rev/min and the highest dial reading is recorded. This is called the 
“initial gel strength.” The same procedure is applied to measure the 10-min gel strength using a resting time of 10 
minutes after stirring the mud.

Example 3.7 A mud sample in a rotational viscometer equipped with a standard torsion spring gives a dial reading 
of 46 when operated at 600 rev/min and a dial reading of 28 when operated at 300 rev/min. Compute the apparent 
viscosity of the mud at each rotor speed. Also compute the plastic viscosity and yield point.

Solution. Use of Eq. 3.15 for the 300-rev/min dial reading gives

300(28)
28cp.

300a

Similarly, use of Eq. 3.15 for the 600-rev/min dial reading gives

300(46)
23cp.

600a

Note that the apparent viscosity does not remain constant but decreases as the rotor speed is increased. This type 
of non-Newtonian behavior is shown by essentially all drilling muds.

The plastic viscosity of the mud can be computed using Eq. 3.13:

300(46)
23cp.

600a

The yield point can be computed using Eq. 3.14:

     2
Y 300 28 18 10 lbf/100 ft .p

3.7.4 Lubricity Testing. Increasing the lubricity of a drilling fl uid is a technique used to help prevent stuck pipe. 
In this application, lubricity is the coeffi cient of friction between the drillpipe and the mud fi lter cake. The API 
recommended practices for mud testing do not include a specifi cation for lubricity. Lubricity testing has under-
gone developmental changes to obtain a more accurate correlation between test results and actual wellbore con-
ditions . 

In 1999, a specially designed fully automated device to accurately measure the coeffi cient of friction between 
metal and mud fi lter cake was tested on several drilling-fl uid types (Isambourg 1999). To simulate downhole 
conditions, drilling fl uid is circulated inside a pressurized cell with a temperature capability of 100°C. The cell 
is also equipped with an internal porous cylinder to simulate fi ltrate invasion and fi lter cake buildup across a 
permeable formation. Lubricity measurements are obtained through sensors on the rotating captor, which repre-
sents the drillstring. 

Once the fi lter cake has been deposited on the metal screen, the rotating captor moves laterally to make 
contact with the cake. At this point, cake thickness can be determined and recorded, and the captor can be 
further embedded in the cake at a preselected speed. The outer cell can be rotated at one-quarter intervals to 
obtain measurements at four points on the fi lter cake. The apparatus and procedure produced accurate and 
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reproducible coeffi cients of friction existing between the fi lter cake and “drill pipe” under simulated down-
hole conditions. A schematic of the lubricity tester is illustrated in Fig. 3.20. The test measures the applied 
force F and the applied torque M

t
. The coeffi cient of friction is μ

f
 calculated on the basis of the three follow-

ing formulas:

t f cpM F r ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (3.17a)

F F F F Ff N
2 2 2+ = = ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (3.17b)

f f NF F ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (3.17c)

where r
cp is the radius of the captor, F

N 
is the normal force and

 
F

f  
is the friction force. Moment equilibrium gives 

the value of F
f
 in Eq. 3.17a. The sum of the friction force and the normal force equals the applied force F , so their 

magnitudes are equal, as given in Eq. 3.17b. Having determined F
N
, we can now calculate the friction coeffi cient 

m
f
 with Eq. 3.17c.
Similar apparatuses were use to analyze differential sticking forces, pull forces, and associated mud-cake pore 

pressures. This leads to the conclusion that fi lter-cake compaction and permeability have a greater impact on the 
likelihood of differential sticking than cake thickness alone. The type and amount of solids affect fi lter-cake char-
acteristics, the degree of pipe sticking, and the pull-out force to get it free. Potassium chloride concentration in 
the mud may play an important role in the pull-out force because it changes the mud-cake strength through the 
potassium-inhibitive effect on clays.

3.7.5 Filtration Properties. The fi ltration and wall-building properties of drilling fl uids are acknowledged as being the 
most signifi cant in the good drilling of wells. This ability of the mud to seal permeable zones with a thin, low-permeabil-
ity fi lter cake represents the key for successful completion of the hole. The mud would continuously invade the permeable 
formations allowing the fi ltrate to enter if a fi lter cake were not formed.
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Fig. 3.20—Lubricity-test geometry.
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The API Filter Press—Static Filtration. The fi lter press (Fig. 3.21) is used to determine the fi ltration rate 
through a standard fi lter paper and the rate at which the mudcake thickness increases on the standard fi lter pa-
per under standard test conditions. This test is indicative of the rate at which permeable formations are sealed 
by the deposition of a mudcake after being penetrated by the bit.

The fl ow of mud fi ltrate through a mudcake is described by Darcy’s law. Thus, the rate of fi ltration is given by

,
d

d
f

mf mc

V kA P

t h
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.18)

where

dV
f 
 / dt = the fi ltration rate, cm3/s

k = the permeability of the mudcake, darcies
A = the area of the fi lter paper, cm2

ΔP = the pressure drop across the mudcake, atm
m

mf
 = the viscosity of the mud fi ltrate, cp

h
mc

 = the thickness of the fi lter cake (mudcake), cm

At any time t during the fi ltration process, the volume of solids in the mud that has been fi ltered is equal to the 
volume of solids deposited in the fi lter cake:

f V f h Asm m sc mc= ,

where f
sm

 is the volume fraction of solids in the mud, and f
sc
 is the volume fraction of solids in the 

cake, or

) .h Asm mc f sc mcf h A+V f(

100 psig

Valve
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Mudcake buildup
Filter paper

Graduated cylinder

Mud filtrate

Fig. 3.21—API fi lter-press schematic (Bourgoyne et al. 1991).
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Therefore,
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Inserting this expression for h
mc

 into Eq. 3.18 and integrating
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The standard API fi lter press has an area of 45 cm2 and is operated at a pressure of 6.8 atm (100 psig). The fi l-
trate volume collected in a 30-minute time period is reported as the standard water loss. Note that Eq. 3.20 indi-
cates that the fi ltrate volume is proportional to the square root of the time period used. Thus, the fi ltrate collected 
after 7.5 minutes should be approximately half the fi ltrate collected after 30 minutes. It is common practice to 
report twice the 7.5-minute fi ltrate volume as the API water loss when the 30-minute fi ltrate volume exceeds the 
capacity of the fi ltrate receiver. However, as shown in Fig. 3.22, a spurt-loss volume of fi ltrate, V

sp
, often is ob-

served before the porosity and permeability of the fi lter cake stabilize and Eq. 3.20 becomes applicable. If a sig-
nifi cant spurt loss is observed, the following equation should be used to extrapolate the 7.5-minute water loss to 
the standard API water loss:

V V V Vsp sp30 7.52 .= − +( )
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (3.21)

The best method for determining spurt loss is to plot V vs. √t and extrapolate to zero time as shown in Fig. 3.22.

V

V
sp

t

Spurt loss

Fig. 3.22—Filtration spurt loss (Bourgoyne et al. 1991).
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In addition to the standard API fi lter press, a smaller fi lter press capable of operating at elevated temperatures and 
pressures also is commonly used. The fi ltration rate increases with temperature because the viscosity of the fi ltrate is 
reduced. Pressure usually has little effect on fi ltration rate because the permeability of the mudcake tends to decrease 
with increasing pressure, and the term √kDP in Eq. 3.20 remains essentially constant. However, an elevated pressure 
is required to prevent boiling when operating above 212°F. The area of the fi lter paper used in the high-pressure/
high-temperature (HP/HT) fi lter press is one-half the area of the standard fi lter press. Thus, the volume of fi ltrate 
collected in 30 minutes must be doubled before reporting as API water loss. An example HP/HT fi lter press is shown 
in Fig. 3.23.

Example 3.8 Using the following data obtained by using an HP/HT fi lter press, determine the spurt loss and API 
water loss.

Time (minutes) Filtrate Volume (cm3)

1.0 6.5

7.5 14.2

Solution. The spurt loss of the cell can be obtained by extrapolating to zero time using the two data points 
given:

6 5 14 2 6 5

7 5 1
1 2 07. . .

.
. .− −

−
= cm3

However, since the standard API fi lter press has twice the cross-sectional area of the HP/HT fi lter press, the cor-
rected spurt loss is 4.14 cm3. The 30-minute fi ltrate volume can be computed using Eq. 3.8:

( )

( )
sp spV V V V30 7.5

3

2

2 14.2 2.07 2.07 26.33cm .

Adjusting for the effect of the fi lter press cross-sectional area, we obtain an API water loss of 52.66 cm3 at the 
elevated temperature and pressure of the test.

Both low-temperature and high-pressure API fi lter presses are operated under static conditions—that is, the mud is 
not fl owing past the cake as fi ltration takes place. Other presses have been designed to model more accurately the 
fi ltration process wherein mud is fl owed past the cake, as it does in the wellbore. Such presses that model dynamic 
fi ltration have shown that, after a given period of time, the mudcake thickness remains constant—that is, the cake is 
eroded as fast as it is being deposited. Thus, dynamic-fi ltration rates are higher than static-fi ltration rates. With a 
constant-thickness cake, integrating Eq. 3.18, we have

.f
mf mc

kA P t
V

h
   

. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.22)

A standard dynamic-fi ltration test has not been developed to date. Field mud testing uses the static fi ltration test 
to characterize the fi ltration quality of the mud. Unfortunately, there are no reliable guidelines for correlating 
static- and dynamic-fi ltration rates. Our ability to predict quantitatively fi ltration rates in the wellbore during 
various drilling operations remains questionable.

3.7.6 Testing for Chemical Properties. Again, a solid understanding of drilling fl uids requires a sound under-
standing of their chemistry. Drilling-fl uid engineers deal with mud chemistry daily because the mud’s water-phase 
complexity requires control to keep the desired ionic balance. Simple water chemistry cannot provide an accurate 
prediction of ionic behavior that results from the interaction and reaction of various ions with solids in mud sys-
tems. Standard chemical tests have been elaborated for determining the concentration of certain ions present in the 
drilling fl uid, such as OH-, Cl-, and Ca+2. 

Acids, Bases, and Salts. Acids are sour-tasting solutions that cause effervescence in contact with carbonates, 
cause corrosion to metals, turn blue litmus (a dye extracted from lichens) paper red, and react with bases to form 
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salts. Acid comes from the Latin word “acidus” which means “sharp.” Because acids are substances considered 
to have an excess of hydrogen ions (H+), they are termed strong (pH from 0 to 4) or weak (pH from 3 to 6) accord-
ing to hydrogen-ion concentration. A weak acid is an acid that only partially ionizes in an aqueous (mainly water) 
solution (i.e., not every  molecule breaks apart). 

Bases are bitter-tasting solutions that feel slippery in solution, turn red litmus blue, and become less basic 
when mixed with acids. The weakness of a base depends on the quantity of the molecule that  dissociates into 
hydroxyl ions (OH–) in solution. A strong base is a base that has a very high pH (from 10 to 14). A weak base 
is a base that only partially ionizes in an aqueous solution. Weak bases usually have a pH close to 7 (from 8 
to 10). 

Salts are any compound other than water formed by the reaction of an acid and a base. In other words, salts are 
combinations of the negative ion from an acid, known as an anion, and the positive ion from a base, known as 
cation. Depending on the relative strengths of the particular ions, a salt may be neutral or have a tendency in the 
direction of the acid or the base. For example, an alkaline salt is the combination of a weak acid with a strong base, 
whereas a neutral salt is the mixture of both strong acid and strong base.

Acidity and Alkalinity. A solution is considered acidic when the hydrogen-ion concentration (H+) is greater 
than the hydroxyl-ion concentration (OH–); the opposite is called an alkaline solution. The relative acidity or al-
kalinity of a liquid (drilling fl uid) is conveniently expressed as pH. Drilling-fl uid pH considerably affects the 
mud-rheological properties, the dispersability of clays, the solubility of chemical products, and the corrosion of 
steel-based materials.

Buffer Solutions. A buffer solution is one that resists large pH changes when small quantities of a base or acid 
are added to the solution. In other words, a buffer solution contains components that will remove any hydrogen 
ions or hydroxide ions that might be added to it. Acidic buffer solutions have a pH less than 7 and are commonly 
a combination of a weak acid (i.e., carbonic acid, H

2
CO

3
) with one of its salts—often a sodium salt. On the other 

hand, base-buffer solutions have a pH greater than 7 and are the combination of a weak base (i.e., ammonium 

Fig. 3.23—HP/HT fi lter press (Bourgoyne et al. 1991).
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hydroxide, NH
4
OH) with one of its salts. In either case, a buffer solution is a mixture of a weak acid or weak base 

and its salt.
Triethanolamine, lime, and magnesium oxide are all solutions used to buffer pH-sensitive drilling-fl uid sys-

tems. To maintain stable mud properties and to resist the negative effect of many contaminants, buffering is highly 
advantageous.

Electrolytes. An electrolyte is a nonmetallic substance that dissociates into ions in aqueous solution. Electro-
lytes conduct electric currents in solutions by moving ions rather than electrons. In other words, electrolytes 
provide the ion-transport mechanism between the positive and negative electrodes of an electrochemical cell. All 
acids, bases, and salts are electrolytes.

Strong electrolytes are completely ionized solutions (having a high concentration of ions), while weak electro-
lytes are not completely ionized solutions. Salts are commonly strong electrolytes, whereas water is a weak elec-
trolyte and not as conductive as salt solutions.

Titration. Chemical analysis by titration is used to test drilling fl uids. Titration is a technique used to determine 
the concentration of a solute (a dissolved substance) in a solution. One solution is added to another solution until 
the chemical reaction between the two solutes is complete. The concentration and volume of one solution is 
known (N

1
 and V

1
, respectively), and a sample volume of a different solution (V

2
) is used to determine the un-

known concentration (N
2
). That is,

N
V N

V2
1 1

2

= .

API Specifi cation 13I (2009) explains the titration process used in drilling-fl uid chemical tests. 
Concentration of Solutions. There are several different ways of specifying the concentration of solutions. The 

reason for these multiple defi nitions is that some defi nitions are more convenient than others, depending on the 
materials being studied. 

Molality (m): The molality of a solution is the concentration expressed as number of moles of solute (the mate-
rial dissolved) per kilogram of solvent. For example, 1 mol (molal) of NaOH = 40 g NaOH/kilogram water. This 
unit of concentration is not used commonly for mud laboratory testing.

Molarity (M): This unit of concentration is used commonly for laboratory testing and analytical reagents, ex-
pressed I units of g mol/L. The molar concentration of a solution is expressed as the number of moles of solute 
per liter of solution. For example, 1M HCl = 36.5 g/L because 1M HCl contains 36.5 g (molecular weight) of HCl 
dissolved in 1 liter of solution. If the normality concentration of a solution is known, the molarity can be deter-
mined using molarity = normality ¸ net positive valence.

Normality (N): Equivalent concentration or normality is commonly used with acid/base reactions (laboratory 
reagents), expressed as gram equivalent weight per liter, gew/L. Normality is the concentration unit expressed in 
equivalent weights of solute per liter of solution. A one normal solution (1N) contains 1 mole of solute, divided 
by its ionic charge, in 1 liter of solution. A gram equivalent weight is the mass of the substance that contains a 
1-gram atom of available hydrogen or its equivalent. In other words, the equivalent weight of an element or ion is 

Atomic weight/charge of the ion formed, 

whereas the equivalent weight of a compound is 

Molecular weight/total charges of cations (positive ions). 

For example, sulfuric acid (H
2
SO

4
) has a molecular weight of 98 and a total cation charge of 2 (2H+). Because the 

equivalent weight of sulfuric acid is 49 g, the 1N concentration is 49 g/L.
Milligrams per liter (mg/L): This “weight-volume-relationship” concentration unit is commonly improperly 

reported as the “weight-weight relationship” unit called parts per million (ppm). In fact some sources defi ne it as 
equivalent to 1 ppm. As a weight per volume relationship, a 10 mg/L solution contains 10 milligrams of solute per 
liter of solution. Milligrams per liter can be easily converted to ppm if solution density is known. 

Parts per million (ppm): This weight-weight relationship is the parts by weight of a solute per million parts of 
solution. 

Example 3.9 A CaCl
2
 solution is prepared at 68°F by adding 11.11 g of CaCl

2
 to 100 cm3 of water. 

At this temperature, water has a density of 0.9982 g/cm3 and the resulting solution has a density of 1.0835 g/cm3. 
Express the concentration of the solution using (1) molality, (2) molarity, (3) normality, (4) milligrams per liter, 
and (5) parts per million. The molecular weight of CaCl

2
 is 111.0 g/g-mole.
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Solution. 
1. For a water density of 0.9982 g/cm3, the molality of the solution is

11.11 g

111.0 g/g mole

1,000 g/kg

(0.9982 g/cm )(100 cm )
1.

3 3⋅
× = 0003 g mol/kg.⋅

The volume of the solution can be computed from the mass of solute and solvent and the density of the solution. Be-
cause 11.11 g of CaCl

2
 added to 100 cm3 of water gave a solution density of 1.0835 g/cm3, the solution volume is

(11.11 99.82)g

1.0835g/cm
102.38cm .

3
3+ =

2. Thus, the molarity of the solution is

=
3

3

11.11g 1gmol 1,000cm
0.978gmol/L.

111g 1L102.38cm

3.  Because 0.5 mol of CaCl
2
 would tend to react with 1 mol of hydrogen, the gram-equivalent weight of CaCl

2
 is 

half the molecular weight. The normality of the solution is

=
3

3

11.11g 1gew 1,000cm
1.955gew/L.

55.5g 1L102.38cm

4. Concentration of CaCl
2
 in milligrams per liter is

× × =
3

3

11.11g 1,000mg 1,000cm
108,517mg/L.

1g 1L102.38cm

5. The concentration of CaCl
2
 in parts per million is given by

–6

11.11 g 1 ppm 100,153 ppm.
11.11 99.8 g 10

Alkalinity and Lime Content. Alkalinity is not the same as pH; it refers to the ability of a solution to react with 
an acid. In other words, alkalinity is the concentration of excess hydroxyl (OH-), bicarbonate (HCO

3
-), and car-

bonate (CO
3
–2) ions in a water-based solution. Alkalinity is a chemical property of an aqueous system that implies 

that there are more hydroxyl ions (OH-) in the system, or a potential to produce more hydroxyl ions, than there 
are hydrogen ions (H+), or potential to produce hydrogen ions.

In drilling-fl uid engineering, the phenolphthalein alkalinity (P) refers to the amount of acid (ml of 0.02 N H
2
SO

4
 

for water-based mud) required to titrate 1 ml of fi ltrate fl uid (P
f
) or mud (P

m
) and reduce the pH to 8.3, the phe-

nolphthalein endpoint, whereas the methyl orange fi ltrate alkalinity (M
f
) measures the acid required to reduce pH 

to 4.3, the methyl orange endpoint. The alkalinity test is a well-known water-analysis procedure to estimate the 
concentration of the ions OH–, HCO

3
–, and CO

3
–2 in the aqueous phase of the mud. 

When drilling fl uid is saturated by calcium hydroxide (CaOH
2
)—commercially called lime—it is named lime-

treated mud. The lime suspended in the mud will go into and tends to stabilize the pH. Once lime is added it be-
comes primarily an alkalinity source producing hydroxyl ions:

CaOH Ca 2OH2
2 1→ ++ − .

The hydroxyl ions are immediately active in the drilling-fl uid system. The free-lime content, r
FL

, is calculated as 

r
FL

 = 0.26(P
m
 – F

w
 P

f
 ),
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where F
w
 is the volume fraction of water in the mud. 

Caustic soda, a strong base, represents another alkalinity source: 

NaOH Na OH→ ++ −

Alkalinity testing allows measuring of P
m
, M

ff
, and P

f  
by determining the amount of a standard acid solution nec-

essary to neutralize the alkalinity present. Measurements of P
m
, M

ff
, and P

f  
can indicate the source and the amount 

of alkalinity. In addition, these measurements help monitor and identify CO
2
, HCO

3
−, and CO

3
–2 contamination, 

and give the mud engineer a better understanding of the ionic and buffering environment of the drilling-fl uid sys-
tem.

Solid-Content Analysis. In addition to the effects of solids (e.g., sand) on drilling-fl uid properties such as den-
sity, viscosity, gel strength, fl uid loss, and temperature stability, sand is highly abrasive to the fl uid-circulating 
system. For this reason, the solid content in the drilling mud must be maintained at a low level. Formations con-
taining silica and quartz add sand to the mud after being penetrated by the drilling bit.

Solid-content tests determine the content of sand, total solids, oil, and water and the cation-exchange capacity 
of the drilling mud. The sand content of mud is measured by the use of a 200-mesh sand-screen set, while the mud 
retort test determines the volume fraction of oil, water, and total solids in drilling mud. Although there is not a 
standardized value for the sand-content test, the presence of such solids should be noted and reported in volume 
percentage (vol%). 

Hydrogen-Ion Concentration (pH). The pH value is always used to describe the acidity or basicity of solu-
tions and is defi ned as the negative log of the hydrogen-ion concentration. Currently, there are two methods for 
measuring the hydrogen-ion (H+) concentration (pH) of drilling fl uids: colorimetric method, using pH paper test 
strips, and the electrometric method, using a pH meter with a glass electrode. 

From the chemical-dissociation reaction of hydrogen, pH is denoted as follows:

pH log H ,= − ⎡⎣ ⎤⎦
+

where [H+] is the hydrogen-ion concentration. For pure water at 75°F, pH = 7 and the pure-water system is called 
neutral. Systems with pH less than 7 (from 1 to 6) are called acidic, while those with pH greater than 7 (from 8 to 
14) are called basic or alkaline. 

A change of one pH unit corresponds to a tenfold increase in hydrogen-ion concentration. Water is a weak 
electrolyte that exists in nature as molecules of H

2
O. It can ionize to form hydronium (H

3
O+) ions and hydroxyl 

(OH-) ions. The equilibrium of water with these ions (2H
2
O Û H3O+ + OH-) may be affected by dissolved acid 

solutions when hydrogen ions (H+) are added. Hydrogen ions increase the hydronium concentration [H3O+]. 
Because mud pH affects mud rheological properties, the dispersibility of clays, the corrosion of steel materials 

(drillstring and completion equipment), and the solubility of various chemicals and products, routine adjustments 
to the mud pH are fundamental to drilling-fl uid control. For example, a proper pH level permits bentonite to yield 
faster and fully and to remain in suspension.

Alkalinity refers to the acid-neutralizing ability of a solution or mixture. In other words, it is a chemical 
property of a solution indicating that there are more hydroxyl ions (OH-) than hydrogen ions (H+). Stan-
dardized acids are used to determine the total amount of hydroxyl ions in the solution by titration. The 
phenolphthalein alkalinity refers to the quantity of acid needed to reduce the mud pH to 8.3, which is the 
phenolphthalein endpoint (Bourgoyne 1991). Because pH readings become rather insensitive at higher 
values (due to the logarithmic scale), the analysis of the mud filtrate for determining the alkalinity of the 
drilling fluid is preferable. The phenolphthalein alkalinity test reports the number of ml of 0.02N (N/50) 
acid needed per ml of drilling mud.

Chlorine Concentration (Salt). In areas where salt (sodium chlorine) can enter and contaminate drilling fl u-
ids, the chlorine or salt analysis is extremely important. Salt enters the mud when either salt-containing for-
mations are drilled or salt-water (formation water) enters the wellbore. This includes most of the world’s oil 
and gas fi elds. The chlorine-ion (Cl-) concentration is determined by titration using a silver-nitrate solution as 
titrant and potassium chromate as the endpoint indicator. For the titration to work correctly, the pH of the 
fi ltrate must be slightly basic (e.g., pH = 8.3). The titrant causes the chlorine ion to be removed from the 
solution as silver chloride (white precipitate), while the silver chromate will not start to precipitate until all 
chloride ions are tied up as silver chlorine. Two chemical reactions take place as follows, fi rst the precipita-
tion of silver chloride:
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Ag Cl AgCl

and then the precipitation of silver chromate:

4 2 42Ag CrO Ag CrO .

Calcium Concentration (Total Hardness). The presence of calcium and magnesium ions 
determines the total hardness of drilling-mud filtrate. These contaminants—the divalent cations Ca2+ and 
Mg2+—are frequently present in the water used to prepare the mud, in the cement used for the cementing 
process, and in anhydrite or gypsum formations. The total Ca2+ and Mg2+ concentration is determined by 
titration. The process termed water softening is used to remove hardness.

In some oil fi elds, the water available for use in the drilling fl uid is fairly hard. The harder the water, the more 
bentonite it takes to produce an acceptable gel mud because the clays have low yields when mixed in hard water 
(Magcobar 1972).

3.8 Solids Control
Solids-control equipment is designed to control the buildup of undesirable solids in a mud system. Rheological 
and fi ltration properties can become diffi cult to control when the concentration of drilled solids (low-gravity sol-
ids) becomes excessive. Penetration rates and bit life decrease and hole problems increase with a high concentra-
tion of drill solids.

In an ideal situation, all drill solids are removed from a drilling fl uid. Under typical drilling conditions, 
low-gravity solids should be maintained below 6 vol%. How serious is the added mass of the drilled solids? 
The volume of rock fragments generated by the bit per hour of drilling is given by

( ) 21
ROP,

4ls

d
V

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (3.23)

where V
ls
 is the solids volume of rock fragments entering the mud, f is the average formation porosity, d is the 

bit diameter, and ROP is the rate of penetration of the bit. The fi rst few thousand feet of hole drilled in the US 
Gulf Coast area usually has a diameter of approximately 15 in. and is drilled in excess of 100 ft/hr. Thus, for an 
average formation porosity of 0.25, V

ls
 would be given approximately by

( )( )
lsV

2
31 0.25 15/12

(100) 122.7 ft /hr.
4

From Table 3.1, the average specifi c gravity of drilled solids is approximately 2.6, so the density is 
2.6 × 62.4 lbm/ft3 (density of water) = 162.2 lbm/ft3. At a rock solids inlet volume rate of 122.7 ft3/hr, the drilled 
solids mass rate is:

162.2 lbm/ft3 × 122.7 ft3/hr × 1 ton/2000 lbm = 9.95 tons/hr.

Thus, the volume of drilled solids that must be removed from the mud can be quite large.
Formation-friendly low density solids and solids-free water-based fl uid systems can be formulated with a brine 

base (for density) and polymers for viscosity and fl uid-loss control. The introduction of a clay-free SBF system 
has further enhanced the well-respected performance of SBFs by providing a fl at rheological profi le that responds 
quickly to treatment in cold and high-temperature environments. However, achieving the maximum benefi t from 
running these fl uid systems depends to a great extent on the effi ciency of the rig’s solids-control equipment. Fig. 
3.24 shows a typical solids-removal system. Four devices are illustrated: 

· Screen shaker
· Desander
· Desilter
· Centrifuge

Desanders and desilters are similar devices called hydrocyclones. Fig. 3.25 shows the various solids-particle sizes 
and the range of sizes that each device can remove from the drilling fl uid. Note that “mesh” refers to the screen shaker, 
also called a shale shaker. Not shown is a settling pit where solids are allowed to settle out of the drilling fl uid.
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The two primary sources of solids are chemical additives and formation cuttings. Formation cuttings are con-
taminants that degrade the performance of the drilling fl uid. If the cuttings are not removed, they will be ground 
into smaller and smaller particles that become more diffi cult to remove from the drilling fl uid. Keep in mind—the 
smaller the drill-solid particle to be removed, the more diffi cult it is to remove.

Most formation solids can be removed by mechanical means at the surface. Small particles are more diffi cult to 
remove and have a greater effect on drilling-fl uid properties than large particles. Solids-processing effi ciency is 
determined by the last piece of equipment processing 100% of the fl ow.

Solids control is accomplished either mechanically with a screen or with the application of time and gravity. 
Mechanically with a screen means a shale shaker. Time and gravity means either a setline pit or a hydrocyclone. 
If time is not available, then increasing gravity through centrifugal separation devices is effective. Dilution is 
another form of solids control, but is generally considered to be a much less effi cient and much more expensive 
option, which we have already addressed earlier in this chapter.

3.8.1 Settling Pit. One inexpensive solids-control method is to allow a drilling fl uid time to settle. That 
means circulating through a settling pit. Particles above colloidal size will eventually settle out if in a quies-
cent condition. However, the smaller the particle, the longer it will take to settle. In some cases, for silt-sized 
particles, it may take days. Particle-settling velocities are given in Fig. 3.25. 

3.8.2 Shale Shakers. The most common screen device is a shale shaker (Fig. 3.26), which contains one or more 
vibrating screens through which mud passes as it circulates out of the hole. Shale shakers are classifi ed as circular/
elliptical or linear-motion shale shakers. 

Mesh Size. Mesh screen size is the number of openings per linear inch as measured from the center 
of the wire. For example, a 70 × 30 oblong screen has 70 openings across a 1-in. segment, with 30 openings along 
the 1-in. line perpendicular to the fi rst segment. A 20 × 20 mesh screen has 20 openings per inch of screen on 
mutually perpendicular sides. It has relatively large openings. A 220 × 220 mesh screen has 220 openings per inch 
on both sides. It has relatively small openings. In addition, the mesh material in this case is much smaller in di-
ameter than in the 20 × 20 mesh screen, potentially making tearing more likely.

Circular/Elliptical-Motion Shaker. This shaker, also known as a “rumba” shaker, uses elliptical rollers to 
generate a circular rocking motion to provide better solids removal through the screens.

Linear-Motion Shaker. The development of the linear-motion shaker has made the use of a desander/
desilter almost unnecessary. If 220 mesh screens can be run on the shaker, the fluid can go directly from the 
shaker to the mud cleaner (that has 250 mesh screens for a finer cut of particles). 

Fig. 3.24—Solids-control system (Bourgoyne et al. 1991).
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A linear-motion shaker uses a straight back-and-forth rocking motion to keep the fl uid circulating through the screens. 
Four-screen linear-motion shakers confi gured in a series currently provide extremely effi cient removal of drill solids. Very 
fi ne mesh screens can be run on these shakers, constrained only by the need to preserve the barite in a weighted system. 

Actual separation sizes are determined by factors such as particle shape, fl uid viscosity, feed rates, and particle 
cohesiveness. Some drilling fl uids can form a high surface-tension fi lm on the wires of the screen and reduce the 
effective opening size of the screen. 

Screens are available in 2D and 3D designs. 2D screens can be classifi ed as panel screens, with two or three 
layers bound at each side by a one-piece, double-folded hook strip, or they can be classifi ed as perforated-plate 
screens, with two or three layers bonded to a perforated metal plate that provides support and is easy to repair.

3D screens are perforated plate screens with a corrugated surface that runs parallel to the fl ow of fl uid, provid-
ing more screen area than the 2D screen confi guration. On a properly designed screen, the fl uid will pass through 
the openings about midway down the screen surface. 

3.8.3 Hydrocyclones. Hydrocyclones are a means to circulate a drilling fl uid around a cylinder at a high rate of 
speed. In effect, the gravitational fi eld on the drilling fl uid is artifi cially increased, greatly speeding up the settling 
time of the particles. A typical hydrocyclone is illustrated in Fig. 3.27. Hydrocyclones have been used by the drilling 
industry for decades, and it is amusing that they were only recently discovered for use in home vacuum cleaners.

Hydrocyclones come in various sizes and shapes. They are usually specifi ed by the size particles they are de-
signed to remove. There are desanders, desilters, mud cleaners, and centrifuges. A desander typically has a few 

Fig. 3.25—Particle size for solids-control devices (Annis 1974). Reprinted courtesy of ExxonMobil.
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large diameter cones (greater than 6 in. diameter), whereas a desilter has a larger number of small diameter cones 
(less than 6 in. in diameter). Desanders are designed to remove sand-sized particles and desilters are designed to 
remove silt-sized particles. Mud cleaners are a combination of a fi ne-screened (roughly 320 mesh) shale shaker 
under a desilter. It is used for weighted muds because barite tends to be removed with silt-sized particles. By 
using a mud cleaner, barite can be recovered and reused.

Example 3.10 A mud cup is placed under one cone of a hydrocyclone being used to process an unweighted mud. 
Thirty seconds were required to collect 1 qt of ejected slurry. The density of the slurry was determined (using a 
mud balance) to be 17.4 lbm/gal. Compute the mass of solids and volume of water being ejected by the cone per 
hour.

Solution. The density of the slurry ejected from the desilter can be expressed in terms of the volume fraction of 
low-specifi c-gravity solids by

ls w ls ls w w
ls ls w w

ls w ls w

m m V V
f f

V V V V
,

where r- is the density of the slurry, m
ls
is the mass of the low density solids, and m

w
is the mass of the water. 

Using the values given in Table 3.1, the average density of low-specifi c-gravity solids is 2.6 × 8.33 = 21.7 lbm/gal, 
and the density of water is 8.33 lbm/gal. Substituting these values in the above equation yields

17.4 21.7 8.33 1 .= + −f fls ls( )

Solving for the volume fraction of solids gives

fls = −
−

=17.4 8.33

21.7 8.33
0.6784.

Because the slurry is being ejected at a rate of 1 qt per 30 seconds, the mass rate of solids is

0.6784 qt

30 sec

1 gal

4 qt

21.7 lbm

gal

3,600 sec

hr
441.6 lbm/hr,× × × =

Fig. 3.26—Typical shale shaker [from Oilfi eld Glossary (2011)]. Courtesy of Mark Ramsey/Texas Drilling Associates.
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Fig. 3.27—Hydrocyclone schematic (Annis 1974). Reprinted courtesy of ExxonMobil.
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and the volume rate of water ejected is

( )1.0 0.6784 qt

30 sec

1 gal

4 qt

3,600 sec

hr
9.65 gal/hr.

− × × =

Note that to prevent the gradual loss of water from the mud, 9.65 gal of water must be added each hour to make 
up for the water ejected by this single cone.

3.8.4 Centrifuge. When installed downstream of properly confi gured shakers, a decanter centrifuge effi ciently 
removes most of the fi ne particles that traditional solids-removal equipment cannot capture. Typically, the de-
canter centrifuge features slender cylindrical- or conical-bowl sections with a relatively large aspect (length/diam-
eter) ratio, as shown in Fig. 3.28. A screw conveyor is fi tted inside the bowl for continuous removal of separated 
solids. Typical bowl speeds are 1,800 to 4,000 rev/min and the developed G-force is between 644 and 3,100 Gs.

The drilling fl uid is fed into the rapidly spinning cylindrical section. Through centrifugal force, the solids form 
a layer around the bowl wall. The thickness of this layer is determined by a series of discharge weirs at the end 
of the cylindrical section through which the clean liquid is decanted. The solids, being heavier, collect at the bowl 
wall. From there they are continuously removed by the screw conveyor. The solids are transported along the 
conical section (the beach) where they are dried, and then discarded out the discharge ports.

The separation result, solids recovery, solids dryness, and liquid clarity can be optimized during operation. 
Parameters infl uencing the result are easily regulated and include feed rate, rev/min (G-force), pond depth, and 
differential conveyor speed. 

3.8.5 Summary. A high-effi ciency system for drill-solids removal means drastically reduced mud cost and sig-
nifi cantly increased penetration rates, as well as a signifi cantly decreased risk of differential sticking and other 
associated hole problems. The dilution costs for maintaining a drilling fl uid in perfect condition are directly re-
lated to the drill solids remaining in the system after processing by the solids-control equipment. A small increase 
in solids-removal effi ciency can result in large savings. 

3.9 Health, Safety, and Environmental (HSE) Considerations 
A prime objective in all drilling operations is to minimize safety and environmental risks while maintaining 
 drilling performance. Operators and service companies alike take a proactive stance to reduce the potential for 

Fig. 3.28—Decanting-centrifuge schematic (Annis 1974). Reprinted courtesy of ExxonMobil.
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hazardous incidents and to minimize the impact of any single incident. The HSE policies of many companies are 
more stringent than those required by national governments and the various agencies charged with overseeing 
drilling operations. All personnel who take part in the well-construction process must comply with these standards 
to ensure their own safety and the safety of others. On most locations, a zero-tolerance policy is in effect concern-
ing behaviors that may endanger workers, the environment, or the safe progress of the operation. Additionally, all 
personnel are encouraged to report any potentially hazardous activities or circumstances through a variety of 
 observational safety programs. 

The packaging, transport, and storage of drilling-fl uid additives and/or premixed-fl uid systems are subject 
to close scrutiny regarding HSE issues. Personnel who handle drilling fl uid and its components are required 
to wear personal protective equipment (PPE) to prevent inhalation and/or direct contact with potentially haz-
ardous materials. Risk-assessed ergonomic programs have been established to reduce the potential for inju-
ries related to lifting and operating mud-mixing equipment. 

3.9.1 Protecting the Environment. In addition to the obvious benefi ts of minimizing, if not totally eliminating, 
sources of pollution and related threats to the ecosystem, the oil and gas industry recognizes that governmental 
permission to acquire and develop commercial reserves worldwide is more easily obtained if drilling-related ac-
cidents are few and far between. 

Drilling fl uid companies strive to achieve and maintain an “econoecological” balance with each drilling-fl uid 
system and additive. A “green” drilling-fl uid system that performs poorly will seldom be used; poor performance 
extends drilling time and increases the likelihood of hole problems as well as the cost of well construction. Con-
versely, using a properly managed high-performance SBF can shorten the duration of the drilling operation and/
or help maintain wellbore stability, thereby reducing opportunities for environmental damage. These and other 
factors must be weighed in the design and selection of any drilling-fl uid system. 

3.9.2 Sources of Contamination. Both land- and offshore-drilling locations are subject to regulations addressing 
the disposal of whole mud, drill cuttings and other solids, and run-off, if any, generated by rainfall, wave action, 
or water used at the rigsite. Industrywide efforts to eliminate environmental hazards resulting from accidents or 
the negligent handling of drilling fl uids and/or drill cuttings encompass several contamination issues related to 
drilling fl uids:

· Formulation: chlorides, base oils, heavy metals, corrosion inhibitors
· Natural sources: crude oil, salt water, or salt formation
· Rigsite materials: pipe dope, lubricants, fuel

In some cases, reformulating drilling-fl uid systems makes them more benign to the environment. For example, 
chrome lignosulfonate water-based fl uid is available in a chrome-free formulation. The development of SBFs re-
sulted from the need to replace diesel and mineral OBFs due to environmental restrictions. 

The discharge of conventional OBFs and drill cuttings was effectively prohibited in the North Sea in 2000. 
Cuttings generated by drilling with certain compliant SBFs may be discharged overboard in the western GOM 
if they comply with the retention on cuttings (ROC) limits introduced in 2002. Neither traditional OBFs nor the 
drill cuttings produced while using them can be discharged in the GOM; the rare offshore operation using a 
diesel- or mineral-based fl uid must include a closed-loop process for continuously capturing all drill cuttings 
and returning them to shore for regulated disposal.

3.9.3 Drilling Fluids and Waste-Stream Reduction. As a result of the increasing emphasis on environmental 
protection and effi cient use of resources, the concept of Total Fluids Management® (TFM) has emerged as a 
means of conserving materials, improving operational performance, and generating the appropriate documenta-
tion to verify that a given well-construction project was completed in compliance with governmental and corpo-
rate regulations. 

The key focus of TFM is to cover the interface between all aspects of the drilling operation and to exploit the 
natural synergies between different service specialties. The mission of the TFM supervisors is to guide and focus 
all members of the team on their individual targets in order to achieve the collective goal. The mission also ad-
dresses the means and resources required to achieve the goals, measure the improvement, and refi ne the expecta-
tions for further project stages. The examples of TFM discussed here represent practices in the North Sea and the 
GOM. 

During the late 1990s, a major Norwegian operator analyzed current practices related to the control and 
management of drilling and well fl uids and the associated waste generation (Paulsen et al. 2001). A TFM model 
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was developed to improve environmental performance by reducing waste, maintaining or improving drilling 
performance, and preserving the profi tability of contractor and service-company participants. The model was 
designed to reward performance according to Key Environmental Performance Indicators (KEPIs), so that any 
reduction in materials usage (i.e., sales) was offset. Once all participants agreed to the criteria, a TFM program 
was implemented to address the following areas:

· Measurement and management of drilling fl uids, completion fl uids, and drill cuttings
· Waste minimization
· Performance assessment
· Report formats and protocols
· Scheduled performance and target reviews
· Continuous improvement

In the GOM, regulations covering the discharge of synthetic-based drilling fl uids and drill cuttings have increased 
the complexity, number, and types of measurements along with the potential for noncompliance. This has created 
the need for checks and balances in the daily monitoring and in the end of well report issued by the environmental 
testing company on location. The resulting environmental-compliance document must be provided to the operator 
and must be verifi able and auditable by governmental and environmental oversight groups.

3.9.4 Waste Management. The use of inhibitive drilling-fl uid systems and good performance from solids-con-
trol equipment are key factors in the effort to reduce the volume of solids and liquids generated at the rigsite. 
Studies indicate that the greatest impact on waste-minimization strategies and capabilities is achieved through 
close monitoring and control of the drilling-fl uid system, though other fl uid-related operations such as comple-
tion, cementing, and rig-wastewater handling should also be part of the TFM program. Implementation of these 
policies resulted in overall well-construction-cost reductions and increased drilling performance. 

Because of the inherent value of synthetic-based drilling fl uids and the restrictions applied to their discharge, 
the reuse of these fl uids has long been an industry standard. The various TFM programs currently implemented 
worldwide ensure that the recovery of reusable fl uids is optimized through close attention to 

· Fluid quality assurance/quality control (QA/QC)
· Fluid transport
· Fluid fl ow at the rigsite
· Solids-control-equipment operation
· Cuttings processing

Documentation requirements for these processes provide quantifi able indicators of environmental and economic 
performance of a specifi c TFM program.

In areas where drill cuttings must be returned to shore, recently improved pneumatic-transfer systems allow the 
cuttings to be captured below the shale shakers and pumped with compressed air to rigsite-storage units (Martin 
2002). Supply boats equipped with the same pneumatic system receive the cuttings from the rig, transport them 
to shore, and then pump them into large storage tanks for eventual disposal. Auger-type conveyances are also 
commonly used to move drilled cuttings from the rig to vessels for treatment and/or transport to shore. 

3.9.5 Treatment and Disposal of Drilled Cuttings. Where offshore discharge of cuttings is not sanctioned by 
regulatory and environmental agencies, there are many possible disposal options. Waste segregation at the rigsite 
is a key factor in the success of zero-discharge programs. Drilling-fl uid waste, drill cuttings, waste generated by 
cementing or completion operations, and waste water from the rig must be handled and stored separately. 

Another option is minimizing the initial volume of cuttings through installation and careful maintenance of 
high performance solids-control equipment. An effective cuttings-drying process should be established at the 
rigsite so that any cuttings transported to shore have the lowest possible fl uid retention. At present, thermal de-
sorption is considered one of the most effective methods of processing cuttings. Thermal desorption results in a 
0.1 to 0.5% ROC rate and recovers the liquid oil for possible reuse. In thermal desorption, cuttings are heated to 
a very high temperature so that oil and water are boiled into gases. The water is released as steam and the oil is 
condensed to liquid.

However, the recovered oil may not have the same properties as the original base fl uid because of the possi-
bility of high temperatures breaking the heavier hydrocarbon molecules into lighter compounds. This may 
lower the oil fl ash point and alter its rheological properties. Though these changes are generally slight, they are 
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suffi cient to prevent most operators from attempting to reuse the oil in a drilling-mud formulation. The oil is 
typically used as heating oil or to fuel the thermal desorption process. Salts or heavy metals are not removed 
from the cuttings.

3.9.6 Encapsulation. Recommended primarily for the treatment of oil-wet cuttings (but also effi cient in solidi-
fying liquid oil-based mud, water-based-mud cuttings, or solids discharge from fl occulation systems), the typical 
encapsulation process is capable of treating up to 20 bbl/hr. The cuttings are mixed with calcium or silicate mate-
rials to produce a low-permeability cementitious matrix that reduces the mobility of oil. Kiln dust, an inexpensive 
waste by-product of cement factories, can be used, as can standard cement. The generator-powered system con-
sists of one hopper for cuttings/sludge and one hopper for chemical treatment. Both feed to a central mixing area 
by means of screw conveyors. The speed of each conveyor can be adjusted, allowing the operator to control the 
ratio of chemical to sludge (generally from 30 to 50 % by weight). 

A silica-calcium oxide-encapsulating agent is mixed with the raw cuttings and thorough mixing is ensured. 
Water is added as demanded by the process. The cuttings are recirculated in the mixing device (auger, auger tank, 
and ribbon blender) until satisfactory appearance is observed and fi eld scale tests (sheen/can test) are passed. 
Specialized laboratory tests are required and compliance with the applicable regulations ensured before following 
a customer’s instructions for disposal.    

3.9.7 Bioremediation. Bioremediation is the process of using micro-organisms in a controlled, engineered envi-
ronment to reclaim soil, sludge, and water polluted by hazardous and nonhazardous substances that can affect 
human health and/or the environment. These micro-organisms may be native to the contaminated media, geneti-
cally developed/enhanced, or they may be isolated from natural processes, selectively adapted to degrade a spe-
cifi c contaminant and brought to the contaminated site. 

Land farming is the use of native bacteria, helped with additions of nutrients, water, and aeration, to break down 
harmful substances into environmentally-safe compounds. The broad metabolic capabilities of the micro-organ-
isms enable them to remove or to reduce pollutant concentrations to levels that no longer present a risk to human 
health or the environment. In addition, the use of micro-organisms is not capital intensive, making bioremediation 
a cost-effective and feasible solution for small- and large-scale applications.

For bioremediation to successfully occur, the contaminants in question must be degradable by the involved 
micro-organisms. The breakdown of these contaminant molecules is accomplished by enzymes produced by the 
microbes. Enzymes can be added to the solids to increase the rate of breakdown.

Hydrocarbons are biodegradable. N-alcanes and n-alquilaromatics between C10 and C22 are generally con-
sidered low toxic. Compounds between C5 and C9 are biodegradable at low concentrations. Gaseous alcanes 
from C1 to C4 are biodegradable, but this is not the usual removal mechanism. Alcanes, n-alquilaromatics, and 
aromatics over C22 show low toxicity, but their physical characteristics, including their low solubility in water 
and their solid state at 35°C (optimum bioremediation-process temperature), are a problem, affecting their 
biodegradability. 

Biodegradation is not always a successful process; sometimes the substance remains unaltered for one or more 
of the following reasons:

· The chemical concentration is high enough to kill micro-organisms.
· The number and type of micro-organisms is inadequate to carry out the process.
· The soil acidity or alkalinity may be inappropriate.
· The micro-organisms may suffer from a lack of nutrients such as nitrogen, phosphorous, potassium, sul-

phur, or other micronutrients necessary for their normal metabolism.
· The moisture conditions may be inadequate.
· The micro-organisms may suffer from a lack of oxygen, nitrate, or sulphate, which are their main energy 

source.

Bioremediation is one of the most cost-effective treatment methods available for destroying certain categories of 
hazardous and nonhazardous waste, offering the following advantages: 

· Proven technology for on-site destruction of many organic contaminants to concentrations below the 
cleanup standards

· Cost savings associated with the on-site treatment and low-capital cost (typically requires simple and read-
ily available equipment)

· Reduced future liability associated with possible leaching of lime-fi xed material
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· Flexibility to perform treatment on-site rather than transporting cuttings to a central facility
· The ability to use treated material as fi lling material or base material to be mixed with untreated cuttings 

Certain considerations apply to the use of bioremediation. These include high levels of oxygen, which facilitate 
bacteria growth. In the case of land farming, the soil is aerated by mechanical tilling of the soil. The biodegrada-
tion rate is directly proportional to the oxygen level in the soil. 

The bioremediation process can be adversely affected by high rain conditions; therefore it is necessary to install 
appropriate drainage systems to direct, collect, use, and/or dispose of rain water. Proper roofi ng should be pro-
vided for bioremediation facilities. The fi eld capacity is the amount of water held in the soil after the excess 
gravitational water has drained away and after the rate of downward movement of water has materially decreased. 
A moisture level between 50 and 70% is best for bioremediation. 

The optimum temperature for bioremediation ranges from 75°F to 98°F. Lower temperatures slow or stop bac-
teria activity, while temperatures above 135°F can destroy most bacteria. The optimal pH range for hydrocarbon-
eating bacteria is from 6 to 8. Below 5, fungi become the predominant soil microbe and the bacteria population is 
reduced. A pH greater than 6 is recommended to minimize hazardous metal migration.

Bioreactors are designed to reduce the cuttings to a benign soil-like material that can be disposed of without risk 
at any onshore location. Small bioreactors have been developed for use in laboratories, but at present there are no 
units with suffi cient capacity to handle the volumes of cuttings typical of offshore drilling operations. 

Problems

   3.1 Discuss the functions of a drilling fl uid.
         3.2  An 11.4-lbm/gal freshwater mud is found to have a solids content of 16.2 vol%.

     (a)  Compute the volume fraction of API barite and low-specifi c-gravity solids. 
 Answer: 0.068 and 0.094.

     (b)  Compute the weight fraction of API barite and low-specifi c-gravity solids in the mud. 
 Answer: 0.209 and 0.179.
     (c)  Compute the API barite and low-specifi c-gravity solids content in pounds per barrels of mud. 

    Answer: 100 and 85.5 lbm/bbl.
        3.3   Compute the density of a mud mixed by adding 30 lbm/bbl of clay and 200 lbm of API barite to 1 bbl 

of water. 
    Answer: 11.8 lbm/gal.

       3.4 Determine the density of a brine mixed by adding 150 lbm of CaCl
2
 to 1 bbl of water. 

    Answer: 10.7 lbm/gal.
          3.5 Discuss the desirable and undesirable aspects of a high mud viscosity.
         3.6  Compute the yield of a clay that requires ad dition of 35 lbm/bbl of clay to 1 bbl of water to raise the 

apparent viscosity of water to 15 cp (measured in a Fann viscometer at 600 rev/min). 
    Answer: 59.3 bbl/ton.

           3.7  A mud cup is placed under one cone of a hydrocyclone unit being used to process an unweighted mud. 
Twenty seconds were required to collect 1 qt of ejected slurry having a density of 20 lbm/gal. Compute 
the mass of solids and water being ejected by the cone per hour. 
    Answer: Solids: 852 lbm/hr and water:47.6 lbm/hr.

          3.8   A 1,000-bbl unweighted freshwater-mud system has a density of 9.5 lbm/gal. What mud treatment 
would be required to reduce the solids content to 4% by volume? The total mud volume must be main-
tained at 1,000 bbl and the minimum allowable mud density is 8.8 lbm/gal. 
    Answer: Discard 544 bbl of mud, add 544 bbl of water.

       3.9     The density of 600 bbl of 12-lbm/gal mud must be increased to 14 lbm/gal using API  barite. One gal-
lon of water per sack of barite will be added to maintain an acceptable mud con sistency. The fi nal 
volume is not limited. How much barite is required? Answer: 92,800 lbm.

3.10    The density of 800 bbl of 14-lbm/gal mud must be increased to 14.5 lbm/gal using API barite. The total 
mud volume is limited to 800 bbl. Compute the volume of old mud that should be discarded and the 
weight of API barite required. 

    Answer: Discard 19.05 bbl of mud, add 28,000 lbm of barite.
3.11    The density of 900 bbl of a 16-lbm/gal mud must be increased to 17 lbm/gal. The volume fraction of 

low-specifi c-gravity solids also must be reduced from 0.055 to 0.030 by dilution with water. A fi nal 
mud volume of 900 bbl is desired. Compute the volume of original mud that must be discarded and the 
amount of water and API barite that should be added. 
Answer: Discard 409 bbl of mud, add 257.6 bbl of water and 222,500 lbm of barite.
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3.12    Assuming a clay and chemical cost of USD 10/bbl of mud discarded and a barium sulfate cost of USD 
0.10/lbm, compute the value of the mud discarded in Problem 3.11. If an error of + 0.01% is 
made in determining the original volume fraction of low-specifi c-gravity solids in the mud, how much 
mud was unnecessarily discarded? 
Answer: USD 16,697; 191 bbl.

3.13  Derive expressions for determining the amounts of barite and water that should be added to increase 
the density of 100 bbl of mud from ρ

1
 to ρ2

. Also derive an expression for the increase in mud volume 
expected upon adding the barite and the water. Assume a water requirement of 1 gal per sack of barite. 
Answer: M

B
 = 109,000 (ρ

2 
− ρ

1
)/(28.08 − ρ

2
); V

w
= M

B
 / 4,200; V = 0.0091 M

B
.

3.14   A 16.5-lbm/gal mud is entering a centrifuge at a rate of 20 gal/min along with 8.34 lbm/gal of dilution 
water, which enters the centrifuge at a rate of 10 gal/min. The density of the centrifuge underflow 
is 23.8 lbm/gal while the density of the overfl ow is 9.5 lbm/gal. The mud contains 25 lbm/bbl ben-
tonite and 10 lbm/bbl defl occulant. Compute the rate at which bentonite, defl occulant, water, and API 
barite should be added downstream of the centrifuge to maintain the mud properties constant.
Answer: 10.02 lbm/min of bentonite, 4.01 lbm/min of defl occulant, 9.78 gal/min of water, and 20.81 lbm/
min of barite.

3.15    A well is being drilled and a mud weight of 17.5 lbm/gal is predicted. Intermediate casing has just 
been set in 15 lbm/gal freshwater mud that has a solids content of 29%, a plastic viscosity of 32 cp, 
and a yield point of 20 lbf/100 ft2 (measured at 120°F). What treatment is recommended upon in-
creasing the mud weight to 17.5 lbm/gal?

3.16 Defi ne an inhibitive mud. Name three types of inhibitive water-based muds.
3.17 Discuss why prehydrated bentonite is used in high-salinity muds.
3.18 Discuss the advantages and disadvantages of using oil muds.
3.19  Compute the pounds per barrel of CaCl

2
 that should be added to the water phase of an oil mud to 

inhibit hydration of a shale having an activity of 0.8. If the oil mud will contain 30% water by vol-
ume, how much CaCl

2
 per barrel of mud will be required? 

  Answer: 98.7 lbm/bbl of water and 29.6 lbm/bbl of mud.
3.20  Defi ne these terms: (1) emulsifi er, (2) wetting agent, (3) preferentially oil wet, (4) fatty-acid soap, 

and (5) balanced activity mud.
3.21   A saline solution contains 175.5 g of NaCl per liter of solution. Using a water density of 0.9982 

g/cm3, express the concentration of NaCl in terms of (1) molality, (2) molarity, (3) normality, (4) 
parts per million, (5) milligrams per liter, (6) weight percent, and (7) pounds per barrel of water. 
Answer: (1) 3.198 mol; (2) 3.00 g mol/L; (3) 3.00 gew/L; (4) 157,440 ppm; (5) 175,500 mg/L; (6) 15.7 wt%; 
(7) 65.4 lbm/bbl.

3.22 Discuss the difference between these alkalinity values: (1) P
m
 and P

f
 , and (2) P

f
 and M

f
 .

3.23  One liter of solution contains 3.0 g of NaOH and 8.3 g of Na
2
CO

3
. Compute the theoretical values 

of P
f
 and M

f
 .

Answer: 7.7 cm3; 11.6 cm3.
3.24   Alkalinity tests on a mud give a P

m
 value of 5.0 and a P

f
 value of 0.7. Determine the approximate 

amount of undissolved lime in the mud. The volume fraction of water in the mud is 80%. 
Answer: 1.154 lbm/bbl.

3.25   A volume of 20 mL of 0.0282 N AgNO
3
 was required to titrate 1 mL of saline water in the API test 

for salinity. Determine the con centration of Cl− and NaCl in the solution in mg/L assuming only NaCl 
was present. 
Answer: 20,000 mg/L and 33,000 mg/L. 

3.26  Name the three common causes of fl occulation. Also name four types of mud additives used to control 
fl occulation.

Nomenclature
 A  =  area of the fi lter paper, cm2

 AV  = apparent viscosity, cp 
 d  =  bit diameter, in.
 dVf/dt = fi ltration rate, cm3/s
 f

hs
 = volume fraction of the high-density solids

 f
ls
 = volume fraction of the low-density solids

 f
o
 = volume fraction of the oil phase 

 f
sc
  = volume fraction of solids in the cake
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 f
sm

  = volume fraction of solids in the mud
 f

w
 = volume fraction of the water phase

 
F  = applied force in the lubricity test, lbf

 F
f
 = friction force in the lubricity test, lbf 

 F
N
 = normal force in lubricity test, lbf 

 h
mc

  =  thickness of the fi lter cake (mudcake), cm 
 k  = permeability of the mudcake, darcies
 L  = length of the cylinders in a concentric viscometer, in.
 m

f
 = the mass of the fl uid mixture, lbm 

 m
ls
 = mass of low density solids, lbm

 m
w
 = mass of water, lbm.

 M
f
 = methyl orange fi ltrate alkalinity

 M
t
 = torque, ft-lbf

 P = phenolphthalein alkalinity, ml of 0.02 N H
2
SO

4

 P
f
 =  phenolphthalein alkalinity of fi ltrate fl uid, ml of 0.02 N H

2
SO

4

 P
m
 =  phenolphthalein alkalinity of mud, ml of 0.02 N H

2
SO

4

 P  = pressure, psia 
 P

r
 = reference pressure, psia

 PV = plastic viscosity, cp
 r

cp
 = radius of the captor in the lubricity test, in. 

 r
1
 = radius of the bob in a concentric viscometer, in.

 r
2
 = inside radius of the outer cylinder in a concentric viscometer, in. 

 ROP  =  rate of penetration of the bit, ft/hr
 SG

O
 = oil specifi c gravity 

 t  = time in fi ltration test, s
 T  = temperature, °F
 T

r
 = reference temperature, °F 

 V
f
 = total fl uid volume, ft3

 V
hs

 = volume of the high-density solids, ft3 
 V

ls
 = volume of the low-density solids, ft3

 V
o
 = volume of the oil phase, ft3 

 V
sp

 = spurt-loss volume, cm3 
 V

w
 = volume of the water phase, ft3

 V
7.5

 = 15-minute fi ltrate volume, cm3 
 V

30
 = 30-minute fi ltrate volume, cm3

 YP = yield point, lbf/100 ft2

 g. = shear rate, s–1 
 DP =  pressure drop across the mudcake, atm 
 q = dial reading on a viscometer, degrees
 q300 = dial reading on a viscometer at 300 rev/min, degrees
 q600 = dial reading on a viscometer at 600 rev/min, degrees
 μ = viscosity, cp
 m

a
  =  apparent viscosity, cp 

 m
f
 = friction coeffi cient measured in lubricity test

 m
mf  

= viscosity of the mud fi ltrate, cp
 m

M
 = viscosity of a mixture, cp 

 m
p
 = plastic viscosity, cp

 r– = slurry density from desilter, lbm/gal
 r

FL
 = free lime content, ppb

 ρ
hs

 = density of the high-density solids, lbm/gal 
 ρ

ls
 = density of the low-density solids, lbm/gal

 ρ
o
 = density of the oil phase, lbm/gal 

 ρ
w
 = density of the water phase, lbm/gal

 τ = shear stress, psia
 τ

Y
 = yield point (YP), lbf/100 ft2  

 ϕ  =  the average formation porosity
 w  = angular velocity of the outer cylinder, rev/min 
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Chapter 4

Cementing

Ron Sweatman, Halliburton

This chapter is an updated version of the Cementing chapter that fi rst appeared in Bourgoyne et al. (1991). The 
purposes of this chapter are to present (1) the primary objectives of cementing, (2) the test procedures used to 
determine if the cement slurry and set cement have suitable properties for meeting these objectives, (3) the addi-
tives used to obtain the desirable properties under various well conditions, and (4) the techniques used to place 
the cement at the desired location in the well. Many advances have been made in laboratory testing, engineering 
design, and cement placement technologies during the last 25 years. Summaries of key improvements are pre-
sented, with references cited for  detailed information. The mathematical modeling of the fl ow behavior of the 
cement slurry is not  discussed in this chapter but is presented in detail in Chapter 5.

Cementing is used in the drilling operation to prevent the movement of fl uid through the annular space outside the 
casing, protect and support the casing, stop the movement of fl uid into vugular or fractured formations, and close 
an abandoned portion of the well. Cementing is the process of placing a cement slurry in a well by mixing pow-
dered cement, additives, and water at the surface and pumping it by hydraulic displacement to the desired loca-
tion. Thus, the hardened, or reacted, cement slurry becomes “set” cement, a rigid solid that exhibits favorable 
strength characteristics. The rigidity of hard-set cement must be designed to allow enough ductility to maintain 
a seal under expected load conditions including those in deep, high-pressure/high-temperature (HP/HT) wells; see 
API RP 65-Part 2 (2010) for additional information.

The drilling engineer is concerned with the selection of the best cement composition and placement tech-
nique for each required application. A deep well that encounters abnormally high formation pressure may 
require several casing strings to be cemented properly in place before the well can be drilled and completed 
successfully. The cement composition and placement technique for each job must be chosen so that the ce-
ment will achieve an adequate strength soon after being placed in the desired location. This minimizes the 
waiting period after cementing and before commencing rig operations to change the BOP, wellhead, hydro-
static pressures, and drill out the casing shoe. However, the cement must remain pumpable long enough at 
high temperatures to allow placement to the desired location. Also, each cement job must be designed so 
that the density and length of the unset cement column results in sufficient subsurface pressure to prevent 
the movement of formation pore fluids into the wellbore while not causing formation fractures and lost 
circulation. As this initial overbalanced pressure slowly becomes underbalanced during the cement curing 
period, cement properties such as rapid static-gel-strength (SGS) development must take over to prevent 
formation-fluid influx and potential blowouts; for more details, see API RP 65-Part 2 (2010). Consider-
ation also must be given to the composition of subsurface contaminating fluids to which the cement will be 
exposed.

Poor cement jobs may result in delayed production, fl ow from unintended intervals behind casing, sustained 
annular pressure, and loss of casing integrity due to corrosion. Remedial operations are possible; however, they 
are costly and time consuming. In some instances, a poor cement job may cause a loss of the well. 
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4.1 Composition of Portland Cement
The main ingredient in almost all drilling cements is Portland cement, an artifi cial cement made by burning a 
blend of limestone and clay. This is the same basic type of cement used in making concrete. A slurry of Portland 
cement in water is ideal for use in wells because it can be pumped easily and hardens readily in an underwater 
environment. The name “Portland cement” was chosen by its inventor, Joseph Aspdin, because he thought the 
produced solid resembled a stone quarried on the Isle of Portland off the coast of England.

A schematic representation of the manufacturing process for Portland cement is shown in Fig. 4.1. The oxides 
of calcium, aluminum, iron, and silicon react in the extreme temperature of the kiln (2,600 to 2,800°F), resulting 
in balls of cement clinker upon cooling. After aging in storage, the seasoned clinker is taken to the grinding mills 
where gypsum (CaSO

4
-2H

2
O) is added (1 to 3% by weight of cement) to control setting time and hardening of 

cement (strength). The units sold by the cement company are the barrel, which contains 376 lbm or four 94-lbm 
sacks, or by U.S. tons (2,000 lbm) and metric tonnes (2,205 lbm). 

Cement chemists have found that there are four crystalline compounds in the clinker that hydrate to form or aid in 
the formation of a rigid structure. These are tricalcium silicate (3CaO-SiO

7
 or C

3
S), dicalcium silicate (2CaO-SiO

2
 or 

C
2
S), tricalcium aluminate (3CaO-A1

9
O

3
 or C

3
A), and tetracalcium aluminoferrite (4CaO • A1

2
O

3
 • Fe

2
O

3
 or C

4
AF). 

The hydration reaction is exothermic and generates a considerable quantity of heat, especially the hydration of C
3
A.

The chemical equations representing the hydration of the cement compounds when they are mixed with water 
are as follows.

2(3CaO• SiO
2
) + 6H

2
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Fig. 4.1—Manufacture of Portland cement [after Kosmatka and Wilson (2011)]. Courtesy of Portland Cement Association.
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The main cementing compound in the reaction products is 3CaO • 2SiO
2
 • 3H

2
O, which is called tobermorite 

gel. The gel has an extremely fi ne particle size and, thus, a large surface area. Strong surface attractive forces 
cause the gel to adsorb on all crystals and particles and bind them together. Excess water that is not hydrated re-
duces cement strength and makes the cement more porous and permeable.

C
3
S is thought to be the major contributor to strength, especially during the fi rst 28 days of curing. C

2
S hydrates 

very slowly and contributes mainly to long-term strength. C
3
A hydrates very rapidly and produces most of the 

heat of hydration observed during the fi rst few days. The gypsum added to the clinker before grinding controls 
the rapid hydration of C

3
A. The C

3
A portion of the cement also is attacked readily by water containing sulfates. 

C
4
AF has only minor effects on the physical properties of the cement.
The chemical composition of Portland cement generally is given in terms of oxide analysis. The relative amounts 

of the four crystalline compounds pres ent are computed from the oxide analysis. API Spec. 10A/ISO 10426-1 
(2002) uses the following equations for calculating the weight percent of the crystalline compounds from the 
weight percent of the oxides present.

C S 4.07C 7.6S 6.72A 1.43F 2.85SO3 3= − − − −
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (4.1)

C S 2.87S 0.754C S2 3= −     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (4.2)

C A 2.65A 1.69F3 = −
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (4.3)

C AF 3.04F4 =
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (4.4)

These equations are valid as long as the weight ratio of Al
2
O

3
 to Fe

2
O

3
 present is greater than 0.64.

Example 4.1 Calculate the percentages of C
3
S, C

2
S, C

3
A, and C

4
AF from the following oxide analysis of a stan-

dard Portland cement.
Oxide Weight Percent
Lime (CaO or C) 65.6
Silica (SiO

2
 or S) 22.2

Alumina (A1
2
O

3
 or A) 5.8

Ferric oxide (Fe
2
O

3
 or F) 2.8

Magnesia (MgO) 1.9
Sulfur trioxide (SO

3
) 1.8

Ignition loss 0.7
Solution. The A/F ratio is 5.8/2.8 = 2.07. Thus, using Eqs. 4.1 through 4.4 yields

C
3
S                  = 4.07(65.6)–7.6(22.2)–6.72(5.8)

                                 –1.43(2.8)–2.85(1.8) = 50.16 %.

C
2
S                   = 2.87(22.2)–0.754(50.16) = 25.89%.

C
3
A         = 2.65(5.8)–1.69(2.8) = 10.64%.

C
4
AF = 3.04(2.8) = 8.51%.

4.2 Cement Testing
API Spec. 10A/ISO 10426-1 (2002), RP 10B-2/ISO 10426-2 (2005), RP 10B-3/ISO 10426-3 (2004), RP 10B-4/
ISO 10426-4 (2004); other API, ISO, and ASTM standards; and some nonstandard publications such as SPE 
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papers may present state-of-the-art, recommended procedures for testing well cements. All of these tests were 
devised to help drilling personnel determine if a given cement composition will be suitable for specifi c well con-
ditions. Cement slurry design specifi cations almost always are stated in terms of these laboratory tests. The test 
equipment needed to perform many of the types of tests include:

· A pressurized mud balance for determining the slurry density
· An HP/HT fi lter press for determining the fi ltration rate of the slurry
· A rotational viscometer for determining the rheological properties of the slurry
· A consistometer for determining the thickening rate characteristics of the slurry under downhole pressure 

and temperature conditions
· Cement HP/HT curing and strength testing machines for determining the compressive strength of the cement
· A graduated cylinder for determining the free fl uid of the setting cement
· An HP/HT SGS testing device to measure the time period for the fl uid cement slurry to convert into a high-

enough SGS to inhibit formation-fl uid infl ux and migration [see more in ISO 10426-6 (2008)]
· A triaxial load cell for determining the ductility of the cement

The fi rst six types of tests are commonly performed for well cementing operations. The seventh type is needed 
for cement placed across potential fl ow zones to contain formation fl uids during cement curing periods, and the 
eighth one is needed to ensure sustainable cement sealing and support integrity under life of the well-load cases. 
Unlike drilling-fl uid testing, routine testing of the cement slurry normally is not done at the rig site except for ce-
ment slurry density, which is required to calibrate density measuring devices on the cement mixing and pumping 
equipment. However, it is imperative for the drilling engineer to understand the nature of these tests if he or she 
is to interpret cement specifi cations and reported test results properly.

The pressurized mud balance, fi lter press, and rotational viscometer used for cement testing are basically the 
same equipment described in Chapter 3 for testing drilling fl uids, except that an HP/HT fi lter press is used instead 
of the low-pressure version. An HP/HT version of the rotational viscometer is often used for applications in deep, 
hot hole sections. When measuring the density of cement slurries, entrained air in the sample is more diffi cult to re-
move. The pressurized mud balance shown in Fig. 4.2 can be used to minimize the effect of the entrained air. Ce-
ment slurry density should be determined by use of a pressurized mud balance described in ISO 10426-2 (2005).

4.2.1 Cement Consistometer. The pressurized and atmospheric-pressure consistometers used in testing cement are 
shown in Figs. 4.3a and 4.3b. The pressurized consistometer consists essentially of a rotating cylindrical slurry 
container equipped with a stationary paddle assembly, all enclosed in a pressure chamber capable of withstanding 
temperatures and pressures encountered in well cementing operations. The cylindrical slurry chamber is rotated at 
150 rev/min during the test. The slurry consistency is defi ned in terms of the torque exerted on the paddle by the 
cement slurry. The relation between torque and slurry consistency is given by

B
T

c = − 78.2

20.02
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (4.5)

Fig. 4.2—Mud balance. Courtesy of Halliburton.
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(a) (b)

Fig. 4.3—Examples of (a) pressurized and (b) atmospheric consistometers. Courtesy of Halliburton.

where T = the torque on the paddle in g-cm and B
c
 = the slurry consistency in API consistency units designated by 

B
c
. The thickening time of the slurry is defi ned as the time required to reach a consistency of 100 B

c
. This value is 

felt to be representative of the upper limit of pumpability. The temperature and pressure schedule followed during 
the test must be given with the thickening time for the test results to be meaningful. API periodically reviews fi eld 
data concerning the temperatures and pressures encountered during various types of cementing operations and 
publishes recommended schedules for use with the consistometer. API Spec. 10A (2002), RP 10B-2 (2005)/ISO 
10426-2 (2003), RP 10B-3 (2004)/ISO 10426-3 (2003), and RP 10B-4 (2004)/ISO 10426-4 (2004) provide proce-
dures for a number of schedules for simulating various casing and liner cementing operations. While some stan-
dards provide “test schedules” for testing thickening times for different well depths and temperature gradients, the 
test schedule for a given job needs to be calculated using the actual well conditions and the anticipated pump rates.

The atmospheric-pressure consistometer is frequently used to simulate a given history of slurry pumping before 
performing certain tests on the slurry, such as tests for free fl uid, rheology, fl uid loss, and compressive strength. For 
example, the rheological properties of cement slurries are time dependent because the cement thickens with time. 
The history of shear rate, temperature, and pressure before measuring the cement rheological properties using a 
rotational viscometer can be specifi ed in terms of a schedule followed using the consistometer. The consistometer 
also is sometimes used to determine the maximum, minimum, and normal water ratios [% BWOC (by weight of 
cement)] for various types of cements and is most often used to condition the slurry for the free fl uid content test. 
In the water-ratio tests, the sample is placed fi rst in the consistometer and stirred for a period of 20 minutes at 80°F 
and atmospheric pressure. The minimum water content (or water ratio in % BWOC) is the amount of mixing water 
per sack of cement that will result in a consistency of 30 B

c
 at the end of this period. The normal water content is 

the amount of mixing water per sack of cement that will result in a consistency of 11 B
c
 at the end of the test. The 

free fl uid (original name: water) content is determined by pouring a 250-mL sample from the consistometer into a 
glass graduated cylinder and noting the amount of free supernatant water that separates from the slurry over a 
2-hour period. The maximum water content is defi ned as the amount of water per sack of cement that will result in 
3.5 mL of free water. However, these water-ratio tests often can have varying results when additives are used in the 
cement slurry. A consistometer designed to operate only at atmospheric pressure is frequently used in conjunction 
with the determination of the slurry rheological, free fl uid, and fi ltrate loss properties and water content. 

Example 4.2 The torque required to hold the paddle assembly stationary in a cement consistometer rotating at 150 
rev/min is 520 g-cm. Compute the slurry consistency.

B
T

c = − = − =78.2

20.02

520 78.2

20.02
22 consistency units
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4.2.2 Strength Tests. The standard tests for cement compressive strength are published in API Spec. 10A (2002)/
ISO 10426-1 (2002), RP 10B-2 (2005)/ISO 10426-2 (2003), RP 10B-3 (2004)/ISO 10426-3 (2003), and RP 10B-4 
(2004)/ISO 10426-4 (2004) for drilling cements. The compressive strength of the set cement is the compressional 
force required to crush the cement divided by the cross-sectional area of the sample. Test schedules for curing 
strength test specimens are recommended by API. These schedules are based on average conditions encountered 
in different types of cementing operations and are updated periodically on the basis of current fi eld data. The 
compressive strength of the cement is usually about 12 times greater than the tensile strength at any given curing 
time. Thus, frequently only the compressive strength is reported. 

Nondestructive Sonic Strength Testing of Cement. A sonic nondestructive testing procedure is used to corre-
late cement compressive strength to sonic travel time and is performed by a testing device commonly called an 
ultrasonic cement analyzer (UCA). Strength correlations are specifi c to certain cement slurry compositions, and 
some cement compositions may not fi t the correlations supplied by the UCA manufacturer. Custom correlations 
may be needed for some cement system formulations. The UCA test is the most frequently used test for compres-
sive strength. More information on the UCA test can be found in ISO 10426-2 (2005).

4.2.3 Nonstandard Tests and Modeling. Parr et al. (2009) used a variety of nonstandard tests and numerical 
models to fi nd the root cause for abnormally high cement-displacement pressures in liner cementing. The test and 
mathematical model conclusions are listed next.

1.  Slurry dewatering and fi lter-cake buildup were successfully simulated to show an annular restriction 
effect caused by a high-permeability formation interval.

2.  Solids settling was demonstrated within the drilling mud and spacer fl uids. The mud was shown to build 
a soft layer of low-mobility solids, but not a hard layer of solids. The effect of the low-mobility solids on 
cement placement would be to make the mud diffi cult to remove completely from the hole, thereby allow-
ing the mud and cement to mix.

3.  Using ultralow shear and HP/HT downhole conditions, the static-gel-strength (SGS) development of 
the drilling fl uid was measured, showing that mud erodibility was low, meaning that subsequent mud 
displacement by cement would be diffi cult.

4.  Film buildup on interior liner pipe walls was measured and shown to be minor relative to issues with 
cement placement.

5.  Results of mud/spacer/cement compatibility laboratory test data and numerical modeling showed the 
means by which mixing of mud and cement as incompatible fl uids might occur and contribute greatly to 
the abnormal cementing job pressures.

4.2.4 Permeability Testing. Routine permeability testing of cement has been abandoned by the oil and gas 
industry. Further, the old method of cement permeability testing (Bourgoyne 1991) is not commonly practiced 
today. The following discussion explains this change in procedure.

In Sutton et al. (1984a, 1984b), the authors discuss the time period for natural gas to migrate through cement 
with a very high (e.g., 12 md) permeability in a long cement column. For example, the time of gas migration 
through 2,000 linear ft of 12-md cement was found to be in excess of 72 years. The realization that cement 
permeability was relatively unimportant for annular gas fl ow was recognized as early as the early 1960s (Goode 
1962). This is one reason why the API RP-65 Task Group focused on other reasons for both short-term (during 
well construction) and long-term (most cases in < 10 years) annular fl ows. Instead of cement permeability, the 
main focus is on some of the following reasons or causes for fl ows:

· Poor cement placement
· Cement channeling through mud, leaving bypassed mud that forms a gas fl ow path 
· Lost circulation during cementing, resulting in cement channeling or top of cement below a fl ow zone 
· Poor removal of mudcake that later converts into an annular fl ow path 
· Poor control of cement SGS development that causes an underbalanced condition before  cement sets
· Formation of a microannulus at the cement/pipe and/or cement/borehole wall interfaces
· Stress cracking in hard-set, brittle cements that are not designed for certain cyclic well loads (temperature 

and pressure changes) 

The API RP-65 Task Group did not propose any maximum value for cement permeability in RP 65-Part 2 
(2010), as it is not a concern and routinely is much lower than the 12-md example. Gas migration travel-time 
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periods calculated with typically low cement permeability values may be several hundreds or thousands of 
years, depending on cement column lengths and differential pressures. Further, geochemical reactions over 
these time periods have been shown to deposit scale that seals the cement pores indefi nitely. However, when 
these calculations predict problems, special cements (such as those used in low pH, corrosive environments) 
are used to ensure sealing by the cement. 

For instance (Sweatman et al. 2009b), most scientists agree that 1,000 years of CO
2
 containment in an injection 

reservoir is suffi cient to ensure permanent sequestration. Well-abandonment cement plugs with relatively short 
lengths of Portland type cements can seal CO

2
 inside the well under the most severe corrosive conditions for 

much greater time periods than 1,000 years, regardless of CO
2
-induced degradation. Consequently, the consensus 

of opinion has now shifted from cement permeability to other issues such as cement slurry placement assurance 
(100% mud removal, etc.) and long-term mechanical integrity (stress resistance) to prevent annular leak path-
ways like channels, microannuli, and cracks. 

Accordingly, the API Task Group discounted cement permeability as a cause for natural gas migration occur-
rences. This is why routine permeability testing of cement has been abandoned by the oil and gas industry. During 
the industry’s evaluation, the old API cement permeability test under ambient pressure and temperature conditions 
was found technically invalid because it could not simulate the downhole conditions that affected cement perme-
ability, such as geochemical effects and confi ning stresses in the annulus. Consequently, new laboratory tests have 
been developed to measure gas fl ow through cement permeability under downhole conditions. Discussion of these 
tests is considered to be beyond the scope of this textbook, but details may be found in many references, such as 
papers concerning sealing CO

2
 injection wells with cement [e.g., Carey et al. (2006), Huerta et al. (2008), Kutchko 

et al. (2009), Rodot and Garnier (2009), Santra et al. (2009), and Sweatman et al. (2009b)]. 

4.3 Standard and Nonstandard Drilling Cements
API Spec. 10A (2002) and its equivalent standard, ISO 10426-1 (2006), have defi ned eight (six in ISO 10426-1) 
standard classes and three standard types of cement for use in wells. The more recent ISO standard drops Classes 
E and F, and API may likely follow suit in the next edition of Spec. 10A. The six classes specifi ed are designated 
Class A, B, C, D, G, and H. The intended meanings of the various classes are defi ned in Table 4.1. The three types 
specifi ed are (1) ordinary, “O”; (2) moderate sulfate-resistant, “MSR”; and (3) high sulfate-resistant, “HSR.” The 
chemical and physical requirements for the various types and classes are given in API Spec. 10A. The majority of 
oilwell cements are Class G and Class H. 

The physical requirements of the various classes of cement given in API Spec. 10A apply to cement samples 
prepared according to API specifi cations. To provide uniformity in testing, it is necessary to specify the amount 
of water to be mixed with each type of cement. These water-content ratios, shown in Table 4.2, often are referred 
to as the normal water content or “API water” of the cement class. As will be discussed in the next section, Wyo-
ming bentonite sometimes is added to the cement slurry to reduce the slurry density, or barium sulfate is added to 
increase the slurry density. For example, the water content may be increased 5.3 wt% for each weight percent of 
bentonite added and 0.2 wt% for each weight percent of barium sulfate added.

4.3.1 Construction Industry Cement Designations.  Five basic types of Portland cements are used commonly 
in the construction industry in the USA. The ASTM classifi cations and international designations for these fi ve 
cements are shown in Table 4.3. Note that ASTM Type I, called normal, ordinary, or common cement, is similar 
to API Class A cement. Likewise, ASTM Type II, which is modifi ed for moderate sulfate resistance, is similar to 
API Class B cement. ASTM Type III, called high early strength cement, is similar to API Class C cement. Other 
types of construction cements can be found in standards by other countries. 

4.3.2 Nonstandard Cements. Nonstandard cements are often used for special applications and do not fall into 
any specifi c API, ISO, or ASTM classifi cation. Some of these cements are dry blends of API, ISO, or ASTM ce-
ments and additives for well applications in primary or remedial cementing operations. These cement materials’ 
quality and uniformity are generally controlled by the supplier and include the following types:

· Pozzolan/Portland cements
· Pozzolan/lime cements
· Resin or plastic cements
· Gypsum cements
· Microfi ne cements
· Expanding cements
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TABLE 4.1—STANDARD CEMENT CLASSES AND GRADES

Class A

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium silicates, 
usually containing one or more forms of calcium sulfate as an interground additive. At the option of the 
manufacturer, processing additives may be used in the manufacture of Class A cement, provided such materials in 
the amounts used have been shown to meet the requirements of ASTM C 465. This product is intended for use 
when special properties are not required. Available only in ordinary (O) Grade (similar to ASTM C 150, Type I).

Class B

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium silicates, 
usually containing one or more forms of calcium sulfate as an interground additive. At the option of 
the manufacturer, processing additives may be used in the manufacture of Class B cement, provided such 
materials in the amounts used have been shown to meet the requirements of ASTM C 465. This product is 
intended for use when conditions require moderate or high sulfate-resistance. Available in both moderate 
sulfate-resistant (MSR) and high sulfate-resistant (HSR) Grades (similar to ASTM C 150, Type II).

Class C

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium 
silicates, usually containing one or more forms of calcium sulfate as an interground additive. At the 
option of the manufacturer, processing additives may be used in the manufacture of Class C cement, provided 
such materials in the amounts used have been shown to meet the requirements of ASTM C 465. This product is 
intended for use when conditions require high early strength. Available in ordinary (O), moderate sulfate-
resistant (MSR) and high sulfate-resistant (HSR) Grades (similar to ASTM C 150, Type III).

Class D

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium 
silicates, usually containing one or more forms of calcium sulfate as an interground additive. At the 
option of the manufacturer, processing additives may be used in the manufacture of Class D cement, provided 
such materials in the amounts used have been shown to meet the requirements of ASTM C 465. Further, at 
the option of the manufacturer, suitable set-modifying agents may be interground or blended during manufacture.
This product is intended for use under conditions of moderately high temperatures and pressures. Available 
in moderate sulfate-resistant (MSR) and high sulfate-resistant (HSR) Grades.

Class E

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium 
silicates, usually containing one or more forms of calcium sulfate as an interground additive. At the 
option of the manufacturer, processing additives may be used in the manufacture of Class E cement, provided 
such materials in the amounts used have been shown to meet the requirements of ASTM C 465. Further, at 
the option of the manufacturer, suitable set-modifying agents may be interground or blended during manufacture.
This product is intended for use under conditions of high temperatures and pressures. Available in moderate 
sulfate-resistant (MSR) and high sulfate-resistant (HSR) Grades.

Class F

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium 
silicates, usually containing one or more forms of calcium sulfate as an interground additive. At the 
option of the; manufacturer, processing additives may be used in the manufacture of Class F cement, provided 
such materials in the amounts used have been shown to meet the requirements of ASTM C 465. Further, 
at the option of the manufacturer, suitable set-modifying agents may be interground or blended during 
manufacture. This product is intended for use under conditions of extremely high temperatures and pressures. 
Available in moderate sulfate-resistant (MSR) and high sulfate-resistant (HSR) Grades.

Class G

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium 
silicates, usually containing one or more forms of calcium sulfate as an interground additive. No additives other 
than calcium sulfate or water, or both, shall be interground or blended with the clinker during manufacture of 
Class G well cement. This product is intended for use as a basic well cement. Available in moderate sulfate-
resistant (MSR) and high sulfate-resistant (HSR) Grades.

Class H

The product obtained by grinding Portland cement clinker, consisting essentially of hydraulic calcium silicates, 
usually containing one or more forms of calcium sulfate as an interground additive. No additives other than calcium 
sulfate or water, or both, shall be interground or blended with the clinker during manufacture of Class H well 
cement. This product is intended for use as a basic well cement. Available in moderate sulfate-resistant (MSR) 
and high sulfate-resistant (HSR) Grades.

[from API Spec. 10A (2002)] Reproduced courtesy of the American Petroleum Institute.
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TABLE 4.2—NORMAL WATER CONTENT OF CEMENT 

Water

API Cement Class
Water % by Weight 

of Cement Gallon per sack Liter per sack

A and B 46 5.19 19.6
C 56 6.32 23.9

D, E, F, and H 38 4.29 16.2
G 44 4.97 18.8

[from API Spec. 10A (2002)] Reproduced courtesy of the American Petroleum Institute.

Typical Composition
ASTM
Type

International
Designation

API
Class

Common
Name C3S C2S C3A C4AF

I OC A Normal
Ordinary
Common

53 24 8 8

II B Modified 47 32 3 12
III RHC C High early 

strength
58 16 8 8

IV LHC Low heat 26 54 2 12
V SRC Sulfate-

resistant
_ _ _ _

TABLE 4.3—BASIC ASTM CEMENT TYPES [ASTM Standards on Cement (1975)]*

* Reprinted, with permission, from the Annual Book of ASTM Standards, Part 13, 1975, copyright ASTM International, 
100 Barr Harbor Drive, West Conshohocken, PA 19428.

· High-alumina cements
· Latex cements
· Cements for permafrost environments
· Sorel cements

Some of these cements that are commonly used are described below:
Pozzolan-Portland Cements. Pozzolanic materials are often dry blended with Portland cements including API, 

ISO, or ASTM cements to produce “lightweight” (low-density) slurries for well cementing applications. Poz-
zolanic materials include any natural or industrial siliceous or silica-aluminous material, which, though not ce-
mentitious in itself, will combine with lime in the presence of water at ambient temperatures to produce 
strength-developing insoluble compounds similar to those formed from hydration of Portland cement. Typically, poz-
zolanic materials are categorized as natural or artifi cial and can be either processed or unprocessed. The most com-
mon sources of natural pozzolanic materials are volcanic materials and diatomaceous earth. Diatomaceous earth is 
composed of diatom fossil remains consisting of opaline silica. Artifi cial pozzolanic materials are produced by par-
tially calcining natural materials such as clays, shales, and certain siliceous rocks, or are more usually obtained as an 
industrial byproduct. Artifi cial pozzolanic materials include metakaolin, fl y ash, microsilica (s  ilica fume), and ground 
granulated blast-furnace slag. As explained by Santra (2009) and Sweatman (2009a, 2009b), the addition of poz-
zolanic materials to API, ISO, or ASTM (Portland) cements reduces permeability and protects cement from chemi-
cal attack by corrosive formation waters with the buffered pH found in CO

2
 injection zones. In most cases, pozzolanic 

materials also can reduce the effect of sulfate attack, though this is somewhat dependent on the slurry design. 
Gypsum Cements. Gypsum cement is a blended cement composed of API Class A, C, G, or H cement and 

the hemihydrate form of gypsum (CaSO
4 
· 0.5H

2
O). In practice, the term “gypsum cements” normally indicates 

blends containing 20% or more gypsum. Gypsum cements are commonly used in low-temperature applications 
for primary casing or remedial cementing work. This combination is particularly useful in shallow wells to mini-
mize fallback after placement. The unique properties of gypsum cement are its capacity to set rapidly, its high 
early strength, and its positive expansion (approximately 2.0%). This is caused by the “plaster of Paris” reac-
tion in which the hemihydrate rehydrates to form gypsum.
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A cement with high gypsum content has increased ductility and acid solubility. It is usually used in situations 
of high lateral stress or in temporary plugging applications. A 50:50 gypsum cement is frequently used in fi ght ing 
lost circulation, to form a permanent insoluble plug. These blends should be used cautiously because they have 
very rapid setting properties and could set prematurely during placement. A limitation of gypsum cements is that 
they are nonhydraulic and are not stable in contact with external water sources, including corrosive formation 
waters.

Microfi ne Cements. Microfi ne cements are composed of very fi nely ground (1) sulfate-resisting Portland 
cements, (2) Portland cement blends with ground granulated blast furnace slag, and (3) alkali-activated 
ground granulated blast furnace slag. The specifi c surface area for microfi ne cements is 500 to 1,000 m2/kg 
(and sometimes higher). Microfi ne cements have an average particle size of 4 to 6 microns and a maximum 
particle size of 15 microns. They hydrate in the same manner as normal Portland cements, though at a sig-
nifi cantly faster rate because of the greater surface area. The blends of Portland cement and ground granulated 
blast furnace slag cement are equivalent to a fi nely ground pozzolanic cement, resulting in a faster hydration 
reaction. Such cements have a high penetrability and ultrarapid hardening. Applications for such cements in-
clude consolidation of unsound formations and repair of casing leaks in squeeze operations, particularly 
“tight” leaks that are inaccessible by conventional cement slurries because of their penetrability. Ultrafi ne 
alkali-activated ground blast furnace slag is used in the mud-to-cement technology in which water-based 
drilling mud is converted to cement.

Expanding Cements. Expansive cements are available primarily for improving the bond of cement to pipe and 
formation. If expansion is properly restrained, its magnitude will be reduced, and a prestress will develop. Expan-
sion can also be used to compensate for shrinkage in neat Portland cement. Expansive cements were developed in 
the 1950s and 1960s that are hydraulic in nature and have controlled expansion that occurs just after setting. These 
cements were based on either the formation of considerable quantities of ettringite (C

6
AS

3
H

32
) after set, or on 

hydration of anhydrous polyvalent metal oxides such as MgO or hard-burned CaO. In the late 1970s, in-situ 
gas-generating additives were developed; these additives produce microsize gas bubbles that cause the cement to 
expand while still in the plastic state.

Other formulations of expanding cement include the following:

· API and ISO Class A or H (Portland cement) containing 5 to 10% of the hemihydrate forms of gypsum 
· API and ISO Class A, G, or H cements containing sodium chloride in concentrations ranging from 5% to 

saturation 
· Cement additives that create in-situ gas generation within the cement matrix based primarily on the reaction 

of fi nely ground alumina powder with the alkalis present in the cement aqueous solution to produce hydro-
gen gas. Although alumina powder is the most commonly used additive, zinc, magnesium, and iron powders 
are potential alternatives. 

At this time, the API and ISO standards contain no test procedures or specifi cations for measuring the expan sion 
forces in cement. There are, however, an API Technical Report (API 10TR2, Shrinkage and Expansion in Oil-
well Cements) and an ISO 10426-5 standard (2005) that describe some of the test procedures used for expan-
sion. Hydraulic bonding tests also have been used to evaluate cement expansion.

Calcium Aluminate Cements. High-alumina cement (HAC) was fi rst developed for industrial use as a solution 
to the degradation of mortars and concretes in ground containing large quantities of sulfate. Today, these cements 
are used primarily in refractory concretes, but they are also widely used in construction for rapid setting and con-
trolled expansion or shrinkage compensation. In well-cementing operations, they are used at both temperature 
extremes in permafrost zones with temperatures at 32°F or below; in in-situ combustion wells (fi refl ood), where 
temperatures may range from 750 to 2,000°F; and in thermal recovery wells, where temperatures can exceed 
1,300°F and fl uctuate dramatically. 

Several high-alumina cements have been developed with alumina contents of 35 to 90 percent, and there is a 
move to term these collectively as calcium aluminate cements (CACs) because the reactive phase in all cases is 
calcium aluminate. CAC is manufactured by blending bauxite (aluminum ore) and limestone and heating the 
mixture above 2,640°F in reverberatory open-hearth furnaces until it is liquefi ed. The molten clinker is continu-
ously removed through a tap hole, collected in molds, cooled, and ground in ball mills. The setting time for CAC 
is controlled by the composition, and no materials are added during grinding. 

The manufacturer usually controls standards for CACs because few national standards address these cements. 
These cements can be accelerated or retarded to fi t individual well conditions; however, the retardation character-
istics differ from those of Portland cements. The addition of Portland cement to a refractory cement will cause a 
fl ash set; therefore, when both are handled in the fi eld, they must be stored separately.
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Latex Cement. Latex cement, although sometimes identifi ed as a special cement, is actually a blend of API and 
ISO Class A, G, or H with latex. Latex is a colloidal suspension of polymer in water; the latex blends found in 
latex cements are generally copolymer systems that incorporate more than one type of polymer to optimize fi lm 
formation and fl exibility. The copolymers are based on polyvinyl acetate, polyvinylidene chloride-polyvinyl chlo-
ride, polyacrylate copolymers, or styrene-butadiene and are spherical with diameters of 0.01 to 1.0 mm. In general, 
a latex emulsion contains only 50% by weight of solids and is usually stabilized by an emulsifying surface-active 
agent. The latex particles coalesce to form a continuous fi lm around the cement hydration products in the set ce-
ment and effectively coat the walls of the capillary pores. A well-distributed latex fi lm may protect the cement 
from chemical attack by some types of corrosive conditions such as formation waters containing carbonic acid. 
Latex also imparts elasticity to the set cement and improves the bonding strength and fi ltration control of the 
cement slurry. 

Resin or Plastic Cements. Resin and plastic cements are specialty materials used for selectively plugging open 
holes, squeezing perforations, and primary cementing of waste-disposal wells, especially in highly aggressive, 
acidic environments. These cements may be composed of resins and catalysts alone or contain fi llers such as silica 
sand. Other systems are mixtures of water, liquid resins, and a catalyst blended with API Class A, B, G, or H 
cement. For example:

A unique property of these cements is their capability to be squeezed under applied pressure into a permeable 
zone to form a seal within the formation. These specialty cements are used in relatively small volumes and are 
generally effective at temperatures from 60 to 200°F (15 to 93°C). Some types of resin cements can be applied in 
wells with higher temperature conditions. 

Sorel Cement. Sorel cement is a magnesium-oxychloride cement used as a temporary plugging material in 
well cementing. The cement is made by mixing powdered magnesium oxide with a concentrated solution of 
magnesium chloride. The complex hydration reactions include at least eight different primary reactions. Car-
bonates are generally incorporated into the formulation to reduce the solubility of the magnesium hydroxide 
chloride hydrates that are normally formed by producing carbonated hydrates. The main phases formed are 
Mg

2
OHClCO

3
·3H

2
O and Mg

3
(OH)

2
(CO

3
)

4
·4H

2
O. Sorel cements have been used on occasion in the Common-

wealth of Independent States (CIS) for cementing oil wells at temperatures up to 1,400°F (752°C). An acid-
soluble magnesia cement that reacts as a complex Sorel cement has been set across production perforations as 
a temporary abandonment plug and used to protect water-injection zones during workover operations (Sweat-
man and Scoggins 1990). The same system has been used to squeeze lost-circulation zones during drilling 
operations. A more fi nely ground version is available for applications requiring short cement times.

Acid-soluble Sorel cements are not recommended for permanent sealing in corrosive environments, such as well 
cementing applications across formations containing carbonic acid waters or “wet” CO

2
 gas. 

4.4 Cement Additives
Typically, cement additives are free-fl owing powders that either can be dry blended with the cement before trans-
porting it to the well or can be dispersed in the mixing water at the job site. At present, the cement classes G and 
H can be modifi ed easily through the use of additives to meet almost any job specifi cations economically. The use 
of modifi ed Class H cement has become extremely popular.

The cement additives available can be subdivided into these functional groups: (1) density-control additives, (2) 
setting-time-control additives, (3) lost-circulation additives, (4) fi ltration-control additives, (5) viscosity-control 
additives, and (6) special additives for unusual problems. The fi rst two categories are perhaps the most important 
because they receive consideration on almost every cement job. Some additives serve more than one purpose and, 
thus, would fi t under more than one of the classifi cations shown above.

It should be well understood that all additives have both primary and secondary effects. For example, an addi-
tive that affects slurry density may also infl uence slurry viscosity and setting time. In fact, the mechanisms of 
acceleration and retardation are still not completely understood. It should be noted that most of additives are 
strongly infl uenced by the chemical and physical properties of the cement, which may vary considerably even for 
a given API class of cement. 

CH2-CH-CH2- +

O

Ca(OH)2

Cure
n n
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The nomenclature used by the petroleum industry to express the concentration of cement additives often is 
confusing to the student. However, most of the confusion can be cleared up by pointing out that the reference 
basis of cement mixtures is a unit weight of cement. When the concentration of an additive is expressed as a 
“weight percent” or simply “percent,” the intended meaning is usually that the weight of the additive put in the 
cement mixture is computed by multiplying the weight of cement in the mixture by the weight percent given by 
100%. The concentration of liquid additives sometimes is expressed as gallons per sack of cement. A sack of ce-
ment contains 94 lbm unless the cement product is a blend of cement and some other material. The water 
content of the slurry is sometimes expressed as the water/cement ratio in gallons per sack and sometimes ex-
pressed as a weight percent. The term “percent mix” is used for water content expressed as a weight percent. Thus,

percent mix
water weight

cement weight
100.  = ×

Many components are used in low concentration and have very minor effects on slurry volume. Physical proper-
ties of cement components needed to perform the ideal mixing calculations are given in Table 4.4. 

The volume of slurry obtained per sack of cement used is called the yield of the cement. This term should not 
be confused with the yield of clay or the yield point of a fl uid as discussed in Chapter 3.

Example 4.3 It is desired to mix a slurry of Class A cement containing 3% bentonite, using the normal mixing 
water as specifi ed by API (Table 4.2). Determine the weight of bentonite (specifi c gravity = 2.65) and volume of 
water to be mixed with one 94-lbm sack of cement (specifi c gravity = 31.14). Also, compute the percent mix, yield, 
and density of the slurry.

Solution. The weight of bentonite to be blended with one sack of Class A cement is

0.03(94) = 2.82 lbm.
The normal water content for Class A cement is 46% (Table 4.2). However, 5.3% water must be added for each 
percent of bentonite. Thus, the percent mix is

46 + 3(5.3) = 61.9%.

The water volume to be added per sack of Class A cement is given by

0.619 (94 lbm/sack)

8.33 lbm/gal
6.98 gal.=

The specifi c gravities of cement and bentonite are 3.14 and 2.65, respectively. The volume of the slurry is given 
by

94 lbm

3.14(8.33)lbm/sack

2.82 lbm

2.65(8.33)lbm/sack
6.98 g+ + aal/sack 10.7 gal/sack.  =

The yield of the slurry is

10.7 gal/sack

7.48 gal/ft
1.43 ft /sack

3
3=

The density of the slurry is the total mass divided by the total volume or

94 2.82 8.33(6.98)

10.7
14.5 lbm/gal.

+ + =

4.4.1 Density Control. The density of the cement slurry must be high enough to prevent the higher-pressured 
formations from fl owing into the well during cementing operations, yet not so high as to cause fracture of the 
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TABLE 4.4—PHYSICAL PROPERTIES OF CEMENTING MATERIALS (Halliburton 2001)

Absolute Volume

Material Bulk Weight, lbm/ft3
Specific
Gravity gal/lbm ft3/lbm

API Class A cement 94 3.15 0.0380 0.0051
API Class C cement 94 3.19 0.0376 0.0050
API Class G cement 94 3.18 0.0377 0.0050
API Class H cement 94 3.18 0.0377 0.0050
Ciment Fondu 90 3.20 0.0375 0.0050
Activated Charcoal 14 1.57 0.0765 0.0102
Gilsonite 50 1.07 0.1122 0.0150
Micro-Fly Ash 65 2.54 0.0473 0.00630
Calcium Chloride saturated liquid 1.32 0.0908 0.0121
Potassium Chloride saturated liquid 1.18 0.1017 0.0136
Sodium Chloride saturated liquid 1.20 0.0999 0.0134
Latex 30 0.997 0.1202 0.0167
Attapulgite 40 2.58 0.0465 0.0062
Barite 135 4.23 0.0284 0.0038
Bentonite 60 2.65 0.0453 0.0061
Calcium Carbonate 22.3 2.71 0.0443 0.0059
Calcium Chloride (dry) 50.5 1.96 0.0612 0.0082
Hydrated Lime 31 2.34 0.0513 0.0069
Iron Carbonate 114.5 3.7 0.0324 0.0043
Hematite 193 5.02 0.0239 0.0032
Perlite (0 psi) 8 0.67 0.1792 0.0240
Perlite (3000 psi)  2.2 0.0546 0.0073
Sodium Chloride (dry) 71 2.17 0.0553 0.0074
Sand 35% porosity 106.6 2.63 0.0456 0.0061
Sand 39% porosity 100 2.63 0.0456 0.0061
Silica Flour 70 2.63 0.0456 0.0061
Diesel Oil No. 1  0.82 0.1461 0.0195
Diesel Oil No. 1  0.85 0.1410 0.0189
Sea Water  1.025 0.1169 0.0156
Fresh Water  1.0 0.1198 0.0160
Potassium Chloride 3%  1.019 0.0443 0.0059
Potassium Chloride 5%  1.031 0.0450 0.0060
Sodium Chloride 6%  1.041 0.0372 0.0050
Sodium Chloride 12%  1.078 0.0391 0.0052
Sodium Chloride 18%  1.112 0.0405 0.0054
Sodium Chloride 24%  1.145 0.0417 0.0056

weaker formations. In most cases, the density of the cement slurry obtained by mixing cement with the normal 
amount of water will be too great for the formation fracture strength, and it will be desirable to lower the slurry 
density.

Reducing the cement density also tends to reduce the overall cost of the cement slurry. Slurry density is re-
duced by using nitrogen as an additive to mix foam cement. In recent years, low-density microspheres have been 
added to foam cement. Other common methods use nonfoamed cement with a higher water/cement ratio or with 
added low-specifi c-gravity solids, or both. The higher water/cement ratio approach that uses bentonite or silicate 
additives has been found to cause poor sealing results, leading to formation-fl uid infl ux and migration between 
zones or up the annulus to the wellhead, and is not recommended for applications across potential fl ow zones or 
where unknown fl ow zones may exist. 

The low-specifi c-gravity solids commonly used to reduce slurry density include (1) nitrogen plus foaming 
agents, (2) microspheres, (3) pozzolans, (4) sodium silicates, and (5) bentonite (sodium montmorillonite). The last 
two solids in this list are not recommended for certain applications, including those that control gas migration. 
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When extremely weak formations are present, it may not be possible to reduce slurry density suffi ciently to pre-
vent fracture. In this case, the mud column in front of the cement slurry can be aerated with nitrogen to reduce 
hydrostatic pressure further. However, nitrogen and foaming agents added to cement slurries are often the best 
method for reducing cement density while maintaining other good properties.

4.4.2 Foamed Cement. It is possible to make slurries ranging in density from 4 to 18 lbm/gal using foamed ce-
ment. Foamed cement is a mixture of cement slurry, foaming agents, and a gas. Foamed cement is created when 
a gas, usually nitrogen, is injected at high pressure into a base slurry that incorporates a foaming agent and foam 
stabilizer. Nitrogen gas can be considered inert and does not react with or modify the cement hydration product 
formation. Under special circumstances, compressed air can be used instead of nitrogen to create foamed cement. 
In general, because of the pressures, rates, and gas volumes involved, nitrogen-pumping equipment provides a 
more reliable gas supply. The process forms an extremely stable, lightweight slurry that looks like gray shaving 
foam. When foamed slurries are properly mixed and sheared, they contain tiny, discrete bubbles that will not co-
alesce or migrate. Because the bubbles that form are not interconnected, they form a low-density cement matrix 
with low permeability and relatively high strength.

Virtually any oilwell-cementing job can be considered a candidate for foamed cementing, including primary 
and remedial cementing functions onshore and offshore, and in vertical or horizontal wells. Although its design 
and execution can be more complex than standard jobs, foamed cement has many advantages that can overcome 
these concerns. Foamed cement is lightweight, provides excellent strength-to-density ratio, is ductile, enhances 
mud removal, expands, helps prevent gas migration, improves zonal isolation, imparts fl uid-loss control, is ap-
plicable for squeezing and plugging, insulates, stabilizes at high temperatures, is compatible with non-Portland 
cements, simplifi es admix logistics, enhances volume, has low permeability, is stable to crossfl ows, and forms a 
synergistic effect with some additives, which enhances the property of the additive. The disadvantage of foamed 
cement is the need for specialized cementing equipment both for fi eld application and for laboratory testing. See 
API RP 65-Part 1 (2002), RP 65-Part 2 (2010), and RP 10B-4 (2004) or its equivalent, ISO 10426-4 (2004), for 
recommended practices on using and testing foam cements. 

4.4.3 Microspheres. Microspheres are used when slurry densities from 8.5 to 11 lbm/gal are required. They are 
hollow spheres obtained as a byproduct from power-generating plants or are specifi cally formulated. The byprod-
uct microspheres are essentially hollow fl y-ash glass spheres. They are present, typically, in Class F fl y ashes, but 
usually in small amounts; however, they are obtained in substantial quantities when excess fl y ash is disposed of 
in waste lagoons. The low-density hollow spheres fl oat to the top and are separated by a fl otation process. These 
hollow spheres are composed of silica-rich aluminosilicate glasses typical of fl y ash and are generally fi lled with 
a mixture of combustion gases such as CO

2
, NO

x
, and SO

x
. The synthetic hollow spheres are manufactured from 

a soda-lime borosilicate glass and are formulated to provide a high strength-to-weight ratio—they are typically 
fi lled with nitrogen. The synthesized microspheres provide a more consistent composition and exhibit better 
resistance to mechanical shear and hydraulic pressure. 

The primary disadvantage of most microspheres is their susceptibility to crushing during mixing and pumping 
and when exposed to hydrostatic pressures above the average crush strength. This can lead to increased slurry 
density, increased slurry viscosity, decreased slurry volume, and premature slurry dehydration. 

However, crushing effects can be minimized by the suitable choice of microspheres. These effects can be pre-
dicted and taken into account in slurry design calculations to produce a slurry with the required characteristics 
for the well conditions. Lightweight systems incorporating microspheres can provide excellent strength develop-
ment and can help control fl uid loss, settling, and free water.

4.4.4 Pozzolan. Pozzolans are siliceous and aluminous mineral substances that will react with calcium 
hydroxide formed in the hydration of Portland cement to form calcium silicates that possess cementitious prop-
erties. Diatomaceous earth, which has been discussed previously, is an example of a pozzolan. However, the term 
pozzolan as used in marketing cement additives usually refers to fi nely ground pumice or fl y ash (fl ue dust) pro-
duced in coal-burning power plants. The specifi c gravity of pozzolans is only slightly less than the specifi c gravity 
of Portland cement, and the water requirement of pozzolans is approximately the same as for Portland cements. 
Thus, only slight reductions in density can be achieved with this material. The range of slurry densities possible 
using various concentrations of one type of pozzolan is about 13 to 16 lbm/gal. Because of this relatively low cost, 
considerable cost savings can be achieved through the use of pozzolans.

4.4.5 Sodium Silicates. Sodium silicate liquid and metasilicate particulates are used as accelerators and for lighten-
ing the density of cement. They are used in concentrations from 0.1% BWOC up to approximately 4% by weight.
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4.4.6 Bentonite (Specifi c Gravity = 2.65).  The use of bentonite (sodium montmorillonite) clay for building 
drilling-fl uid viscosity has been discussed previously in Chapter 3. This same clay mineral is used extensively as 
an additive for lowering cement density; however, bentonite marketed for use in drilling fl uid sometimes is treated 
with an organic polymer that is undesirable for use in cement slurries because it tends to increase slurry viscosity. 
The addition of bentonite lowers the slurry density because of its lower specifi c gravity and because its ability to 
hydrate permits the use of much higher water concentrations. Bentonite concentrations as high as 25% by weight 
of cement have been used. The bentonite usually is blended dry with the cement before mixing with water, but it 
can be prehydrated in the mixing water. Much higher increases in water content can be obtained for each percent 
bentonite added when the bentonite is prehydrated in the mixing water. The ratio of bentonite dry blended to 
bentonite prehydrated is approximately 3.6:1 for comparable slurry properties.

In addition to lowering slurry density, the addition of bentonite lowers slurry cost; however, a high percentage 
of bentonite in cement also will cause a reduction in cement strength and thickening time. Also, the higher water 
content lowers the resistance to sulfate attack and increases the permeability of the set cement. At temperatures 
above 230°F, the use of bentonite promotes retrogression of strength in cements with time; however, test results 
have been found to vary signifi cantly from batch to batch. When exact data are needed, tests should be conducted 
with the same materials and mixing water that will be used in the cementing operations.

In areas in which the formation pore pressure is extremely high, it may be necessary to increase the slurry den-
sity. Slurry density usually is increased by using a lower water content or adding high-specifi c-gravity solids. 
The high-specifi c-gravity solids commonly used to increase slurry density include hematite and barite (barium 
sulfate). The specifi c gravity values of selected cement additives are shown in Table 4.4. The water requirements 
for the various additives are shown in Table 4.5. 

4.4.7 Hematite. Hematite is reddish iron oxide ore (Fe
2
O

3
) having a specifi c gravity of approximately 5.02. He-

matite can be used to increase the density of a cement slurry to as high as 19 lbm/gal. Metallic powders having a 
higher specifi c gravity than hematite have been tried but were found to settle out of the slurry rapidly unless they 
were ground extremely fi ne. When ground fi ne enough to prevent settling, the increased water requirement re-
sults in slurry densities below those possible with hematite. The water requirement for hematite is approx-
imately 0.36 gal/100 lbm hematite. The effect of hematite on the thickening time and compressive strength 

TABLE 4.5—WATER REQUIREMENTS OF CEMENTING MATERIALS

(Halliburton 2001)

Material Minimum gal/lbm Maximum gal/lbm

API Class A cement 0.05532 0.05532
API Class C cement 0.06702 0.06702
API Class G cement 0.05319 0.05319
API Class H cement 0.04574 0.04574

Ciment Fondu 0.04787 0.04787
Activated Charcoal none none

Gilsonite 0.04 0.04
Calcium Chloride none none

Potassium Chloride none none
Sodium Chloride none none

Latex 0.0 0.8/sack
Attapulgite 0.69 0.69

Barite 0.0264 0.0264
Bentonite 0.69 0.69

Calcium Carbonate none none
Calcium Chloride (dry) none none

Hydrated Lime 0.153 0.153
Hematite 0.0036 0.0036

Perlite (0 psi) 0.5 0.5
Sand none none

Silica Flour 0.049 0.049
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of the cement has been found to be minimal at the concentrations of hematite generally used. The range of 
slurry densities possible using various concentrations of hematite is approximately 16 to 19 lbm/gal. 

4.4.8 Barite (Specifi c Gravity = 4.23). The use of barite, or barium sulfate, for increasing the density of 
drilling fl uids has been discussed previously in Chapter 3. This mineral also is used extensively for increas-
ing the density of cement slurry. The water requirements for barite are considerably higher than for hema-
tite or ilmenite, requiring approxiamtely 2.4 gal/100 lbm of barite. The large amount of water required 
decreases the compressive strength of the cement and dilutes the other chemical additives. The range of 
slurry densities possible using various concentrations of barite is about 16 to 19 lbm/gal.

Example 4.4 It is desired to increase the density of a Class H cement slurry to 17.5 lbm/gal. Compute the amount 
of hematite that should be blended with each sack of cement. The water requirements are 4.5 gal/94 lbm Class H 
cement and 0.36 gal/100 lbm hematite.

Solution. Let x represent the pounds of hematite per sack of cement. The total water requirement of the slurry 
then is given by 4.5 + 0.0036×x. Expressing the slurry density, r, in terms of x yields

total mass, lbm
 ,

total volume, gal

17.5
94 8.34(4.5 0.0036 )

94
3.14(8.34) 5.02(8.34)

(4.5 0

=
+ + +

+ + +

x x

x
..0036 )x

⎡
⎣⎢

⎤
⎦⎥

Solving this expression yields x =18.3 lbm hematite/94 lbm cement.
A summary of oilwell cementing additives is shown in Tables 4.6a and 4.6b. Table 4.7 shows the effects of 

some additives on the physical properties of cement. 

4.4.9 Setting-Time Control. The cement must set and develop suffi cient strength to support the casing and 
seal off fl uid movement behind the casing before drilling or completion activities can be resumed. The exact 
amount of compressive strength needed is diffi cult to determine, but a value of 500 psi commonly is used in fi eld 
practice. Experimental work by Farris (1946) has shown that a tensile strength of only a few psi was suffi cient to 
support the weight of the casing under laboratory conditions; however, some consideration also must be given to 
the dynamic loading imposed by the rotating drillstring during subsequent drilling operations. It is possible for the 
drillstring to knock off the lower joint of casing and junk the hole if a good bond is not obtained. The cement 
strength required to prevent signifi cant fl uid movement behind the casing was investigated by Clark (1953). His 
data show that tensile strengths as low as 40 psi are acceptable, with maximum bonding being reached at a 
value of approximately 100 psi. Because the ratio of compressive strength to tensile strengths usually is approx-
imately 12:1, 40- and 100-psi tensile strengths correspond to compressive strengths of 480 and 1,200 psi.

When cementing shallow, low-temperature wells, it may be necessary to accelerate the cement hydration so that the 
waiting period after cementing is minimized. The commonly used cement accelerators are calcium chloride, sodium 
chloride, the hemihydrate form of gypsum, and sodium silicate. Cement setting time also is a func tion of the cement 
composition, fi neness, and water content. For example, API Class C cement is ground fi ner and has a higher C3A 
content to promote rapid hydration. When low water/cement ratios are used to reduce setting time, friction-reducing 
agents (dispersants) sometimes are used to control rheological properties; however, the dispersant must be chosen with 
care because many dispersants tend to retard the setting of the cement. Organic dispersants such as tannins and lignins 
already may be present in the water available for mixing cement, especially in swampy locations; thus, it often is im-
portant to measure cement thickening time using a water sample taken from the location.

4.4.10 Calcium Chloride. Calcium chloride in concentrations up to 4% by weight commonly is used as a cement 
accelerator in wells having bottomhole temperatures of less than 125°F. It is available in a regular grade (77% 
calcium chloride) and an anhy drous grade (96% calcium chloride). The anhydrous grade is in more general use 
because it absorbs moisture less readily and is easier to maintain in storage.
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TABLE 4.6—SUMMARY OF OILWELL CEMENTING ADDITIVES (Lake 2006)

Type of Additive Use
Chemical 

Composition Benefit Type of Cement

Accelerators Reducing WOC 
time

Setting surface 
pipe

Setting cement 
plugs

Combating lost 
circulation

Calcium chloride
Sodium chloride

Gypsum
Sodium silicate

Dispersants
Seawater

Accelerated 
setting

High early 
strength

All API classes
Pozzolans

Diacel systems

Retarders Increasing 
thickening time for 

placement
Reducing slurry 

viscosity

Lignosulfonates
Organic acids

CMHEC
Modified 

lignosulfonates

Increased 
pumping time

Better flow 
properties

API Classes D, 
E, G, and H
Pozzolans

Diacel systems

Weight-reducing 
additives

Reducing weight
Combating lost 

circulation

Bentonite/attapulgite
Gilsonite

Diatomaceous earth
Perlite

Pozzolans
Microspheres (glass 

spheres)
Nitrogen (foam 

cement)

Lighter weight
Economy

Better fill-up
Lower density

All API classes
Pozzolans

Diacel systems

Heavyweight 
additives

Combating high 
pressure

Increasing slurry 
weight

Hematite
Limenite

Barite
Sand

Dispersants

Higher density API Classes D, 
E, G, and H

Additives for 
controlling lost 

circulation

Bridging
Increasing fill-up
Combating lost 

circulation
Fast-setting 

systems

Gilsonite
Walnut hulls

Cellophane flakes
Gypsum cement

Betonite-diesel oil
Nylon fibers

Thixotropic additives

Bridged fractures
Lighter fluid 

columns
Squeezed 

fractured zones
Treating lost 
circulation

All API classes
Pozzolans

Diacel systems

Filtration-control 
additives

Squeeze 
cementing

Setting long liners
Cementing in 

water-sensitive 
formations

Polymers
Dispersants

CMHEC
Latex

Reduced 
dehydration

Lower volume of 
cement

Better fill-up

All API classes
Pozzolans

Diacel systems

Dispersants Reducing 
hydraulic 

horsepower
Densifying cement 

slurries for 
plugging

Improving flow 
properties

Organic acids
Polymers

Sodium chloride
Lignosulfonates

Thinner slurries
Decreased fluid 

loss
Better mud 

removal
Better placement

All API classes
Pozzolans

Diacel systems

Special cements 
or additives

Salt Primary 
cementing

Sodium chloride Better bonding to 
salt, shales, 

sands

All API classes
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4.4.11 Sodium Chloride. Sodium chloride is an accelerator when used in low concentrations. Maximum accel-
eration occurs at a concentration of approximately 5% (by weight of mixing water) for cements containing no 
bentonite. At concentrations above 5%, the effectiveness of sodium chloride as an accelerator is reduced. Satu-
rated sodium chloride solutions tend to act as a retarder, rather than an accelerator. Saturated sodium chloride 
cements are used primarily for cementing through salt formations and through shale formations that are highly 
sensitive to fresh water. Potassium chloride is more effective than sodium chloride for inhibiting shale hydration 
and can be used for this purpose when the additional cost is justifi ed.

Seawater often is used for mixing cement when drilling offshore. The sodium, magnesium, and calcium 
chlorides at the concentrations present in the seawater all act as cement accelerators. Typical effects of seawa-
ter on cement slurry properties as compared with fresh water are shown in Table 4.8. 

This thickening time obtained with seawater usually is adequate for cement placement where bottomhole tem-
peratures do not exceed 160°F. Cement retarders can be used to counteract the effect of the seawater at higher 
temperatures, but laboratory tests always should be performed before this type of application.

4.4.12 Gypsum. Special grades of gypsum hemihydrate cement can be blended with Portland cement to produce 
a cement with a low thickening time at low temperatures. These materials should not be used at high temperatures 
because the gypsum hydrates may not form a stable set. The maximum working temperature depends on the grade 
of gypsum cement used, varying from 140°F for the regular grade to 180°F for the high-temperature grade. A full 
range of blends, from as little as 1 sack gypsum/20 sacks cement to pure gypsum, have been used for various applica-
tions. The water requirement of gypsum hemihydrate is approximately 4.8 gal/100-lbm sack.

For very shallow wells and surface applications at low temperatures, where an extremely short setting time 
combined with rapid strength development is desired, a small amount of sodium chloride can be used with a gyp-
sum cement blend. For example, a laboratory blend of 90 lbm of gypsum hemihydrate, 10 lbm of Class A Portland 
cement, and 2 lbm of salt when mixed with 4.8 gal of water will develop more than 1,000 psi of compression 
strength when cured at only 50°F for 30 minutes.

4.4.13 Cement Retarders. Most of the organic compounds discussed in Chapter 3 for use as drilling-fl uid de-
fl occulants tend to retard the setting of Portland cement slurries. These materials also are called thinners or dis-
persants. Calcium lignosulfonate, one of the common mud defl occulants, has been found to be very effective as a 
cement retarder at very low concentrations. Laboratory data on the thickening time of cements at various concen-
trations of calcium lignosulfonate are available from petroleum-industry service companies. 

The addition of an organic acid to the calcium lignosulfonate has been found to give excellent ret arding char-
acteristics at extremely high temperatures. It also improves the rheological properties of the slurry to a greater 

Silica flour High-temperature 
cementing

Silicon dioxide Stabilized 
strength

All API classes

Radioactive 
tracers

Tracing flow 
patterns

Locating leaks

53I131, 77Ir192 All API classes

Pozzolan lime High-temperature 
cementing

Silica-lime reactions Lighter weight
Economy

Silica lime High-temperature 
cementing

Silica-lime reactions Lighter weight

Gypsum cement Dealing with 
special conditions

Calcium sulfate
Hemihydrate

Higher strength
Faster setting

Latex cement Dealing with 
special conditions

Liquid or powdered 
latex

Better bonding
Controlled 
filtration

API Classes A, B, 
G, and H

Thixotropic 
additives

Covering lost-
circulation zones
Preventing gas 

migration

Organic additives
Inorganic additives

Fast setting 
and/or gelation
Less fallback
Reduces lost 

circulation

All API classes

TABLE 4.6—SUMMARY OF OILWELL CEMENTING ADDITIVES (Lake 2006) (Continued)

Type of Additive Use
Chemical

Composition Benefit Type of Cement



Cementing 157

T
A

B
L

E
 
4

.
7

—
E

F
F

E
C

T
S

 
O

F
 
C

E
M

E
N

T
 
A

D
M

I
X

T
U

R
E

S
 
O

N
 
T

H
E

 
P

H
Y

S
I
C

A
L

 
P

R
O

P
E

R
T

I
E

S
 
O

F
 
C

E
M

E
N

T
 
(
L

a
k

e
 
2

0
0

6
)

A
cc

el
er

at
or

 
(C

al
ci

um
 

C
hl

or
id

e)
B

en
to

ni
te

P
oz

zo
la

n 
(F

ly
 A

sh
)

H
ea

vy
w

ei
gh

t 
H

em
at

ite
R

et
ar

de
rs

Fr
ic

tio
n 

R
ed

uc
er

s 
(D

is
pe

rs
an

ts
)

Fi
ltr

at
io

n 
A

dd
iti

ve
s

Lo
st

-
C

irc
ul

at
io

n 
A

dd
iti

ve
s

S
an

d
S

al
t, 

10
 

to
 2

0%
S

ili
ca

 
Fl

ou
r

S
ea

w
at

er
W

at
er

 R
eq

ui
re

m
en

ts
In

cr
ea

se
s

Y
X

X
X

X
D

ec
re

as
es

X
D

en
si

ty In
cr

ea
se

s
Y

X
X

X
D

ec
re

as
es

Y
Y

Y
Y

X
V

is
co

si
ty

In
cr

ea
se

s
X

X
X

X
D

ec
re

as
es

X
X

Y
X

X
Th

ic
ke

ni
ng

 T
im

e
A

cc
el

er
at

es
Y

X
R

et
ar

ds
X

Y
X

X
Fl

ui
d 

Lo
ss

 o
f S

lu
rr

y
In

cr
ea

se
s

D
ec

re
as

es
X

X
Y

E
ar

ly
 S

tre
ng

th
In

cr
ea

se
s

Y
X

X
X

D
ec

re
as

es
X

X
X

Y
X

X
Fi

na
l S

tre
ng

th
In

cr
ea

se
s

X
X

D
ec

re
as

es
X

Y
D

ur
ab

ili
ty

In
cr

ea
se

s
Y

X
Y

D
ec

re
as

es
X

Ty
pe

s 
of

 C
em

en
tin

g 
Jo

b 
A

pp
lic

at
io

ns
 (w

he
re

 m
os

tly
 u

se
d)

C
on

du
ct

or
 

ca
si

ng
X

X
X

X
X

S
ur

fa
ce

 c
as

in
g

X
X

X
X

X
X

In
te

rm
ed

ia
te

 
ca

si
ng

X
X

X
X

X
X

P
ro

du
ct

io
n 

ca
si

ng
X

X
X

X
X

X
X

X

Li
ne

rs
X

X
X

X
X

S
qu

ee
zi

ng
X

X
X

P
lu

gg
in

g
X

X
N

ot
e:

 F
or

 te
m

pe
ra

tu
re

 2
30

°F
, X

 =
 m

in
or

 e
ffe

ct
s 

an
d 

Y
 =

 m
aj

or
 e

ffe
ct

s



158 Fundamentals of Drilling Engineering

TABLE 4.8—TYPICAL EFFECT OF SEAWATER ON THICKENING TIME 

(WATER RATIO: 5.2 GAL/SACK) (Bourgoyne et al. 1991)

Thickening Time (Hours: Minutes) Compressive Strength (psi at 24 hours)

6,000 ft* 8,000 ft* 50°F 110°F; 1,600 psi 140°F; 3,000 psi

API Class A 
Cement

Fresh water 2:25 1:59 435 3,230 4,025
Seawater 1:33 1:17 520 4,105 4,670

API Class H 
Cement

Fresh water 2:59 2:16 – 1,410 2,575
Seawater 1:47 1:20 – 2,500 3,085

*API RP 10B Casing Schedule

extent than calcium lignosulfonate alone. When the addition of the organic acid increases the effectiveness of the 
retarder to the extent that less than 0.3% would be used, it may be diffi cult to obtain a uniform blend. In this case, 
the use of calcium lignosulfonate is best. The addition of the organic acid also has been found to be effective in 
Class A cement.

Calcium-sodium lignosulfonate has been found to be superior to a calcium lignosulfonate when high concentra-
tions of bentonite are used in the cement. The use of calcium-sodium lignosulfonate has been found to produce a 
slurry having a lower viscosity during mixing; it also helps to reduce air entrainment.

Sodium tetraborate decahydrate (borax) can be used to enhance the effectiveness of the organic defl occulants 
as retarders, especially in deep, high-temperature wells where a large increase in thickening time is needed. The 
optimum borax concentration is thought to be approximately one-third of the concentration of defl occulant used. 
Laboratory tests have shown that in addition to increasing the pumping time, the borax reduces the detrimental 
effect of the defl occulant on the early compressive strength of the cement.

Carboxymethyl hydroxyethyl cellulose (CMHEC) commonly is used for both cement retardation and fl uid-loss 
control. It is used more commonly with cements containing diatomaceous earth, but it is effective as a retarder in 
essentially all Portland cements. Laboratory data on the thickening time and compressive strength of cements at 
various concentrations of CMHEC are available from the service companies.

4.4.14 Lost-Circulation Additives. Lost circulation is defi ned as the loss of drilling fl uid or cement from the 
well to subsurface formations. This condition is detected at the surface when the fl ow rate out of the annulus is 
less than the pump rate into the well. Lost circulation occurs when extremely-high-permeability formations are 
encountered (such as a gravel bed, oyster bed, or vugular limestone) or when a fractured formation is encountered 
or created while drilling or performing other operations such as running casing because of excessive wellbore 
pressure.

Lost circulation usually occurs while drilling and can be overcome by adding lost-circulation material to the 
drilling fl uid or reducing the drilling-fl uid density. In some cases, however, lost-circulation material is added to 
the cement slurry to minimize the loss of cement to a troublesome formation during cementing and, thus, to ensure 
placement of the cement in the desired location. The lost-circulation additives are classifi ed as fi brous, granular, 
or lamellated. In laboratory experiments, fi brous and granular additives are effective in high-permeability gravel 
beds. In simulated fractures, granular and lamellated additives are found to be effective. The com monly used 
granular additives include gilsonite, expanded perlite, plastics, and crushed walnut shells. Fibrous materials 
used include nylon fi bers, shredded wood bark, sawdust, and hay. However, the use of wood products can cause 
cement retardation because they contain tannins. Lamellated materials include cellophane and mica fl akes.

Semi-solid and fl ash-setting slurries are available for stopping severe lost-circulation problems encountered 
while drilling that cannot be remedied by adding lost-circulation additives to the mud. The placement of these 
cements and noncement systems in the lost-circulation zone requires a special operation because they are not 
merely additives to the fl uid being circulated while drilling. The slurries most often used for this purpose include 

· Gypsum hemihydrate cements
· Mixtures of bentonite and diesel oil (gunk)
· Mixtures of cement, bentonite, and diesel oil
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· “WB super-gunks” (WB=water-based) comprised of hydradable clays, crosslinking polymers slurried in 
aqueous fl uids

· “OB super-gunks” (OB=oil-based) with hydradable clays and latex slurried in nonaqueous fl uids including 
diesel, mineral, and synthetic oils

4.4.15 Filtration-Control Additives. Cement fi ltration-control additives serve the same function as the mud fi l-
tration-control additives discussed in Chapter 3. However, cement slurries containing no fi ltration-control addi-
tives have much higher fi ltration rates than clay/water muds. An untreated slurry of Class H cement has a 
30-minute API fi lter loss in excess of 1000 cm3. It is desirable to limit the loss of water fi ltrate from the slurry to 
permeable formations to 

· Minimize the hydration of formations containing water-sensitive shales 
· Prevent increases in slurry viscosity during cement placement 
· Prevent the formation of annular bridges (which can act as a packer and remove hydrostatic pressure hold-

ing back potentially dangerous high-pressure zones) 
· Reduce the rate of cement dehydration while pumping cement into abandoned perforated intervals and, 

thus, allow for the plugging of longer perforated intervals in a single operation

The commonly used fi ltration-control additives include latex, bentonite with a dispersant, CMHEC, and various 
organic polymers. 

4.4.16 Viscosity-Control Additives. Untreated cement slurries have a high effective viscosity at the shear rates 
present during cement placement. It is desirable to reduce the effective viscosity of the slurry so that (1) less pump 
horsepower will be required for cement placement, (2) there will be reduction in the annular frictional pressure 
gradient and, thus, a smaller chance of formation fracture, and (3) the slurry can be placed in turbulent fl ow at a 
lower pumping rate. Some evidence indicates that the drilling fl uid is displaced with less mixing and, thus, less 
cement contamination when the fl ow pattern is turbulent. The required fl ow rates that result in turbulent fl ow can 
be calculated using equations given in Chapter 5. The commonly used viscosity-control additives include organic 
defl occulants such as calcium lignosulfonate; sodium chloride; and certain long-chain polymers. These additives 
are also called thinners, dispersants, or friction reducers. Defl occulants reduce cement viscosity in the same man-
ner as discussed previously in Chapter 3 for drilling fl uids; however, it should be noted that defl occulants act as 
retarders as well as thinners. Certain organic polymers are available that will act as thinners without accelerating 
or retarding the cement.

4.4.17 Other Additives. Miscellaneous additives and slurries not discussed in the previous categories given 
include 

· Paraformaldehyde and sodium chromate, which are used to counteract the effect of cement contamination 
by organic defl occulants from the drilling mud 

· Silica fl our, which is used to form a stronger, more stable, and less permeable cement for high-temperature 
applications 

· Hydrazine, an oxygen scavenger used to control corrosion 
· Radioactive tracers used to determine where the cement has been placed 
· Special fi bers such as nylon to make the cement more impact resistant
· Special compounds that slowly evolve into small gas bubbles as the cement begins to harden

The formation of small gas bubbles in the cement is thought to be desirable when there is a danger of gas fl ow 
occurring in the newly cemented borehole when the cement begins to harden. There have been several cases of 
gas fl ow through the annulus several hours after cementing operations were completed. A gas fl ow outside the 
casing can be particularly diffi cult to stop because conventional well-control procedures cannot be used easily.

The mechanism by which gas blowouts occur shortly after cementing is not fully understood; however, it is 
known that the formation of a semi-rigid gel structure begins as soon as cement placement is completed. Initially, 
the formation of the static gel structure is similar to that occurring in a drilling fl uid when fl uid movement is 
stopped. Later, as the cement begins to set, the cement gel becomes much more progressive than that of a drilling 
fl uid. As the cement slurry goes through a transition from a liquid to a solid, it begins to lose the ability to transmit 
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hydrostatic pressure to the lower part of the cemented annulus. If this loss in ability to transmit hydrostatic pres-
sure is accompanied by a cement slurry volume reduction, the wellbore pressure can fall suffi ciently to permit gas 
from a permeable high-pressure formation to enter the annulus. The semi-rigid slurry may not be able to withstand 
the higher stresses created when gas begins to fl ow. Gas fl ow may increase and communicate with a more shallow 
formation. In an extreme case, gas fl ow may reach the surface.

Volume reductions occurring while the cement is making the transition from a liquid slurry to a rigid solid can 
be traced to two sources. A small volume reduction, as measured in the soundness test, occurs as a result of the 
cement hydration reaction. For most cements used in current practice, this volume reduction (called plastic-state 
shrinkage) is small, generally being on the order of 0.1 to 0.3% (Sabins and Sutton 1991). Much larger volume 
reductions are thought to be possible due to the loss of water fi ltrate to the borehole walls.

The magnitude of the pressure loss per unit volume of fi ltrate loss is controlled primarily by the cement com-
pressibility during the early stages of the hardening process. A cement with a high compressibility is desirable 
because it will give a small pressure loss per unit volume of fi ltrate loss. The introduction of a compound that will 
react slowly to form small gas bubbles as the cement begins to harden will greatly increase the compressibility of 
the cement. Cement compressibility also can be increased by blending small volumes of nitrogen gas with the 
cement slurry during mixing.

A high-compressibility cement permits much larger volumes of water fi ltrate to be lost without greatly in-
creasing the potential for gas fl ow into the well. Other methods for reducing the potential for gas fl ow after ce-
menting include use of fi ltration-control additives to reduce the volume of fi ltrate loss, shorter cement columns to 
reduce the effectiveness of the gel strength in blocking the transmission of hydrostatic pressure, and cements that 
build gel strength quickly after pumping is stopped and harden more rapidly.

4.5 Cement Placement Techniques
Different cementing equipment and placement techniques are used for cementing casing strings, cementing 
liner strings, setting cement plugs, and squeeze cementing. These different types of cementing applications are 
schematically depicted in Fig. 4.4. A casing string differs from a liner in that casing extends to the surface, while 
the top of a liner is attached to subsurface casing previously cemented in place. Cement plugs are placed in open 
hole or in casing before abandoning the lower portion of the well. Cement is squeezed into lost-circulation zones, 
abandoned casing perforations, or a leaking cemented zone to stop undesired fl uid movement.

4.5.1 Cement Casing. The conventional method for cementing casing is described in Fig. 4.5. The following 
describes the typical procedure for a single-stage primary cement job. 
When the well has been drilled to the planned setting depth for the next string of casing, or the driller has been 
forced to stop and set a casing for wellbore stability or other reasons, the casing running and cement operations 
begin. 

First, the drillstring is tripped out of the hole, and the casing string is made up and run into the hole. The fi rst 
item on the casing string is the guide/fl oat shoe. In its simplest form, the purpose of a guide shoe is to direct 
the casing away from ledges to minimize side-wall caving and to aid in safely passing hard shoulders and pass-
ing through crooked holes. If the guide shoe does not have a fl oat, then a fl oat collar is placed above the guide 
shoe. The original purpose of a fl oat collar was to facilitate running the casing by reducing the load on the der-
rick. This purpose is accomplished by preventing the drilling fl uid from fl owing into the casing when it is run 
into the hole. The derrick design has improved over the years, and now the main purpose of the fl oat collar is 
to prevent the cement from fl owing back into the casing. The interval of casing that is to be cemented may have 
centralizers attached; centralizers are attached to the casing to keep it off the borehole wall and centralize it as 
much as possible. Centralizing the casing helps to provide a uniform fl uid-fl ow profi le around the annulus and 
leads to better drilling-fl uid removal and proper cement placement. Scratchers, or wall cleaners, are devices 
that attach to the casing to remove loose fi lter cake from the wellbore. They are most effective when used while 
the cement is being pumped. Like centralizers, scratchers help to distribute the cement around the casing. 
There are two general types of scratchers: those that are used when the casing is rotated, and those that are used 
when the casing is reciprocated.

Next, the cementing head is installed. A cementing head is designed to attach to the top joint of well casing. The 
head allows cementing plugs to be released ahead of and behind the cement slurry in order to isolate the cement 
slurry from wellbore fl uids ahead of the cement and from displacing fl uids pumped behind the slurry.

Once the casing is at the bottom, the hole is normally circulated to remove the gelled drilling fl uid and make it 
mobile. This step is very important because the drilling fl uid is more diffi cult to remove from the narrow annulus 
around the casing. Normally, circulation is broken slowly to prevent fracturing the well. The drilling fl uid has 
been static in the well for several hours and may be severely gelled. Moving the pipe during hole conditioning 
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will improve the gelled-drilling-fl uid removal. Rotating or reciprocating the pipe helps the fl ow go into the nar-
row side of the annulus. Pressure changes resulting from pipe movement must be considered so as not to change 
the well conditions. A prefl ush may now be used; prefl ushes are used to thin and disperse drilling-fl uid particles, 
and they usually go into turbulent fl ow at low rates, helping to clean drilling fl uid from the annulus. Some 
chemical fl ushes aggressively attack specifi c drilling fl uids, breaking them down and further enhancing drilling-
fl uid removal. 

Before the cement is pumped, a spacer may be pumped into the casing. A spacer is a volume of fl uid injected 
ahead of the cement but behind the drilling fl uid. It can also enhance the removal of gelled drilling fl uid, allowing 
a better cement bond. Spacers can be designed to serve other needs; for example, weighted spacers can help with 
well control, and reactive spacers can provide increased benefi ts for removing drilling fl uids. The drilling-fl uid/
spacer interface and the spacer/cement slurry interface must be compatible.

(1) Casing Primary Cementing (2) Liner Primary Cementing

(3) Plug Cementing (4) Squeeze Cementing

Casing Casing

Cement

Cement

Cement plug

Cement plug

Liner

Liner hanger

Work string

Fig. 4.4—Common cementing applications.



162 Fundamentals of Drilling Engineering

Neat cement is introduced in a hopper, where it is thoroughly mixed with water by a high-velocity, recirculating ce-
ment mixer (RCM). The resulting slurry is then pumped down the casing between two plugs with wiping fi ns, which 
are placed in the system at the proper time by means of a cementing head. When the bottom plug reaches the fl oat col-
lar, it stops; pressure builds up, which quickly ruptures the plug’s diaphragm and allows the slurry to continue.

The top plug, however, has a solid core, so that when it seats in the fl oat collar, the surface pump pressure builds 
up sharply, thereby signaling the pump operator that the job is complete. The position of the top plug may also be 
checked either by metering the displacing fl uid (because the casing volume is known), or by following the plug 
with a wire measuring line. The casing below the fl oat collar is left full of cement, which can be drilled out if 
necessary. This latter procedure is commonly called “drilling the plug.”

The fl oat collar can act as a check valve to prevent cement from backing up into the casing. Top plugs that have 
pressure seals and latch in place can be used in addition to the fl oat collar. Fluid movement also can be prevented 
by holding pressure on the top plug with the displacing fl uid; however, it is not good practice to hold excessive 
pressure in the casing while the cement sets because when the pressure is released, the casing may change diam-
eter suffi ciently to break the bond with the cement and form a small annular channel.

Not all operators use a bottom plug when cementing. Indeed, there have been cases in which the solid plug 
mistakenly was placed below the cement slurry. Also, with some of the fi rst plug designs, the fl oat collar was 
stopped up by plug fragments before completing the cement displacement. When a bottom plug is not used, 
however, the cement does not wipe all the mud from the wall of the casing. This results in a contaminated zone 
being built up in front of the top plug, as shown in Fig. 4.6.

In addition to the conventional placement method for cementing casings, there are several modifi ed techniques 
used in special situations. These include: (1) stage cementing, (2) inner-string cementing, (3) annular cementing 
through tubing, (4) multiple-string cementing, (5) reverse-circulation cementing, and (6) delayed-setting cementing.

4.5.2 Stage Cementing. Stage cementing is one of the procedures developed to permit using a cement column 
height in the annulus that normally would cause the fracture of one or more subsurface formations. It also can be 
used to reduce the potential for gas fl ow after cementing. The fi rst stage of the cementing operation is conducted 
in the conventional manner. After the slurry hardens, a bomb is dropped (Fig. 4.7) to open a side port in a staging 
tool placed in the casing string. The second-stage cement then is pumped through this side port and into the an-
nulus above the set fi rst-stage cement. Equipment also is available for three-stage cementing.

Displacement fluid

Production casing

Bottom plug

Reciprocating
cleaner

Centralizer Float shoe

Float collar

Top plug

Plug
container

Fig. 4.5—Primary cementing. Courtesy of Halliburton.
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Fig. 4.6—Cement contamination without bottom plug (Bourgoyne et al. 1991).
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4.5.3 Inner-String Cementing. Inner-string cementing was developed to reduce the cementing time and the 
amount of cement left in the shoe joint of large-diameter casing. The technique uses a fl oat collar or shoe modifi ed 
with sealing adapters, which permits tubing or drillpipe (work string) to be landed and hydraulically sealed. The 
cement then is displaced down the inner drillpipe or tubing string rather than the casing. When the fl oat collar or 
shoe is equipped with a backpressure valve or latch-down plug, the inner string can be withdrawn immediately 
after displacing the cement.

4.5.4 Annular Cementing Through Tubing. This technique consists of pumping cement through tubing run in 
the annulus between two casing strings or between the casing and the open hole. It usually is used to bring the top 
of the previously placed cement to the surface or to repair casing.

4.5.5 Multiple-String Cementing . Multiple-string cementing is a multiple completion method that involves 
cementing several strings of tubing in the hole without the use of an outer casing string. This type of completion 
is an alternative to the more conventional multiple-completion method, in which the tubing strings are set using 
packers inside a larger-diameter casing.

4.5.6 Reverse-Circulation Cementing. Reverse-circulation cementing consists of pumping the slurry down the 
annulus and displacing the mud back through the casing. This method has been used in some instances in which 
extremely-low-strength formations were present near the bottom of the hole. A special fl oat collar or shoe as well 
as a special wellhead assembly is required to use this method. Because wiper plugs cannot be used, it is diffi cult 
to detect the end of the cement displacement. The cement usually is overdisplaced at least 300 ft into the bottom 
of the casing to enhance the probability of a good cement job at the shoe.

4.5.7 Delayed-Setting Cementing. Delayed-setting cementing is used to obtain a more uniform mud displace-
ment from the annulus than is possible with the conventional cement-placement technique. This method consists 
of placing retarded cement slurry having good fi ltration properties in the wellbore before running the casing. 
Cement placement is accomplished down the drillpipe (work string) and up the annulus. The drillpipe then is 
removed from the well, and casing is lowered into the unset cement slurry. This method also can be modifi ed for 
multiple-string cementing, with cement displacement being made through the lower string. 

4.5.8 Cementing Liners. A liner is a casing that does not extend to the top of the well but overlaps with the pre-
vious casing. The amount of overlap depends upon the purpose of the liner and can be in the range of 50 to 500 
ft. The liners are classifi ed as production liners (run from the last casing to the total depth), drilling or intermedi-
ate liners (run to isolate sloughing shale, lost circulation zones, etc.) and tieback liners that extend from the top of 
the existing liner uphole to another casing or the top of the hole. The conventional method of liner cementing is 
illustrated in Fig. 4.8. The liner is attached to the drillpipe using a special liner-setting tool. The liner-setting tool 
then is actuated so that the liner is attached mechanically to and supported by the casing without hydraulically 
sealing the passage between the liner and the casing. The cement is pumped down the drillpipe and separated 
from the displacing fl uid by a latch-down plug. This latch-down plug actuates a special wiper plug in the liner-
setting tool after the top of the cement column reaches the liner. When the wiper plug reaches the fl oat collar, a 
pressure increase at the surface signifi es the end of the cement displacement. The drillstring then must be released 
from the liner-setting tool and withdrawn before the cement hardens.

Usually, a volume of cement suffi cient to extend past the top of the liner is displaced. When the drillstring is 
withdrawn, this cement collects at the top of the liner but generally does not fall to the bottom. This cement can 
be washed out using the drillpipe or drilled out after the cement sets. When cement is not displaced to the top of 
the liner, cement must be forced into this area using a squeeze-cementing method, which is discussed later in Sec-
tion 4.5.10.

A large variety of liner-setting tools is available; most of these tools are set with either a mechanical or hydrau-
lic devices. The hydraulically set devices are actuated by drillpipe rotation or by dropping a ball or plug and then 
set by applying pump pressure. The mechanically set devices are actuated by drillpipe rotation and set by lowering 
the drillpipe. A liner-setting tool must be selected on the basis of the liner weight, annular dimensions, cement-
displacement rate, and liner-cementing procedure. There is a trend toward not setting the liner until after cement 
displacement; this allows the liner to be moved while cementing to improve mud removal in the annulus. This 
practice imposes some limitations on the selection of conventional liner-setting tools; however, expandable liner 
hangers can be moved easily while cementing and can lower cement placement pressures by having a larger cross-
sectional fl ow area in the liner lap. Expandable liners are also available, and their use is increasing for several 
reasons. First, they can be run as drilling liners without losing the planned hole diameter vs. depth. Second, they 
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have larger cross-sectional fl ow areas to lower circulating and pumping pressures. Third, their smaller diameter 
helps running the pipe into the hole under diffi cult hole conditions without getting stuck. The cementing of 
expandable liners requires special procedures and cement compositions. 

After drilling the well, it may be desirable to extend the liner back to the surface if a commercial hydrocarbon 
deposit is found and the well is to be completed. As mentioned earlier, this type of casing is called a tieback liner. 
If casing is used to extend the liner up the hole, but not all the way to the surface, it is called a stub liner. Stub liners 
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Fig. 4.8—Conventional placement techniques for cementing a liner (Bourgoyne et al. 1991).
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Fig. 4.9—Placement technique used for setting cement plug (Bourgoyne et al. 1991).
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are used primarily to repair the top of a leaking liner. The reader is encouraged to search the Internet to fi nd some 
useful animations illustrating running liners developed by various service companies for marketing purposes. 

4.5.9 Plug Cementing. Displacement effi ciency, slurry stability, fl uid compatibilities, and all the issues that 
are normally considered for a primary cement job must be carefully considered for a cement plug job. Plugging 
operations are diffi cult because the work string that is located at a certain depth to place a heavier-density bal-
anced cement plug must be pulled up and removed from its position to a safe distance above the cement plug 
without causing damage to the cement, either by swabbing the lower lighter-density wellbore fl uid into the cement 
or by stringing out the cement into the wellbore fl uid above the cement.

Cement plugs can be set in open hole or in casing. Plugs are set to prevent fl uid communication between an 
abandoned lower portion of the well and the upper part of the well. Plugs also are set to provide a seat for direc-
tional drilling tools used to sidetrack the well.

Cement plugs are placed using drillpipe or tubing, as shown in Fig. 4.9. When a plug is placed off-bottom in an 
open hole, a caliper log can be used to locate an in-gauge portion of the hole. Centralizers and scratchers can be 
placed on the bottom section of the pipe that will be opposite the section of hole to be plugged. Cement is pumped 
down the drillpipe or tubing and into the hole. The cement slurry has a natural tendency to form a bridge below the 
tubing, causing the slurry to move up the annular space opposite the drillpipe or tubing. When cementing in casing, 
a bridge plug (Fig. 4.10) sometimes is placed below the cement plug to assist in forming a good hydraulic seal. A 
new type of bridge plug constructed entirely with “composite” nonmetallic materials is easily drilled out of the 
wellbore. Like the metal ones, composite bridge plugs are designed to provide zonal isolation of the wellbore.

When the drillpipe or tubing is open-ended, cement displacement is continued until the fl uid columns are bal-
anced (i.e., they have the same height of slurry inside the pipe and annulus). As shown in Fig. 4.11, the pump 
pressure during the displacement provides a good indication of when the fl uid columns are balanced. The drill-
string or tubing then is pulled slowly from the cement slurry.

An improved plug placement technique has been described by Doherty (1933) and Goins (1959) as an alterna-
tive to the balanced-column method. Mud contamination is minimized by placing a slug of water in front of and 
behind the cement slurry. The cement is displaced almost completely from the drillpipe or tubing. To prevent 
backfl ow while the pipe is being pulled, a special backpressure valve or plug catcher can be used at the bottom of 
the pipe string. Cement plugs also can be set using a wireline device called a dump bailer. After setting a bridge 
plug at the desired depth, the dump bailer is fi lled with cement and lowered into the well on a wireline. The dump 
bailer is designed to empty the slurry into the hole when the bailer reaches the bottom. After the fi rst batch of 
cement takes an initial set, a second batch can be placed. The dump bailer seldom is used during drilling 
because of the time required to set a long plug.

4.5.10 Squeeze Cementing. Squeeze cementing requires as much technical, engineering, and operational expe-
rience as primary cementing but is often done when wellbore conditions are unknown or out of control, and when 
wasted rig time and escalating costs force poor decisions and high risk. Before using a squeeze application, a 
series of decisions must be made to determine (1) if a problem exists, (2) the magnitude of the problem, (3) if 
squeeze cementing will correct it, (4) if economics will support it, and (5) the risk factors that are present.

Squeeze cementing consists of forcing a cement slurry into an area of the well or formation by means of applied 
hydraulic pressure. The purpose of squeeze cementing is to form a hydraulic seal between the wellbore and the 
zone squeezed. If the slurry is placed using suffi cient pressure to fracture the formation, the process is called a 
high-pressure squeeze. The pressure required to fracture the formation and allow rapid slurry placement is called 
the breakdown pressure. In the high-pressure squeeze, whole cement slurry is forced into the fractured formation. 
If the slurry is placed using less than the breakdown pressure, the process is called a low-pressure squeeze. The 
low-pressure squeeze causes a cement cake to plate out against the formation as fi ltrate is lost to the formation. 
Common applications of squeeze cementing include plugging abandoned casing perforations, plugging severe 
lost-circulation zones, improving shoe test results in weak or fractured formations, and repairing annular leaks 
in previously cemented casing (caused by failure of either the casing or the previously placed cement).

The conventional method for squeeze cementing is shown in Fig. 4.12. A squeeze packer and a circulating 
valve (Fig. 4.13) are placed above the perforations and lowered into the well on drillpipe or tubing. A slug of 
water or prefl ush is placed opposite the zone to be squeezed, and then the squeeze packer is set just above the 
zone of interest. The circulating valve is opened above the packer, and the cement slurry is displaced down the 
drillpipe. A slug of water is used before and after the cement slurry to prevent mud contamination of the slurry 
and mud plugging of the zone of interest. The circulating valve usually is closed after most of the leading 
water slug has been pumped into the annulus. The cement then is pumped into the zone of interest until the 
fi nal desired squeeze pressure is obtained. With the low-pressure squeeze, it is common practice to stop pumping 
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Fig. 4.10—Bridge plug. Courtesy of Halliburton.
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Fig. 4.11—Idealized pressure/time chart for balanced pressure plug (Bourgoyne et al. 1991).
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Fig. 4.12—Squeeze cementing technique (Bourgoyne et al. 1991).

periodically, or hesitate, during the squeeze process. This assists in the buildup of fi lter-cake nodes against the 
formation or perforations. The circulating valve then is opened, and the excess cement is pumped up the drill-
pipe to the surface. This process is called reversing out. If the desired squeeze pressure is not obtained, the 
operation is repeated after waiting for the fi rst batch of cement to take an initial set.

In addition to the conventional squeeze-cementing method, several modifi ed techniques have been developed. 
In certain instances, it may be necessary to isolate the section below the perforation by placing a bridge plug 
below the perforations. In other cases, neither a squeeze packer nor a bridge plug is used, and pressure is held 
against the well by closing the blowout preventers (BOPs). This method is called the bradenhead squeeze. A 
block squeeze consists of isolating a production zone by perforating above and below the producing interval and 
squeezing through both perforated intervals in separate steps.

4.5.11 Cement Volume Requirements. In addition to selecting the cement composition and placement tech-
nique, the drilling engineer must determine the volume of cement slurry needed for the job. The volume required 
usually is based on past experience and regulatory requirements in the area. As little as 300 ft of fi ll-up has been 
used behind relatively deep casing strings; however, in some cases, the entire annulus is cemented. It usually is 
necessary to include considerably more slurry than is indicated by the theoretical hole size because of hole 
enlargement while drilling. Thus, an excess factor, based on prior experience in the area, usually is applied to the 
theoretical cement volume. When hole size or caliper logs are available, a more accurate slurry volume can be 
determined. Example 4.5 illustrates one method of estimating slurry volume requirements for a conventional 
casing cementing operation.

Example 4.5 Casing having an outside diameter (OD) of 13 ⅜ in. and an inside diameter (ID) of 12.415 in. is to be 
cemented at a depth of 2,500 ft. A 40-ft shoe joint will be used between the fl oat collar and the guide shoe. It is 
desired to place a 500-ft column of high-strength slurry at the bottom of the casing. The high strength slurry is com-
posed of Class A cement mixed using 2% calcium chloride and a water/ cement ratio of 5.2 gal/sack. The upper 2,000 ft 
of the annulus is to be fi lled with a low-density slurry of Class A cement mixed with 16% bentonite and a 5% sodium 
chloride and a water/cement ratio of 13 gal/sack. This high water-to-cement ratio slurry should not be used to 
cement hole sections with potential fl ow zones or when unknown fl ow zones may be present. The hole size is 17 in. 
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Fig. 4.13—Squeeze packer assembly (Bourgoyne et al. 1991). Image courtesy of Halliburton.
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Compute the slurry volume and number of sacks required if the excess factor in the annulus is 1.75.
Solution. Specifi c gravity of Class A cement is 3.14.

Specifi c gravity of bentonite is 2.65.

Specifi c gravity of CaCl
2
 is 1.96.

Specifi c gravity of NaCl is 2.16.

Part I yield of high-strength cement slurry:

V V Vc w+ + CaCl2

Amount of calcium chloride per cement sack:

0.02 94 1.88 lbm/sack( )( ) =

Volume of calcium chloride:

1.88

1.96 8.34
0.115 gal/sack

( )( )
=

Volume of cement (one sack):

94

3.14 8.34
3.589 gal/sack

( )( )
=

Yield of cement slurry:

3.589 5.2 0.115 8.9 gal/sack
8.9

7.485
1.189 ft /sack3+ + = = = 

Volume of a 500-ft annular column and a 40-ft column in the casing joint is given by:

2 2 2 31 1
17 13.375 500 12 1.75 12.415 40 12 559 ft

4 1728 4 1728

Slurry volume will require mixing:

559

1.189
470=  sacks of cement

Part II yield of low-density cement slurry:

V V V Vc w b+ + + NaC1

Amount of bentonite per sack of cement:

0.16 94 15.04( ) =  lbm

Volume of bentonite:

15.04

2.65 8.34
0.6805

( )( )
=  gal

Amount of sodium chloride:

0.05 94 4.7( )( ) =  lbm
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Volume of sodium chloride:

4.7

2.16 8.34
0.26

( )( )
=  gal

Yield of cement slurry:

3.589 13 0.6805 0.26 17.53 gal 2.342 + + + = =  ft
3/sack

Volume of 2,000 ft in annulus:

2 2 31.75
17 13.375 2,000 12 2,100 ft

4 1728

Slurry volume will require mixing:

2,100

2.342
897=  sacks of cement

Total slurry volume = 2,100 + 559 = 2,659 ft3

Total number of cement sacks = 470 + 897 = 1,367 sacks

4.5.12 Cementing Time Requirements. As discussed previously, the time required to place the cement slurry is 
one of the more important variables in the engineering design of the slurry properties. The relationships between 
well depth and cementing time used by API in the specifi cations for the various cement classes represent average 
well conditions and may not be applicable in all cases. A more accurate estimation of cementing time can be made 
on the basis of the actual slurry volume and pumping rates to be used. Also, it is always prudent to allow some 
extra cementing time for unforeseen operational problems. Example 4.6 illustrates one method of estimating 
cementing time requirements for a conventional casing cementing operation.

Example 4.6 Estimate the cementing time for the cementing operation if one cementing truck having a mixing 
capacity of approximately 25 ft3/min is used. The rig pump will be operated at 60 strokes/min and has a pump 
factor of 0.9674 ft3/stroke.

Solution. Cementing time = mixing time + time required to displace the top plug from the surface to the fl oat 
collar.
Mixing time (time of placement of cement slurry):

= 
2,659

25
106=  minutes

Time required to place the drilling fl uid:

2Volume of mud 12 1
12.415 2,500 40 36 minutes

Mud pump output 4 1728 60 0.9674
 

Total cementing time is:

106 + 36 = 142 minutes

4.5.13 Waiting-on-Cement (WOC) Times. Part of this section is a summary of the recommended WOC prac-
tices published in API RP 65-Part 2, “Isolating Potential Flow Zones During Well Construction” (2010).

WOC Time Before Nippling Down. Operations to nipple down (i.e., remove) the diverter or BOP stack 
should wait until the cement is set (50 psi compressive strength) to avoid having an infl ux of formation fl uids 
that may cause a blowout. Determination of this cement WOC time should take into account several factors, 
including whether a hydrocarbon zone is exposed in the wellbore or whether there is the possibility that an 
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unknown zone is exposed. There may be other downhole conditions or cement job results that could modify this 
guideline. Any plan for nippling down the BOP stack should use a conservative approach to avoid loss of well 
control or danger to personnel or equipment. Some factors to consider a modifi ed plan to nipple down, such as 
a longer-than-planned WOC time, include:

· Complete loss of returns while pumping cement
· Delays in getting cement in place, such as pump interruptions that could lead to poor mud removal and 

poor cement consistency
· Premature returns of cement to surface
· High gas units in the drilling mud prior to cementing

In these cases, the confi dence in the cement job would decrease, and waiting on cement for a longer time before 
nippling down would be prudent, along with other measures discussed below. 

Special Considerations. Special considerations exist when determining and applying WOC times:

· Complete a risk assessment and communicate the results to all parties involved.
· Do not run tubing in the annulus between the casing and the diverter, or BOP, prior to completion of cement-

ing operations, and wait until after the cement WOC time has elapsed or until the well has no potential for 
fl ow. 

· Verify that hydrostatic pressure calculations are performed to ensure suffi cient hydrostatic pressure to over-
balance all zones in the well prior to washing out the annulus to the mudline suspension hanger (MLSH). 

WOC Times for Other Drilling Operations.  Operations on the well following cementing should be done so 
that they will not disturb the cement and damage the seal or cause the cement to set improperly. Any pipe move-
ment to complete hanging the casing and activating seals should be fi nished before signifi cant gel strength has 
developed. If done after the cement has developed signifi cant gel strength, such pipe movement may cause a mi-
croannulus. There is also a danger of initiating fl ow if the pipe movement swabs the well in. If the casing is to be 
hung after cement strength is developed, as when intentionally increasing or decreasing the landed tension in the 
casing, consideration should be given to the imposed forces on the cement and the cement strength.

Preferably, pressure testing casing should be done before signifi cant gel strength has developed; however, such 
pressure testing will be limited by the pressure ratings of plugs, fl oats, cementing heads, and other equipment. 
Pressure testing can be done after the cement has set, but this can result in microannulus formation or damage 
to the cement sheath. The pressure should be held on the casing for the shortest length of time required to accom-
plish the test. The effect of pressure testing will depend on the properties of the cement, the pressure at which the 
casing is tested (and, consequently, the amount of enlargement of the casing), and the properties of the formation 
around the cement. Mechanical stress modeling can assist in determining the best time to conduct the pressure 
tests.

Normally, a minimum compressive strength of 500 psi is recommended before drilling out the shoe of the ce-
mented casing. 

The development of strength is also a primary consideration in continued operations such as drillout. Early 
work has shown that 8 psi tensile strength, or approximately 100 psi compressive strength (compressive strength 
is approximately 8 to 12 times the tensile strength for most cements), is adequate to support the casing. WOC time 
before drillout is normally the time that laboratory testing has shown it takes the cement around the casing shoe 
to develop 500 psi compressive strength. In the past, there has been a practice to maximize compressive strength. 
This may seem appropriate, with a “more is better” idea for the short term; however, later in the life of the well, 
load conditions may occur in which high strength may be contrary to good cement sealing and support integrity. 
High-strength cements are often brittle and lack the ductility needed for sustained well integrity.

WOC Times for Cement Evaluation Logging (excerpt from API Technical Report 10TR1 2008). “Histori-
cally, many of the guidelines for cement evaluation log interpretation have been based on cement compressive 
strength. Acoustic impedance, as outlined earlier [in the report], is a better property to use. However, it is impor-
tant to allow the cement to hydrate suffi ciently before running an evaluation log. Generally, at least 48 hours 
should elapse after the cement is in place prior to running a cement evaluation log.”

4.5.14 Cementing Evaluation. After cementing operations are complete and the cement left in the wellbore, 
along with portions of the subsurface cementing equipment, has been drilled out, the cement job usually is 
evaluated to ensure that the cementing objectives have been accomplished. When possible, it is always good 
practice to positive- and negative-pressure-test cemented casing to the maximum pressure anticipated in 
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subsequent drilling operations. When pressure testing is not possible, other methods should be used to confi rm 
that the cement has been properly placed in the annulus up to the planned top of cement (TOC). For example, 
the TOC can be located by making a temperature survey of the well from 6 to 10 hours after completing the 
cement displacement. When cement is present behind the pipe, heat liberated due to the exothermic hydration 
reaction will cause an increase in temperature. A noise log can be run to monitor for any formation-fl uid 
infl uxes. In addition, ultrasonic and acoustic logging tools are available for evaluating the bond between the 
cement and the pipe and any bypassed mud in the annulus that could allow formation fl uids to leak. When the 
cement is not bonded acoustically to both the pipe and the formation, a strong early sound refl ection will be 
received by the acoustic logging device, indicating sound travel primarily through the casing (Fig. 4.14). A 
comprehensive description of cement evaluation logging technology and best practices can be found in API 
Technical Report 10TR1 (2008).

4.6 Well Parameters Affecting Cement Design and Operations
For proper cementing design, it is critical to consider the wellbore conditions such as temperature, pressure, well-
bore confi guration, well fl uid, and formation properties when designing a cement job.

4.6.1 Depth. The depth of the well infl uences the amount of wellbore fl uids involved, the properties of wellbore 
fl uids, the pressures, the temperature, and, thus, the cement slurry design. Wellbore depth is also an infl uential 
factor in the selection of hole and casing sizes, in addition to planned well operations parameters such as produc-
tion or injection rates. Extremely deep wells have their own distinct design challenges because of high tempera-
tures, high pressures, and corrosive formation fl uids. 
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Fig. 4.14—Acoustic energy travel in cased wells (Bourgoyne et al. 1991).
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4.6.2 Wellbore Geometry and Drilling-Fluid Removal. The geometry of the wellbore is important in determin-
ing the amount of cement required for the cementing operation. The drilled hole’s dimensions can be measured 
using a variety of methods, including acoustic calipers, electric-log calipers, and fl uid calipers. 

The drilled hole’s shape also determines the clearance between the casing and the wellbore, and this annular 
space infl uences the drilling-fl uid displacement by the cement slurry. A minimum annular space of 1 to 1.5 in. is 
recommended. Annular clearances that are smaller restrict the fl ow characteristics and generally make it more 
diffi cult for the cement slurry to displace drilling fl uids. 

Another aspect of borehole geometry is the hole inclination angle. The inclination angle infl uences the true 
vertical depth and temperatures. Highly deviated wellbores can be challenging because the casing is not as likely 
to be centered in the wellbore, and drilling-fl uid displacement becomes diffi cult. In highly inclined wells, it is also 
diffi cult to run casing because of high drag forces (see Chapter 8, Section 8.5 for details). 

Drilling fl uids or muds can become partially dehydrated or gelled when the well is not circulated. Pipe move-
ment (rotation and/or reciprocation) while circulating the well prior to cementing and during cement slurry place-
ment in the annulus can help improve drilling-fl uid removal and displacement by the cement slurry.

4.6.3 Temperature. The temperatures of the wellbore are critical in the design of a cement job. There are basi-
cally three different temperatures to consider: the bottomhole circulating temperature (BHCT), the bottomhole 
static temperature (BHST), and the temperature differential, which is the temperature difference between the top 
and bottom of cement placement. 

The BHCT is the temperature at which the cement will be exposed as it circulates past the bottom of the casing. 
The BHCT controls the time that it takes for the cement to set up. The BHST is the temperature when no fl uids 
are circulating and cooling the wellbore. The BHST plays a vital role in the strength development of the cured 
cement. The temperature differential becomes a signifi cant factor when the cement is placed over a large depth 
interval with signifi cant temperature differences between the top and bottom cement locations. Commonly, with 
a large temperature differential, two different cement slurries may be required to better accommodate the differ-
ence in temperatures. 

The BHCT can be measured by using temperature probes that are circulated with the drilling fluid. If the 
actual wellbore temperature cannot be determined, the BHCT can be estimated using the temperature sched-
ules of API RP 10B-2 (2005) or calculated using analytical or numerical thermal simulations. API TR 10TR3 
(1999), “Temperatures for API Cement Operating Thickening Time Tests” also has relevant information 
from studies by the API Task Group on Cementing Temperature Schedules. This report’s information signif-
icantly improved the temperatures in the well-simulation test schedules found in relevant API and ISO 
standards and offers the largest set of temperature data available to the industry to date. Chapter 10 of Aad-
noy et al. (2009) provides the desired theoretical background on the temperature calculations in wells. 
Knowing the actual temperature that the cement will encounter during placement allows operators to opti-
mize the slurry design. 

4.6.4 Formation Pressures. During the planning stages of a cement job, information about the formations’ pore 
pressure, fracture pressure, hole-collapse pressure, lithology, permeability, and other characteristics must be 
known (see Chapter 2). Generally, these factors will be determined during drilling. The density of the drilling 
fl uids can be a good indication of the equivalent circulating density (ECD) and hydrostatic pressure limitations of 
the wellbore (ECD = wellbore circulating fl uid pressure divided by true vertical depth, expressed as a density such 
as lbm/gal). The ECD at key depths must be calculated for all fl uids, including the drilling fl uid, cement spacer, 
and cement slurries. Wellbore pressure without circulation is called equivalent static density (ESD).

To maintain the integrity of the wellbore, the ECD must not exceed the fracture gradient of the weakest forma-
tion in the uncased part of the hole. If the formation breaks down, lost circulation will result. Fluid loss must be 
controlled for successful primary cementing. The ECD and ESD must not be below the hole-collapse pressure of 
the weakest formation in the hole. If the ECD or ESD is below the hole-collapse pressure, the hole can cave in, 
block fl uid circulation, and trap the pipe in the hole. Pressures in the wellbore also affect the strength development 
of the cement. 

4.6.5 Formation Chemical Characteristics. The composition (lithology) of formations can present compatibil-
ity problems with drilling and cementing fl uids. Shale formations are sensitive to fresh water and can slough off 
or swell if special precautions, such as increasing the salinity of the water, are not taken. Some formations may 
also contain fl owing fl uids, high-pressure fl uids, and corrosive gases or other complex features that require special 
attention. Geochemical models are available to predict corrosive conditions by the changes in pH over the life of 
the well and beyond (for many hundreds of years after well abandonment).
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4.6.6 Formation Permeability. When the permeability of formations is high, excessive fl uid-fi ltrate loss and fi l-
ter-cake buildup (deposits of particle solids carried by the fl uids) may occur that can cause poor cementing re-
sults. Effects of high permeability include reduced annular cross-sectional-fl ow areas, inability to remove drill 
cuttings, partially dehydrated and highly gelled drilling fl uids, poor mud conditioning and displacement, inade-
quate cement placement, lack of zonal isolation, casing damage, and well-control issues. For instance, Parr et al. 
(2009) reported that a high-permeability (1-darcy) zone caused excessive cement-displacement pressures that 
prematurely ended the cementing operation, with the top of cement lower than planned and cement left inside the 
liner. The key problem was a fi lter-cake-induced hole-diameter decrease that formed an annular-fl ow restriction 
across the high-permeability interval. The remaining wells were all successfully cemented by improved mud 
conditioning to better control fi ltrate loss and mudcake thickness, as well as lowering of the cement’s fl uid loss to 
inhibit excessive cement fi lter-cake buildup. 

Problems 

   4.1  List four steps in the manufacture of Portland cement. What is the approximate weight and bulk 
volume of Portland cement for 1 bbl and in one sack?

  4.2 List the equipment needed to perform the standard API tests for drilling cements.
  4.3  Defi ne the following: minimum water content, normal water content, free water content, and maxi-

mum water content.
  4.4  The torque required to hold the paddle assembly stationary in a cement consistometer rotating at 150 

rev/min is 800 g-cm. What is the slurry consistency? Answer: 36 B
c
.

  4.5  A Class H cement core sample having a length of 2.54 cm and a diameter of 2.865 cm allows a water 
fl ow rate of 0.05 mL/s when placed under a pressure differential of 20 psi. Compute the permeability 
of the cement. Answer: 14.5 md.

  4.6  The cement tensile strength required to support the weight of a string of casing is estimated to be 8 psi. 
If the cement is known to have a compressive strength of 200 psi, do you think the casing could be 
supported by the cement? Why? Answer: Yes; tensile strength is 17 psi.

  4.7  List the eight standard classes and three standard types of API cement. Compare these classes and 
types with the ASTM cement types used in the construction industry.

  4.8  How is the composition of a high-sulfate-resistant cement different from a standard Portland cement?
  4.9  List the normal (API) water content of each class of cement used in slurry preparation. Answer: 5.19 

gal/sack for Classes A and B, 6.32 gal/sack for Class C, 4.29 gal/sack for Classes D through H, and 
4.97 gal/sack for Class G.

 4.10  Compute the yield and density of each class of cement when mixed with the normal amount of water 
as defi ned by API. Answer: 1.17 ft3/sack and 15.6 lbm/gal for Classes A and B.

 4.11  It is desired to reduce the density of a Class A cement to 12.8 lbm/gal by adding bentonite. Using the 
water requirements for Class A cement and bentonite given in Table 4.5, compute the weight of ben-
tonite that should be blended with each sack of cement. Compute the yield of the slurry. What is the 
“percent mix” of the slurry? Answer: 9.3 lbm/sack, 2.09 ft3/sack, 102.9%.

 4.12  Repeat Exercise 4.11 using diatomaceous earth instead of bentonite as the low-specifi c-gravity solid 
and a water requirement of 3.3 gal/10% diatomaceous earth. Answer: 11.5 lbm/sack, 1.75 ft3/sack, 
84.2%.

 4.13 Identify the following cement additives: gilsonite, expanded perlite, and pozzolan.
 4.14  It is desired to increase the density of a Class H cement to 17.5 lbm/gal using barite. Compute the 

weight of barite that should be blended with each sack of cement. Use the water requirements for 
Class H cement (maximum strength) and barite given in Table 4.5. Compute the yield of the slurry. 
What is the “percent mix” of the slurry? Answer: 29.4 lbm/sack, 1.26 ft3/sack, 44.3%.

 4.15 Repeat Problem 4.14 using sand instead of barite. Answer: 40.6 lbm/sack, 1.30 ft3/sack, 38.2%.
 4.16  List two common cement accelerators.
 4.17 List two common cement retarders.
 4.18  List the three types of lost-circulation additives used in cement, and give one example of each type.
 4.19 List four common fi ltration-control additives.
 4.20  Describe in your own words the conventional cement placement techniques used for cementing a cas-

ing string, cementing a liner string, setting a cement plug, and squeeze cementing.
 4.21  What is the purpose of a shoe joint? Why is a shoe joint especially important in a deep cementing job 

or when no bottom wiper plug is used?
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 4.22  Casing having an OD of 9.625 in. and an ID of 8.535 in. is to be cemented at a depth of 13,300 ft in a 
12.25-in. borehole. A 40-ft shoe joint will be used between the fl oat collar and the guide shoe. It is 
desired to place 2,500 ft of cement in the annulus. Each sack of Class H cement will be mixed with 4.3 
gal of water, to which is added 18% salt (by weight of water). A small quantity of dispersant will be 
blended with the cement, but this additive has no signifi cant effect on the slurry yield or density. Com-
pute the density of the slurry, the yield of the slurry, the number of sacks of cement required, and the 
cementing time. Assume that cement can be mixed at a rate of 20 sacks/min and displaced at a rate of 
9 bbl/min, and use an excess factor of 1.5. The salt will be added to the water phase and, thus, does not 
blend with the dry cement. Answer: 16.7 lbm/gal, 1.09 ft3/sack, 1,092 sacks, 159 minutes.

 4.23  A 7.0-in. liner having an ID of 6.276 in. is to be cemented at a depth of 15,300 ft in an 8.5-in. hole. 
Casing is set at 13,300 ft as described in Problem 4.22, and a 300-ft overlap between the casing and 
liner is desired. A 40-ft shoe joint will be used between the fl oat collar and the guide shoe. It is desired 
to use 1,000 ft of prefl ush (in annulus) and then fi ll the total annular space opposite the liner with ce-
ment. Class H cement containing 35% silica fl our will be mixed with 5.8 gal of water containing 18% 
salt (by weight of water). Compute the slurry density, the slurry yield, the volume of cement slurry 
required if the caliper log shows an average washout of a 2.0-in. increase in hole diameter, and the 
number of sacks of Class H cement needed. Answer: 16.3 lbm/gal, 1.61 ft3/sack, 445 sacks. 

 4.24 Defi ne mixing and displacement time. 
 4.25 Describe in your own words how to evaluate quality of a cement behind casing. 
 4.26 List major parameters that need to consider while designing a cement job. 
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Chapter 5

Drilling Hydraulics

Vassilios C. Kelessidis, Technical University of Crete, Roberto Maglione, Eni Agip, 
and Robert F. Mitchell, Halliburton

The science of fl uid mechanics is very important to the drilling engineer. Extremely large fl uid pressures are 
created in the long slender wellbore assssssnd tubular pipe strings by the presence of drilling mud or cement. The 
presence of these subsurface pressures must be considered in almost every well problem encountered.

In this chapter, the relations needed to determine the subsurface fl uid pressures will be developed for three 
common well conditions. These well conditions are (1) a static condition in which both the well fl uid and the 
central pipe string are at rest, (2) a circulating operation in which the fl uids are being pumped down the central 
pipe string and up the annulus, and (3) operations in which a central pipe string is being moved up or down 
through the fl uid. The second and third conditions listed are complicated by the non-Newtonian behavior of drill-
ing muds and cement slurries. Also included in this chapter are the relations governing the transport of rock 
fragments and immiscible formation fl uids to the surface by the drilling fl uid.

Applications include (1) calculation of subsurface hydrostatic pressures tending to fracture exposed forma-
tions, (2) displacement of cement slurries, (3) bit nozzle size selection, (4) surge pressures due to a vertical pipe 
movement, and (5) cuttings-carrying capacity of drilling fl uids.

The order in which the applications are presented parallels the development of the fundamental fl uid-mechanics 
concepts given in the chapter.

5.1 Introduction to Drilling Hydraulics
The three primary functions of a drilling fl uid (the transport of cuttings out of the wellbore, prevention of fl uid 
infl ux, and the maintenance of wellbore stability) depend on the fl ow of drilling fl uids and the pressures associated 
with that fl ow. For instance, if the wellbore pressure exceeds the fracture pressure, fl uids will be lost to the forma-
tion. If the wellbore pressure falls below the pore pressure, fl uids will fl ow into the wellbore, perhaps causing a 
blowout. It is clear that accurate wellbore pressure prediction is necessary. To properly engineer a drilling-fl uid 
system, it is necessary to be able to predict pressures and fl ows of fl uids in the wellbore. The purpose of this chap-
ter is to describe in detail the calculations necessary to predict the fl ow performance of various drilling fl uids for 
the variety of operations used in drilling and completing a well.

Drilling fl uids range from relatively incompressible fl uids, such as water and brines, to very compressible fl u-
ids, such as air and foam. Fluid-mechanics problems range from the simplicity of a static fl uid to the complexity 
of dynamic surge pressures associated with running pipe or casing into the hole. This chapter will fi rst present 
each specifi c wellbore fl ow problem in detail, starting from the simplest and progressing to the most complicated. 
These problems will be considered in the following order:

1. Hydrostatic pressure calculations
2. Steady fl ow of fl uids
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Following these basic problems, we will present a series of special topics:

1. Fluid rheology
2. Laminar fl ow
3. Turbulent fl ow
4. Eccentric annulus fl ow
5. Flow with moving pipe
6. Steady-State wellbore fl ow
7. Dynamic wellbore pressure prediction
8. Cuttings transport

5.2 Hydrostatic Pressure Calculations
Subsurface well pressures are determined most easily for static well conditions. The variation of pressure with 
depth in a fl uid column can be obtained by considering the free-body diagram (Fig. 5.1) for the vertical forces 
acting on an element of fl uid at a depth Z in a hole of cross-sectional area A. The downward force on the fl uid 
element exerted by the fl uid above is given by the pressure p times the cross-sectional area of the element, A:

1F pA.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.1)

Likewise, there is an upward force on the element exerted by the fl uid below, given by

2

d

d

p
F p Z A

Z
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.2)

In addition, the weight of the fl uid element is exerting a downward force given by

3F g A Z ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.3)

where r is the density of the fl uid, and g is the acceleration due to gravity, which at sea level has a value of 9.81 
m/s2.

Because the fl uid is at rest, no shear forces exist and the three forces shown must be in equilibrium; hence,

1 2 3 0F F F ,
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Fig. 5.1—Forces acting on a fl uid element.
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Expansion of the second term and division by the element volume ADZ gives

d

d

p
g

Z
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.4a)

In SI units, Eq. 5.4 has density r in kg/m3, depth Z in m, and pressure p is given in Pascals (Pa), while in fi eld units 
r is given in lbm/gal, Z in ft, g is 1 lbf/lbm, and p is lbf/in.2 (psi). With the conversion factors applied, Eq. 5.4 takes 
the following form in fi eld units:

d
0.05195

d

p

Z
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.4b)

A note on units: The drilling industry uses an odd mixture of unconventional English units combined with 
assorted metric units, depending on where in the world you are drilling. As a result, almost any calculation re-
quires unit conversions, or formulae will have strange coeffi cients, like 0.05195 in Eq. 5.4b. SI units have the 
advantage of not needing conversions because the units are consistent, meaning that use of SI units in the equation 
gives results in SI units. The downside is that no one uses SI units in the drilling industry. When in doubt, convert 
everything to SI units, calculate, and then convert the result back to fi eld units.

5.2.1 Incompressible Fluids. If we are dealing with a liquid such as drilling mud or salt water, fl uid compress-
ibility is negligible for low temperatures, and specifi c weight can be considered constant with depth. Integration 
of Eq. 5.4 for an incompressible liquid gives

0p g Z p ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.5a)

where p
0
, the constant of integration, is equal to the surface pressure at Z = 0. If we are interested in absolute 

pressure, p
0
 will be, at least, atmospheric pressure. Absolute pressure in English units is designated psia. Of-

ten, we are interested only in incremental pressure relative to atmospheric, which is called gauge pressure. 
Gauge pressure in English units is designated psig. In this case, p

0
 can be negative. Eq. 5.5a becomes, in fi eld 

units,

00.05195p Z p .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.5b)

Normally the static surface pressure p
0
 is zero (gauge pressure) unless the blowout preventer of the well is closed 

and the well is trying to fl ow.
An important application of the hydrostatic pressure equation is the determination of the proper drilling-

fl uid density. The fl uid column in the well must be of suffi cient density to cause the  pressure in the well op-
posite each permeable stratum to be greater than the pore pressure of the formation fl uid in the permeable 
stratum. This problem is illustrated in the schematic drawing shown in Fig. 5.2. However, the density of the 
fl uid column must not be suffi cient to cause any of the formations exposed to the drilling fl uid to fracture. A 
fractured formation would allow some of the drilling fl uid above the fracture depth to leak rapidly from the 
well into the fractured formation.

Example 5.1 Calculate the static minimum mud density required to prevent fl ow from a permeable stratum at 
12,200 ft if the pore pressure of the formation fl uid is 8,500 psig.

Solution. Converting fi eld units to SI units gives

78, 500 psig 6894.73 Pa/psi 5.86 ×10 Pafp ,

312, 200 ft
3.7186 10 m

3.2808 ft/m
Z .

Using Eq. 5.3a with p
0
 = 0 gives
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( )( )
p

gZ
3

7

9.81

5.86 10
1606.4 kg/m

3718.6
,

or, in fi eld units,

3 3 31606.4 kg/m 8.3454 10 (lbm/gal)/(kg/m ) 13.4 lbm/gal.

Thus, the mud density must be at least 13.4 lbm/gal to prevent the fl ow of formation fl uid into the wellbore when 
the well is open to the atmosphere and when there is no mud circulation.

5.2.2 Compressible Fluids. In many drilling and completion operations, a gas is present in at least a portion of 
the well. In some cases, gas is injected in the well from the surface, while in other cases gas may enter the well 
from a subsurface formation. The variation of pressure with depth in a static gas column is more complicated than 
in a static liquid column because the gas density changes with changing pressure.

The gas behavior can be described using the real gas equation, defi ned by

p = ,
RT

z
M

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.6)

Mud pump

Suction pit

Drillpipe Casing and cement

Annulus Open hole

Permeable zones
Drill collars

Fig. 5.2—The well-fl uid system [from Bourgoyne et al. (1991)].
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where p = absolute pressure, r = gas density, z = gas compressibility factor, R = universal gas constant, T = abso-
lute temperature, and M = gas molecular weight.

The gas compressibility factor z is a measure of how much the gas behavior deviates from that of an ideal gas, 
with z = 1 for ideal gases. Gas compressibility factors for natural gases have been determined experimentally as a 
function of temperature and pressure and are readily available in the petroleum and chemical engineering litera-
ture [e.g., Standing and Katz (1942), Carr et al. (1954), and Burcik (1957)]. In this chapter the simplifying as-
sumption of ideal-gas behavior will generally be made to assist the student in focusing more easily on the 
drilling-hydraulics concepts being developed.

The gas density can be expressed as a function of pressure by rearranging Eq. 5.6. Solving this equation for the 
gas density r yields

.
pM

zRT    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.7a)

Changing units from consistent units to common fi eld units gives

,
80.3

pM

zT
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.7b)

where r is expressed in lbm/gal, p is in lbf/in.2, M is in lbm/lbm-mol, and T is in degrees Rankine. The gas con-
stant R is given in various unit systems as

– –
R

2 3 3 3(lbf/ft ) ft psia gal Pa m Pa m
1, 545 80.3 8.3144 8314.4

lbm mol R lbm mol R mol K kmol K
.

When the length of the gas column is not great and the gas pressure is above 6.895 × 106 Pa (1,000 psia), the hy-
drostatic equation for incompressible liquids given by Eq. 5.3a can be used together with Eq. 5.7a without much 
loss in accuracy. However, when the gas column is not short or highly pressured, the variation of gas density with 
depth within the gas column should be taken into account. Using Eqs. 5.4a and 5.7a, we obtain

d
.

d

p g pM

Z zRT
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.8)

If the variation in z within the gas column is not too great, we can treat z as a constant, z . Separating variables in 
the above equation and integrating gives

0
0

1
ln

( )

p gM
d

p zR T
.

Z

Z

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.9a)

If we assume that T is relatively constant over the depth range, then Eq. 5.9a can be expressed

0 exp ,
gM Z

p p
z RT    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.9b)

or, in fi eld units,

0exp ,
1, 544zT

M Z
p p

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.9c)

where p is in psi, M in lbm/lbm-mol, DZ in ft, and T in degrees R.

Example 5.2 A well contains a tubing fi lled with methane gas (molecular weight = 16) to a vertical depth of 
10,000 ft. The annular space is fi lled with a 9.0-lbm/gal brine. Assuming ideal gas behavior (z = 1), compute the 
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amount by which the exterior pressure on the tubing exceeds the interior tubing pressure at 10,000 ft if the surface 
tubing pressure is 1,000 psia and the mean gas temperature is 140°F. If the collapse resistance of the tubing is 
8,330 psi, will the tubing collapse due to the high external pressure?

Solution. Converting from fi eld units to SI units gives

p 6

0 1, 000 psi 6,894.73 Pa/psi 6.895 10 Pa,

colp 68,330 psi 6,894.76 Pa/psi 57.433 ×10 Pa,

3 3

3 3

9 lbm/gal
1.078 10 kg/m ,

8.3454 ×10 (lbm/gal)/(kg/m )

Z 310, 000 ft
3.048 ×10 m,

3.2808 ft /m

140 F 32
60 C

1.8
T ,

0
14.7 psi 6,894.76 Pa/psi 101,353 Pa.p

The pressure in the annulus at a depth of 3048 m is given by Eq. 5.4a:

ap 69.81 1078 3048 101,353 32.3 10 Pa

The pressure in the tubing at a depth of 3048 m is given by Eq. 5.9a:

( )( )
pt

6 69.81 16 (3048)
6.895 10 exp 8.24 10 Pa

(1)(8314.4)(273.3 + 60)

Thus, the pressure difference is given by

a tp p 6 6 632.33447 10 8.2383 10 24.096 10 Pa

or, in fi eld units,

624.096 10 Pa
3, 494 psi

6894.73 Pa/psi
a tp p ,

which is considerably below the collapse pressure of the tubing.
The density of the gas in the tubing at the surface could be approximated using Eq. 5.7a as follows:

( )
,

6

36.895 10 (16)
39.8 kg/m

(1)(8314)(333.3)

or, in fi eld units,

3 3 339.8 kg/m 8.3454 10 lbm/gal / kg/m 0.332 lbm/gal.
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It is interesting to note that the use of this density in Eq. 5.3a gives

6 6
1 39.8 9.81 3048 6.895 10 8.09 10 Pap ,

which is within 150 kPa (22 psi) of the answer obtained using the more complex Eq. 5.9b.

5.2.3 Hydrostatic Pressure in Complex Fluid Columns. During many drilling operations, the well fl uid column 
contains several sections of different fl uid densities. The variation of pressure with depth in this type of complex 
fl uid column must be determined by separating the effect of each fl uid segment. For example, consider the com-
plex liquid column shown in Fig. 5.3.

If the pressure at the top of Section 1 is known to be p
0
, then the pressure at the bottom of Section 1 can be 

computed from Eq. 5.5a:

p g Z Z p1 1 1 0 0.

The pressure at the bottom of Section 1 is equal to the pressure at the top of Section 2. Thus, the pressure at the 
bottom of Section 2 can be expressed in terms of the pressure at the top of Section 2:

2 2 2 1 1 1 0 0p g Z Z g Z Z p .

In general, the pressure at any vertical depth Z can be expressed by

0 1 11
( ) ( )i

i n

i i n ni
p p g Z Z g Z Z ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.10)
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n

Fig. 5.3—A complex fl uid column [from Bourgoyne et al. (1991)].
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where Z
n–1 

< Z < Z
n
. It is frequently desirable to view the well fl uid system shown in Fig. 5.3 as a manometer 

when solving for the pressure at a given point in the well. The drillstring interior usually is represented by the 
left side of the manometer, and the annulus usually is represented by the right side of the manometer. A hy-
drostatic pressure balance can then be written in terms of a known pressure and the unknown pressure using 
Eq. 5.10.

Example 5.3 In intermediate casing string is to be cemented in place at a depth of 10,000 ft. The well contains 
10.5-lbm/gal mud when the casing string is placed on bottom. The cementing operation is designed so that the 
10.5-lbm/gal mud will be displaced from the annulus by (1) 300 ft of 8.5-lbm/gal mud fl ush, (2) 1,700 ft of 12.7-
lbm/gal fi ller cement, and (3) 1,000 ft of 16.7-lbm/gal high-strength cement. The high-strength cement will be 
displaced from the casing with 9-lbm/gal brine. Calculate the pump pressure required to completely displace the 
cement from the casing.

Solution. Converting from fi eld units to SI units gives

3
3 3

3

10.5 lbm/gal
1.2581 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )m ,

3 3
3 3

8.5 lbm/gal
1.0185 10 kg/

8.3454 10 (lbm/gal)/(kg/m )
mfl ,

fc
3 3

3 3

12.7 bm/gal
1.5218 10 kg/m ,

8.3454 10 (lbm/gal)/(kg/m )

l

33
3 3

16.7 lbm/gal
2.0011 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )hc ,

3 3
3 3

9.0 lbm/gal
1.0784 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )b .

The lengths of each fl uid column are given by

37,000 ft
2.1336 10 m

3.2808 ft/mmZ ,

300 ft
91.4 m

3.2808 ft/mflZ ,

31,700 ft
0.5182 10 m

3.2808 ft/mfcZ ,

21,000 ft
3.048 10 m

3.2808 ft/mhcZ ,

310,000 ft
3.048 10 m

3.2808 ft/mbZ .

The complex well fl uid system is understood more easily if viewed as a manometer (Fig. 5.4). The hydrostatic 
pressure balance is written by starting at the known pressure and moving through the various fl uid sections to the 
point of the unknown pressure. When moving down through a section, Z

i + 1
 - Z

i
 is positive and the change in 

hydrostatic pressure is added to the known pressure; conversely, when moving up through a section, Z
i + 1

 - Z
i
 is 

negative and the change in hydrostatic pressure is subtracted from the known pressure. Thus,
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Pa.

3 3 3 3

3 3 3 3
0

3 3

6
0

1.2581 10 2.1336 10 1.0185 10 0.0914 10

9.81 1.5218 10 0.5182 10 2.011 10 0.3048 10

1.0784 10 3.048 10

8.75 10

ap p

p

Because the known pressure p
0
 is 0 Pa, the gauge pump pressure is

68 75 10 Pa 1,269 psigap . .

5.2.4 Equivalent Density Concept. Field experience in a given area often allows guidelines to be developed for 
the maximum mud density that formations at a given depth will withstand without fracturing during normal drill-
ing operations. It is sometimes helpful to compare a complex-well-fl uid column to an equivalent single-fl uid 
column that is open to the atmosphere. This is accomplished by calculating the equivalent mud density r

e
, which 

is defi ned by

e

p

gZ
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.11a)

or, in fi eld units,

0.05195e

p

Z
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.11b)

The equivalent mud density always should be referenced to a specifi ed depth.

p0=atmospheric pressurepa

7,000 ft
10.5-lbm/gal 

mud

8.5-lbm/gal
mud flush 

12.7-lbm/gal
cement 

16.7-lbm/gal
cement 

9-lbm/gal brine

300 ft

1,700 ft

1,000 ft

Fig. 5.4—Viewing the well as a manometer [from Bourgoyne et al. (1991)].
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Example 5.4 Calculate the equivalent density at a depth of 10,000 ft for Example 5.3 for static well conditions 
after the cement has been displaced completely from the casing.

Solution. Converting from fi eld units to SI units gives

310,000 ft
3.048 10 m

3.2808 ft/m
Z ,

3 3
3 3

9 lbm/gal
1.0784 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )b .

At the end of displacement, the pressure at the bottom of the hole is given by

6 61078.4 9.81 3048 8.75 10 41.0 10 Pabhp .

The equivalent density is then

3
641.0 10

1371 kg/m
9.81 3048e

p

gZ
,

or, in fi eld units,

31371 8.3454 10 11.44 lbm/gale .

Drilling activity has extended in recent years to high-pressure/high-temperature (HP/HT) wells, where drilling 
fl uids experience both hot and cold temperature extremes, thus undergoing changes in density. The term mud 
weight usually refers to measurements performed at the surface, and while it could be assumed constant at tem-
peratures for standard drilling activity in the past, it certainly does not hold for these HP/HT and deepwater wells. 
Zamora and Roy (2000) have put forward this issue, and instead of the term mud weight they have proposed the 
use of the term equivalent static density (ESD) for static wells and equivalent circulating density (ECD) for cir-
culating wells. Simulation results are shown in Fig. 5.5 for a water-based mud (WBM) and a synthetic-based mud 
(SBM) in 8,000 ft of water and onshore HP/HT environments.
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Fig. 5.5—Comparison of equivalent static density for WBM and SBM in 8,000 ft of water and onshore 
HP/HT environments [from Zamora and Roy (2000)].
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The student should be aware of these issues, and appropriate modeling of the temperature and pressure depen-
dence of the drilling fl uid density is necessary together with computer simulations for incorporating temperature 
and pressure profi les into the calculation of ESD.

5.2.5 Effect of Entrained Solids and Gases in Drilling Fluid. Drilling engineers seldom deal with pure liquids 
or gases. For example, both drilling fl uids and cement slurries are primarily a mixture of water and fi nely divided 
solids. The drilling mud in the annulus also contains the drilled solids from the rock broken up by the bit and the 
formation fl uids that were contained in the rock. As long as the foreign materials are suspended by the fl uid, or 
settling through the fl uid at their terminal velocity, the effect of the foreign materials on hydrostatic pressure can 
be computed by replacing the fl uid density in Eq. 5.5a with the density of the mixture. However, particles that 
have settled out of the fl uid and are supported by grain-to-grain contact do not infl uence hydrostatic pressure.

The average density of an ideal mixture of N components is given by

i i i i
i i i

i

m V V
f

V V V

1
, ,

N
i

j i
j

V
V V f

V
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.12)

where m
i
, V

i
, r

i
, and f

i
 are the mass, volume, density, and volume fraction of component i, respectively, and V is the 

total volume. As long as the components are liquids and solids, the component density is essentially constant through-
out the entire length of the column. Thus, the average density of the mixture also will be essentially constant.

If one component is a fi nely divided gas, the density of the gas component does not remain constant but 
decreases with the decreasing pressure. A drilling fl uid that is measured to have a low density due to the presence 
of gas bubbles is said to be gas-cut.

The determination of the density of a gas-cut mud can be made in the following way. If N
v
 moles of gas are dispersed 

in (or associated with) 1 m3 of drilling fl uid, the volume fraction of gas at a given point in the column is given by

.
1

v

g v
g

vm g v

zN RT
V zN RTp

f
zN RTV V p zN RT

p
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.13)

In addition, the gas density r
g
 at that point is defi ned by Eq. 5.7a. Thus, the effective density of the mixture, , is 

given by

(1 )

1

f g g g

v v
f

v v

f f

N RT N RTpM

p N RT RT p N RT

z z
z z z

,f v

v

p MN

p N RTz
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.14)

where M is the average molecular weight of the gas.
Combination of this expression with Eq. 5.4a yields

2

1

d
.

( )

p
v

p
f v

p N RT p
Z

g MN p

z

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.15)

If the variation of z and T is not too great over the column length of interest, they can be treated as constants of 
mean values z  and T . Integration of Eq. 5.15 gives

1

2 1 2 1

ln 1 ,

, ,

p b p
Z

a a p

p p p Z Z Z     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.16)
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where

( )f va g MN ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.17)

vb zN RT .
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.18)

It is unfortunate that the pressure Dp appears within the logarithmic term in Eq. 5.16. This means that an itera-
tive calculation procedure must be used for the determination of the change in pressure with elevation for a gas-cut 
fl uid column. However, if the gas-liquid mixture is highly pressured and not very long,

2 3

1 1 1 1

1 1
ln 1 ...

2 3

p p p p

p p p p
,

which shows that if Dp/p
1
 << 1, Eq. 5.16 can be approximated by a linear or a quadratic equation.

Example 5.5 A massive low-permeability sandstone having a porosity of 0.20, a water saturation of 0.3, and 
a methane gas saturation of 0.7 is being drilled at a rate of 50 ft/hr with a 9.875-in. bit at a depth of 12,000 ft. 
A 14-lbm/gal drilling fl uid is being circulated at a rate of 350 gal/min while drilling. Calculate the change in 
hydrostatic pressure caused by the drilled formation material entering the mud. Assume that the mean mud 
temperature is 620 R and that the formation water has a density of 9.0 lbm/gal. Also assume that the gas be-
havior is ideal and that both the gas and the rock cuttings move at the same annular velocity as the mud. The 
density of the drilled solids is 21.9 lbm/gal.

Solution. Converting from fi eld units to SI units gives

3 3
3 3

9 lbm/gal
1.0784 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )w ,

3 3
3 3

14 lbm/gal
1.6776 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )m ,

3 3
3 3

21.9 lbm/gal
2.6242 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )s ,

2 1

9.875 in.
0.2508 m

3.937 10 in./m
d ,

312,000 ft
3.658 10 m

3.2808 ft/m
Z ,

3
4 3

350 gal/min
0.02208 m /s

1.585 10 (gal/min)/(m /s)
q ,

620
344.44K

1.8 1.8

R
T ,

= =
×

50 ft/hr
ROP 0.004233 m/s

3.2808 ft/m 3,600 s/hr
,
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where ROP = rate of penetration.
The hydrostatic head exerted by the mud is computed as

6101,325 1677.6 9.81 3658 60.302 10 Pap .

The formation is being drilled at a rate of

2 4 30.004233 0.2508 /4 2.09 10 m /s.

Drilled solids are being added to the drilling fl uid at a rate of

4 4 32.09 10 1 0.2 1.672 10 m /s.

Formation water is being added to the drilling fl uid at a rate of

4 4 32.09 10 0.2 0.3 0.1254 10 m /s.

The density of the drilling fl uid after the addition of formation water and of drilled solids would be

4 4
3

4 4

1677.6 0.02208 2624.2 (1.672 ×10 ) 1078.4 (0.1254 10 )
1684.4 kg/m .

0.02208 1.672 ×10 0.1254 10

Methane gas is being added to the drilling fl uid at a rate of

4 4 32.09 10 0.2 0.7 0.2926 10 m /s.

Assuming that the gas is ideal and that the formation pressure is approximately 38.8 × 106 Pa, the gas density 
given by Eq. 5.8a is

6
3

3

(60.602 10 Pa) 16 kg/kmol
336.8 kg/m

Pa m
8314.4 (1)(344.44K)

kmol K

g
.

Thus, the gas mass rate entering the well is given by

3 4 3
4(336.8 kg/m )(0.2926 10 m /s)

6.159 10 kmol/s 0.6159 mol/s
16 kg/kmol

.

Because the mud is being circulated at a rate of 0.02208 m3/s, the moles of gas per m3 of mud is given by

30.6159
27.894 mol/m

0.02208vN .

Using Eqs. 5.17 and 5.18 gives

a = (9.81)[1684.4 + (16/1000)(27.894)] = 16,528 Pa/m

and

b = (1)(27.894 mol/m3)[8.3144 Pa·m3/(mol·K)](344.44K) = 79,883 Pa.
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Because the well is open to the atmosphere, the surface pressure p
1
 is 101,325 Pa. The bottomhole pressure p

2

must be estimated from Eq. 5.16 in an iterative manner. Eq. 5.16 becomes

2 2
2

101,325 79,883
ln

16,528 16,528 101,325

p p
Z .

As shown in the table below, various values for p
2
 were assumed until the calculated Z

2 
-

 
Z

1 
was equal to the well 

depth of 3658 m.

p
2

(Pa)

2 1

16,528

p p

(m)

2

1

4.821ln
p

p

(m)
Z

2 
-

 
Z

1 

(m)

60.329 ´ 106 3644 30.8 3674.8
59.984 ´ 106 3623 30.8 3653.8
60.03 ´ 106 3625.9 30.8 3656.7

Thus, the change in hydrostatic head due to the drilled formation material entering the mud is given by

Dp = (60.03 – 60.302) × 106 Pa = –272,000 Pa = –39 psi.

Example 5.5 indicates that the loss in hydrostatic head due to normal contamination of the drilling fl uid is usually 
negligible. In the past, this was not understood by many drilling personnel. The confusion was caused mainly by a 
severe lowering of density of the drilling fl uid leaving the well at the surface. This lowering of density was due to the 
rapidly expanding entrained gas resulting from the decrease in hydrostatic pressure on the drilling fl uid as it 
approached the surface. The theoretical  surface mud density that would be seen in Example 5.5 is given by Eq. 5.14 as

3 3

3 3

3

[1684.4 kg/m 0.016 kg/mol (27.89 mol/m )] 101,325 Pa

101,325 Pa (1)(27.89 mol/m )(8.3144 Pa m /mol K)(344.44K)

941.83 kg/m 7.9 lbm/gal.

In the past, it was common practice to increase the density of the drilling fl uid when gas-cut mud was observed 
at the surface because of a fear of a potential blowout. However, Example 5.5 clearly shows that this should not 
be done unless the well will fl ow with the pump off. As shown in Fig. 5.6, signifi cant decreases in annular mud 
density occur only in the relatively shallow part of the annulus. The rapid increase in annular density with depth 
occurs because the gas volume decreases by a factor of two when the hydrostatic pressure doubles. For example, 
increasing the hydrostatic pressure at the surface from 101,325 Pa (14.7 psia) to 810,820 Pa (117.6 psia) causes a 
unit volume of gas to decrease to one-eighth of its original size.

5.2.6 Effect of Well Deviation. Today, drilling engineers seldom deal with vertical wells. For a variety of reasons, 
wells are deviated from the vertical, often by as much as 90°. We have been considering Z as the true vertical depth 
(TVD) of the well. In a real well, we use measured depth, s, rather that Z to determine our location in the wellbore. 
What is even more important is that pressure changes due to friction from fl uid fl ow vary with measured depth, not 
with TVD. The relationship between TVD and measured depth for a well with constant azimuth is given by:

d

d
cos

Z

s
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.19)

where j is the angle of inclination of the wellbore with the vertical. More-complex geometries will be studied in 
later chapters, but for our purposes, this will suffi ce. For j = 0, a vertical well, the TVD varies as the measured 
depth; that is, Z = s.

Example 5.6 Calculate the pressure in a deviated well as a function of measured depth. The wellbore is illus-
trated in Fig. 5.7, and the mud weight is 9 lbm/gal. The well is vertical to 2,400 ft, builds angle at 5°/ft, and 
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traverses 6,000 ft laterally, with a TVD at bottomhole of 9,000 ft. From the surface to 2,400 ft measured depth, 
we know that the TVD corresponds with the measured depth, so the pressure calculation is unchanged from 
Eq. 5.5b.

Solution. To simplify the calculation, we will ignore the build section and consider the well confi guration as 
two straight lines, as shown by the dotted line in Fig. 5.7. In the deviated section, we see a horizontal displace-
ment of 6,000 ft and a vertical displacement of 9,000 - 2,400 = 6,600 ft. The  approximate angle of inclination 
is thus:
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Fig. 5.6—Annular density plot for Example 5.6.
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Fig. 5.7—Example of a deviated well.
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2 2

6,600
cos 0.740

6,600 6,000

42.3 .

The total measured depth is 2,400 + 
2 2

6,600 6,000  =11,320 ft. The pressure as a function of measured 
depth is

psig lbm/gal ft

psig lbm/gal ft.

( ) 0.05195 9 2,400

1,122 0.05195 9 0.740 2, 400 2, 400

p s s

s s

Because we know that the TVD of the well is 9,000 ft, the bottomhole pressure is easily calculated using Eq. 5.5b:

.(psig) 0.05195 9lbm/gal 9,000 ft 4,208 psigp

If we calculate the bottomhole pressure at measured depth s = 11,320 ft, we get

.(psig) 1,122 psig 0.05195 9lbm/gal 0.740 11,320ft 2,400ft 4,208psigp

5.3 Steady Flow of Drilling Fluids
The determination of pressure at various points in the well can be quite complex when either the drilling mud 
or the drillstring is moving. Frictional forces in the well system can be diffi cult to describe mathematically. 
However, in spite of the complexity of the system, the effect of these frictional forces must be determined for 
the calculation of (1) the fl owing bottomhole pressure or ECD during drilling or cementing operations; (2) 
the bottomhole pressure or ECD during tripping operations; (3) the optimum pump pressure, fl ow rate, and 
bit nozzle sizes during drilling operations; (4) the cuttings-carrying capacity of the mud; and (5) the surface 
and downhole pressures that will occur in the drillstring during well-control operations for various mud fl ow 
rates.

The basic physical laws commonly applied to the movement of fl uids are conservation of mass, conservation of 
momentum, and conservation of energy. All of the equations describing fl uid fl ow are obtained by application of 
these physical laws using an assumed rheological model and an equation of state. Rheological models will be studied 
in a later section. Example equations of state are the incompressible fl uid model, the slightly compressible fl uid 
model, the ideal gas equation, and the real gas equation.

5.3.1 Mass Balance. The law of conservation of mass states that the net mass rate into any volume V is equal to 
the mass rate out of the volume.
The balance of mass for single-phase fl ow is given by

constantm v A .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.20)

m = massflow rate,kg/s,

r = density, kg/m3,
v = average velocity, m/s,
A = area, m2,

where steady-state fl ow has been assumed. The drilling engineer normally considers only steady-state condi-
tions. Note also that for constant area, which is usually the case, the product of the density and the average 
velocity is constant. As pressure decreases, so does density, which implies that the average velocity increases. 
In other words, pressure decreases will accelerate a gas in a constant-area pipe. With the exception of air, gas, 
or foam drilling, the drilling fl uid usually can be considered incompressible. In the absence of any accumula-
tion or leakage of well fl uid in the surface equipment or underground formations, the fl ow rate of an incom-
pressible well fl uid must be the same at all points in the well. For an incompressible fl uid, Eq. 5.20 takes an 
even simpler form:

q v A,

sq 3volume flow rate,  m / .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.21)
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Knowledge of the average velocity at a given point in the well is often desired. For example, the drilling engi-
neer frequently will compute the average upward fl ow velocity in the annulus to ensure that it is adequate for 
cuttings removal.

Example 5.7 A 12-lbm/gal mud is being circulated at 400 gal/min. The 5.0-in. drillpipe has an  inside diameter 
(ID) of 4.33 in., and the drill collars have an ID of 2.5 in. The bit has a diameter of 9.875 in. Calculate the av-
erage velocity in the drillpipe, the drill collars, and the annulus opposite the drillpipe.

Solution. Converting to SI units,

q = 400 gal/min (6.309´10-5m3/s-gal/min) = 0.0252 m3/s,

A inside drillpipe = p/4(4.33 in.)2 (0.0254m/in.)2 = 0.00950 m2,

A inside drill collar = p/4(2.5 in.)2 (0.0254m/in.)2 = 0.00317 m2,

A outside drillpipe = p/4[(9.875in.)2–(5.0 in.)2 ](.0254m/in.)2 = 0.0367 m2,

v inside drillpipe = 
3

2

0.0252m /s
2.65m/s 8.69ft/s

0.00950m
,

v inside drill collars = = =
3

2

0.0252m /s
7.95m/s 26.1ft/s

0.00317m
,

v drillpipe annulus = 
3

2

0.0252m /s
6.87m/s 2.25ft/s

0.0367m
.

Example 5.8 An interesting calculation is the effect of pressure on the velocity of a fl owing gas.  Assume that the 
gas defi ned in Example 5.2 is fl owing at 400 gal/min in the drillpipe annulus of area = 0.00317 m2. The density at 
the surface was 0.332 lbm/gal at a pressure of 14.7 psia. The bottomhole pressure was 1,195 psia. Assume that the 
temperature at surface and bottomhole are roughly the same.

Solution. The mass fl ow rate m is:

3 kg min400 gal/min  (0.332 lbm/gal)(7.560 10 ) 1.00 kg/s
lbm  sec

m

=2 3

1.00 kg/s 7.93m/s
0.00317 m (0.332lbm/gal)(119.8kg gal/m lbm)

v

At the same temperature and same z, the densities are proportional to the pressures, so the velocity at bottom-
hole is

=14.7psia
7.93m/s 0.0976m/s

1195psia
v .

The student can verify that the mass fl ow rate is the same at both locations.

5.3.2 Momentum Balance. The balance of momentum for single-phase fl ow has the form

d
dZ ds

d
f

Z s

p
p v v g

s
,

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.22)

d

d
fp

s
 

= pressure change due to fl uid friction, Pa/m,

Ds = length of fl ow increment, m
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where steady fl ow has been assumed again. The Dv term is called the fl uid acceleration, and it is nonzero only for 
compressible fl uids. Also note that the term rv is constant, from Eq. 5.20. The rg term is the fl uid weight term, 
which has been discussed in detail in Section 5.2. The fl uid friction term is often expressed using the friction 
factor concept:

hs

f v
p v v g s

D

22
cos d ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.23)

f  = Fanning friction factor,
D

h
  = hydraulic diameter, m,

Ds = length of fl ow increment, m.

We have also used Eq. 5.19 to make everything dependent on measured depth s, though it may be convenient to 
retain the TVD relationship in some calculations. The Fanning friction factor ¦ depends on the fl uid density, ve-
locity, viscosity, fl uid type, and pipe roughness. Appropriate models for f,  considering a variety of different fl uid 
types, will be considered in detail in the section on rheology. The sign of the friction term is counter to the fl ow 
direction (e.g., negative for fl ow in the positive direction). The hydraulic diameter D

h
 is defi ned as

4 Flow Area

Wetted PerimeterhD
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.24)

For a pipe cross-sectional area:

21
44
dh

d
D d ,

where d is the ID of the pipe. For the annulus formed by two pipes,

2 21
4

o

4

d

o i

h o i
i

d d
D d d

d
,

where d
o
 is the inside diameter of the outer pipe and d

i
 is the outside diameter (OD) of the inner pipe. Notice that 

there is no effect of pipe eccentricity, so that also has to be accounted for in the friction factor. The friction factor 
we have defi ned is the Fanning friction factor. The student needs to be aware that there is an alternate defi nition 
called the Darcy friction factor that equals four times the Fanning friction factor. Be cautious when using friction 
factor graphs, tables, or formulas to be sure that you know which friction factor is being defi ned. For an incom-
pressible fl uid, Eq. 5.23 takes the following simple form:

22

h

f v
p g Z s

D
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.25)

where all the coeffi cients are constant. From his experience with static compressible fl uids, the student should 
expect that solutions to Eq. 5.23 will be solutions to fi rst-order nonlinear differential equations, and that analytic 
solutions will not, in general, be available.

Example 5.9 Assume that a liquid with density 990 kg/m3 is fl owing down a pipe at a 45° angle. The fl uid veloc-
ity is 10.0 m/s, and the ID is 0.10 m. The Fanning friction factor has been calculated to be 0.001. If the surface 
pressure is atmospheric, what is the gauge pressure at the bottom of a 1000-m pipe?

Solution. The hydrostatic contribution to the bottomhole pressure is

= =

3 2
hydrostatic 990 kg/m 9.81m/s cos(45 ) 1000m ,

6.87MPa 996 psig.

p

The fl uid friction contribution is negative because the fl ow is in the positive s direction:
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23

friction

2 0.001 990 kg/m 10.0m/s
1000m ,

0.10m

1.98MPa 287psi.

p

The total pressure at bottomhole is 996 psig – 287 psig = 709 psig.

5.3.3 Energy Balance. The law of conservation of energy states that the net energy rate out of a system is equal 
to the time rate of work done within the system. Consider the generalized fl ow system shown in Fig. 5.8. The work 
done by the fl uid is equal to the energy per unit mass of fl uid given by the fl uid to a fl uid engine (or equal to minus 
the work done by a pump on the fl uid). Thus, the law of conservation of energy yields

(E
2
 – E

1
) + (p

2
V

2
 – p

1
V

1
) – g(Z

2
 – Z

1
) + ½(v

2
2 – v

1
2) = W + Q,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.26)

where E is the internal energy of the fl uid, W is the work done by the fl uid, and Q is the heat per unit mass added 
to the fl uid, with subscript 1 indicating inlet properties and subscript 2 indicating outlet properties. Simplifying 
this expression using differential notations yields

DE – gDZ + Dv2/2 + D(pV) = W + Q.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.27)

Eq. 5.27 is the fi rst law of thermodynamics applied to a steady fl ow process. This equation is best suited for fl ow 
systems that involve either heat transfer or adiabatic processes involving fl uids whose thermodynamic properties 
have been tabulated previously. This form of the equation seldom has been applied by drilling engineers. The 
change in internal energy of the fl uid and the heat gained by the fl uid usually is considered using a friction loss 
term, which can be defi ned in terms of Eq. 5.27 using the following expression:

F E p V Q
2

fric

1

d .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.28)

The friction loss term can be used conveniently to account for the lost work or energy wasted by the viscous forces 
within the fl owing fl uid. Substitution of Eq. 5.28 into Eq. 5.27 yields

vV p g Z W F
2 2

fric

1

d
2

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.29)

E1+P1 V1

W

Q

E2+P2 V2

D1 

D2 

Enthalpy in

Energy in−Energy out=Work Done

Enthalpy out

Pump energy

ΔL

P

Heat 
energy

FΔL pAΔL pV

V

Fig. 5.8—Generalized fl ow system [from Bourgoyne et al. (1991)].
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Eq. 5.29 often is called the mechanical energy balance equation. This equation was in use even  before heat fl ow 
was recognized as a form of energy transfer by Carnot and Joule and is a completely general expression contain-
ing no limiting assumptions other than the exclusion of phase boundaries and magnetic, electrical, and chemical 
effects. The effect of heat fl ow in the system is included in the friction loss term F.

The fi rst term in Eq. 5.29,

V p
2

1

d ,

may be diffi cult to evaluate if the fl uid is compressible unless the exact path of compression or expansion is 
known. Fortunately, drilling engineers deal primarily with essentially incompressible fl uids having a constant 
specifi c volume V.

For incompressible fl uids, it holds that

pV p
2

1

d .

Eq. 5.29 also can be expressed by

Dp/r – gDZ + Dv2/2= W – F
fric

or

2 2
1 2 1 2 1 29.81 0.5 p fp Z Z v v p p p .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.30)

Expressing this equation in practical fi eld units of lbf/in.2, lbm/gal, ft/sec, and ft gives

4 2 2
1 2 1 2 1 20.052 8.074 10 p fp Z Z v v p p p .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.31)

Example 5.10 Determine the pressure at the bottom of the drillstring if the frictional pressure loss in the drill-
string is 1,400 psi, the fl ow rate is 400 gal/min, the mud density is 12 lbm/gal, and the well depth is 10,000 ft. The 
ID of the drill collars at the bottom of the drillstring is 2.5 in., and the pressure increase developed by the pump is 
3,000 psi.

Solution. Converting to SI units gives

3 3
3 3

12 lbm/gal
1.438 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )
,

1

2.5 in.
0.0635m

3.937 10 in./m
d ,

310,000 ft
3.048 10 m

3.2808 ft/m
Z ,

2 3
4 3

400 gal/min
2.5236 10 m /s

1.585 10 (gal/min)/(m /s)
q ,

61,400 psi 6894.73 Pa/psi 9.6526 10 Pafp ,

63,000 psi 6894.73 Pa/psi 20.6814 10 Papp .
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The average velocity in the drill collars is

2

2 2

1.274 2.5236 10
7.973 m/s

0.0635
dcv v .

The average velocity in the mud pits is essentially zero. Eq. 5.30 then gives

2 6 6
29.81 1438 3048 0.5 7.973 20.6814 10 9.6526 10 p ,

or

6
2 54.0262 10 Pa 7,836 psigp .

Example 5.10 illustrates the minor effect of the kinetic energy term of Eq. 5.30 in this drilling  application. In 
general, the change in kinetic energy caused by fl uid acceleration can be ignored,  except for the fl ow of drilling 
fl uid through the bit nozzles.

5.3.4 Flow Through Jet Bits. A schematic of incompressible fl ow through a short constriction, such as a bit 
nozzle, is shown in Fig. 5.9. In practice, it generally is assumed that (1) the change in pressure due to a change in 
elevation is negligible; (2) the velocity v

0
 upstream of the nozzle is negligible, compared with the nozzle velocity 

v
n
; and (3) the frictional pressure loss across the nozzle is negligible. Thus, Eq. 5.31 reduces to

4 2
1 28.074 10 np v p .

Substituting the symbol Dp
b
 for the pressure drop (p

1
 – p

2
) and solving this equation for the nozzle velocity v

n

yields

4
.

8.074 10
b

n

p
v

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.32a)

In SI units, Eq. 5.32a is given by

2 ,b
n

p
v

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.32b)

where v
n
 has units of m/s, Dp

b
 has units of Pa, and r has units of kg/m3. Unfortunately, the exit velocity predicted 

by Eq. 5.32 for a given pressure drop across the bit, Dp
b
, never is realized. The actual velocity is always smaller 

than the velocity computed using Eq. 5.32, primarily because the assumption of frictionless fl ow is not strictly 

p2

Bit nozzle

Hole bottom

p1 

v
n
 

v0 

Fig. 5.9—Flow through a bit nozzle [from Bourgoyne et al. (1991)].
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true. To compensate for this difference, a correction factor or discharge coeffi cient C
d
 usually is introduced so that 

the modifi ed equation,

48.074 10
b

n d

p
v C ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.33a)

or, in SI units,

2 b
n d

p
v C ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.33b)

will result in the observed value for nozzle velocity. The discharge coeffi cient has been determined experimentally 
for bit nozzles by Eckel and Bielstein (1951). These authors indicated that the discharge coeffi cient may be as 
high as 0.98 but recommended a value of 0.95 as a more practical limit.

A rock bit has more than one nozzle, usually the same number of nozzles and cones. When more than one 
nozzle is present, the pressure drop applied across all of the nozzles must be the same (Fig. 5.10).

According to Eq. 5.33, if the pressure drop is the same for each nozzle, the velocities through all nozzles are 
equal. Therefore, if the nozzles are of different areas, the fl ow rate q through each nozzle must adjust so that the 
ratio q/A is the same for each nozzle. If three nozzles are present,

31 2

1 2 3

_

n
qq q

v
A A A

.

Note also that the total fl ow rate of the pump, q, is given by

1 2 3 1 2 3

_ _ _
n n nq q q q v A v A v A .

Simplifying this expression yields

1 2 3( )
__

n n tq v A A A v A .

Thus, the velocity of fl ow through each nozzle is also equal to the total fl ow rate divided by the total nozzle area:

1 2

1 2

... i

t i

qq qq

A A A A
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.34)

In fi eld units, the nozzle velocity v
n
 is given by

p1

Drillstring

Hole

Nozzle

p2

v
n

v
n

v
n

Fig. 5.10—Flow through parallel nozzles [from Bourgoyne et al. (1991)].
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3.117n
t

q
v

A
,

  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.35a)

where v
n
 has units of ft/sec, q has units of gal/min, and A

t
 has units of in.2. In SI units, v

n
 is given by

n
t

q
v

A
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.35b)

where v
n
 has units of m/s, q has units of m3/s, and A

t
 has units of m2. Combining Eqs. 5.33 and 5.35 and solving 

for the pressure drop across the bit, Dp
b
, yields

5 2

2 2

8.311 10
b

d t

q
p

C A
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (5.36a)

In SI units, Eq. 5.36a is given by

2

2 22b

d t

q
p

C A
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.36b)

Because the viscous frictional effects are usually negligible for fl ow through short nozzles, Eqs. 5.36a and 5.36b 
are valid for both Newtonian and non-Newtonian fl uids, but should be used with caution. For critical applications, 
experimentally determined discharge coeffi cients should be determined for a specifi c mud.

Bit nozzle diameters often are expressed in 32nds of an inch. For example, if the bit nozzles are described as 
12-13-13, this denotes that the bit contains one nozzle having a diameter of 12/

32
 in. and two nozzles having a di-

ameter of 13/
32

 in.

Example 5.11 A 12.0-lbm/gal drilling fl uid is fl owing through a bit containing three 13/
32

-in. nozzles at a rate of 
400 gal/min. Calculate the pressure drop across the bit.

Solution. In SI units, the density r, the nozzle diameter d
n
, and the fl ow rate q are given by

3 3
3 3

(12 lbm/gal)
1.438 10 kg/m

8.3452 10 (lbm/gal)/(kg/m )
,

nd 2
1

13
32

in.
1.032 10 m,

3.937 10 in./m

2 3
4 3

400 gal/min
2.524 10 m /s

1.585 10 (gal/min)/(m /s)
q .

The total area of the three nozzles is given by

2 2 4 23 (1.03 10 ) 2.509 10 m
4tA

or

A
t
 = 0.3889 in.2

Using Eq. 5.36b, the pressure drop across the bit is given by

3 2 2
6

2 4 2

(1.438 10 )(2.524 10 )
8.062 10 Pa

2(0.95) (2.509 10 )bp

or

Dp
b
 = 1,169 psi.
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5.3.5 Bit Hydraulic Power. Because power is the rate of doing work, pump energy W can be converted to hy-
draulic power P

H
 by multiplying W by the mass fl ow rate rq. Thus,

H pP W q p q .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.37a)

In SI units P
H
 is expressed in watts (W), Dp

p
 in Pa, and q in m3/s. In fi eld units, if the fl ow rate q is expressed in 

gal/min and the pump pressure Dp
p
 is expressed in lbf/in.2, then

1,714
p

H

p q
P ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.37b)

where P
H
 is expressed in hydraulic horsepower. Likewise, other terms in Eq. 5.31, the pressure balance equation 

can be expressed as hydraulic horsepower by multiplying the pressure term by q/1,714.

Example 5.12 Determine the hydraulic horsepower being developed by the pump discussed in  Example 5.10. 
How much of this power is being lost due to the viscous forces in the drillstring?

Solution. In SI units, the pump pressure Dp
p
 and the frictional pressure loss in the drillstring are given by

7
4

3000 psi 2.069 10 Pa
1.45 10 psi/Papp ,

6
4

1400 psi
9.655 10 Pa

1.45 10 psi/Padpp .

The pump power being used is given by Eq. 5.37a:

7 2 5(2.069 10 )(2.524 10 ) 5.222 10 WHP

or

P
H
 = 700 hp.

The power consumed due to friction in the drillstring is given by

6 2 5(9.655 10 )(2.524 10 ) 2.437 10 WHP

or

P
H
 = 327 hp.

5.3.6 Bit Hydraulic Impact Force. The purpose of the jet nozzles is to improve the cleaning action of the drilling 
fl uid at the bottom of the hole. Before jet bits were introduced, rock chips were not  removed effi ciently, and much 
of the bit life was consumed regrinding the rock fragments. Further improvements in the cleaning action have 
been obtained with the introduction of a central nozzle. This avoids the bit balling phenomenon in drilling soft 
formations.

The rheological properties of drilling fl uids can affect the hole bottom cleaning, particularly in the area around 
the bit nozzles and cones. In addition, the apparent viscosity can affect the overall bit performance. An increase 
in the frictional pressure loss inside the drillstring, because of higher values of the viscosity, refl ects in a de-
crease of the hydraulic power available at the bit. Several investigators have concluded that the cleaning action 
is maximized by maximizing the total hydraulic impact force of the jetted fl uid against the hole bottom. If it is 
assumed that the jet stream impacts the bottom of the hole in the manner shown in Fig. 5.9, all of the fl uid mo-
mentum is transferred to the hole bottom.

Because the fl uid is travelling at a vertical velocity v
n
 before striking the hole bottom and is travelling at 

zero vertical velocity after striking the hole bottom, the time rate of change of momentum (in fi eld units) is 
given by
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_
_( ) ( ) ( )

32.17(60) 1930.2

__
n n

j

m v m q v q v
F v

t t
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.38a)

or, in SI units,

_
( ) njF q v ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.38b)

where rq is the mass rate of the fl uid. Combining Eqs. 5.33a and 5.38a yields

0.01823j d bF C q p ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.39a)

where F
j
 is given in lbf. In SI units, Eq. 5.39a is given by

1.4142j d bF C q p .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.39b)

Example 5.13 Compute the impact force developed by the bit discussed in Example 5.12.
Solution. Using Eq. 5.39b,

2 3 61.4142(0.95)(2.524 10 ) (1.438 10 )(8.062 10 ) 3651.1 NjF

or

F
j
 = 820.8 lbf.

5.3.7 Jet Bit Nozzle Size Selection. The determination of the proper jet bit nozzle sizes is one of the more fre-
quent applications of the frictional pressure-loss equations by drilling personnel. Signifi cant increases in penetra-
tion rate can be achieved through the proper choice of bit nozzles. In relatively competent formations, the 
penetration rate increase is believed to result from mainly improved cleaning action at the hole bottom. Wasteful 
regrinding of cuttings is prevented if the fl uid circulated through the bit removes the cuttings as rapidly as they are 
made. In soft formations, the jetted fl uid also may aid in the destruction of the hole bottom.

The true optimization of jet bit hydraulics cannot be achieved yet. Before this can be done, accurate mathemat-
ical relations must be developed that defi ne the effect of the level of hydraulics on penetration rate, operational 
costs, bit wear, potential hole problems such as hole washout, and drilling-fl uid carrying capacity. At present, 
there is still disagreement as to what hydraulic parameter should be used to indicate the level of the hydraulic 
cleaning action. The most com monly used hydraulic design parameters are bit noz zle velocity, bit hydraulic 
horsepower, and jet im pact force. Current fi eld practice involves the selection of the bit nozzle sizes that will cause 
one of these parameters to be a maximum.

Maximum Nozzle Velocity. Before jet bits were introduced, rig pumps usually were operated at the fl ow rate 
corresponding to the estimated minimum annular velocity that would lift the cuttings. To some extent, this prac-
tice continues even today. If the jet nozzles are sized so that the surface pressure at this fl ow rate is equal to the 
maximum allowable surface pressure, then the fl uid velocity in the bit nozzles will be the maximum that can be 
achieved and still lift the cut tings. This can be proved using Eq. 5.33a, the nozzle velocity equation. As shown in 
this equation, nozzle velocity is directly proportional to the square root of the pressure drop across the bit.

n bv p

Thus, the nozzle velocity is a maximum when the pressure drop available at the bit is a maximum. The pressure 
drop available at the bit is a maximum when the pump pressure is a maximum and the frictional pressure loss 
in the drillstring and annulus is a minimum. The frictional pressure loss is a minimum when the fl ow rate is a 
minimum.

Maximum Bit Hydraulic Horsepower. Speer (1958) pointed out that the effectiveness of jet bits could be 
improved by in creasing the hydraulic power of the pump. Speer rea soned that penetration rate would increase 
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with hydraulic horsepower until the cuttings were removed as fast as they were generated. After this “perfect 
cleaning” level was achieved, there should be no further increase in penetration rate with hydraulic power. Shortly 
after Speer published his paper, several authors pointed out that, because of the frictional pressure loss in the 
drillstring and annulus, the hydraulic power developed at the bot tom of the hole was different from the hydraulic 
power developed by the pump. They concluded that bit horsepower rather than pump horsepower was the impor-
tant parameter. Furthermore, it was concluded that bit horsepower was not necessarily maximized by operating 
the pump at the maximum possible horsepower. The conditions for maximum bit horsepower were derived by 
Kendall and Goins (1960).

The pump pressure is expended by frictional pressure losses in the surface equipment, Dp
s
; fric tional pressure 

losses in the drillpipe Dp
dp

 and drill collars Dp
dc

; pressure losses caused by accelerating the drilling fl uid through 
the nozzle; and frictional pressure losses in the drill collar annulus Dp

dca
 and drillpipe annulus Dp

dpa 
. Stated math-

ematically,

p s dp dc b dca dpap p p p p p p .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.40)

If the total frictional pressure loss to and from the bit is called the parasitic pressure loss, Dp
d
, then

d s dp dc dca dpap p p p p p     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.41a)

and

.p b dp p p     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.41b)

Because each term of the parasitic pressure loss can be computed for the usual case of turbulent fl ow,

1.75
fp q ,

we can represent the total parasitic pressure loss using

,m m
dp q cq     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.42)

where m is a constant that theoretically has a value near 1.75, and c is a constant that depends on the mud proper-
ties and wellbore geometry. Substitution of this expres sion for Dp

d
 into Eq. 5.41b and solving for Dp

b
 yields

.m
b pp p cq

Because the bit hydraulic horsepower P
Hb

 is given by Eq. 5.37a,

1

1,714 1,714

m
pb

Hb

p q cqp q
P ,

using calculus to determine the fl ow rate at which the bit horsepower is a maximum gives

( 1)d
0

d 1,714

m
pHb

p m cqP

q
.

Solving for the root of this equation yields

( 1) ( 1)m
p dp m cq m p     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.43a)

or

.
(m 1)

p
d

p
p

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.43b)

Because (d 2P
Hb

)/dq2 is less than zero for this root, the root corresponds to a maximum. Thus, bit  hydraulic horse-
power is a maximum when the parasitic pressure loss is [l/(m + l)j] times the pump  pressure.
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From a practical standpoint, it is not always desirable to maintain the optimum Dp
d  

/Dp
p 
 ratio. It is usually 

convenient to select a pump liner size that will be suitable for the entire well rather than periodically reduc ing the 
liner size as the well depth increases to achieve the theoretical maximum. Thus, in the shallow part of the well, the 
fl ow rate usually is held constant at the maximum rate that can be achieved with the convenient liner size. For a 
given pump horsepower rating P

HP
 this maximum rate is given by

max
max

1,714 HPP E
q

p
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.44)

where E is the overall pump effi ciency, and p
max

 is the maximum allowable pump pressure set by the contractor. 
This fl ow rate is used until a depth is reached at which Dp

d  
/Dp

p
 is at the optimum value. The fl ow rate then is 

decreased with subsequent increases in depth to maintain Dp
d  

/Dp
p 
 at the optimum value. However, the fl ow rate 

never is reduced below the minimum fl ow rate to lift the cuttings.
Maximum Jet Impact Force. Some rig operators prefer to select bit nozzle sizes so that the jet impact force is 

a maximum rather than the bit hydraulic horsepower. McLean (1965) concluded from ex perimental work that the 
velocity of the fl ow across the bottom of the hole was a maximum for the maximum im pact force. Eckel (1951), 
working with small bits in the laboratory, found that the penetration rate could be cor related to a bit Reynolds 
number group so that

8
d
d

a

n n

a

v dD

t
,

where
d
d
D
t

 = penetration rate,

r = fl uid density,
nv  = nozzle velocity,

d
n
 = nozzle diameter,

m
a
 = apparent viscosity of the fl uid at a shear rate of 10,000 seconds-1, and

a8 = constant.
It can be shown that when nozzle sizes are selected so that jet impact force is a maximum, the Reynolds number 

group defi ned by Eckel is also a maximum. (The proof of this is left as a student exercise.) The derivation of the 
proper conditions for maximum jet impact was published fi rst by Kendall and Goins (1960).
The jet impact force is given by Eq. 5.39a.

j d b

d p d

F C q p

C q p p

0.01823

0.01823 .

Because the parasitic pressure loss is given by Eq. 5.42,

2 10.01823 ( 2) ,m
j d pF C p q m c q

using calculus to determine the fl ow rate at which the bit impact force is a maximum gives

m
d pj

m
p

C p q m c qF

q p q m c q

1

2 1

0.009115 2 ( 2)d
.

d ( 2)

Solving for the root of this equation yields

m
p

p d

p m c q

q p m p

12 ( 2) 0,

2 ( 2) 0,

or
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2
.

2
p

d

p
p

m    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.45)

because (d2Fj)/dq2 is less than zero for this root, the root corresponds to a maximum. Thus, the jet impact force is 
a maximum when the parasitic pressure loss is [2/(w + 2)] times the pump pressure.

5.4 Rheological Models of Drilling Fluids
The frictional pressure loss term in the pressure balance equation given as Eq. 5.23 is the most diffi cult to eval-
uate. However, this term can be quite important because extremely large viscoelastic forces must be overcome 
to move drilling fl uid through the long, slender conduits used in the drilling process. Generally, the elastic 
properties of drilling fl uids and cement slurries and their effects during the fl ow in the hydraulic circuit of a 
drilling well are negligible. It is common practice in the computation of the frictional losses to consider only 
the effects of the viscous forces. However, with the new generations of drilling fl uids, with polymers intro-
duced on a regular basis, tests should be conducted to verify the elastic recovery from deformation that occurs 
during fl ow.

A mathematical description of the viscous forces present in a fl uid is required for the development of friction-
loss equations. The rheological models generally used by drilling engineers to approximate fl uid behavior are the 
Newtonian model, the Bingham plastic model, the power-law or Ostwald-de Waele model, and the Herschel-
Bulkley model.

5.4.1 Overview of Rheological Models. The viscous forces present in a fl uid are characterized by the fl uid vis-
cosity. To understand the nature of viscosity, consider a fl uid contained between two large parallel plates of area 
A, which are separated by a small distance L (Fig. 5.11).

The upper plate, which is initially at rest, is set in motion in the x direction at a constant velocity v. After suffi -
cient time has passed for steady motion to be achieved, a constant force F is required to keep the upper plate 
moving at a constant velocity. The magnitude of the force F was found experimentally to be given by

F v

A L
.

The term F/A is called the shear stress exerted on the fl uid. The constant of proportionality m is called the appar-
ent viscosity of the fl uid. Thus, shear stress is defi ned by

F

A
.

Note that the area of the plate, A, is the area in contact with the fl uid. The velocity gradient v/L is an expression of 
the shear rate:

d
.

d

v v

L L
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.46)

L

v

FF

F

Fluid initially 
at rest

Velocity buildup
in unsteady flow

Small t

t<0 t=O

Large t

Final velocity distribution 
in steady flow

Upper plate set
in motion

vv

Fig. 5.11—Laminar fl ow of Newtonian fl uids [from Bourgoyne et al. (1991)].
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The apparent viscosity is defi ned as the ratio of the shear stress to the shear rate and depends on the shear rate at 
which the measurement is made and the prior shear-rate history of the fl uid. The  viscous forces present in a simple 
Newtonian fl uid are characterized by a constant fl uid viscosity. However, most drilling fl uids are too complex to 
be characterized by a single value for viscosity. Fluids that do not exhibit a direct proportionality between shear 
stress and shear rate are classifi ed as non-Newtonian. Non-Newtonian fl uids that are shear-dependent are pseudo-
plastic or yield-pseudoplastic if the apparent viscosity decreases with increasing shear rate (Fig. 5.12a) and are 
dilatant if the apparent viscosity increases with increasing shear rate (Fig. 5.12b). Many drilling fl uids and cement 
slurries are generally pseudoplastic in nature.

The Bingham plastic and the power-law rheological models were used in the past to approximate the pseudo-
plastic behavior of drilling fl uids and cement slurries. The Bingham model was fairly simple, but the power-law 
model could handle the behavior of pseudoplastic drilling fl uids and cement slurries better than the Bingham 
plastic model, particularly at low shear rates.

However, a typical behavior of the majority of the drilling fl uids and of the cement slurries used today includes 
a yield stress. The behavior of these fl uids, called yield-pseudoplastic, is  characterized by a trend similar to that 
of pseudoplastic fl uids and by the presence of a fi nite shear stress at zero shear rate, which is referred to as the 
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Fig. 5.12—Shear stress vs. shear rate for yield-pseudoplastic and dilatant fl uids: (a) yield-pseudoplastic behavior, 
ma2 < ma1, and (b) dilatant behavior, ma2 > ma1 [from Bourgoyne et al. (1991)].
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yield stress. One of the rheological models that fi ts better this kind of behavior, both at low and high shear rates, 
is the Herschel-Bulkley model.

Non-Newtonian fl uids that are dependent on shear time (Fig. 5.13) are thixotropic if the apparent viscosity de-
creases with time after the shear rate is increased to a new constant value and are rheopectic if the apparent vis-
cosity increases with time after the shear rate is increased to a new constant value. Drilling fl uids and cement 
slurries are generally thixotropic.

At present, the thixotropic behavior of drilling fl uids and cement slurries is not modelled mathematically. How-
ever, drilling fl uids and cement slurries generally are stirred before measuring the apparent viscosities at various 
shear rates so that steady-state conditions are obtained. Not accounting for thixotropy is satisfactory for most 
cases, but signifi cant errors can result when a large number of direction changes and diameter changes are present 
in the hydraulic circuit of the well.

5.4.2 Newtonian Fluid Model. The Newtonian model states that the shear stress t is directly proportional to the 
shear rate  as follows:

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.47)

where m, the constant of proportionality, is known as the apparent viscosity or simply the viscosity of the fl uid 
(Fig. 5.14). In terms of the moving plates (Fig. 5.11), this means that if the force F is doubled, the plate velocity 
v also will double. Examples of Newtonian fl uids are water, gases, high-gravity oils, and brines.

Viscosity is expressed in poise (P). A poise corresponds to 1 dyne·s/cm2 or 1 g/cm·s. In the drilling industry, 
viscosity generally is expressed in centipoise (cp), where 1 cp = 0.01 poise. In SI units,  viscosity is expressed in 
decapoise (daP), or pascal-seconds (Pa·s), which corresponds to 10 poise. Sometimes, viscosity is expressed in 
units of lbf-sec/ft2. The units of viscosity can be related (at sea level) by

2

2
2 2

453.6 g 980.7 cm/s /lbflbf - sec
1 478.83 dyne s/cm

ft 30.48 cm/ft
,

= 47.883 Pa·s = 47,883 cp.

Example 5.14 An upper plate of 20-cm2 area is spaced 1 cm above a stationary plate. Compute the viscosity in cp 
of a fl uid between the plates if a force of 100 dyne is required to move the upper plate at a constant velocity of 10 
cm/s.

Solution. In SI units, the area A, the distance L, the force F, and the velocity v are as follows:

2
3 2

4 2 2

(20 cm )
2 10 m

(10 cm /m )
A ,
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Time, t
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Fig. 5.13—Shear stress vs. time for thixotropic and rheopectic fl uids: (a) thixotropic behavior and (b) rheopectic 
behavior [from Bourgoyne et al. (1991)].
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2
2

(1 cm)
10 m

(10 cm/m)
L ,

3
5

(100 dyne)
10 N

(10 dyne/N)
F ,

1
2

(10 cm/s)
10 m/s

(10 cm/m)
v .

The shear stress t is given by

3
1

3 2

10 N
5 10 Pa

2 10 m
.

The shear rate  is given by

1
1

2

10 m/s
10 s

10 m
.

Using Eq. 5.47,

1
2

1

5 10 Pa
5 10 Pa s

10 s
,

or

m = 50 cp.

The linear relation between shear stress and shear rate described by Eq. 5.47 is valid only as long as the fl uid 
moves in layers, or lamina. A fl uid that fl ows in this manner is said to be in laminar fl ow. This is true only at rel-
atively low shear rate, and the pressure-velocity relationship is a function of the viscous properties of the fl uid. At 
high shear rates, the fl ow pattern changes from laminar fl ow to turbulent fl ow, in which the fl uid particles move 
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Fig. 5.14—Shear stress vs. shear rate for a Newtonian fl uid [from Bourgoyne et al. (1991)].
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downstream in a tumbling, chaotic motion so that vortices and eddies are formed in the fl uid. Dye injected into 
the fl ow stream thus would be dispersed quickly throughout the entire cross section of the fl uid. The turbulent fl ow 
of fl uids has not been described mathematically. Thus, when turbulent fl ow occurs, frictional pressure drops must 
be determined by empirical correlations.

5.4.3 Bingham Plastic Fluids. The Bingham plastic model (Bingham 1922) is defi ned by

,  wherey p y .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.48)

A graphical representation of this behavior is shown in Fig. 5.15.
A Bingham plastic fl uid will not fl ow until the applied shear stress t exceeds a certain minimum value t

y
 known 

as the yield stress. After the yield stress has been exceeded, changes in shear stress are proportional to changes in 
shear rate, and the constant of proportionality is called the plastic viscosity, m

p
. Eq. 5.48 is valid only for laminar 

fl ow. Note that the units of plastic viscosity are the same as the units of Newtonian or apparent viscosity. To be 
consistent, the units of the yield stress t

y
 must be the same as the units for shear stress t. Thus, the yield stress has 

consistent units of dyne/cm2. In SI units, the yield stress is expressed in N/m2 or Pa. However, yield stress usually 
is expressed in fi eld units of lbf/100 ft2. The units can be related (at sea level) by

2
2

2 2

1 lbf (453.6 g)(980.7 cm/s )/lbf
4.788 dyne/cm

100 ft 100(30.48 cm/ft)
,

= 0.4788 Pa.

Example 5.15 An upper plate of 20-cm2 area is spaced 1 cm above a stationary plate. Compute the yield stress 
and plastic viscosity of a fl uid between the plates if a force of 200 dyne is required to cause any movement of the 
upper plate and a force of 400 dyne is required to move the upper plate at a constant velocity of 10 cm/s.

Solution. In SI units, the area A, the distance L, the forces F
1
 and F

2
, and the velocity v are as  follows:

2
3 2

4 2 2

20 cm
2 10 m

10 cm /m
A ,

2
2

1 cm
10 m

10 cm/m
L ,

μ
p

 τ
y

 τ=τ
y +μ

p γ⋅

 μ
pS

he
ar
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ss
, τ

Shear Rate, γ⋅

Fig. 5.15—Shear stress vs. shear rate for a Bingham plastic fl uid.
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3
1 5

200 dyne
2 10 N

10 dyne/N
F ,

3
2 5

400 dyne
4 10 N

10 dyne/N
F ,

1
2

10 cm/s
10 m/s

10 cm/m
v .

The yield stress t
y
 is given by Eq. 5.48 with  = 0:

3

3 2

2 10 N
1 Pa

2 10 my .

In fi eld units,

21
2.09 lbf/100 ft

0.479y
.

The plastic viscosity m
p
 is given by Eq. 5.48, with  given by

1
1

2

10 m/s
10 s

10 m
.

Thus, m
p
 is given by

22 1
0.1 N s/m 0.1 Pa s

10p ,

or

m
p
 = 100 cp.

5.4.4 Power-Law Fluids. The power-law model (Ostwald 1925) is defi ned by

nK .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.49)

A graphical representation of the model is shown in Fig. 5.16.
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Fig. 5.16—Shear stress vs. shear rate for a pseudoplastic power-law fl uid.
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Like the Bingham plastic model, the power-law model requires two parameters for fl uid characterization. How-
ever, the power-law model can be used to represent a pseudoplastic fl uid (n < 1), a  Newtonian fl uid (n = 1), or a 
dilatant fl uid (n > 1). Eq. 5.49 is valid only for laminar fl ow.

The parameter K usually is called the consistency index of the fl uid, and the parameter n usually is called either 
the power-law exponent or the fl ow behavior index. The deviation of the dimensionless fl ow behavior index from 
unity characterizes the degree to which the fl uid behavior is non-Newtonian. The units of the consistency index K 
depend on the value of n. K has units of dyne·sn/cm2 or g/cm·s2–n. In SI units, the consistency index is expressed 
in N·sn/m2 or Pa·sn. In this text, a unit called the equivalent centipoise (eq cp) will be used to represent 0.01 
dyne·sn/cm2. Occasionally, the consistency index is expressed in units of lbf-secn/ft2. The units of the consistency 
index can be related (at sea level) by

2
2

2 2

lbf-sec (453.6 g)(980.7 cm/s )/lbf
1 478.83 dyne s /cm

ft (30.48 cm/ft)

n
n ,

= 47.883 Pa·sn = 47,883 eq cp.

Example 5.16 An upper plate of 20 cm2 is spaced 1 cm above a stationary plate. Compute the consistency index 
and fl ow behavior index if a force of 50 dyne is required to move the upper plate at a constant velocity of 4 cm/s 
and a force of 100 dyne is required to move the upper plate at a constant velocity of 10 cm/s.

Solution. In SI units, the area A, the distance L, the forces F
1
 and F

2
, and the velocities v

1
 and v

2
 are as follows:

2
3 2

4 2 2

20 cm
2 10 m

10 cm /m
A ,

2
2

1 cm
10 m

10 cm/m
L ,

4
1 5

50 dyne
5 10 N

10 dyne/N
F ,

3
2 5

100 dyne
10 N

10 dyne/N
F ,

2
1 2

4 cm/s
4 10 m/s

10 cm/m
v ,

1
2 2

10 cm/s
10 m/s

10 cm/m
v .

Application of Eq. 5.49 at the two rates of shear observed yields the following system of two  equations:

4 2

3 2

3 1

3 2

5 10 4 10

2 10 10

10 10
.

2 10 10

n

n

K

K

Dividing the second equation by the fi rst gives

3 1

4 2

10 10
.

5 10 4 10

n
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Taking the log of both sides and solving for n yields

3

4

1

2

10
log

5 10 log(2)
0.756

log(5/2)10
log

4 10

n .

Substituting this value of n in the fi rst equation of the above system yields

1 0.756 0.756

0.756 2 2

5 10 N s dyne s
0.08765 0.8765

2 (4) m cm
K ,

or

K = 87.65 eq cp.

5.4.5 Herschel-Bulkley Fluids. The Herschel-Bulkley model (Herschel and Bulkley 1926) is defi ned by

n
y yK , where .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.50)

A graphical representation of the model is shown in Fig. 5.17. The model combines the characteristics of the 
Bingham and power-law models and requires three parameters for fl uid characterization. The Herschel-Bulkley 
model can be used to represent a yield-pseudoplastic fl uid (n < 1), a dilatant fl uid (n > 1), a pseudoplastic fl uid 
(t

y
 = 0, n < 1), a plastic fl uid (n = 1), or a Newtonian fl uid (t

y
 = 0, n = 1). Eq. 5.50 is valid only for laminar fl ow.

Like the Bingham plastic model, a fluid represented by this model will not flow until the applied shear 
stress t exceeds a minimum value t

y
, which is called the yield stress. The fluid behaves like a solid until the 

applied force is high enough to exceed the yield stress. Thus, the yield stress has consistent units of dyne/
cm2. In SI units, the yield stress is expressed in N/m2 or Pa. However, yield stress usually is expressed in 
field units of lbf/100 ft2. The parameter K is called the consistency index of the fluid, and the parameter n 
usually is called the flow behavior index. The deviation from unity of the dimensionless flow behavior in-
dex characterizes the degree to which the behavior of the fluid is non-Newtonian. Like the power-law 
model, the units of the parameter K depend on the value of n. K has units of dyne·sn/cm2 or g/cm·s2–n. In SI 
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Fig. 5.17—Shear stress vs. shear rate for a yield-pseudoplastic Herschel-Bulkley fl uid.
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units, the consistency index is expressed in N·sn/m2 or Pa·sn. In this text, a unit called the equivalent centi-
poise (eq cp) will be used to represent 0.01 dyne·sn/cm2.  Occasionally, the consistency index is expressed in 
units of lbf-secn/ft2.

Example 5.17 An upper plate of 20 cm2 is spaced 1 cm above a stationary plate. Compute the three rheological 
parameters of the Herschel-Bulkley model if a force of 60 dyne is required to move the upper plate at a constant 
velocity of 5 cm/s, a force of 130 dyne is required to move the upper plate at a constant velocity of 12 cm/s, and 
a force of 250 dyne is required to move the upper plate at a constant velocity of 25 cm/s.

Solution. In SI units, the area A, the distance L; the forces F
1
, F

2
, and F

3
, and the velocities v

1
, v

2
, and v

3
 are as follows:

2
3 2

4 2 2

20 cm
2 10 m

10 cm /m
A ,

2
2

1 cm
10 m

10 cm/m
L ,

4
1 5

60 dyne
6 10 N

10 dyne/N
F ,

3
2 5

130 dyne
1.3 10 N

10 dyne/N
F ,

3
3 5

250 dyne
2.5 10 N

10 dyne/N
F ,

2
1 2

5 cm/s
5 10 m/s

10 cm/m
v ,

1
2 2

12 cm/s
1.2 10 m/s

10 cm/m
v ,

1
3 2

25 cm/s
2.5 10 m/s

10 cm/m
v .

Application of Eq. 5.50 at the three rates of shear observed yields the following system of three equations:

4 2

3 2

3 1

3 2

3 1

3 2

6 10 5 10

2 10 10

1.3 10 1.2 10

2 10 10

2.5 10 2.5 10

2 10 10

n

y

n

y

n

y

K

K

K

.

Solving the equations system yields
t

y
 = 0.007 Pa = 0.0146 lbf per 100 ft2

0.898 0.898

2 2

N s dyne s
0.06903 0.6903 69.03 eq cp

m cm
K

n = 0.898
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Generally, the rheological parameters that characterize a model are determined by using analytical equations 
based on a data set of measurements from the rotational viscometer, as reported by the API 13 standards. How-
ever, to improve the accuracy of the calculation on the rheological parameters, statistical regression methods are 
used. They are applied to the complete set (t, ) of measurements performed on a sample of the fl uid in the rota-
tional viscometer. Outcomes are a higher accuracy in determining the rheological parameters that characterize the 
behavior of the tested fl uid, and as a  consequence a better evaluation of fl ow parameters such as velocity profi le, 
fl ow regime, and pressure drop.

Merlo et al. (1995) presented a hydraulic computation model based on the Herschel-Bulkley rheological fl uid 
model. They treated the annulus as a slot and considered also the temperature and pressure infl uence on drilling 
hydraulics. Field test circulation results were obtained for 17.5- and 12.25-in. openhole sections at various depths 
while measuring the rheology of mud. Predictions were made by computing pressure drop using one of the three 
rheological models [i.e., Bingham plastic—American Petroleum Institute (API) 13 (600 and 300 rev/min read-
ings), power-law—API 13 (600 and 300 rev/min readings), and Herschel-Bulkley based on regression of all six 
rheological data points]. Their  results, presented in tabular form, are represented here graphically.

The authors state that the Herschel-Bulkley rheological model, with parameters derived through regression 
analysis, gave the best fi t to their rheological data and to the pressure-drop data. The errors in predicting the pres-
sure drop and comparing to measurements using the Herschel-Bulkley model were smaller than the errors when 
using the two-speed models for Bingham plastic and power-law fl uids, although the differences, seen in Fig. 5.18, 
were not that great.

5.4.6 Other Rheological Models. The behavior of drilling fl uids and cement slurries also can be simulated by 
other rheological models. The most used in the practice are the Casson model, for plastic fl uids, and the Robert-
son-Stiff model, for yield-pseudoplastic fl uids.

Casson Fluids. The Casson model (Casson 1959) is often used to simulate drilling fl uids and  cement slurries 
with plastic behavior, with a higher accuracy than the Bingham plastic model. The model is defi ned by

y p
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.51)

Eq. 5.51 is valid only for laminar fl ow. Generally, the model is plotted with coordinates ( , )  instead of (t, ) 
to still maintain the linear trend. A graphical representation is shown in Fig. 5.19.

Like the Bingham plastic model, the Casson model requires two parameters for fl uid characterization. A fl uid 
represented by this model requires a fi nite shear stress, t

y
, below which it will not fl ow. Above this fi nite shear 

stress, referred to as the yield stress, changes in shear stress are proportional to changes in shear rate, and the 
constant of proportionality is called the plastic viscosity, m

p
. Note that the units of plastic viscosity are the same 

as the units of Newtonian or apparent viscosity. The yield stress has units of dyne/cm2. In SI units, the yield stress 
is expressed in N/m2 or Pa. However, yield stress usually is expressed in fi eld units of lbf/100 ft2.
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Fig. 5.18—Comparison of Merlo et al. (1995) pressure-drop predictions with their fi eld data.
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Example 5.18 An upper plate of 20-cm2 area is spaced 1 cm above a stationary plate. Compute the yield stress and 
plastic viscosity of a fl uid between the plates, as seen for Example 5.15, if a force of 200 dyne is required to cause any 
movement of the upper plate and a force of 400 dyne is required to move the upper plate at a constant velocity of 10 cm/s.

Solution. In SI units, the area A, the distance L, the forces F
1
 and F

2
, and the velocity v are the same as in 

Example 5.15. The yield stress t
y
 is given by Eq. 5.51 with  = 0:

3

3 2

2 10 N
1 Pa

2 10 my .

In fi eld units,

21
2.09 lbf /100 ft

0.479y .

The plastic viscosity m
p
 is given by Eq. 5.51, with  given by

1
1

2

10 m/s
10 s

10 m
.

Thus, m
p
 is given by

2

2
2 1

0.0171 N s/m 0.0171 Pa s
10p ,

or

m
p
 = 17.1 cp.

It can be seen that the yield stress calculated by the Casson model is less than that observed with the Bingham 
plastic model. The plastic viscosity changes according to the model, and here it decreases substantially compared 
to that calculated by Bingham model.

Robertson-Stiff Fluids. The Robertson-Stiff model (Robertson and Stiff 1976) adequately  describes the 
behavior of yield-pseudoplastic fl uids, even though slightly less accurately than the Herschel-Bulkley model. The 
model is defi ned by

( )BA C .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.52)
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Fig. 5.19—Shear stress vs. shear rate for a Casson fl uid.
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Graphical representation of the model is similar to that for the Herschel-Bulkley model. Eq. 5.52 can de-
scribe the behavior of yield-pseudoplastic fluids, pseudoplastic fluids (C = 0), and Newtonian fluids (B = 1, 
C = 0). Eq. 5.52 is valid only for laminar flow. Fluids represented by the Robertson-Stiff model exhibit a 
yield stress once the flow is initiated. The yield stress is given by ACB. A, B, and C are constants of the 
model. The units of the constant A depend on the value of the constant B. A has units of dyne·sB/cm2 or 
g/cm·s2–B. In SI units, the constant A is expressed in N·sB/m2 or Pa·sB. The constant B is dimensionless, and 
the units of the constant C are s–1. In this text, a unit called the equivalent centipoise (eq cp) will be used to 
represent 0.01 dyne·sB/cm2.

Example 5.19 An upper plate of 20 cm2 is spaced 1 cm above a stationary plate. Compute the three rheological 
parameters of the Robertson-Stiff model and the yield stress if a force of 60 dyne is required to move the upper 
plate at a constant velocity of 5 cm/s, a force of 130 dyne is required to move the upper plate at a constant veloc-
ity of 12 cm/s, and a force of 250 dyne is required to move the upper plate at a constant velocity of 25 cm/s.

Solution. In SI units, the area A, the distance L, the forces F
1
, F

2
, and F

3
; and the velocities v

1
, v

2
, and v

3
 are the 

same as Example 5.17. Application of Eq. 5.52 at the three rates of shear observed yields the following system of 
three equations:

4 2

3 2

3 1

3 2

3 1

3 2

6 10 5 10

2 10 10

1.3 10 1.2 10 .
2 10 10

2.5 10 2.5 10

2 10 10

B

B

B

A C

A C

A C

Solving the equations system yields

0.898 0.898

2 2

N s dyne × s
0.06930 0.6930 69.30 eq cp

m cm
A

B = 0.897

C = 0.12 s–1

Thus, t
y
 is given by

t
y
 = ACB = 0.06930 ´ 0.120.897 = 0.0103 Pa,

or

t
y
 = 0.0215 lbf/100 ft2.

The values of parameters A and B are comparable with the consistency index and the fl ow behavior index of the 
Herschel-Bulkley model, respectively. The yield stress t

y
 determined with the Robertson-Stiff model is slightly 

higher (+32.0%), but still comparable.

Advanced Models. In addition to the models previously reported, there are many other empirical mathematical 
descriptions that can describe with high accuracy the behavior of the viscous forces of drilling fl uids and cement 
slurries.

Very often the models have been developed to predict the properties of fl uids not properly related to drilling 
operations, such as polymer solutions, suspensions, and blood. However, they also can be  applied successfully 
to the fl ow of drilling fl uids and cement slurries. They can be classifi ed according to the number of constant 
parameters that the mathematical description contains. Generally, the higher the number of parameters that 
characterize the model, the better the approximation of the model to the fl uid behavior, but the complexity of the 
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fl ow equations becomes higher. Generally, the rheological parameters of these models are determined by non-
linear regression techniques, and in very few cases analytical solutions can be available. The equations are valid 
only for laminar fl ow.

Three-Parameter Models. These models require three constant parameters for fl uid characterization. The 
Graves-Collins model (Graves and Collins 1978) is defi ned by

(1 )( )e 0 .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.53)

The constant parameters of the model are t
0
,m, and b. The model can approximate with good accuracy pseudo-

plastic fl uids at low shear rates and plastic fl uids at high shear rates.
The Gucuyener model (Gucuyener 1983) is defi ned by

1 1 1
m m 2

y .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.54)

The constant parameters of the model are t
y
, h, and m. The model predicts the behavior of yield-pseudoplastic 

fl uids. In addition, it can be used to represent pseudoplastic fl uids (t
y
 = 0), plastic fl uids (m = 2), and Newtonian 

fl uids (t
y
 = 0, m = 2).

The Sisko model (Sisko 1958) is defi ned by

c
a b .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.55)

The constant parameters of the model are a, b, and c. The model can describe the behavior of pseudoplastic fl uids 
(a = 0), and Newtonian fl uids (b = 0).

Four-Parameter Models. These models require four constant parameters for fl uid characterization. The Shul-
man model (Shulman 1968) is defi ned by

1 1 1

0
n n m.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.56)

The constant parameters of the model are t
0
, h, n, and m. The model approximates with high accuracy the proper-

ties of yield-pseudoplastic fl uids (n = 1), pseudoplastic fl uids (t
0
 = 0, n = 1), plastic fl uids (n = m = 1 for Bingham 

plastic fl uids, and n = m = 2 for Casson fl uids), and Newtonian fl uids (t
0
 = 0, n = m = 1).

The Zhu model (Zhu et al. 2005) is defi ned by

1m
0 11 te e

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.57)

The constant parameters of the model are t
0
, h

1
, m, and t

1
. The model can approximate with high  accuracy the 

behavior of yield-pseudoplastic fl uids.
Five-Parameter Models. These models require fi ve constant parameters for fl uid characterization. The Maglione 

model (Maglione and Romagnoli 1999a) is defi ned by

1
1/ 11/ 1/ mn n ma b c .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.58)

The fi ve constant parameters of the model are a, b, c, n, and m. The parameter a is the yield stress, parameters b 
and c are related to the fl uid viscosity, and n and m are related to the fl ow behavior index of the fl uid. The model 
approximates with high accuracy the properties of yield-pseudoplastic fl uids (c = 0, n = 1), pseudoplastic fl uids (a 
= c = 0, n = 1), plastic fl uids (c = 0 and n = m = 1 for Bingham plastic fl uids, c = 0 and n = m = 2 for Casson fl uids), 
and Newtonian fl uids (a = c = 0, n = m = 1).

5.5 Laminar Flow in Pipes and Annuli
The drilling engineer deals primarily with the fl ow of drilling fl uids and cements down the circular bore of the 
drillstring and up the circular annular space between the drillstring and the casing or open hole. If the pump rate 
is low enough for the fl ow to be laminar, the Newtonian, Bingham plastic, or power-law model can be employed 
to develop the mathematical relation between fl ow rate and frictional pressure drop. In this development, these 
simplifying assumptions are made:
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· The drillstring is placed concentrically in the casing or open hole.
· The drillstring is not being rotated.
· Sections of open hole are circular in shape and of known diameter.
· The drilling fl uid is incompressible.
· The fl ow is isothermal.
· The fl ow is 1D.

In reality, none of these assumptions are completely valid, and the resulting system of equations will not de-
scribe perfectly the laminar fl ow of drilling fl uids in the well. In addition, the student should keep in mind that the 
Newtonian, Bingham plastic, and power-law fl uid rheological models do not take into account the thixotropic 
nature of drilling mud and only approximate the actual laminar-fl ow fl uid behavior. Signifi cant research has been 
conducted on the effect of pipe eccentricity (Luo and Peden 1990; Haciislamoglou and Laglinais 1990; Nouri and 
Whitelaw 1997; Uner et al. 1989), pipe rotation (Nouri and Whitelaw 1997; Escudier et al. 2000, 2002), and tem-
perature and pressure variations  (Annis 1967; Butts 1972; Merlo et al. 1995) on fl owing pressure gradients. State-
of-the-art simulators have been developed by many companies that allow numerical computation of velocity 
profi les and estimation of pressure losses, taking into account the many factors infl uencing fl ow of fl uids in pipes 
and annuli (Peng et al. 2003), while with the advent of pressure-while-drilling (PWD) tools, fi ne  tuning of the 
sophisticated simulators can be done on site (Charlez et al. 1998).

5.5.1. Shear Stress in Laminar Flow. Fluid fl owing in a pipe or a concentric annulus does not have a uniform 
velocity. If the fl ow pattern is laminar, the fl uid velocity immediately adjacent to the pipe walls will be zero, and 
the fl uid velocity in the region most distant from the pipe walls will be a maximum. Typical fl ow velocity profi les 
for a laminar fl ow pattern are shown in Fig. 5.20.

Cylindrical Pipe Flow. As shown in this fi gure, concentric rings of fl uid lamina are telescoping down the con-
duit at different velocities. Pipe fl ow differs from annular fl ow because annular fl ow has a zero velocity boundary 
condition at the inner pipe radius, r

1
, while pipe fl ow has zero velocity specifi ed only at the outer radius r

2
.

A relation between radius r, shear stress t, and frictional pressure gradient dp
f
/ds can be obtained from a con-

sideration of Newton’s law of motion for a shell of fl uid with radius r. Before proceeding, a presentation of the 
formulation for the shear stress sign convention becomes necessary to develop the appropriate mathematical equa-
tions properly. For fl ow in pipes, only one wall is present and the velocity gradient is positive everywhere (Fig. 
5.20a). For fl ow in an annulus (or a slot), two walls are present, the inner-cylinder wall and the outer-cylinder wall. 
Close to the inner cylinder, the velocity gradient is positive (dv/dr), while close to the outer wall, the velocity 
gradient is negative (dv/dr < 0)  (Fig. 5.20b). This fact may create confusion about the proper sign to be used for 
the developed shear stresses in the two areas of the fl ow section, and the following analysis and the approach in 
the rest of the chapter attempt to provide a consistent method to be used.

For a fl uid in motion and in contact with a solid surface (Fig. 5.21), we always defi ne

d

dxy

v

y
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.59)

r

r

v v

r2

r2

r1

(a) (b)

Fig. 5.20—Velocity profi les for laminar fl ow: (a) pipe fl ow and (b) annular fl ow [from Bourgoyne et al. (1991)].
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with y the distance from the wall. The direction of the shear stress is defi ned, by convention, as positive when the 
outward normal to the surface and the shear stress both act in the same direction. For  example, the shear stresses 
shown in Fig. 5.22 are all positive.

We now examine shear stress distribution in cylindrical coordinates. Shown in Fig. 5.23 is a  free-body diagram 
of a shell of fl uid of length Ds and of thickness Dr. The shear stresses are drawn as per the sign convention defi ned 
above. Thus, the shear stresses at r and at r + Dr are both positive.

The force F
1
 applied by the fl uid pressure at Point 1 is given by

1 1 2F p r r .

Likewise, the force F
2
 applied by the fl uid pressure at Point 2 is given by

d
d2 2 1(2 ) 2fp

F p r r p s r r
s

.

The negative sign for the dp
s
/ds term is required because the frictional pressure change is negative. The frictional 

force exerted at point r is given by

3 2
r

F r s.

Similarly, the frictional force exerted at point r + Dr is given by

4 2
r r

F r s.

If the fl uid element is moving at a constant velocity, the sum of the forces acting on the elements must equal zero. 
Summing forces, we obtain

1 2 3 4 0F F F F ,

or

d
d1 1 d

(2 ) (2 ) 2 2 0f

r r r

p
r r p r r p s r s r s

s
.

Expanding this equation, dividing through by (2p rDrDs), and taking the limit as Dr ® 0  yields

d d
d d

1 ( ) 0fp r

s r r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.60)

Because dp
f
/ds  is not a function of r, Eq. 5.60 can be integrated with respect to r. Separating variables and inte-

grating yields

d
d

1

2
fp Cr

s r
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.61)

y

vx(y)

Fig. 5.21—Velocity profi le for fl uid fl owing over a solid surface.



Drilling Hydraulics 221

where C
1
 is the constant of integration. Eq. 5.61, which relates shear stress and frictional pressure gradient at a 

given radius, is a consequence of the geometry of the system and does not require any assumption about a fl uid 
rheological model. For pipe fl ow, the constant C

1
 must be zero if the shear stress is not to be infi nite at r = 0.

The shear rate  for the sign convention used is given by

d

d

v

r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.62)

The shear rate can be related to shear stress using the defi ning equation for the Newtonian, Bingham plastic, 
power-law, Herschel-Bulkley, or any other fl uid model.

Representing the Annulus as a Slot . Annular fl ow also can be approximated using equations  developed for 
fl ow through rectangular slots. The slot fl ow equations are much simpler to use and are reasonably accurate as 
long as the ratio r

p
/r

w
 > 0.3, where r

p
 is the outside radius of the pipe and r

w
 is the wellbore radius. This minimum 

ratio almost always is exceeded in rotary drilling applications. As shown in Fig. 5.24, an annular space can be 
represented as a narrow slot having an area A, width w, and height h, given by

2 2
w pA wh r r

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.63a)

and

h = r
w
-r

p
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.63b)

The relation between shear stress and frictional pressure gradient for a slot can be obtained from a consid-
eration of the pressure and viscous forces acting on an element of fl uid in the slot (Fig. 5.25).
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Fig. 5.22—Positive shear stresses acting on a fl uid element.
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Fig. 5.23—Flow in a cylindrical annulus.



222 Fundamentals of Drilling Engineering

If we consider an element of fl uid having width w and thickness Dy, the forces on the fl uid element are drawn 
as per the sign convention for the shear stresses mentioned above. The force F

1
 applied by the fl uid pressure at 

Point 1 is given by

1 1F p w y.

Likewise, the force F
2
 applied by the fl uid pressure at Point 2 is given by

2 2F p w y.

The frictional force exerted by the adjacent layer of fl uid below the fl uid element of interest is given by

3 y
F w s .

Similarly, the frictional force exerted by the adjacent layer of fl uid above the fl uid element of interest is given by

4 y y
F w s .

If the fl ow is steady, the sum of the forces acting on the fl uid element must be equal to zero. Summing forces, we 
obtain

1 2 3 4 0F F F F ,

or

1 2 0
y y y

p w y p w y w s w s .

Expanding this equation, dividing through by wDsDy, and letting Dy ® 0 yields

w

h

2 Π r2

2 Π r1

Fig. 5.24—Representing the annulus as a slot [from Bourgoyne et al. (1991)].
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Fig. 5.25—Free-body diagram for fl uid element in a narrow slot [from Bourgoyne et al. (1991)].
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d d
0

d d
fp

s y    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.64)

Because dp
f
/ds is not a function of y, Eq. 5.64 can be integrated with respect to y. Separating variables and inte-

grating gives

0

d

d
fp

y
s

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.65)

where t
0
 is the constant of integration that corresponds to the shear stress at y = 0.

For the sign convention used, the shear rate is given by

d

d

v

y
.

5.5.2 Newtonian Fluid Model. In the following development, the solution for the fl ow of a Newtonian fl uid 
fl owing in a concentric annulus will fi rst be presented, followed by the solution for the fl ow in a pipe.

If the fl uid can be described with the Newtonian fl uid model, the shear stress at any point in the fl uid in the 
annulus is given by combining the fl uid model with Eq. 5.62:

d

d

v

r
.

Combining this equation with Eq. 5.61, separating variables, and integrating, we obtain

2 1
2

d1
ln

4 d
fp C

v r r C
s

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.66)

where C
1
 and C

2
 are the constants of integration.

Pipe Flow. The simplest case is pipe fl ow. We already know that C
1
 is zero. The drilling fl uid wets the pipe wall, 

and the fl uid layer immediately adjacent to the pipe inside wall (r = R) has a velocity of zero. Thus, for pipe fl ow,

d
d

2 21

4
fp

v R r
s

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.67)

For fl ow of Newtonian fl uid in a pipe, the shear stress is given by

dd
d d2

fpv r

r s
,

which is consistent with Eq. 5.61. The velocity profi le and the shear stress profi le for fl ow of a Newtonian fl uid in 
a pipe are depicted in Fig. 5.26. If the pressure gradient and viscosity are known, Eq. 5.67 can be used to deter-
mine the velocity distribution in the pipe. However, a relationship  between pressure gradient and total fl ow rate is 
needed for most engineering applications. For fl ow in a pipe, the total fl ow rate is given by integrating the velocity 
profi le (Eq. 5.67) over the cross-sectional area:

4

0

d
2 d

8 d

R
fpR

q v r r
s

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.68)

The fl ow rate is given in terms of the mean velocity v  by

2q R v .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.69)

Combination of Eq. 5.68 and Eq. 5.69 yields

2

d 8

d
fp v

s R
.   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.70a)
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Expressing Eq. 5.70a in terms of fi eld units gives

2

d

d 6,000
fp v

s R
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.70b)

Annular Flow. For fl ow in an annulus, the drilling fl uid wets both pipe walls, and the fl uid layers immediately 
adjacent to the pipe walls (at r = r

p
 and at r = r

w 
) have a velocity of zero. Using these boundary conditions in Eq. 

5.66 yields, for the two constants of integration,

d
d

2 2

1

1

4 ln /

w pf

w p

r rp
C

s r r
,

d
d

2 2

2

ln( ) ln( )1

4 ln /

f p w w p

w p

p r r r r
C

s r r
.

Substituting these expressions in Eq. 5.66 yields

2 2
2 2

d1
ln

4 d ln /

f w p
p

ww p

p r r r
v r r

s rr r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.71)

The shear stress for the fl ow in an annulus is given by

2 2dd 1 1 2
d 4 d ln /

f w p

w p

p r rv
r

r s rr r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.72)

The velocity is maximum at a point in the annulus where r = r
m
. Hence,

max, 0, .mr r v v     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.73)

Combination of Eqs. 5.72 and 5.73 gives

2 2
2

2 ln /

w p
m

w p

r r
r

r r
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.74)

The equation for the shear stress can be recast in terms of the radius of maximum velocity as  follows:

2d1

2 d
f m

p r
r

s r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.75)

In Fig. 5.27, the profi les of velocity and shear stress together with the forces acting on the fl uid  elements in the 
inner region (r

p
 £ r £ r

m 
) and the outer region ( r

m
 £ r £ r

w 
) are shown for fl ow of Newtonian fl uid in a concentric 

annulus, for the coordinate system depicted.
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Fig. 5.26—Velocity and shear stress profi les for fl ow of Newtonian fl uid in a pipe.
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As with pipe fl ow, a relation between pressure gradient and total fl ow rate is needed for most engineering ap-
plications. The total fl ow rate can be obtained by summing the fl ow contained in each concentric shell of fl uid. 
Thus, for an annulus,

d
w w

p p

r r
f w p

p
pr r w p

p r r rq v r r r r r r
s rr r

2 2
2 2

d2
(2 )d ln .

4 d ln /

Upon integration, this equation becomes

d
d

22 2

4 4

8 ln /

w pf
w p

w p

r rp
q r r

s r r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.76)

This relation was developed fi rst by Lamb (1945).
For annular fl ow, the fl ow rate q is the mean velocity v  multiplied by the annular cross-sectional area:

2 2
w pq r r v .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.77)

Substituting this expression for q in Eq. 5.76 and solving for the frictional pressure gradient dp
f 
/ds gives

d
d 2 2

2 2

8

ln /

f

w p
w p

w p

p v

s r r
r r

r r

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.78)

Eq. 5.79a relates mean velocity (fl ow rate) to developed frictional pressure gradient for the fl ow of a Newtonian fl uid 
in a concentric annulus in consistent units. Converting from consistent units to fi eld units, Lamb’s equation becomes

2 2
2 2

d

d
6.0

ln /

f

w p
w p

w p

p v

s r r
r r

r r

.

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.79)

where the units are: v , ft/s; r
p
, ft; r

w
, ft;

 
m, cp; and dp

f 
/ds, psi/ft.
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Fig. 5.27—Velocity profi le and shear-stress distribution for fl ow of Newtonian fl uid in a concentric annulus.
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Example 5.20 A 9-lbm/gal Newtonian fl uid having a viscosity of 15 cp is being circulated in a 10,000-ft well 
containing a 7-in.-ID casing and a 5-in.-OD and 4½-in.-ID drillstring at a rate of 80 gal/min. Compute the static 
and circulating bottomhole pressure, give the velocity profi le in the annulus, and compute the frictional loss in the 
drillstring. Assume that a laminar fl ow pattern exists both in the pipe and in the annulus.

Solution. Conversion from fi eld units to SI units gives

3 3
3 3

9 lbm/gal
1.078 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )
,

2
3

15 cp
1.5 10 Pa s

10 cp/(Pa s)
,

1

1 7 in.
0.0889 m

2 3.937 10 in./mwr ,

1

1 5 in.
0.0635 m

2 3.937 10 in./mpr ,

1

1 4.5 in.
0.0572 m

2 3.937 10 in./m
R ,

310,000 ft
3.048 10 m

3.2808 ft /m
Z ,

3 3
4 3

80 gal/min
5.05 10 m /s

1.585 10 (gal/min)/(m /s)
q .

The static bottomhole pressure is given by Eq. 5.5a. The annulus is open to the atmosphere at the surface, hence 
p

0
 = 0 Pa. At the bottom of the hole, the pressure is

6
0 1078 9.81 3048 0 32.23 10 Pap gD p ,

or, in fi eld units, the static bottomhole pressure is p = 4,675 psig.
If fl uid acceleration effects are neglected, the circulating bottomhole pressure is the sum of the  hydrostatic pres-

sure and the frictional pressure loss in the annulus. The mean velocity in the annulus is given by

3

2 2 2 2
2 1

5.05 10
0.415 m/s

0.0889 0.0635

q
v

r r
.

The frictional pressure gradient is determined using Eq. 5.79a:

2

2 2
2 2

d 8(1.5 10 )(0.415) 115.6 Pa /m
d 0.889 0.06350.0889 0.0635

ln(0.0889 / 0.0635)

fp

s
.

The total frictional pressure loss in the annulus is

6d
(115.6 Pa/m)(3048 m) 0.352 10  Pa

d
f

f

p
p s

s
,

or, in fi eld units,
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d 115.57 Pa /m
0.0051 psi /ft

d 22,620.2 Pa /m / psi/ft
fp

s

and

(352,257 Pa)/(6894.73 Pa/psi) 51 psifp .

The circulating bottomhole pressure is given by

6 6 632.23 10 0.35 10 32.58 10 Pacp ,

or

4,725 psigcp .

The velocity profi le is given in Fig. 5.28. The frictional loss in the drillpipe is derived as follows. The mean 
velocity in the drillpipe is given by

3

2 2

5.05 10
0.492 m/s

0.0572

q
v

R
.

The frictional pressure gradient is determined using Eq. 5.70a:

2

2

d 8(1.5 10 )(0.492) 18.1 Pa /m
d (0.0572 )

fp

s
,

and total frictional loss is

0.09

0.085

0.08

0.075

0.07

0.06
0.1 0.2 0.3 0.4 0.5 0.6 0.70

0.065

Fluid Velocity, m/s

R
ad

iu
s,

 m

Fig. 5.28—Velocity profi le in the concentric annulus of Example 5.22.
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d
(18.1)Pa / m)(3048m) 55,169 Pa,

d
f

f

p
p s

s

or, in fi eld units,

d 18.1 Pa /m .000800 psi/ft
d 22,620.6 (pa / m) /(psi / ft)

fp

s

and

55,169 Pa /6894.757 pa /psi  8.00 psifp .

Slot Flow. For the Newtonian model, we obtain

0

dd

d d
fpv

y
y s

.

Separating variables and integrating gives

2
0

0

d

2 d
fpy y

v v
s

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.80a)

where v
0
 is the constant of integration. The fl uid wets the pipe walls; therefore, the velocity v is zero for y = 0 and 

for y = h. Applying these boundary conditions to Eq. 5.80a yields, for t
0
 and v

0
,

0

d

2 d
fph

s
,

v
0
 = 0.

Substituting these values for t
0
 and v

0 
in Eq. 5.80a yields

2
d1

2 d
fp

v hy y
s

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.80b)

Similarly, substituting for t
0
 gives, for the shear stress,

d

2 d
fph

y
s

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.81)

The fl ow rate q is given by

3
2

0 0 0

d d
d d d

2 d 12 d

h h h
f fp pw h w

q v A vw y hy y y
s s

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.82a)

Substituting the expressions for w and h (given by Eqs. 5.63a and 5.63b) in Eq. 5.82a gives

22 2
d

12 d
f

w p w p

p
q r r r r

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.82b)

Expressing the fl ow rate in terms of the mean fl ow velocity v  and solving for the frictional pressure gradient 
dp

f
/ds gives

2 2

d 12 48

d
f

w p w p

p v v

s r r d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.82c)

Converting from consistent units to fi eld units of lbf/in.2, cp, ft/sec, and in., we obtain
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2

d

d 1,000

f

w p

p v

s d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.82d)

Example 5.21 Compute the frictional pressure loss for the annulus discussed in Example 5.20 using a slot fl ow 
representation of the annulus. Assume that the fl ow pattern is laminar.

Solution. The ratio d
1
/d

2
 has a value of 0.714. Because this ratio is greater than 0.3, Eq. 5.82c or 5.82d can be 

applied. Using Eq. 5.82c we obtain

2

d 48 0.015 0.415
3048 339,419 Pa

d 0.1788 0.1270

f
f

p
p D

s
,

or

(339,419 Pa)/(6894.73 Pa/psi) 49 psifp .

Note that this is almost the same value for frictional pressure loss that was obtained using Eq. 5.78 or Eq. 5.79.

5.5.3 Non-Newtonian Fluid Models. Analytical expressions for the isothermal, laminar fl ow of non-Newtonian 
fl uids can be derived by following essentially the same steps used for Newtonian fl uids. The reader is referred to 
the work of Laird (1957) and Fredrickson and Bird (1958) for a discussion of the development of the annular fl ow 
equations for Bingham plastic fl uids. However, as in the case of Newtonian fl uids, annular fl ow can be modeled 
accurately for the usual geometry of interest to drilling engineers through use of the less complex fl ow equations 
for a narrow slot. The derivations of the laminar-fl ow equations for the Bingham plastic, power-law, and Herschel-
Bulkley fl uid models are given below. The annulus is represented as a narrow slot in these derivations.

Bingham Plastic Model. Developing fl ow equations for a Bingham plastic fl uid (as well as any fl uid with a 
yield stress) is complicated because portions of the fl uid having a shear stress less than the yield point must move 
as a rigid plug down the conduit (Fig. 5.29).

Flow in a Slot. We will fi rst investigate the fl ow of a Bingham fl uid in a slot because of its relative simplicity 
and symmetry. In the region 0 £ y £ y

a
, the shear stress in a slot must behave according to Eq. 5.65:

0

d

d
fp

y
s

.

At y = 0, the shear stress is equal to the shear stress at the inner slot wall, t = t
wi 

; hence, t
0
 = t

wi 
. At y = y

a
, the 

shear stress must be equal to t
y
; hence

d

d
f

y wi a

p
y

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.83)

x 

y
b
 

y
a
 

y 

h

τ=τ
y

τ=τ
y

z 

Fig. 5.29—Laminar fl ow of a Bingham plastic fl uid in a slot.
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Solving for y
a
 yields

d /d
wi y

a
f

y
p s

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.84)

In the layer between the pipe wall and the plug (0 £ y £ y
a 
) (Fig. 5.29), the Bingham model is defi ned by

d

dy p

v

y
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.85a)

Thus, the shear stress in this fl uid region is given by

dd

d d
f

y p wi

pv
y

y s
.

After separating variables and integrating, and noting that v must be zero at y = 0, we obtain the  following expres-
sion for fl uid velocity:

2 d

2 d
wi yf

p p

py
v y

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.85b)

Eq. 5.84 can be used to express t
wi

 - t
y
 in terms of y

a
 and dp

f 
/ ds

 
. Thus,

2d1  2 ,  where 0 .
2 d

f
a a

p

p
v y y y y y

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.85c)

The velocity of the plug region can be obtained by evaluating Eq. 5.85c at y = y
a
, thus giving

2 d

2 d
fa

p a b
p

py
v y y y

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.85d)

In the upper layer (y
b
 £ y £ h), we expect the same behavior as the lower layer because of the symmetry of the 

geometry about the center line of the slot. Because the shear stress at the top of the slot (y = h) is the same as the 
shear stress at the bottom of the slot,

t
wi

 = t
wo

 = t
w
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.86)

we can now relate the shear stress to the frictional pressure drop by a force balance:

d

2 d
f

w

ph

s    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.87)

The velocity profi le for the fl ow in annuli modeled as a slot is then given by

2

2

d1
1 0 1

2 d 2

d1
1 1 1

2 d 2 2 2

d1
1 1

2 d 2

f y y

p w w

f y y y
p

p w w w

f y y

p w w

p h
v hy y y

s

p h h h
v v y

s

p h
v y h h y y h

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.88)
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The total fl ow rate through the slot is defi ned by

0 0

d d d d
a b

a b

y yh h

p

y y

q w v y w v y wv y w v y,

where w is the width of the slot. Performing the integrations, the fl ow rate can be expressed as

33 d 3 1
1

12 d 2 2
f y y

p w w

pwh
q

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.89)

In typical situations, the fl ow rate would be given and the pressure drop would be sought. However, Eq. 5.89 is 
implicit in pressure drop because of the appearance of the term t

w
 in the parenthetical terms. Normally an iteration 

would be required or a simplifi cation should be made, to be presented later. However, Fordham et al. (1991) have 
given a relatively unknown solution to Eq. 5.89, which is

3 / 2

1
2 2

2 1
2 1 sin sin 1

d /d 3/ 2 / 2

y p p

f y y

q q

p s h w h w h
.    . . . . . . . . . . . . . . . . . . . . .    (5.90a)

Hence, if the fl ow rate is given, Eq. 5.91a can give the pressure drop directly without requiring an  iteration or even 
an approximation.

For the conditions usually encountered in rotary-drilling applications, the shear stress at the wall, t
w
, is more 

than twice the yield point, t
y
, and the last term in Eq. 5.90c can be neglected without  introducing signifi cant error. 

Dropping this  term and substituting the expression for t
w
 given in Eq. 5.86 yields

3 2d

12 d 4
f

y
p p

pwh wh
q

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.90b)

Converting w and h into the equivalent dimensions of a concentric circular annulus gives

22 2 2 2
d

12 d 4
f

w p w p y w p w p
p p

p
q r r r r r r r r

s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.90c)

Expressing the fl ow rate in terms of the mean fl ow velocity, v , and solving for the frictional pressure gradient, 
dp

f 
/ dL , gives

2 2

d 12 3 48 6
.

d
f p y p y

w pw pw p w p

p v v

s d dr rr r d d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.91a)

Converting from consistent units to fi eld units of lbf/in.2/ft, cp, ft/sec, in., and lbf/100 ft2, we obtain

2

d
.

d 2001,000

f p y

w pw p

p v

s d dd d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.91b)

Pipe Flow. The derivation of the equations for laminar fl ow of Bingham plastic fl uids through a pipe is quite 
similar to the derivation of the slot fl ow equation. As in the case of a slot, the portions of the fl uid fl owing near the 
center of the conduit that have a shear stress less than the yield point must move as a rigid plug down the conduit 
(Fig. 5.30). At the radius of the plug, r

p 
, the shear stress, t

p 
, must be equal to the yield point, t

y
. Also, the shear 

stress in a circular tube must behave according to Eq. 5.61. Thus,

d
.

2 d
p f

p y

r p

s    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.92)

In the plug region, the Bingham model is defi ned by
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d d
.

d dy p y p

v v

y r
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.93)

Thus, the shear stress in the plug region is given by

dd
.

d 2 d
f

y p

pv r

r s

After separating variables and integrating, we obtain the following expression for fl uid velocity:

2

0

d
.

4 d
f y

p p

pr
v r v

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.94a)

The constant of integration, v
0
, is obtained using the boundary condition of zero velocity at the pipe wall. Substitut-

ing this boundary condition in Eq. 5.94a gives

2

0

d
0 .

4 d
f y

p p

pR
R v

s

Solving this equation for v
0
 gives

2

0

d
.

4 d
f y

p p

pR
v R

s

Substituting this expression for v
0
 in Eq. 5.94a yields

2 2
d1

.
4 d

f y

p
p p

p
v R r R r r r

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.94b)

The velocity of the plug region can be obtained by evaluating Eq. 5.94b at r = r
p
 with substitution for t

y
 given by 

Eq. 5.92, which fi nally yields

2d1
0 .

4 d
f

p p p
p

p
v R r r r

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.94c)

The total fl ow rate through the pipe is defi ned by

r

r
p

R

Plug

region
v

y

τ
y

τ
y

τ

Fig. 5.30—Laminar fl ow of a Bingham plastic fl uid in a pipe.
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A R R
R vq v A vr r r v r r

r
2 2

0
0 0 0

d
d 2 d d .

d

Integration of this equation gives

44 d 4 1
1 .

8 d 3 3
f y y

y w
p w w

pR
q

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.95a)

Note that this expression reduces to the familiar Hagen-Poiseuille law for t
y
 equal to zero. Note also that as t

y

approaches t
w
, the term in brackets approaches zero. This means that the shear stress at the wall must exceed the 

yield point to cause fl ow.
It is unfortunate that Eq. 5.95a cannot be solved for the pressure drop in a manner similar to the annulus fl ow. 

Hence, when pressure drop is required given the fl ow rate, Eq. 5.95a should be solved by the use of an iteration 
procedure. However, for the conditions usually encountered in rotary drilling applications, the shear stress at the 
wall is more than twice the yield point, and the last term in Eq. 5.95a can be neglected without introducing a sig-
nifi cant error. Dropping this term and substituting the expression for t

w
 given by Eq. 5.93 evaluated at R yields

4 3d
.

8 d 3
f

y
p p

pR R
q

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.95b)

Expressing the fl ow rate in terms of the mean fl ow velocity, v , and solving for the frictional pressure gradient, 
dp

f 
/ dL , gives

2 2

d 8 8 32 16
.

d 3 3
f p y p yp v v

s R dR d    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.95c)

Converting from consistent units to fi eld units of lbf/in.2, cp, ft/sec, in., and lbf/100 ft2, we obtain, for the pres-
sure drop of a Bingham plastic fl uid fl owing in a pipe,

2

d
.

d 2251,500
f p yp v

s dd    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.95d)

The shear rate in a Bingham plastic fl uid at the pipe wall can be obtained from the shear stress at the pipe wall 
and the appropriate frictional pressure gradient equation. For a circular pipe and with the approximation repre-
sented by Eq. 5.95c, we obtain

2

d 16 16
2 d 4 3

w y f y p y y
w

p p p p p

p vR d

s d d
   

8 .
3

y

p

v

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.96a)

Changing from consistent units to fi eld units of sec–1, ft/sec, in., and lbf/100 ft2, we obtain, for the approximate 
wall shear rate for circular pipe,

96
159.7 y

w
p

v

d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.96b)

Similarly, for an annulus, the approximate shear rate at the wall, using the approximation from Eq. 5.91b, is given 
by

2

d 48 6
2 d 4

w pf y p y y
w

p p p pw pw p

d dp vh

s d dd d    

12 .
2

y

w p p

v

d d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.97a)
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Changing to fi eld units, we obtain, for the wall shear rate for the annulus,

96
239.5 y

w
w p p

v

d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.97b)

Example 5.22 Shah and Sutton (1990) provided a new friction correlation for fl ow of cement slurries in pipes and 
annuli. For the 15.6-lbm/gal slurry with rheological data shown below, they found after regression a plastic vis-
cosity of 56.7 cp and a yield stress of 43.3 lbf/100 ft2. For fl ow rates of 2 and 8 bbl/min in a 4.494-in.-ID casing, 
they found pressure drops of 0.053 and 0.0615 psi/ft, respectively. Similarly, for fl ow rates of 2 and 8 bbl/min in 
a 5×7.5-in. annulus, they found pressure drops of 0.096 and 0.1138 psi/ft, respectively.

Compute the corresponding pressure losses in the pipe and the annulus, with the full solution and the approxi-
mate solution, and compare with the results given by Shah and Sutton. Assume laminar fl ow for all situations.

Solution 1—Pipe Computations. We fi rst convert to SI units:

1

4.494 in.
0.1141 m

3.937 10 in./m
d ,

1

5 in.
0.127 m,

3.937 10 in./mpd

wd
1

7.5 in.
0.1905 m,

3.937 10 in./m

3 3
3 3

15.6 lbm/gal
1.8693 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )
,

3

56.7 cp
0.0567 Pa s

10 cp/(Pa s)
,

2 2

43.3 lbf 0.4788 Pa
20.73 Pa

100 ft lbf /(100 ft )y ,

3
1 4 3

2 42 gal/min
0.0053 m /s

1.585 10 (gal/min)/(m /s)
q ,

3
2 4 3

8 42 gal/min
0.0212 m /s

1.585 10 (gal/min)/(m /s)
q ,

The mean velocity is given by

1 2

0.0053
0.518 m/s

/ 4 0.1141
v

and

2 2

0.0212
2.074 m/s

/ 4 0.1141
v .

The full solution for pipe fl ow will be determined through an iteration on t
w 

.
Assuming a value for t

w 
, then dp

f 
/ ds can be computed from Eq. 5.86, and a new value for q can be computed 

from Eq. 5.90c. This procedure is continued until the values of t
w 

 and q converge to a solution. A fast way is to 
perform computations using the bisection method (Press et al. 1997). A sample of the computations is shown in 
the following table:



Drilling Hydraulics 235

t
w1

(Pa)
q

1

(m3/s)
t

w 2

(Pa)
q

2 

(m3/s)
t

w 3 

(Pa)
q

3 

(m3/s)

1st iteration 20.83 2.4 × 10–6 38.93 0.0317 29.88 0.0117
2nd iteration 20.83 2.4 × 10–6 29.88 0.0117 25.35 0.0038
3rd iteration 25.35 0.0038 29.88 0.0117 27.617 0.0075
4th iteration 25.35 0.0038 27.617 0.0075 26.486 0.0056
5th iteration 25.35 0.0038 26.486 0.0056 25.92 0.0047
6th iteration 25.92 0.0047 26.486 0.0056 26.20 0.0051
7th iteration 26.20 0.0051 26.486 0.0056 26.34 0.0053

The pressure drop is then

f w
p
s d

d 4 26.344
923 Pa/m,

d 0.1141

or, in fi eld units, dp
f 
/ ds = 0.0408 psi/ft, a value that is within 23% of the value predicted by Shah and Sutton.

Applying a similar procedure for q
2
 = 8 bbl/min, we compute a value of dp

f 
/ ds =1204 Pa/m = 0.053 psi/ft, a 

value that is within 13% of the value predicted by Shah and Sutton.
Using the approximate solution, Eq. 5.95c, we obtain, for q

1
 = 2 bbl/min,

fp
s 2

d 32 0.0567 0.518 16 20.73
1041 Pa/m,

d 3 0.11410.1141

or, in fi eld units, dp
f 
/ ds = 0.04602 psi/ft, a value that is 13% lower than the one predicted by Shah and Sutton and 

13% lower than the value predicted using the full solution.
Similarly, for q

2
 = 8 bbl/min, we obtain

fp
s 2

d 32 0.0567 2.074 16 20.73
1258 Pa/m,

d 3 0.11410.1141

or, in fi eld units, dp
f 
/ ds = 0.0556 psi/ft, a value that is 10% lower than the one predicted by Shah and Sutton and 

5% higher than the value predicted using the full solution.
Solution 2—Annulus Computations. For the annulus computations, we could use the direct equation (Eq. 

5.91a) and the approximate solution (Eq. 5.91b).
Using the direct approach, we obtain

w ph d d / 2 0.1905 0.127 /2 0.03175 m

and

w pw d d / 2 0.4985 m.

For the fi rst fl ow rate, we compute the term

2 2

0.0053 0.0567
0.1156

20.73/ 2 0.4975 0.03175 / 2

p

y

q

w h
,

then

fp s
3 / 2120.73 2 1

2 0.1156 1 sin sin 0.1156 1 0.700.
d /d 0.03175 3

Solving for the pressure drop, we get
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d 1305.83
1865 Pa/m

d 0.700
fp

s
,

or, in fi eld units, dp
f 
/ ds = 0.08245 psi/ft, a value that is 14% lower than the one predicted by Shah and Sutton. For 

the second fl ow rate, we compute the term

2 2

0.0212 0.0567
0.4614

20.73/ 2 0.4975 0.03175 / 2

p

y

q

w h
,

then

fp s
3 / 2120.73 2 1

2 0.4614 1 sin sin 0.4614 1 0.4817.
d /d 0.03175 3

Solving for the pressure drop, we get

d 1305.83
2711 Pa/m

d 0.4817
fp

s
,

or, in fi eld units, dp
f 
/ ds = 0.11985 psi/ft, a value that is 5% higher than the one predicted by Shah and Sutton.

To use the approximate solution, Eq. 5.91b, we fi rst determine the average velocities for the two fl ow rates, which are

1 2 2

0.0053
0.335 m/s

/ 4 0.1905 0.127
v

and

2 2 2

0.0212
1.34 m/s

/ 4 0.1905 0.127
v .

Then, for the fl ow rate of 2 bbl/min, we get

2

d 48 0.0567 0.335 6 20.73
2185 Pa/m

d 0.1905 0.1270.1905 0.127

fp

s
,

or, in fi eld units, dp
f 
/ ds = 0.0966 psi/ft, a value that is 5% higher than the one predicted by Shah and Sutton and 

17% higher than the value predicted using the equation for the full solution.
Then for the fl ow rate of 8 bbl/min, we get

2

d 48 0.0567 1.34 6 20.73
2863 Pa/m

d 0.1905 0.1270.1905 0.127

fp

s
,

or, in fi eld units, dp
f 
/ ds = 0.12658 psi/ft, a value that is 11% higher than the one predicted by Shah and Sutton and 

6% higher than the value predicted using the equation for the full solution.

Power-Law Model. The annular fl ow of power-law fl uids can also be approximated closely using the less com-
plex fl ow equations for a narrow slot (Fig. 5.31).

Slot Flow of Power-Law Model. The shear stress for a power-law fl uid in a narrow slot is given by

d
0 / 2

d

n
v

K y h
y    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.98a)

and

d d
/ 2

d d

nn
v v

K K h y h
z y

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.98b)
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In this region, Z = h - y. The force balance in the slot (Eq. 5.65) still holds that

0

d

d
fp

y
L

.

As discussed previously for Newtonian and Bingham plastic models, the shear stress changes linearly with dis-
tance, y, in a slot. This is a consequence of the fl ow geometry and is independent of the rheological models used 
to describe the fl ow. Also, by inspection of Fig. 5.31, we see that for a slot, t is zero at y = h/2. Thus,

0

d
.

2 d
fph

s

For the 0 £ y £ h/2 region, the shear stress equation can be simplifi ed to

d dd
.

d d 2 d

n

f fp pv h
K y

y s s

Separating variables and integrating gives

1 1/

0

d1
.

1 1/ d /d d 2

n

f

f

pK h
v y v

n p s K s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.99a)

The constant of integration v
0
 can be evaluated using the boundary condition that v = 0 at y = 0, so that fi nally

n n
f f

f

p pK h hv y y h
n p s K s K s

1 1/ 1 1/
d d1 1

0 / 2,
1 1/ d /d d 2 d 2

which can be written as

n n n
f

n

p s h hv y y h
nK

1/
1 1/ 1 1/

1/

d /d 1
0 / 2.

1 1/ 2 2
   

 . . . . . . . . . . . . . . . . . . . . . .    (5.99b)

The velocity profi le in the region h/2 £ y £ h is determined as follows. In this region, Eq. 5.88 still holds that

d
.

d
fp

h y
s

'

Noting that at y = h/2, t = 0, it follows that

'
d

2 d
fph

s
.

Hence,

p1 p2

dS

dy

y

x

z

h

τ

τ

Fig. 5.31—Laminar fl ow of a power-law fl uid in a slot.
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fp hy h y h
s

d
/ 2 .

d 2

Combining with Eq. 5.98b and integrating, and noting that v = 0 at y = h, yields

n n n
f

n

p s h hv y h y h
nK

1/
1 1/ 1 1/

1/

d /d 1
/ 2 .

1 1/ 2 2
   

 . . . . . . . . . . . . . . . . . . . . . . . .   (5.99c)

Note that Eqs. 5.99b and 5.99c give the same value at y = h/2.
The fl ow rate in the 0 £ y £ h/2 region is half of the total fl ow rate and is given by

/ 2

0

/ 2 d d
h

q v A w v y .

Integration gives

1/
(2 1/ )

1/

d1
d

.
2 4 2 /

n
nf

n

p
w h

K s
q

n
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.100a)

Substituting the expressions for wh and for h given by Eqs. 5.63a and 5.63b into Eq. 5.100a gives

1/

1 1/2 2
1/

d1
d

.
2 4 2 /

n

f

n

w p w pn

p

K s
q r r r r

n
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.100b)

Expressing the fl ow rate in terms of the mean fl ow velocity, v , and solving for the frictional pressure gradient, 
dp

f 
/ dL, gives

1 1

d 2 4 2 / 4 8 4 /
.

d

n nn n
f

n n

w p w p

p K n v K n v

s r r d d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.101a)

Converting from consistent units to fi eld units, we obtain

1

2 1

d 2 1/
.

d 0.0208144,000

nn
f

n

p K v n

s d d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.101b)

The derivation of the pressure-loss equation for the laminar fl ow of a power-law fl uid in a pipe is quite similar 
to the derivation of the slot fl ow pressure-loss equation. The shear stress for a power-law fl uid in a circular pipe is 
given by

dd
.

d 2 d

n
fpv r

K
r s

Separating variables and integrating gives
1/

1 1/ 1 1/

d1
2 d

.
1 1/

n

f

n n

p

K s
v R r

n    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.102)

The fl ow rate, q, is given by
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1/

1 1/ 1 1/

0 0 0

d1
2

d
d 2 d d .

1 1/

n

f

R R R
n n

p

K s
q v A vr r R r r r

n

Integrating this equation yields

1/

2 1 1/

d1
2 d

.
3 1/

n

f

n

p

K s
q R R

n
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.103)

Expressing the fl ow rate in terms of the mean fl ow velocity, v , and solving for the frictional pressure gradient, 
dp

f 
/ ds, gives

1 1

d 2 3 1/ 4 6 2 /
.

d

n nn n
f

n n

p K v n K v n

s R d    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.104a)

Converting from consistent units to fi eld units, we obtain

1

d 3 1/
.

d 0.0416144,000

nn
f

n

p K v n

s d    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.104b)

The shear rate in a power-law fl uid at the pipe wall can be obtained from the shear stress at the pipe wall and 
the appropriate frictional-pressure-gradient equation. For a circular pipe,

1/1/1/

1

d 2 3 1/
2 d 2

nn nn n
fw

w n

p K v nR R

K K s K R
   

2 3 1/
.

v n

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.105a)

After simplifying and changing from consistent units to fi eld units, we obtain

24 3 1/
w

v n

d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.105b)

Similarly, for an annulus, the shear rate at the wall is given by

1/
1/1/

1

d 2 4 2 /
2 d 2

n
n nn n

f w pw
w n

w p

p d d K v nh

K K s K d d
   

4 2 1/
.

w p

v n

d d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.106a)

After simplifying and changing from consistent units to fi eld units, we obtain

48 2 1/
w

w p

v n

d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.106b)

Example 5.23 A cement slurry that has a fl ow behavior index of 0.3 and a consistency index of 9400 eq cp is 
being pumped in an 8.097×4.5-in. annulus at a rate of 200 gal/min. Assuming the fl ow pattern is laminar, compute 
the frictional pressure loss per 1,000 ft of annulus. Also estimate the shear rate at the pipe wall.

Solution. In SI units, the given data become
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3

9400 eq cp
9.4 Pa s

10 (eq cp)/(Pa s )
n

n
K ,

8.097 in.
0.2057 m

39.37 in./mwd ,

4.5 in.
0.1143 m

39.37 in./mpd ,

3
4 3

200 gal/min
0.01262 m /s

1.585 10 (gal/min)/(m /s)
q ,

1,000 ft
328.08 m

3.048 ft/m
L .

The mean velocity in the annulus is given by

2 2 2 2

0.01262
0.55 m/s

/ 4 / 4 0.2057 0.1143w p

q
v

d d
.

The frictional pressure loss predicted by the power-law model is given by Eq. 5.101,

0.3 0.3

1 1.3

d 4 8 4 / 4 9.4 8 4 / 0.3 0.55
1765.2 Pa/m

d 0.2057 0.1143

n n
f

n

w p

p K n v

s d d
,

and for 328.08 m of annulus, the total pressure drop is

61765.2 328.08 0.58 10 Pafp ,

or, in fi eld units,

d 1765.2 Pa/m
0.078 psi/ft

d 22,620.2 (Pa/m)/(psi/ft)
fp

s
,

0.078 1000 78 psifp .

The approximate shear rate at the pipe wall is given by Eq. 5.106a:

w
w p

v n
d d

14 2 1/ 4 0.55 2 1/ 0.3
128.4 s .

0.2057 0.1143

5.5.4 Herschel-Bulkley Fluids. For the fl ow of Herschel-Bulkley fl uids in an annulus modeled as a slot, the 
analysis follows that of Bingham plastic fl uids.

Slot Flow. The Herschel-Bulkley model is given by

d d
0

d d

n

y y

v v
K

y y
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.107)

The geometry is depicted in Fig. 5.32. There is a central core of the fl uid that moves as a rigid plug if the shear 
stress levels are smaller than the yield stress of the fl uid, similar to the fl ow of a Bingham plastic fl uid in a slot, as 
described above.

Let y
a
 be the distance of the lower sheared surface from the bottom plate. As before, the balance of 

momentum is
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d
.

d
fdp

y ds

Integration gives

fp
y

s0

d
,

d    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.108)

with t
0
 a constant to be determined.

At the lower side of the plug, y
a 
, the shear stress t

a 
 must be equal to t

y 
, hence

0

d /d
y

a
f

y
p s

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.109)

The shear stress is given in terms of the velocity gradient by Eq. 5.107a; hence,

0

dd

d d

n

f
y

pv
K y

y s
.

The solution to the differential equation is given by

1

0 0

d1
d( 1)( d / d )( )

m

f
ym

f

p
v y C

sm p s K

where m = 1/n. The constant of integration is determined from the boundary condition v = 0 at y = 0, so fi nally the 
velocity within the region 0 £ y £ y

a
 is given by

1
1

0 0

d1
0 .

d( 1) d /d

m
m f

y y am
f

p
v y y y

sm p s K
    . . . . . . . . . . . . .    (5.110a)

In terms of parameter y
a
, this equation becomes

1 1d /d 1
0 .

1

m
m mf

a a a

p s
v y y y y y

K m
   

 . . . . . . . . . . . . . . . . . . . . . . . . . .     (5.110b)

yb h

τ=τy

τ=τy

y

z

ya

Fig. 5.32—Slot fl ow of a Herschel-Bulkley fl uid.
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The plug velocity, v
p
, is the velocity at y = y

a
; hence,

1 d /d
.

1

mm
fa

p a b

p sy
v y y y

m K
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.110c)

By symmetry, the wall shear stress on the lower plate and the wall shear stress on the upper plate are equal:

wi wo w ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.111a)

and balance of momentum gives

d
.

2 d
f

w

ph

s    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.111b)

Hence, the shear stress equations for the fl ow in the slot become

d
0

2 d
f

a

ph
y y y

L
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.112a)

y a by y y ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.112b)

d

2 d
f

b

ph
y y y h

L
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.112c)

The shear stress distribution is depicted in Fig. 5.33.
The summary of the necessary equations for the fl ow of the Herschel-Bulkley fl uid in a slot is given below. 

There is fl uid fl ow only if

d

d / 2
f yp

L h
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.113)

When there is fl ow, then

d

2 d
f

w

ph

s
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.114a)

2 d /d
y

a
f

h
y

p s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.114b)

y
b

τ
w

y
a

Fig. 5.33—Shear-stress distribution for fl ow of Herschel-Bulkley fl uid in a slot.
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The fl ow rate of the slot is given by

1 1/1/
2 1/ d1 1

2 / 2 1 1
d ( / 2)(d /d ) ( / 2)(d /d )

.
(1/ 1)(1/ 2)

nn
n f y y

f f

p
w h

K s h p s h p s n
q

n n
   

 . . . . . . . . . . . . . . .    (5.115)

Also, we can express the fl ow rate in terms of concentric annulus radii as

1 1/1/
1 1/2 2

1/

d1 1
d [( ) / 2](d /d )

2 (1/ 1)(2 / 4)

nn
n f y

w p w p
w p f

n

p
r r r r

K s r r p s
q

n n    

1 1 .
[( ) / 2](d /d )

y

w p fr r p s n
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.116)

Eq. 5.100b is implicit in pressure drop. Normally, the fl ow rate will be available together with the geometry 
characteristics and the fl uid properties, and the pressure drop will be the parameter of interest. In order to solve 
the above equation, one would have to resort to a trial-and-error solution, in a manner similar to the Bingham 
plastic fl uids, if the full solution (Eq. 5.90c) was retained.

Hanks (1979) has provided the full solution to laminar fl ow of Herschel-Bulkley fl uids in a concentric annulus 
and presented the results in tabular and graphical form, because explicit equations cannot be derived, relating 
pressure drop to fl ow rate for this geometry.

Pipe Flow. For pipe fl ow of radius R, Eq. 5.87 holds that, for t 
 
³ t

y 
,

d
.

2 d
fpr

s

The radius at which there is an unsheared portion of the fl uid, r
p
, is given by

d
.

2 d
p f

y

r p

s    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.117a)

The wall shear stress is given by

d
.

2 d
f

w

pR

s    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.117b)

The Herschel-Bulkley fl uid is defi ned as

d

d

n

y

v
K

r    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.118)

Hence,

dd
.

d 2 d

n
f

y

pv r
K

r s

The solution to the differential equation is then

1

0

d2 1
,

1 2 dd /d

m

f y

f

pK r
v v

m K L Kp s

with m = 1/n. From the boundary condition v = 0 at r = R, the constant of integration is easily shown to be

1

0

d2 1
.

1 2 dd /d

m

f y

f

pK R
v

m K L Kp s
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The velocity for the laminar fl ow of a Herschel-Bulkley fl uid in a pipe is then given by

1 1
d d2 1

1 2 d 2 dd /d d /d / 2

m m

f y f y y

p

f f

p pK R r
v r r R

m K s K K s Kp s p s
 . . . . . . . . . . . .

 

(5.119a)

and

1

d /d 1
0 .

1 d /d / 2

mm

f y

p p

f

p s
v v R r r

K m p s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.119b)

This equation can be integrated to give the fl ow rate:

1 / 1 2
2

1 / 3

d /d / 2 d /d / 2 2 d /d / 2

1 3 1 2 1d /d / 2
.

n

f y f y y f y y

n

f

p s R p s R p s Rn
q

n n nK p s
 

 . . . . . . . . . . .  (5.120a)

If we now defi ne

y

w

then Eq. 5.120a becomes

1/ 2 2
(1 ) /3

d /d 1 2 1
1

2 3 1 2 1 1

n
n nfp L R

q nR
K n n n

,

or

1/ (1 ) /
3 d /d 1

2 (3 1)(2 1)( 1)

n n n

fp L R
q nR

K n n n
   

2 2( 1)(2 1) 2 ( 1) 2 .n n n n n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.120b)

Eq. 5.120b gives the required fl ow rate for fl ow of a Herschel-Bulkley fl uid in a pipe of radius R for a given 
pressure drop dp

f 
/ dL. The equation cannot be simplifi ed further, and the inverse problem of fi nding the pressure 

drop for a given fl ow rate requires iteration, as in the case of Bingham plastic fl uids if the full solution was re-
tained.

The velocity profi les can also be given as functions of the parameter f:

1/
1/ 1/

1 0
1

n
nw

p

nR K
v v r R

n
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.121a)

1/ 1/ 1
1/ 1/

1
1

n n
nwnR K r

v R r R
n R

.    . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.121b)

Denoting v  the mean velocity for fl ow in a pipe, it can be shown that

1/ 1/ 1

2 2/ 1
1 2 1 2 1 2

3 1 2 1 1

n n

wnR K
v n n n n n

n n n
.    . . . . . . . . . . . . . . . . . . . . . . . .    (5.122)
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Hence, the velocity profi les can be expressed in terms of the mean velocity as

1/ 1

2 2

11
0

3 1 2 1 1 2 1 2 1 2

n

pv
r R

v n n n n n n n
   

 . . . . . . . . . . . . . . . .    (5.123a)

and

1/ 1
1/ 1

2 2

1
1

3 1 2 1 1 2 1 2 1 2

n
n r

v R
R r R

v n n n n n n n
   

 . . . . . . . . . . . . . . . . . .    (5.123b)

Example 5.24 Bailey and Peden (2000) presented a comprehensive hydraulic model for fl ow of drilling fl uids in 
pipes and annuli. They have presented the experimental results of Okafor and Evers (1992) together with their 
predictions, for both laminar and turbulent fl ow in a pipe with a 2-in. ID. The laminar data are reproduced in the 
table below. Using the relationships derived above for Herschel-Bulkley fl uids, compute the pressure loss for the 
various fl ow velocities  indicated in the table and compare with measurements as well as predictions from Bailey 
and Peden.

The fl uid is modeled by the authors as Herschel-Bulkley with parameters t
y
 = 0.62201 Pa, K = 0.11934 Pa × sn, 

and n = 0.75534.

Velocity
(m/s)

Measured
Dp/DL (Pa/m)

Predicted1

Dp/DL (Pa/m)
Flow
Regime1

Predicted2

Dp/DL (Pa/m)
Flow
Regime2

0.202 190 206 Laminar 199 Laminar
0.409 283 306 Laminar 295 Laminar
0.562 341 368 Laminar 355 Laminar
0.724 405 429 Laminar 420 Laminar
0.914 470 494 Laminar 489 Laminar
1.076 523 548 Laminar 544 Laminar
1.382 644 641 Laminar 645 Laminar
1.448 700 661 Laminar 665 Laminar
1 Predicted by Bailey and Peden (2000)
2 Predicted using the proposed methodology

Solution. Following the proposed methodology, we get the predictions for pressure drop, which are shown in 
the table above. The comparison with the data is shown in Fig. 5.34.

5.6 Turbulent Flow in Pipes and Annuli
In many drilling operations, the drilling fl uid is pumped at too high a rate for laminar fl ow to be maintained. 
The fl uid lamina become unstable and break into a chaotic diffused fl ow pattern. The transfer of momentum 
caused by this chaotic fl uid movement causes the velocity distribution to become more uniform across the 
center portion of the conduit than for laminar fl ow. However, a thin boundary layer of fl uid near the pipe walls 
generally remains in laminar fl ow. A schematic representation of laminar and turbulent pipe fl ow is shown in 
Fig. 5.35.

A mathematical development of fl ow equations for turbulent fl ow has not been possible to date. However, a 
large amount of experimental work has been done in straight sections of circular pipe, and the factors infl uencing 
the onset of turbulence and the frictional pressure losses due to turbulent fl ow have been identifi ed. By applying 
the method of dimensional analysis, these factors have been grouped so that the empirical data could be expressed 
in terms of dimensionless numbers.

5.6.1 Newtonian Fluid Models. The experimental work of Reynolds (1883) has shown that the onset of turbu-
lence in the fl ow of Newtonian fl uids through pipes depends on pipe diameter d, density of fl uid r, viscosity of 
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fl uid m, and average fl ow velocity v . In terms of the primary units of mass m, length L, and time t, these variables 
have the following dimensions:

d, L.
r, m/L3.
m, m/(Lt).
v , L/t.
The Buckingham Pi theorem of dimensional analysis states that the number of independent dimensionless 

groups N that can be obtained from n parameters is given by N = n – m, where m is the number of primary units 
involved. Because all three primary units (m, L, and t) are used in at least one of the four parameters shown previ-
ously, N = 4 – 3 = 1, and only one independent dimensionless group is possible. The dimensionless grouping 
commonly used is expressed in consistent units by

vdNRe ,

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.124a)

where N
Re

 is the Reynolds number. In fi eld units, this equation becomes

Re

928 vd
N ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.124b)

where r = fl uid density, lbm/gal; v  = mean fl uid velocity, ft/sec; d = pipe diameter, in.; and m = fl uid viscosity, cp.
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Fig. 5.34—Comparison of predictions with measurements from data of Okafor and Evers (1992) and with predictions of 
Bailey and Peden (2000).

(a)

Dye tracers

(b) (c)

Fig. 5.35—Laminar- and turbulent-fl ow patterns in a circular pipe: (a) laminar fl ow, (b) transition between laminar and 
turbulent fl ow, and (c) turbulent fl ow [from Bourgoyne et al. (1991)].
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For engineering purposes, fl ow of a Newtonian fl uid in pipes usually is considered to be laminar if the Reynolds 
number is less than 2,100 and turbulent if the Reynolds number is greater than 2,100. However, for Reynolds 
numbers of approximately 2,000 to 4,000, the fl ow is actually in a transition region between laminar fl ow and 
fully developed turbulent fl ow. Also, careful experimentation has shown that the laminar region may be made to 
terminate at a Reynolds number as low as 1,200 by artifi cially introducing energy into the system (e.g., hitting the 
pipe with a hammer). Likewise, the laminar fl ow region can be extended to Reynolds numbers as high as 40,000 
by using extremely smooth, straight pipes that are insulated from vibrations. However, these conditions generally 
are not realized in rotary-drilling situations.

Example 5.25 A 1080-kg/m3 (9.0-lbm/gal) brine having a viscosity of 0.001 Pa·s (1.0 cp) is being circulated in 
a well at a rate of 0.03787 m3/s (600 gal/min). Determine whether the fl uid in the drillpipe is in laminar or turbu-
lent fl ow if the ID of the drillpipe is 0.1086 m (4.276 in.).

Solution. The cross-sectional area of the pipe is given by

22
23.14 0.1086 m

0.009258 m
4 4

d
A .

The average velocity in the drillpipe is given by

3

2

0.03787 m /s
4.088 m/s

0.009258 m

q
v

A
,

or, in fi eld units,

4.088 m/s
13.4 ft/s

0.3048 m/ft
v .

Using Eq. 5.123c, the Reynolds number is given by

Re

1,080 4.088 0.1086
479,473

0.001

vd
N .

Because the Reynolds number is well above 2,100, the fl uid in the drillpipe is in turbulent fl ow.

Once it has been established that the fl ow pattern is turbulent, the determination of the frictional pressure loss 
must be based on empirical correlations. The most widely used correlations are based on a dimensionless quantity 
known as the friction factor. The friction factor is defi ned by

k

k

F
f

AE
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.125a)

where F
k
 = force exerted on the conduit walls due to fl uid movement, A = characteristic area of the conduit, and 

E
k
 = kinetic energy per unit volume of fl uid.
For pipe fl ow, the shear stress on the conduit walls is given by

d d
.

2 d 4 d
f f

w

p pR d

s s   

The force F
k
 exerted at the pipe wall due to fl uid motion is given by

.f
k w

pdF R s s
s

2 d
2

4 d

The kinetic energy per unit volume of fl uid is given by
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21

2kE v .

Substituting the expressions for F
k
 and E

k
 into Eq. 5.124a yields

.
2

2

d

d
2

fp
d s

sf
v A

   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.125b)

If the characteristic area A is chosen to be A = pdDs, Eq. 5.125b reduces to

2

d
.

d2
fpd

f
sv    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.125c)

Eq. 5.125c is known as the Fanning equation, and the friction factor defi ned by this equation is called the Fanning 
friction factor or simply the friction factor. In turbulent fl ow, the friction factor f is a function of the Reynolds number 
N

Re
 and a term called the relative roughness, e/d, which is defi ned as the ratio of the  absolute roughness, e, to the pipe 

diameter, with the absolute roughness representing the average depth of pipe wall irregularities. An empirical correla-
tion for the determination of friction factors for fully developed turbulent fl ow in circular pipe has been presented by 
Colebrook (1939). The Colebrook function is given by

Re

1 1.255
4 log 0.269

e

df N f
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.125d)

The friction factor f appears both inside and outside the logarithmic term of Colebrook’s equation, requiring an 
iterative solution technique. This diffi culty can be avoided by a graphical representation of the Colebrook func-
tion. A plot of friction factor against Reynolds number on log-log paper is called a Stanton chart. A Stanton chart 
for the Colebrook function is shown in Fig. 5.36. However, the solution of Eq. 5.125d using an electronic calcu-
lator is not diffi cult and yields more precise results than is possible using the graphical solution.

The selection of an appropriate absolute roughness e for a given application is often diffi cult. Shown in Table 5.1 are 
average roughness values determined empirically for several types of conduits. Also, Cullender and Smith (1956) in a 
study of published data obtained in clean steel pipes in gas-well and pipeline service found an average pipe roughness of 
0.01651 mm (0.00065 in.) to apply to most of the data. Fortunately, in rotary-drilling applications involving the use of 
relatively viscous drilling fl uids, the Reynolds number seldom exceeds 100,000. Also, for most wellbore geometries, the 
relative roughness is usually less than 0.0004 in all sections. For these conditions, the friction factors for smooth pipe (zero 
roughness) can be applied for most engineering calculations. For smooth pipe, Eq. 5.124d reduces to

Re

1
4 log 0.395N f

f
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.125e)

In addition, for smooth pipe and a Reynolds number range of 2,100 to 100,000, a straightline  approximation (on 
a log-log plot) of the Colebrook function is possible. This approximation, fi rst  presented by Blasius (1913), is 
given by

0.25
Re

0.0791
f

N
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.125f)

where 2,100 £ N
Re

 £ 100,000 and e/d = 0.
The Fanning equation (Eq. 5.125c) can be rearranged for the calculation of frictional pressure drop due to tur-

bulent fl ow in circular pipe as

2d 2
,

d
fp f v

s d    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.126a)

and converting to fi eld units gives

2d
.

d 25.8
fp f v

s d    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.126b)
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In addition, the Fanning equation can be extended to the laminar fl ow region if the friction factor for the laminar 
region is defi ned by

Re

16
f

N
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.126c)

The proof of this relation is left as a student exercise.
A simplifi ed turbulent fl ow equation thus can be developed for smooth pipe and moderate Reynolds numbers 

by substituting Eq. 5.125d into Eq. 5.126a, which, after simplifi cation, yields

0.75 1.75 0.25 0.75 1.75 0.25

1.25 4.75

d 0.1582 0.2416

d
fp v q

L d d
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.126d)

or, in fi eld units,

0.75 1.75 0.25 0.75 1.75 0.25

1.25 4.75

d

d 1800 8624
fp v q

L d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.126e)
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Fig. 5.36—Stanton chart showing Fanning friction factors for turbulent fl ow in circular pipe [after Moody (1944)].

TABLE 5.1—ABSOLUTE PIPE ROUGHNESS FOR SEVERAL TYPES OF CIRCULAR PIPES  

[AFTER STREETER (1962)] Reproduced with permission from The McGraw-Hill Companies.

Type of Pipe Absolute Roughness, –e (mm) Absolute Roughness, –e (in.)

5200.0ot52000.05360.0ot53600.0sleetsdeteviR
38000.0ot380000.080120.0ot801200.0etercnoC

170000.0308100.0noritsaC
240000.08660100.0noridezinavlaG
330000.02838000.0noritsacdetlahpsA
310000.02033000.0leetslaicremmoC
4000000.061010000.0gnibutnwarD
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Eqs. 5.126d and 5.126e are valid for circular pipes where e/d = 0 and N
Re 

 is between 2,100 and 100,000. 
These equations are in a form that readily identifies the relative influence of the various hydraulic parame-
ters on turbulent frictional pressure loss. For example, it can be shown that changing from a drillpipe diam-
eter of 0.143 to 0.1270 m (4.5 to 5 in.) would reduce the pressure loss in the drillpipe by approximately a 
factor of two.

Example 5.26 Determine the frictional pressure drop in 3048 m (10,000 ft) of 0.143-m (4.5-in.) drillpipe having 
an ID of 0.09718 m (3.826 in.) if a 0.020-Pa·s (20-cp) Newtonian fl uid having a density of 1080 kg/m3 (9 lbm/gal) 
is pumped through the drillpipe at a rate of 0.0253 m3/s (400 gal/min).

Solution. The mean fl uid velocity is given by

2 2

0.0253
3.41 m/s 11.2 ft/s

/ 4 3.14 / 4 0.09718

q
v

d
.

The Reynolds number is given by

Re

1080 3.41 0.09718
17,894

0.020

vd
N .

Because the Reynolds number is greater than 2,100, the fl ow pattern is turbulent. For commercial steel, the abso-
lute roughness is given in Table 5.1 as 0.0003302 mm. Thus, the relative roughness is

0.0003302 mm
0.0000034

97.18 mm

e

d
.

Note that this corresponds closely to the smooth pipeline on Fig. 5.36 at a Reynolds number of 17,894. Solv-
ing Eq. 5.125d by trial and error, the Fanning friction factor is 0.00666. Thus, the frictional pressure loss is 
given by

22
6

d 2 0.00666 1080 3.412
3048 5.211 10 Pa

d 0.09718
f

f

p f v
p L L

L d
,

or, in fi eld units,

756 psifp .

It is interesting to note that the use of the simplifi ed turbulent fl ow equation given by Eq. 5.126c gives

0.75 1.75 0.250.75 1.75 0.25

1.25 1.25

6

d 0.1582 1080 3.41 0.0200.1582
3048

d 0.09718

5.3876 10 Pa 781 psi.

f
f

p v
p L L

L d

The student should be warned that the Fanning friction factor presented in this text and commonly used 
in the drilling industry may be different from the friction factor used in other texts. A common friction fac-
tor used in many engineering texts is the Darcy-Weisbach friction factor, usually presented in graphical form 
by Moody. The Moody friction factor is four times larger than the Fanning friction factor. Thus, a friction 
factor read from a Moody chart must be divided by four before being used with the equations presented in 
this text.

A large amount of experimental work has been done in circular pipe. Unfortunately, this is not true for fl ow 
conduits of other shapes. When noncircular fl ow conduits are encountered, a common practice is to calculate 
an effective conduit diameter such that the fl ow behavior in a circular pipe of that diameter would be roughly 
equivalent to the fl ow behavior in the noncircular conduit. This concept, called the hydraulic diameter, is given 
in Eq. 5.24.
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5.6.2 Non-Newtonian Fluid Models. When the fl ow becomes turbulent, no analytical solutions exist for fl ow of 
non-Newtonian fl uids in pipes and annuli, and resort is made to experimental data. Determination of the q-Dp 
relationship is performed through the use of the friction-factor concept. Several equations have been proposed for 
the friction factor for turbulent fl ow of Bingham plastic, power-law, and Herschel-Bulkley fl uids. Several investi-
gators have tried to assess the accuracy of these correlations, either comparing the individual predictions or com-
paring predictions with experimental data. In a study by Harnett and Kostic (1990), referenced by Chabra and 
Richardson (1999), it was found that the best approach was through the use of the Metzner and Reed graph 
(Metzner and Reed 1955). Variations of predictions of the different proposed correlations were found to differ by 
as much as ±50% in a study by Heywood and Cheng (1984) for turbulent fl ow of Herschel-Bulkley fl uids in 
pipes.

Bingham Plastic Model. The frictional pressure loss associated with the turbulent fl ow of a Bingham plastic 
fl uid is affected primarily by density and plastic viscosity. While the yield point of the fl uid affects both the fric-
tional pressure loss in laminar fl ow and the fl uid velocity at which turbulence begins, at higher shear rates corre-
sponding to a fully turbulent fl ow pattern, the yield point is no longer a highly signifi cant parameter. It has been 
found empirically that the frictional pressure loss associated with the turbulent fl ow of a Bingham plastic fl uid can 
be predicted using the equations developed for Newtonian fl uids if the plastic viscosity is substituted for the New-
tonian viscosity. This substitution can be made in the Reynolds number used in the Colebrook function defi ned by 
Eq. 5.124e or in the simplifi ed turbulent fl ow equation given by Eq. 5.126c.

Example 5.27 A 10-lbm/gal mud having a plastic viscosity of 40 cp and a yield point of 15 lbf/100 ft2 is being 
circulated at a rate of 600 gal/min. Estimate the frictional pressure loss in the annulus opposite the drill collars if 
the drill collars are in a 6.5-in. hole, have a length of 1,000 ft, and have a 4.5-in. OD. Assume turbulent fl ow.

Solution. Converting to SI units, we get

3 3
3 3

10 lbm/gal
1.198 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )
,

2
3

40 cp
4.0 10 Pa s

10 cp/(Pa s)p ,

2 2

15 lbf 0.4788 Pa
7.182 Pa

100 ft lbf/(100 ft )y ,

1

6.5 in.
0.1651 m

3.937 10 in./mwd ,

1

4.5 in.
0.1143 m

3.937 10 in./mpd ,

21,000 ft
3.048 10 m

3.2808 ft/m
s ,

2 3
4 3

600 gal/min
3.785 10 m /s

1.585 10 (gal/min)/(m /s)
q .

The average velocity is given by

2

2 2

3.785 10
3.397 m/s

/ 4 0.1651 0.1143
v .

Computing the hydraulic diameter using Eq. 5.24 yields

0.1651 0.1143 0.0508 med .
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The Reynolds number using the plastic viscosity is then

Re

1198 3.397 0.0508
5,168

0.04
e

p

vd
N .

The Colebrook function for smooth pipe (Eq. 5.125e) gives a friction factor of 0.0093 for a Reynolds number of 
5,168. Thus, the pressure drop is given by

22d 2 0.0093 (1198)(3.397) (304.8)2
1,542,809 Pa

d (0.0508)
f

f
e

p f v
p s s

s d
,

or, in fi eld units,

1,542,809 Pa
224 psi

6894.73 Pa/psifp .

It is interesting to note that the use of the laminar fl ow equation gives

p y
f

w pw p

v
p s

d dd d
2 2

48 6 48 0.04 3.397 6 7.182
/ 3375.6 Pa/m,

0.1651 0.11430.1651 0.1143

or

3375.6 304.8 1,028,883 Pa 149 psifp ,

which is less than the value predicted by the turbulent fl ow relations. Thus, the fl ow pattern giving the greatest 
frictional pressure loss is turbulent fl ow.

Power-Law Model. Dodge and Metzner (1959) extended the Colebrook equation for Newtonian fl uids to power-
law fl uids and showed that the friction factor for the power-law fl uids can be given by

1 / 2
Re0.75 1.2

1 4 0.395
log n

MRN f
f n n

,

n n

MR n

v dN
K

2 ' '

Re ' 1
 for pipes,

' 8

2 1
Re

( )
 for annuliMR

e

v d d
N .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.127)

Good agreement was found with their data of polymer solutions and clay suspensions, while Guillot and Dennis 
(1988) have also reported good agreement of predictions of Eq. 5.127 with their data on cement slurries. Irvine 
(1988) suggested the following Blasius-type equation for power-law fl uids fl owing in pipes:

1

3 1

Re

( ) n

MR

D n
f

N
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.128a)

where
234

7

2 4
( )

3 17

nn

n

n
D n

n
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.128b)

which readily reduces to the Blasius equation for n = 1. This equation gave £8% error when compared to data 
covering a range of 0.35 £ n £ 0.89 and 2,000 £ N

Re MR
 £ 50,000. Guillot (1990) has also  suggested a power-law 

relationship between the friction factor and Reynolds number valid for N
Re MR

 < 105 of the form
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( )
Re( ) b n

MRf a n N ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.129a)

with a(n) and b(n) having different forms for a pipe and an annulus. For a pipe,

( ) 0.079 0.0207 log( )a n n ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.129b)

( ) 0.251 0.141log( )b n n ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.129c)

while, for the annulus, he gives

( ) 0.0893 0.0246 log( )a n n ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.129d)

( ) 0.263 0.138 log( )b n n .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.129e)

The above analysis shows that for power-law fl uids fl owing either in a pipe or in an annulus, the  approach using 
the apparent Newtonian viscosity gives the same pressure-drop relationships as the approach of using the local 
power-law fl uids, as it should.

Example 5.28 A 15.6-lbm/gal cement slurry having a consistency index of 335 eq cp and a fl ow  behavior index 
of 0.67 is being pumped at a rate of 672 gal/min between a 9.625-in.-diameter hole and a 7.0-in.-diameter casing. 
Determine the frictional pressure loss per 100 ft of slurry. Use Eq. 5.175a to obtain the equivalent diameter.

Solution. Converting from fi eld units to SI units, we get

3 3
3 3

15.6 lbm/gal
1.869 10 kg/m

8.3454 10 (lbm/gal)/(kg/m )
,

n
3 n

335 eq cp 0.335 Pa s
10 (eq cp)/(Pa s )

K ,

1

9.625 in.
0.2445 m

3.937 10 in./mwd ,

1

7.0 in.
0.1778 m

3.937 10 in./mpd ,

100 ft
30.48 m

3.2808 ft/m
D ,

3 3
4 3

672 gal/min
42.397 10 m /s

1.585 10 (gal/min)/(m /s)
q .

The equivalent diameter is computed from Eq. 5.24:

0.2445 0.1778 0.0667 me w pd d d .

The mean fl uid velocity is given by

3

2 2 2 2

42.397 10
1.917 m/s

/ 4 ( ) / 4 (0.2445 0.1778 )w p

q
v

d d
.

The Reynolds number is given by Eq. 5.203a:
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1 2 0.67 0.67 12

Re 1 0.67 1

1869 1.917 0.2445 0.1778 0.0667
4,431.

12 (2 1) / 3 12 0.335 2 0.67 1) /(3 0.67)

nn
w p e

n nn

v d d d
N

K n n

From Fig. 5.37, the friction factor for n = 0.67 and N
Re

 = 4,431 is 0.00763. This can be verifi ed using Eq. 5.127. 
Thus, the frictional pressure drop is given by

2 2d 2(0.00763)(1869)(1.917)
1574 Pa/m

d [0.816(0.2445 0.1778)]
f

e

p f v

s d
,

or, in fi eld units,

d 1.574 Pa/m
0.0696 psi/ft

d 22.6202 (Pa/m)/(psi/ft)
fp

s
,

and for 100 ft, the pressure drop is Dp
f
 = 6.7 psi.

If we compute the friction using the Irvine equation, we get

23 1.34674 4.67

7 4.69

2 4 2 4 0.67
( ) 0.002368

3 1 3 0.67 17 7

nn

n

n
D n

n
,

thus giving

0.3322
0.002368

0.00825
4,431

f ,

which is 8% higher than the one computed with the full Metzner and Reed equation.
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Fig. 5.37—Friction factors for power-law-fl uid model [from Bourgoyne et al. (1991)]. 
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Similarly, we can estimate the friction factor using the approach of Guillot; hence,

( ) 0.0893 0.0246 log(0.67) 0.08502a n ,

and

( ) 0.263 0.138 log(0.67) 0.2870b n .

Hence,

0.287( )
Re( ) 0.08502 4,431 0.0076b n

MRf a n N ,

which is within only 1% of the friction factor computed with the full Metzner and Reed equation.

Herschel-Bulkley Model. Various approaches have been suggested to compute the friction factor for turbulent 
fl ow of Herschel-Bulkley fl uids. In a study by Heywood and Cheng (1984) for turbulent fl ow of Herschel-Bulkley 
fl uids in pipes, the authors proposed that computation of the friction factor for turbulent fl ow of power-law fl uids 
can be done either by using the Metzner and Reed approach (Metzner and Reed 1955) by deriving the local power-
law parameters of Herschel-Bulkley fl uids, thus taking into account the effect of the yield stress, or by neglecting 
the effect of the yield stress, because at the high shear rates encountered during turbulent fl ow, the yield stress 
should have minimal impact. For this situation, the equation proposed for power-law fl uids, Eq. 5.127, should be 
used, with the K and n values being the same values as the parameters of the Herschel-Bulkley fl uid. This was 
further supported in a recent paper by Brand et al. (2001) through measurements of pressure drop in a pipe in 
turbulent fl ow. These results indicate that in turbulent fl ow, the plug zone completely disappears, and the yield 
stress of the fl uid does not play any role in the pressure-drop generation.

Reed and Pilehvari (1993) presented a model for laminar, transitional, and turbulent fl ow of drilling muds using 
the Herschel-Bulkley rheological model. They proposed modifi cations to the diameter(s) of the conduit to account 
for the non-Newtonian effect and the use of the approach of Metzner and Reed (1955) with the generalized power-
law model.

Subramanian and Azar (2000) compared predictions of the Bingham plastic approach, the power-law approach, 
and the Reed and Pilehvari approach for Herschel-Bulkley fl uids with their experimental data for a series of ex-
periments with bentonite, glycol mud, polymer mud, and petroleum-free vegetable-oil mud fl owing in a pipe and 
an annulus. In many cases, the Reed and Pilehvari approach with the Herschel-Bulkley fl uid gave the most satis-
factory results. For some cases with polymer mud (turbulent fl ow and rough pipe) and for the petroleum-free 
vegetable-oil mud, the predictions from all models were at odds with the measurements.

5.6.3 Recommended Friction Models. The Petroleum Engineering Handbook, Volume II: Drilling Engineering 
(Lake 2006) recommends the following friction factor calculations:

Rheological Model 1: Newtonian Fluids.
Pipe Flow.
Frictional pressure drop:

d
d

22fp f v

s D
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.130)

Reynolds number:

N
Re

 = Drv/m,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.131)

where D is the pipe ID.
Laminar fl ow:

f = 16/N
Re

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.132)

for N
Re

 < 2100.
Turbulent fl ow:



256 Fundamentals of Drilling Engineering

10

1 / 1.2613
4 log

3.7065 Re

k D

f f
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.133)

for N
Re

 > 3000, where k is the absolute pipe roughness in the same units as D.
Annular Flow.
Frictional pressure drop:

d
d

22f

w p

p f v

s d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.134)

Reynolds number:

N
Re

 = (d
w
 – d

p
) rv/m,   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.135)

where d
w
 is the annulus OD, and d

p
 is the ID.

Laminar fl ow:
f = 16/N

Re
 (approximate),   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (5.136)

for N
Re

 < 2100.
Turbulent fl ow:

10

1 / 1.2613
4 log

3.7065 Re

k D

f f
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (5.137)

for N
Re

 > 3000, where k is the absolute pipe roughness in the same units as D.
Rheological Model 2: Bingham Plastic Fluids.

Pipe Flow.
Frictional pressure drop:

d
d

22fp f v

s D
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.138)

Reynolds number:

N
Re

 = Drv/m
P 
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.139)

where D is the pipe ID, and m
P
 is the plastic viscosity.

Laminar fl ow:

f = 16[(1/N
Re

) + (N
He

/(6N
Re

2))–(N
He

4/(3f 3N
Re

 8))],    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.140)

for N
Re

 < N
ReBP1

, where

N
He

 = t
o 
rD2/m

p
2.

N
ReBP1

 = N
ReBP2

 – 866(1– a
c
).

N
ReBP2

 = N
He

[(0.968774 – 1.362439a
c
 + 0.1600822a

c
4)/(8a

c
)].

a
c
 = ¾[(((2N

He
/24,500) + (3/4)) – {((2N

He
/24,500) + (3/4))2 

– 4(N
He

/24,500)2}1/2)/(2(N
He

/24,500))].

Turbulent fl ow:

f = A(N
Re

)–B,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.141)
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for N
Re

 > N
ReBP2

, where

For N
He

< = 0.75 × 105, A = 0.20656 and B = 0.3780.

For 0.75 × 105 < N
He

 <=1.575 × 105, A = 0.26365 and B = 0.38931.

For N
He

 > 0.75 × 105, A = 0.20521, B = 0.35579, and N
He

 = t
o 
rD2/m

p
2 .

Annular Flow.
Frictional pressure drop:

d
d

22f

w p

p f v

s d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.142)

Reynolds number:

N
Re

 = (d
w 

– d
p
) rv/m

p 
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (5.143)

where d
w
 is the annulus OD, d

p
 is the ID, and m

P
 is the plastic viscosity.

Laminar fl ow:

f = 16[(1/N
Re

) + (N
He

/(6N
Re

2))–(N
He

4/(3f 3N
Re

 8))],    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.144)

for N
Re

 < N
ReBP1

, where

N
He

 = t
o
r(dw2 – dp2)/mp2.

N
Re

BP
1
 = N

ReBP2
 – 866(1– a

c
).

N
ReBP2

 = N
He

 [(0.968774 – 1.362439a
c
 + 0.1600822a

c
4)/(8a

c
)].

a
c
 = ¾[(((2 N

He
 /24,500) + (3/4)) – {((2 N

He
 /24,500) + (3/4))2 

–4(N
He

 /24,500)2}1/2)/(2(N
He

 /24,500))].

Turbulent fl ow:

f = A(N
Re

)–B,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.145)

for N
Re

 > N
ReBP2

, where

For N
He

 < = 0.75 × 105, A = 0.20656 and B = 0.3780.

For 0.75 × 105 < N
He

 <=1.575 × 105, A = 0.26365 and B = 0.38931.

For N
He

 > 0.75 × 105, A = 0.20521, B = 0.35579, and N
He

 = t
o
r(d

w
2 – d

p
2)/m

p
2.

Slit Flow.
Frictional pressure drop:

d
d

22f

w p

p f v

s d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (5.146)

Reynolds number:

N
Re

 = (d
w 

– d
p
) rv/(1.5m

p
),    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.147)

where d
w
 is the annulus OD, d

p
 is the ID, and m

P
 is the plastic viscosity.
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Laminar fl ow:

f = 16[(1/N
Re

) + ((9/8) N
He

/(6N
Re

2)) – (N
He

4/(3f 3N
Re

8))],    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.148)

for N
Re

 < N
ReBP1

, where

N
He

 = t
o
r(d

w
2 – d

p
2)/(1.5m

p
)2.

N
ReBP1

 = N
ReBP2

 – 577(1– a
c
).

N
ReBP2

 = N
He

 [(0.968774 – 1.362439a
c
 + 0.1600822a

c
4)/(12a

c
)].

a
c
 = ¾[(((2 N

He
/24,500) + (3/4)) – {((2 N

He
/24,500) + (3/4))2 

        –4(N
He

/24,500)2}1/2)/(2(N
He

/24,500))].

Turbulent fl ow:

f = A(N
Re

)–B,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.149)

for N
Re

 > N
Re

BP
2
, where

For N
He

< = 0.75 × 105, A = 0.20656 and B = 0.3780.

For 0.75  × 105 < N
He

 <=1.575x105, A = 0.26365 and B = 0.38931.

For N
He

 > 0.75 × 105, A = 0.20521, B = 0.35579, and N
He

 = t
o
 r(dw2 – dp2)/(1.5m

p
)2.

Rheological Model 3: Power Law Fluids.
Pipe Flow.
Frictional pressure drop:

d
d

22fp f v

s D
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.150)

Reynolds number:

N
Re

 = D n v 2–n r/(8 n–1 [(3n + 1)/4n)] n K),    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.151)

where D is the pipe ID.
Laminar fl ow:

f = 16/N
Re

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.152)

for N
Re

 £ 3250 – 1150n.
Turbulent fl ow:

1/f 1/2 = {[(4.0 /n0.75 ) log (N
Re

f (1–n/2 )]–(0.4/n1.2)},    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.153)

for N
Re

 ³ 4150 – 1150n.
Annular Flow.
Frictional pressure drop:

d
d

22f

w p

p f v

s d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.154)

Reynolds number:

N
Re

 = (d
w 

– d
p
) n v 2–n r/(8 n–1 [(3n + 1)/4n)] n K),    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.155)
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where d
w
 is the annulus OD and d

p
 is the ID.

Laminar fl ow:

f = 16/N
Re

 (approximate),    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    ( 5.156)

for N
Re

 £ 3250 – 1150n.
Turbulent fl ow:

1/f 1/2 = {[(4.0 /n0.75 ) log(N
Re     

f (1-n/2 )] – (0.4/n1.2)},    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.157)

for N
Re

 ³ 4150 – 1150n.
Slit Flow.
Frictional pressure drop:

d
d

22f

w p

p f v

s d d
.   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.158)

Reynolds number:

N
Re

 = (d
w
 – d

p 
) n v 2–n r/(12 n–1 [(2n + 1)/3n)] n K).    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    ( 5.159)

Laminar fl ow:

f = 24/N
Re

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.160)

for N
Re

 £ 3250 – 1150n.
Turbulent fl ow:

1/f 1/2 = {[(4.0 /n0.75 ) log (N
Re   

f (1–n/2 )] – (0.4/n1.2 )},    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.161)

for N
Re

 ³ 4150 – 1150n.

Rheological Model 4: Yield Power Law Fluids.
Pipe Flow.
Frictional pressure drop:

d
d

22fp f v

s D
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.162)

Reynolds number:

N
ReYPL

 = 8r v 2 / (t
y
 +  Kġ en),    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.163)

where

ge = 8v/D
e
.

d
d

2 2

4
.

3 1

2 2
(1 ) 1 .

1 2 1 1 2

.

.
4

e c

c

y

w

f

w

n
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C x
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Laminar fl ow:

f = 16/N
ReYPL

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.164)

for N
Re

 £ 3250 – 1150n.
Turbulent fl ow:

1/f 1/2 = {[(4.0 /n0.75 ) log (N
Re

 f (1–n/2 )]–(0.4/n1.2)},    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.165)

for N
Re

 ³ 4150 – 1150n.
Slit Flow.
Frictional pressure drop:

d
d

22f

w p

p f v

s d d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.166)

Reynolds number:

N
ReYPL

 = 12r v 2 / (t
y
 +  Kġen),    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.167)

where

g
e
 = 12v/D

e
,

3 ,
2 1

(1 ) 1 ,
1

,

e c w p

c

y

w

n
D C d d

n
nx

C x
n

x

 

d
d

,
4

w p f
w

d d p

s
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.168)

Laminar fl ow:

f = 24/N
Re

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.169)

for N
Re

 £ 3250 – 1150n.
Turbulent fl ow:

1/f  1/2 = {[(4.0 /n0.75 ) log (N
Re

f (1–n/2 )]–(0.4/n1.2 )},    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.170)

for N
Re

 ³ 4150–1150n.

5.7 Frictional Pressure Drop in an Eccentric Annulus
In general, the pipe in the wellbore is usually not concentric with the wellbore. Only in special cases, such as a 
casing string with centralizers or a “packed” bottomhole assembly, will there be near-concentric annuli. The fric-
tional pressure drop in an eccentric annulus is known to be less than the frictional pressure drop in a concentric 
annulus. For laminar fl ow of Newtonian fl uids, the pressure drop in a fully eccentric annulus is approximately half 
the pressure drop in a concentric annulus. For turbulent fl ow, the difference is about 30%. For non-Newtonian 
fl uids, the effect is less, but still signifi cant. In deviated wells, the drillpipe should be fully eccentric over much of 
the deviated wellbore, resulting in reduced fl uid friction.

Defi ne the correction factor for eccentricity:
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d
d

d
d

,

f

e
e

f

c

p

s
C

p

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.171)

where subscript e denotes eccentric, and subscript c denotes concentric. The geometry of an eccentric annulus and 
the defi nition of the degree of eccentricity dr

e
 are shown in Fig. 5.38. The eccentricity N

e
, a dimensionless number 

that ranges from zero (concentric annulus) to one (fully eccentric annulus), is given by

e
e

w p

r
N

r r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.172)

5.7.1 Newtonian Fluid Model. The laminar-fl ow analytic solution (Piercy et al. 1933) is not easy to derive and 
is very complex. For those interested, it is given on page 126 of White (1974). Fortunately, there is a simple solu-
tion for a narrow annulus:

23
1

2
e

e
c

q
N

q
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.173)

Note that full eccentricity increases the fl ow rate by a factor of 2½. The laminar fl ow solution for an annulus shows 
that the frictional pressure drop is proportional to the volume fl ow rate, so

2

2

2 3e

e

C
N

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.174)

For turbulent fl ow, Tao and Donovan (1955) have determined experimentally that, roughly,

2 31 .1975 1.8 1.0625e
e e e

c

q
N N N

q
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.175)

which is a cubic fi t to Fig. 5.39 for curve r
p
/r

w
 = 0.01. At full eccentricity, the fl ow rate is approximately 1.54 times 

the concentric rate. C
e
 for turbulent fl ow is

2 3

1

1 .1975 1.8 1.0625e

e e e

C
N N N

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.176)

r
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r
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δr
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Fig. 5.38—Defi nition of an eccentric annulus.
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5.7.2 Power-Law Model. C
e
 for laminar fl ow is determined on the basis of the methods used by Uner et al. (1989). 

The fl ow rate through a concentric annulus is given by

d
d

1/3
2 1/

1 1
2 2 1 2

n
nfw w

c r r

pr rn
q R R

n s K
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.177)

where R
r
 = r

p
/r

w
. The fl ow rate through an eccentric annulus was determined to be

d
d

1/ 23 1
, ,

2 2 1 2 2 ( )

n
rfw w

c r
r

Rpr rn
q F n R

n s K E R
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.178)

where

2 1/
2 2

0
( , , ) 1 sin cos d

n

r rF n R R ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.179)

/ 2 2 2

0
1 sin dE ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.180)

and

1 r

w p

R
r

r r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.181)

The function E(l) is the complete elliptic integral of the second kind. E(l) and the function F must be evaluated 
using numerical methods (Press et al. 1997). C

e
 for laminar fl ow of a power-law fl uid is then

1 2
1

, ,

n

n r
e r

r

E R
C R

F n R
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.182)

0        0.2       0.4      0.6      0.8      1.0
Relative Eccentricity, e

q
e
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c 1+3/2e
2

r
p
/r

w

Fig. 5.39—Volume fl ow through an eccentric annulus [from White (1974)]. Reproduced with permission from The 
McGraw Hill Companies.
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Because C
e
 depends only on l, n, and R

r
, C

e
 need be calculated only once, then used for all future frictional pres-

sure drop calculations, as long as the property n does not vary.
A simpler alternate expression for C

e
 was given by Haciislamoglu and Langlinais (1990). The equation is as 

follows:

0.8454 0.1852 0.2527

3 31 0.072 1.5 0.96p p pe
e e e

w w w

r r rN
C N n N

n r r r
.     . . . . . . . . . . . . . . . . . . . . . .    (5.183)

Eq. 5.183 is valid for eccentricities ranging from 0 to 0.95, inner- to outer-pipe diameter ratios of 0.3 to 0.9, and 
fl ow behavior indices from 0.4 to 1.0.

Example 5.29 Before cementing, mud is circulating in a deviated well, with a centralized 9⅝-in. casing string in 
a 12¼-in. hole. The diameter of the centralizers is 11⅛ in., and the drilling mud has a fl ow behavior index of 0.65 
and a consistency index of 155 eq cp. The pressure-loss gradient in a concentric annulus is estimated to be 0.0442 
psi/ft. Determine the frictional-pressure-loss gradient for the eccentric annulus.

Solution. In SI units, the hole size r
w
, the outside casing diameter r

p
, the centralizer diameter r

c
, the consistency 

index, K, and the pressure gradient dp
f  
/dL are given by

wr
12.25in.

= 0.156m,
2 3.937 ×10 in./m

pr
9.625in.

= 0.122m,
2 3.937 ×10 in./m

cr
11.125in.

= 0.141m,
2 3.937 ×10 in./m

1

3

155 eq cp
1.55 10 Pa s

10 eq cp / Pa s
n

n
K

2

4

d 0.0442 psi/ft
10 Pa/m

d 4.4207 10 psi/ft/Pa/m

fp

L

Assuming the centralizers are touching the low side of the hole, the eccentricity is

0.156 0.141
0.44

0.156 0.122
w c

e
w p

r r
N

r r

The correlation factor for eccentricity is given by Eq. 5.183:

eC
0.8454 0.1852

3

0.2527
3

0.44 0.122 0.122
1 0.072 1.5 0.44 0.65

0.65 0.156 0.156

0.122
0.96 0.44 0.65 ,

0.156

1 0.0396 0.0984 0.0620 0.924.eC

The frictional-pressure-loss gradient in the deviated annular section is given by
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d d

d d
0.924 100 Pa/m 92.4 Pa/m 0.041psi/ft.f f

e

e c

p p
C

s s

C
e
 for turbulent fl ow is determined by applying the same techniques to the turbulent velocity profi le determined 

by Dodge and Metzner (1959):

*
1 2 3*

ln
u

y u
u

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.184)

where

1/ 4
1 2.458n ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.185)

3 / 4
2 2.458(2 )n n ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.186)

3/ 4 3 / 4
3

12.458ln 3.475 1.960 0.815 0.707 ln 3n n n n
K n

,    . . . . . . . . . . . . . . . . . . . . .    (5.187)

and

*u .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.188)

The volume fl ow rate through the concentric annulus is given by

/ 2* *
1 2 30 / 2
ln ln d d ,

,

w h

c c ch

w p

q u y u y x

h r r

.w pw r r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.189)

Integrating Eq. 5.188 gives

* *
1 2 3ln / 2 1 lnc c cq u A h u ,

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.190)

where A is the fl ow area. The equivalent integral to Eq. 5.188 for eccentric fl ow is given by

2 ( ) / 2* *
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   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.191)

The integral in Eq. 5.190 must be evaluated numerically. C
e
 can then be determined:

2*

*
c

e

e

u
C

u
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.192)

where u
c
* is determined from the concentric solution given by Dodge and Metzner (1959). The resulting nonlinear 

equation must be solved for C
e
 numerically (e.g., by using Newton’s method). Because C

e
 depends only on l

1
, l

2
, 

l
3
, n, and R

r
, C

e
 need be calculated only once, then used for all future frictional-pressure-drop calculations, as long 

as the properties r, K, and n do not vary.
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5.7.3 Bingham Plastic and Herschel-Bulkley Models. For fl uid models with a yield stress, neither laminar fl ow 
nor turbulent fl ow models have been developed. For low fl ow rates, however, one would expect that the sheared 
fl uid layer would be relatively thin, so that it would be similar to a concentric fl ow. For fully turbulent fl ow, the 
Bingham Plastic model should mimic the behavior of a turbulent Newtonian fl uid. The fully turbulent Herschel-
Bulkley Model should mimic the power-law turbulent model. The intermediate cases, with merging sheared fl uid 
zones, are currently not well understood.

5.8 Frictional Pressure Drop With Pipe Movement
In Sections 5.3 through 5.7, equations that described the movement of fl uids through conduits were developed. 
However, when running casing or making a trip, a slightly different situation is encountered in that the conduit is 
moved through the fl uid rather than the fl uid through the conduit.

As pipe is moved downward in a well, the drilling fl uid must move upward to exit the region being entered by 
the new volume of the extending pipe. Likewise, an upward pipe movement requires a downward fl uid movement. 
The fl ow pattern of the moving fl uid can be either laminar or turbulent, depending on the velocity at which the 
pipe is moved. It is possible to derive mathematical equations for surge and swab pressures only for the laminar 
fl ow pattern. Empirical correlations must be used if the fl ow pattern is turbulent.

5.8.1 Newtonian Fluid Model. The basic differential equations derived in Section 5.11 to describe laminar fl ow 
in circular pipes and annuli apply to conduit movement through the fl uid as well as fl uid movement through the 
conduit. Only the boundary conditions are different.

A typical velocity profi le for laminar fl ow caused by pulling pipe out of the hole at velocity –v
p
 is shown in Fig. 

5.40. Note that the velocity profi le inside the inner pipe caused by a vertical pipe movement is identical to the 
velocity profi le caused by pumping fl uid down the inner pipe. If the mean fl uid velocity in the pipe is expressed 
relative to the pipe wall, the pipe-fl ow equation developed in Section 5.5 can be applied. Substituting the term 

( )i pv v  for v  yields

2

d
,

d 1500
f i pp v v

s d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.193)

or, in SI units,

2

d
32 .

d
f i pp v v

s d    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.193a)

The velocity profi le in the annulus caused by vertical pipe movement differs from the velocity profi le caused by 
pumping fl uid through the annulus in that the velocity at the wall of the inner pipe is not zero. The slot-fl ow rep-
resentation of the annular geometry usually is preferred because of its relative simplicity:

2 2 2 2 2
2 1 2 1 2 1

d
( )( ) ( ).

12 d 2
f pp v

q r r r r r r
L

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.194)

Expressing the fl ow rate in terms of the mean fl ow velocity in the annulus, av , and solving for the frictional pres-
sure gradient dp

f   
/ds gives

d
d

1
2

2

2 1

12 a pf
v vp

s r r
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.195)

5.8.2 Non-Newtonian Fluid Model. It is possible to derive laminar-fl ow surge-pressure equations using non-
Newtonian fl uid models such as the Bingham plastic and power-law models. This can be accomplished by chang-
ing the boundary conditions at the pipe wall from v = 0 to v = –v

p
 in the annular-fl ow derivations for the Bingham 

plastic model and power-law model given in Section 5.5. However, the resulting surge-pressure equations are far 
too complex for fi eld application.

A simplifi ed technique for computing surge pressures was presented by Burkhardt (1961). The simplifi ed 
method is based on the use of an effective fl uid velocity in the annular-fl ow equations. The suitability of the 
annular-fl ow equations for predicting surge pressure is suggested by the similarity of the annular fl ow and 
surge pressure equations for the Newtonian fl uid model. For  example, the Newtonian equation (Eq. 5.195) is 
obtained if an effective mean annular velocity aev , defi ned by
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0.5ae pv v v ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.196)

is used in the slot-fl ow equation. Burkhardt suggested using an effective mean annular velocity given by

ae pv v K v ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.197)

where the constant K, called the mud-clinging constant, is obtained for a given annular geometry using Fig. 5.41.
Burkhardt obtained the correlation for K using complex equations derived for the Bingham plastic model using 

a slot-fl ow representation of the annulus. Note that for small annular clearances, where surge and swab pressures 
will be most signifi cant, the value of K approaches 0.5.

Mud-clinging-constant values also can be obtained from the work of Schuh (1964) for the power-law fl uid 
model and a slot approximation of annular geometry. The resulting curve is used irrespective of fl ow pattern and 
falls between Burkhardt’s curves for laminar and turbulent fl ow.

Brooks (1982) developed a series of curves reporting the mud-clinging constant for laminar fl ow for Bingham 
plastic and power-law fl uids. Assumptions in developing the analytical calculations were a concentric annulus and 
incompressible fl uids. Curves to determine the mud-clinging constant were proposed as a function of the annulus 

vp

vi

va

d1

d2

d

v

v=–vp

v=0

Fig. 5.40—Velocity profi les for laminar-fl ow pattern when pipe is pulled out of hole [from Bourgoyne et al. (1991)].
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diameter ratio, the ratio of actual fl uid displacement to the maximum or closed-end pipe displacement, and the 
Bingham number relative to the pipe velocity or the power-law fl ow behavior index. The Bingham number relative 
to the pipe velocity is defi ned as follows:

2 1
Bi

( )y

p
p p

d d
N

v
  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.198)

where mp is the plastic viscosity and t
y
 is the yield point for Bingham plastic fl uids.

Figs. 5.42 and 5.43  show an example of the mud-clinging-constant graphs reported by Brooks (1982) for a 
Bingham plastic fl uid with Bingham number of 100 and for a power-law fl uid with fl ow behavior index of 0.5, 
respectively.

For Newtonian fl uids, the mud-clinging constant is not dependent on the fl ow velocity ratio, v/v
max

, and the re-
lated curve follows the one reported by Burkhardt (1961), while the analytical expression is that given by Fontenot 
and Clark (1974). However, the effect of the non-Newtonian behavior of a drilling fl uid reduces the value of the 
mud-clinging constant, and this effect is more remarkable for low values of the ratio of bulk-fl uid velocity to bulk 
velocity displaced by closed-end pipe, v/v

max
. This  results in a considerable error when making surge-pressure 

evaluations.

5.8.3 Turbulent Flow. Empirical correlations have not been developed specifi cally for the calculations of surge 
and swab pressures when in turbulent fl ow. However, Burkhardt (1961) and Schuh (1964) have presented corre-
lations for the mud-clinging constant K applicable for turbulent fl ow and for commonly used annular geometries 
(Fig. 5.41). Recall that these annular fl ow equations, in turn, are based on an empirical correlation developed for 
circular pipes. Unfortunately, no published criteria for establishing the onset of turbulence are available. The usual 
procedure is to calculate surge and swab pressures for both the laminar and turbulent fl ow patterns and then to use 
the larger value.

5.9 Calculating Steady-State Pressures in a Wellbore
Assuming we can calculate DP for each constant area section of drillpipe or annulus (Sections 5.5 through 5.8) 
and can calculate DP for nozzles and area changes (Section 5.3), we are now ready to evaluate the pressures in a 
wellbore.

5.9.1 Circulating Wellbore Pressures. A typical wellbore fl uid system is illustrated in Fig. 5.2. Summing all 
pressure drops gives the standpipe pressure:

α4+α

α2–2α2 Inα–1

2(1–α2) Inα
K=

Turbulent flow, Burkhardt 25

Schuh 26
Laminar flow, Burkhardt 25

Laminar, Fontenot 27

Turbulent flow, Fontenot 27

α=d1/d2—Ratio of Pipe Diameter to Hole Diameter
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Fig. 5.41—Mud-clinging constant, K, for computing swab/surge pressures [from Bourgoyne et al. (1991)].
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Pstandpipe = DP(pipe joints) + DP(internal upsets) + DP(area changes) + DP(bit)
 + DP(annulus) + DP(tool joints) + DP(misc) + DP(choke) + P

atm
.    . . . . . . . . . . . . . . .     (5.199)

In this calculation, we assume that the calculations are started from a known pressure value, most conveniently 
the atmospheric pressure at the exit of the annulus. This choice is particularly suitable if air or foam drilling is 
being considered because “choked” gas fl ow will almost never occur. For this choice of “boundary condition,” 
fl ow calculations proceed backward from the annulus exit to the standpipe pressure. For fl ow in the annulus, both 
fl uid density and fl uid friction will increase pressure going down the annulus. Where fl uid type changes, the pres-
sure and fl ow velocity are continuous:

P(fl uid
a
) = P(fl uid

b
)

v(fl uid
a
) = v(fl uid

b
) at the interface.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.200)
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Fig. 5.42—Mud-clinging constant plotted against annulus-diameter ratio for a Bingham plastic fl uid and Bingham num-
ber equal to 100 [from Bourgoyne et al. (1991)].
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Fig. 5.43—Mud-clinging constant plotted against annulus-diameter ratio for a power-law fl uid with fl ow-behavior index 
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Notice that mass fl ow rate may not be continuous at the interface between two fl uids because the densities may 
be different. When calculating from the bit to the standpipe, inside the drillstring, fl uid density will decrease 
pressure and fl uid friction will increase pressure. Pressure changes due to internal upsets and tool joints con-
sist of two area changes and a short fl ow section, as shown in Fig. 5.44.

Pressure drop across the bit consists of two area changes, into the nozzles and exit from the nozzles into the 
open hole annular area. Miscellaneous pressure drops are drops through tools, mud motors, fl oats, or in-pipe 
chokes. Sometimes, the manufacturer will have this pressure loss information tabulated; otherwise, one must es-
timate the pressure loss through use of the tool internal dimensions.

If the standpipe pressure is given, then the fl ow exiting the annulus must be choked back to  atmospheric pressure:

DP(exit choke) = Pstandpipe – DP(pipe joints) – DP(internal upsets) – DP(area changes)
 – DP(bit) – DP(annulus) – DP(tool joints) – DP(misc) – P

atm
.    . . . . . . . . . . . . . . . .    (5.201)

5.9.2 Surge Pressure Prediction. An exceptional fl ow case is the operation of running pipe or casing into the well-
bore. Moving pipe into the wellbore displaces fl uid, and the fl ow of this fl uid generates pressures called surge pres-
sures. When the pipe is pulled from the well, negative pressures are generated, and these pressures are called swab 
pressures. In most wells, the magnitude of the pressure surges is not critical because proper casing design and mud 
programs leave large enough margins between fracture pressures and formation-fl uid pressures. Typically, dy-
namic fl uid fl ow is not a consideration, so a steady-state calculation can be performed. A certain fraction of wells, 
however, cannot be designed with large surge-pressure margins. In these critical wells, pressure surges must be 
maintained within narrow limits. In other critical wells, pressure margins may be large, but pressure surges may 
still be a concern. Some operations are particularly prone to large pressure surges (e.g., running of low-clearance 
liners in deep wells). The reader is referred to papers on dynamic surge calculations, and a later section on dy-
namic pressure calculation will give a taste of this type of calculation.

The surge-pressure analysis consists of two analytical regions: the pipe-annulus region and the pipe-to-bottom-
hole region (Fig. 5.45). The fl uid fl ow in the pipe-annulus region should be solved using techniques already dis-
cussed, but with the following special considerations: frictional pressure drop must be solved for fl ow in an 
annulus with a moving pipe, and in deviated wells, the effect of annulus eccentricity should be considered. The 
analysis of the pipe-to-bottomhole region should consist of a static pressure analysis, with pressure boundary 
condition determined by the fl uid fl ow at the bit, or pipe end if running casing. The pipe-annulus model and the 
pipe-to-bottomhole model then are connected through a comprehensive set of force and displacement compatibil-
ity relations.

Surface Boundary Conditions. There are six variables that can be specifi ed at the surface:
p

1
 = pipe pressure,

v
1
 = pipe fl uid velocity,

p
2
 = annulus pressure,

Formation

Tool Joint

Drillpipe

tool jointsPΔ

annulusPΔdrillpipePΔ

internal upsetPΔ
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Fig. 5.44—Pressure-drop calculation sections.
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v
2
 = annulus fl uid velocity,

v
3
 = pipe velocity.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.202)

A maximum of three boundary conditions can be specifi ed at the surface. For surge without circulation, the fol-
lowing boundary conditions hold:

p
1
 = atmospheric pressure,

p
2
 = atmospheric pressure,

v
3
 = specifi ed pipe velocity.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.203)

For a closed-end pipe, the following boundary conditions hold:
v

1
 = v

3
, fl uid velocity equals pipe velocity;

p
2
 = atmospheric pressure;

v
3
 = specifi ed pipe velocity.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.204)

For circulation with circulation rate q, the boundary conditions are
v

1
 = v

3
 + q/A

1
 (i.e., fl uid velocity equals pipe velocity plus circulation velocity),

p
2
 = atmospheric pressure,

v
3
 = specifi ed pipe velocity.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.205)

End of Pipe Boundary Conditions.  There are 11 variables that can be specifi ed at the moving pipe end (see 
Fig. 5.46):

p
1
 = pipe pressure,

v
1
 = pipe velocity,

p
2
 = pipe annulus pressure,

v
2
 = pipe annulus velocity,

p
n
 = pipe nozzle pressure,

v
n
 = pipe nozzle velocity,

p
r
 = annulus return area pressure,

v
r
 = annulus return area velocity,

p = pipe-to-bottomhole pressure,

Pipe-annulus

region

Pipe to bottomhole

region

Fig. 5.45—Surge-pressure calculation regions.
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v = pipe-to-bottomhole velocity,
v

3
 = pipe velocity.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.206)

A total of seven boundary conditions can be specifi ed at the moving pipe end with bit, as shown in Fig. 5.47.
For the surge model, three mass-balance equations and four nozzle-pressure relations were used:
Pipe-to-bottomhole mass balance:

A
r
v

r
 + A

n
v

n
 + A

b
v

3
 – Av = 0    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.207)

Pipe annulus mass balance:

A
2
v

2
 – (A

2
 – A

r
)v

3
 – A

r
v

r
 = 0    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.208)

Pipe mass balance:

A
1
v

1
 – (A

1
 – A

n
)v

3
 – A

n
v

n
 = 0    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.209)

Pipe nozzle pressures:

2 2
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,
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n n
d

n n
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C

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (5.210)

Annulus return pressures:

2 2
2 2

2 2

,
2

.
2

r r
d

r r
d

P P v v
C

P P v v
C

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.211)

The boundary conditions are greatly simplifi ed for a pipe without a bit:

A
1
v

1
 + A

2
v

2
 + A

3
v

3
 – Av = 0    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.212)
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Fig. 5.46—Balance of mass at the bit.
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and
p

1
 = p

2
 = p

r
 = p

n
 = p,

v
1
 = vn,

v
2
 = v

r  
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 

   
(5.213)

The boundary condition imposed by a fl oat is the requirement that

v
1
 – v

3
 < 0.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.214)

If the solution of the boundary conditions does not satisfy this condition, the boundary conditions must be solved 
again with the new requirement:

v
1
 = v

3
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.215)

Change of Cross-Sectional Area. Changes in the cross-sectional area of the moving pipe generate an additional 
term in the balance of mass equations due to the fl uid displaced by the moving pipe, as shown in Fig. 5.47:

1 1 1 1 1 3A v A v A v ,   

2 2 2 2 2 3A v A v A v
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.216)

where

1 1 1A A A ,

2 2 2A A A .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.217)

The superscript minus sign (-) denotes upstream properties and the superscript plus sign (+) denotes downstream 
properties.

Surge Pressure Solution. Because of the complex boundary conditions, the solution of a steady-state surge pres-
sure is most easily solved with a computer program. For closed-pipe and circulating cases, the fl ow is defi ned so that 
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Fig. 5.47—Balance of mass for cross-sectional area changes.



Drilling Hydraulics 273

pressures can be calculated from the annulus exit to the standpipe, as discussed previously. For open pipe surges, the 
problem is fi nding how the fl ow splits between the pipe and the annulus, so that the pressures for both the pipe and 
the annulus match at the bit. One strategy for solving this problem is

1.  Calculate all pressures with all fl ow in the annulus, then check pressures at the bit; annulus pressure will 
be lower because of fl uid friction.

2.  Calculate all pressures with all fl ow in the pipe, then check pressures at the bit; pipe pressure will be lower 
because of fl uid friction.

3.  Calculate a division of fl ow between the pipe and annulus that will equalize the pressures at the bit.
4. Repeat Step 3 until the two pressures match within an acceptable tolerance.

The effi ciency of this calculation will depend on the method chosen for Step 3. With modern computers, this is 
not a particularly critical problem, so a simple interval halving technique would work. At the i th step, c

i
 is the 

fraction of fl ow in the pipe and (1-c
i
) is the fraction in the annulus. Previous steps show that c

p
 gives a higher 

annulus pressure and c
m
 gives a lower annulus pressure. Our new choice for c

i
 is ½(c

p
 + c

m
). We perform the pres-

sure calculation and fi nd that the annulus pressure is higher, so we assign c
p
 = c

i
. If the pressure difference is less 

than our tolerance, which we choose to be 1 psi, then the calculation is complete. Otherwise, we try another step. 
How do we establish c

p
 and c

m
? The initial two steps in the solution step should give us c

p
 = 0 and c

m
 = 1, respec-

tively. In some cases, such as small nozzles or restricted fl ow around the bit, fl uid must fl ow into either the pipe 
or the annulus, or the fl uid level must fall. For these cases, c may be negative or greater than one. It may be 
necessary to repeat Steps 1 and 2 to establish the initial set c

m
 and c

p
.

5.10 Dynamic Surge and Swab Pressures

5.10.1 Introduction. Pressure surges in critical wells are commonly calculated using steady-state fl ow surge 
models, such as those proposed by Burkhardt (1961) and Schuh (1964). Since these models do not consider the 
inertia of the fl uid or the compressibility of the fl uid-wellbore system, the validity of the steady fl ow assumption 
was questioned.

When a tubular (such as drillstring or casing) is moved in a hole fi lled with a fl uid, transient pressure fl uctuation 
can occur, causing the fl uid pressure at a given depth to oscillate above and below the hydrostatic pressure. Tran-
sients occur while either pulling out of the hole or tripping in the hole. It is natural to associate a pressure surge 
with tripping in, and a pressure swab with pulling out. However, due to the nature of transient pressure, both 
surges and swabs could occur in either case. For instance, while pulling out, the string is fi rst accelerated to the 
maximum trip speed, held at that speed for some time, and fi nally decelerated to rest for each stand pulled. Fig. 
5.48 shows a typical trip-in velocity profi le while tripping one stand of drillpipe in the hole. The graph includes 
picking up off the slips, lowering the stand in the hole, and stopping the stand to set the slips.

Although the pipe has been brought to rest at the surface, the bit does not come to rest at the same time, due 
to the longitudinal elasticity of the pipe. Therefore the pipe alternately stretches and shortens. Similarly, the 
fl uid inertia causes the fl uid to alternately compress and expand. Also, the wellbore contracts and expands, in 
response to the fl uid pressure and its own elasticity. As a result of these transient effects, the local pressure 
can go above as well as below the static pressure, causing both a surge and a swab. Eventually, the wellbore 
returns to its original shape, the pipe is back to its original length, the pressure is hydrostatic everywhere, and 
the pipe and fl uid are at rest everywhere.

At the end of the 1970s Lubinski (1977) introduced a dynamic model that included the compressibility and 
density of the drilling mud. Later, Lal (1983) further improved the model, providing a useful analysis of the 
factors affecting surge and swab pressures, including formation elasticity or borehole expansion. Mitchell 
(1988) refi ned the previous model with the addition of the axial drillstring elasticity and the coupling between 
the pressure inside and outside the drillstring via the circumferential stiffness of the pipe wall. Bizanti et al. 
(1991) performed a sensitivity study to quantify the differences between steady-state and unsteady-state mod-
els. Rudolf and Suryanarayana (1998) reported fi eld  measurements of surge pressures to validate a fully dy-
namic surge model, as shown in Fig. 5.49 and Fig 5.50. Fig. 5.49 shows a typical transient swab/surge 
pressure against time while tripping in the hole one stand. The graph shows transient pressure behavior over 
60 seconds as seen at the bottom of the open hole, starting with the bit 9,366 ft above the hole bottom. The 
time of 0.00 seconds is when the drillstring is picked up off the slips to trip in one stand. The pressure in the 
wellbore drops below the pore pressure for approximately 10 seconds (between 17 and 27 seconds), because 
of pressure transients. In this length of time the hydrostatic pressure is below the pore pressure value of 12.0 
lbm/gal (in this example). The pressure transients continue long after the stand has been set in the slips (near 
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the 10-second mark) and are almost completely damped out after 60 seconds. This occurs for each stand low-
ered into the hole.

Steine et al. (1996) reported on surge and swab experiments performed in an inclined onshore slimhole well. 
Fig. 5.51 shows the downhole (1936 m measured depth) pressure development during tripping with plain drill 
water circulating at 150 L/min. In a successive paper, Bach et al. (1997) reported on a sensitivity study preformed 
on the data obtained from the tests. Wang et al. (1997) studied the effect of unsteady motion of closed-end casing 
strings in concentric annuli on wellbore surge and swab pressures. Recently, Mitchell (2004) carried out a study 
on the dynamic surge pressures with high viscous forces in a low-clearance liner annulus. It is well known that, 
due to narrow margins between pore pressures and fracture gradients, low clearance produces large fl uid friction 
effects, and as a consequence surge pressures can strongly affect casing design. The low clearance between hole 
and liner restricts return fl ow to such an extent that all the displaced fl uid fl ows inside the liner, and the annulus 
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fl uid is swabbed behind the liner. The possibility of taking a kick while tripping in this kind of well may be sig-
nifi cant.

While surge pressures are the primary concern while tripping into a well, two mechanisms have been identifi ed 
for creating swabs: transient swabs caused by deceleration of the fl uid at the end of a trip, and swabs caused by 
restricted annular fl ow due to low clearance. The second mechanism is possibly more serious because steady-state 
swab pressures are possible.

5.10.2 Dynamic Pressure Prediction. Calculating dynamic pressures in a wellbore are signifi cantly more diffi -
cult than calculating steady-state fl owing conditions. In a dynamic calculation, there are two effects not consid-
ered in steady fl ow: fl uid inertia and fl uid accumulation. In steady-state mass conservation, fl ow of fl uid into a 
volume was matched by an equivalent fl ow out of the volume. In the dynamic calculation, there may not be equal 
infl ow and outfl ow, but instead, fl uid may accumulate within the volume. For fl uid accumulation to occur, either 
the fl uid must compress or the wellbore must expand. When considering the momentum equation, the fl uid at rest 
must be accelerated to its fi nal fl ow rate, and then decelerated when pipe motion stops. The fl uid inertia resists this 
change in velocity.

Typically, dynamic fl uid fl ow is not a consideration. The major exception is the operation of running pipe or 
casing into the wellbore, where dynamic pressure variation may be as important as pressures caused by fl uid fric-
tion.

Governing Equations—Dynamic Pressure Prediction . The fl uid pressures and velocities in open hole are 
determined by solving two coupled partial differential equations: the balance of mass and the balance of mo-
mentum.

Balance of Mass.

d d
d d

1 1
0

b

A P v

A P K t z
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.218)

where
A = cross-sectional area, m2;
P = pressure, Pa;
K

b
 = fl uid bulk modulus, Pa; and

v = fl uid velocity, m/s.
The term

d
d

1 1

b

A
C

A P K
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.219)

is the compressibility, C, of the wellbore/fl uid system (i.e., the change in wellbore volume per unit change in pres-
sure). The balance of mass consists of three effects: the expansion of the hole because of internal fl uid pressure, 
the compression of the fl uid because of changes in fl uid pressure, and the infl ux or outfl ux of the fl uid. The expan-
sion of the hole is governed by the elastic response of the formation and any casing cemented between the fl uid 
and the formation. The fl uid volume change is given by the bulk modulus K

b
. For drilling muds, K

b
 varies as a 
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Fig. 5.51—Surge/swab data measured downhole in plain drill water [after Steine et al. (1996)].
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function of composition, pressure, and temperature. The reciprocal of the bulk modulus is called the compress-
ibility.

Balance of Momentum.

d
d

cos 0f

v P
dP g

t z
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.220)

where
r = fl uid density, kg/m3;
dP

f
 = friction pressure loss, Pa/m;

g = gravitational constant, m/s2;
j = angle of inclination from the vertical;
and

d
d

v
t t z

The balance of momentum equation consists of four terms. The fi rst term in Eq. 5.220 represents the inertia 
of the fl uid [i.e., the acceleration of the fl uid (left side of Eq. 5.220) equals the sum of the forces on the fl uid 
(right side of Eq. 5.220)]. The last three terms are the forces on the fl uid. The fi rst of these terms is the pressure 
gradient. The second is the drag on the fl uid because of frictional or viscous forces. The friction pressure drop 
is a function of the type of fl uid and the velocity of the fl uid. Frictional drag is discussed in the section on 
rheology. The last force is the gravitational force.

The balance equations for flow with a pipe in the wellbore are similar to the equations for the openhole 
model with two important differences. First, the expansivity terms in the balance of mass equations depend 
on the pressures both inside and outside the pipe. For instance, increased annulus pressure can decrease the 
cross-sectional area inside the pipe, and increased pipe pressure can increase the cross-sectional area be-
cause of pipe elastic deformation. The second major difference is the effect of pipe speed on the frictional 
pressure drop in the annulus, as discussed in the steady-state surge article. Consult papers on dynamic surge 
pressures for more detail concerning the wellbore/pipe problem, such as Lubinski (1977) and Mitchell 
(1988).

Borehole Expansion. The balance of mass equation contains a term that relates the fl ow cross-sectional 
area to the fl uid pressures. This section discusses the application of elasticity theory to the determination of 
the coeffi cients in the balance of mass equation. If we assume that the formation outside the wellbore is elas-
tic, then the displacement of the borehole wall because of change in internal pressure is given by the elastic 
formula.

(1 )
2

h
f

f

D
u P

E
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.221)

where
u = radial displacement, m;
n

f
 = Poisson’s ratio for the formation; and

E
f
 = Young’s modulus for the formation, Pa.
The cross-sectional area of the annulus is given by

2
1

2 hA D u     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.222)

If we assume u is small compared to D
h
, we can calculate the following formula from Eqs. 5.221 and 5.222.
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Using typical values of formation elastic modulus, the borehole expansion term is the same order of magnitude as 
the fl uid compressibility and cannot be neglected.

Solution Method—Fluid Dynamics . The method of characteristics is the method most commonly used to 
solve the dynamic pressure-fl ow equations (Courant et al. 1953). This method has been extensively used in the 
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analysis of dynamic fl uid fl ow. The characteristic equations are developed using the methods given in Chapter 1 
of Lapidus and Pindar (1982). For the open hole below the moving pipe, the fl uid motion is governed by the sys-
tem of equations shown in Eq. 5.224.

1 0 0 / 0
0 1 0 /

1 0 0 / d / d
0 0 1 / d / d

C v z

v t h

a p z v

a p t p
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.224)

where the fi rst two equations are the balance of mass, with C equal to the wellbore-fl uid compressibility, and the 
balance of momentum, with friction and gravitation terms lumped together as h:

cosfh dP g
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.225)

The last two equations describe the variation of p and v along the characteristic curve x = z ± a*t, where a is the 
acoustic velocity. We have neglected the fl uid velocity relative to the acoustic velocity a in Eq. 5.224. This system 
of equations is overdetermined; that is, there are more equations than  unknowns. For this system to have a solu-
tion, the following condition must hold.
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 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.226)

Evaluating the determinant (Eq. 5.226) defi nes the acoustic velocity.
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The second condition that the equations have a solution requires
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This determinant produces the following differential equations along the characteristic curves.

d
d

p a v a h

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.229)

The characteristic equations are solved to give p(x,t) and v(x,t) in the following way. Eq. 5.229 is integrated along 
the characteristics for timestep Dt.

p z t a v z t p z a t a v z a t h d

c z t
z at

0
( , ) ( , ) ( ,0) ( ,0)

( , )

   

 . . . . . . . . . . . . . . . . . . . . . . . . .    (5.230)

and

p z t a v z t p z a t a v z a t h d

c z t
z at

0
( , ) ( , ) ( ,0) ( ,0)

( , )

   

 . . . . . . . . . . . . . . . . . . . . . . . . .    (5.231)
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Eqs. 5.230 and 5.231 can be solved simultaneously to give

1
2( , )p z t c c     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.232)

and

( , )
2

c c
v z t

a
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.233)

Generally, c+ and c- must be interpolated to give values at the points of interest (Streeter 1962).

Example 5.30 Consider a well with a rigid wellbore of depth 3000 m by 0.30 m diameter wellbore full 
of water at 35°C. The density of the water is 994 kg/m3 and the bulk modulus is 2.24´109 Pa. At t = 0, 
a closed end pipe with diameter of 0.194 m begins moving at 1 m/s. Calculate the acoustic velocity, and 
predict wellbore pressure transients for 2 seconds. Neglect the hydrostatic and frictional pressure drop 
terms (h = 0).

Solution. The acoustic velocity is 92.24 10 / 994 1,500 m/s . If we calculate at 1 second intervals, the well-
bore is divided into two sections with nodes at 0, 1500, and 3000 m. Boundary conditions are p = 0 at the surface 
and v defi ned by the pipe movement at z = 3000 m.

The volume displaced by the pipe is 
2 30.194m (1 m/s) 0.118 m / s

4
. The velocity of the fl uid in 

the annulus at 3000 m is 3 2 20.118m / s / 0.3 0.194 3.05m / s
4

v , that is, 3.05 m/s upward. At t = 0, 

all of the c +
 and c- are zero, so the transient pressure at the bottom of the well is given by Eq. 5.230, 

6994.1 1500 3.05 4.55 10 Pa 660 psip a v .

The formulas for c+ and c-
 for this case become:

( , ) ( 1500, ) ( 1500, )

( , ) ( 1500, ) ( 1500, )

c z t t p z t a v z t

c z t t p z t a v z t

For t = 1 second,

6 6

(0,1) (1500,0) (1500,0) 0

(1500,1) (0,0) (0,0) 0

(1500,1) (3000,0) (3000,0) 4.55 10 994 1500 3.05 9.10 10

(3000,1) (1500,0) (1500,0) 0

c p a v

c p a v

c p a v

c p a v

6

6

(0,1) 0
(0,1) 0
(1500,1) 4.55 10 Pa
(1500,1) 3.05 m / s
(3000,1) 4.55 10 Pa
(3000,1) 3.05 m / s

p

v

p

v

p

v

6 6

6 6

(0,2) (1500,1) (1500,1) 4.55 10 994 1500 3.05 9.10 10

(1500,2) (0,1) (0,1) 0

(1500,2) (3000,1) (3000,1) 4.55 10 994 1500 3.05 9.10 10

(3000,2) (1500,1) (1500,1) 0

c p a v

c p a v

c p a v

c p a v
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6

6

6

(0,2) 0
(0,2) 9.10 10 /(994) /(1500) 6.1 m / s
(1500, 2) 4.55 10 Pa
(1500, 2) 3.05 m / s
(3000, 2) 4.55 10 Pa
(3000, 2) 3.05 m / s

p

v

p

v

p

v

Notice that the pressure of 660 psi is released at the surface, doubling the fl ow rate. The student is encouraged to 
continue this calculation to see how the fl uid pressure and velocity change with time. Interpret what is happening 
with regard to fl uid inertia and fl uid compressibility.

5.11 Cuttings Transport

5.11.1 Introduction. Of the many functions that are performed by the drilling fl uid, the most important is to 
transport cuttings from the bit up the annulus to the surface. If the cuttings cannot be removed from the wellbore, 
drilling cannot proceed for long. In rotary drilling operations, both the fl uid and the rock fragments are moving. 
The situation is complicated further by the fact that the fl uid velocity varies from zero at the wall to a maximum 
at the center of annulus, In addition, the rotation of the drillpipe imparts centrifugal force on the rock fragments, 
which affects their relative location in the annulus. Because of the extreme complexity of this fl ow behavior, drill-
ing personnel have relied primarily on observation and experience for determining the lifting ability of the drilling 
fl uid. In practice, either the fl ow rate or effective viscosity of the fl uid is increased if problems related to ineffi cient 
cuttings removal are encountered. This has resulted in a natural tendency toward thick muds and high annular 
velocities. However, increasing the mud viscosity or fl ow rate can be detrimental to the cleaning action beneath 
the bit and cause a reduction in the penetration rate. Thus, there may be a considerable economic penalty associ-
ated with the use of a higher fl ow rate or mud viscosity than necessary. Transport is usually not a problem if the 
well is near vertical. However, considerable diffi culties can occur when the well is being drilled directionally, 
because cuttings may accumulate either in a stationary bed at hole angles above about 50° or in a moving, churn-
ing bed at lower hole angles. Drilling problems that may result include stuck pipe, lost circulation, high torque and 
drag, and poor cement jobs. The severity of such problems depends on the amount and location of cuttings dis-
tributed along the wellbore.

Vertical Wells. The problem of cuttings transport in vertical wells has been studied for many years, with the 
earliest analysis of the problem being that of Pigott (1941). Several authors have conducted experimental studies 
of drilling-fl uid carrying capacity. Williams and Bruce (1951) were among the fi rst to recognize the need for es-
tablishing the minimum annular velocity required to lift the cuttings. In 1951, they reported the results of exten-
sive laboratory and fi eld measurements on mud carrying capacity. Before their work, the minimum annular 
velocity generally used in practice was about 200 ft/min. As a result of their work, a value of about 100 ft/ min 
gradually was accepted. More recent experimental work by Sifferman and Becker (1974, 1992) indicates that 
while 100 ft/min may be required when the drilling fl uid is water, a minimum annular velocity of 50 ft/min should 
provide satisfactory cutting transport for a typical drilling fl uid.

The transport effi ciency in vertical wells is usually assessed by determining the settling velocity, which is 
dependent on particle size, density and shape; the drilling fl uid rheology and velocity; and the hole/pipe confi gu-
ration. Several investigators have proposed empirical correlations for estimating the cutting slip velocity experi-
enced during rotary-drilling operations. While these correlations should not be expected to give extremely accurate 
results for such a complex fl ow behavior, they do provide valuable insight in the selection of drilling-fl uid 
properties and pump-operating conditions. The correlations of Moore (1974), Chien (1971), and Walker and 
Mayes (1975) have achieved the most widespread acceptance.

Deviated Wells. Since the early 1980s, cuttings transport studies have focused on inclined wellbores. And an 
extensive body of literature on both experimental and modeling work has developed. Experimental work on 
cuttings transport in inclined wellbores has been conducted using fl ow loops at the University of Tulsa 
and elsewhere. Different mechanisms, which dominate with in different ranges of wellbore angle, determine 
cuttings bed heights and annular cuttings concentrations as functions of operating parameters (fl ow rate and 
penetration rate), wellbore confi guration (depth, hole angle, hole size or casing ID, and pipe size), fl uid properties 
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(density and rheology), cuttings characteristics (density, size, bed porosity, and angle of repose), and pipe 
eccentricity and rotary speed.

Laboratory experience indicates that the fl ow rate, if high enough, will always remove the cuttings for any fl uid, 
hole size, and hole angle. Unfortunately, fl ow rates high enough to transport cuttings up and out of the annulus 
effectively cannot be used in many wells because of limited pump capacity and/or high surface or downhole 
dynamic pressures. This is particularly true for high angles with hole sizes larger than 12¼ in. High rotary speeds 
and backreaming are often used when fl ow rate does not suffi ce.

5.11.2 Particle Slip Velocity. The earliest analytical studies of cuttings transport considered the fall of particles 
in a stagnant fl uid, with the hope that these results could be applied to a moving fl uid with some degree of accu-
racy. Most start with the relation developed by Stokes (1845) for creeping fl ow around a spherical particle (Fig. 
5.52).

3d s slF d v ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.234)

where
m = Newtonian viscosity of the fl uid, Pa×s;
d

s
 = particle diameter, m;

v
sl
 = particle slip velocity, m/s; and

F
d
 = total drag force on the particle, N.

When the Stokes drag is equated to the buoyant weight of the particle W,

3.
6 s f sW gd

   
. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.235)

Then, the slip velocity is given by

ds

v
Sl

v
Sl

Fd W

Fig. 5.52—Fluid movement about a settling particle (Bourgoyne et al. 1986).
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2

18
s s f

sl

d g
v

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.236)

where
r

s
 = solid density, kg/m3;

r
f  
= fl uid density, kg/m3; and

g = acceleration of gravity, m/s2.
Stokes’ law is accurate as long as turbulent eddies are not present in the particle’s wake. The onset of turbulence 
occurs for

Re
p
 > 0.1    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.237)

where the particle Reynolds number is given by

Re .f sl s
p

v d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.238)

For turbulent slip velocities, the drag force is given by

2 ,
8d f sl sF f v d     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.239)

where f is an empirically determined friction factor. The friction factor is a function of the particle Reynolds num-
ber and the shape of the particle given by Y, the sphericity. Table 5.2 gives the sphericity of various particle 
shapes.

The friction factor/Reynolds number relationship is shown in Fig. 5.53 for a range of sphericity. The particle 
slip velocity for turbulent fl ow is given by

3 ( )2
.

3
s s f

sl
f

gd
v

f
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.240)

If we defi ne a laminar friction factor, f = 24/Re
p
, then Eq. 5.240 is valid for all Reynolds numbers.

Example 5.31 How much sand having a mean diameter of 0.025 in. and a sphericity of 0.81 will settle to the 
bottom of the hole if circulation is stopped for 30 minutes? The drilling fl uid is 8.33 lbm/gal water, having a vis-
cosity of 1 cp and containing approximately 1% sand by volume. The specifi c gravity of the sand is 2.6.

TABLE 5.2—SPHERICITIES FOR VARIOUS

PARTICLE SHAPES (Bourgoyne et al. 1991)

Shape Sphericity

Sphere 1.0
Octahedron 0.85
Cube 0.81

Prism
0.77
0.76
0.73

Cylinders
h = r/15 0.25
h = r/10 0.32
h = r/3 0.59
h = r 0.83
h = 2r 0.87
h = 3r 0.96
h = 10r 0.69
h = 20r 0.58
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Solution. In SI units the particle diameter d
s
, the fl uid density r

f 
, the fl uid viscosity m, and the solid density r

s 
 are

m
insd

0.025 in.
0.000635

3.937 10 ./m

lbm
3 3

3 3

8.33 lbm/gal
0.9981 10 kg/m

8.3454 10 ( /gal) /(kg/m )f

3
3

1cp
1.0 10 Pa s

10 cp/(Pa s)

3 3
3 3

2.6 8.33 lbm/gal
2.5952 10 kg/m

8.3454 10 (lbm/gal) /(kg/m )s

A slip velocity fi rst must be assumed to establish a point on the drag coeffi cient plot shown in Fig. 5.53. The fi rst 
guess is by assuming Stokes’ law is applicable, hence, Eq. 5.236 gives

22 0.0006351 1
2.6 1 998.1 9.81 0.351 m/s.

18 18 0.001
s

s f

d
V g

This slip velocity corresponds to a drag coeffi cient of

2 2

4 4 0.000635 2,595.2 998.1
9.81 0.109,

3 3 998.10.351
s fs

D
f

d
C g

V

and a Reynolds number of

998.1 0.351 0.000635
Re 222

0.001
f sVd

.

Entering Fig. 5.53 at the point (C
D
 = 0.109, Re = 222) and moving parallel to the slant lines to the curve for y = 

0.81 yields an intersection point at (C
D
 = 5, Re = 40). Thus, the slip velocity is given by
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Particle Reynolds Number

Based on Diameter of Equivalent Sphere

Fig. 5.53—Friction factors for computing particle slip velocity (Bourgoyne et al. 1986).
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4 4 9.81* 0.000635 2,595.2 998.1
0.0516 m/s 0.17 ft/s.

3 3 5 998.1
s fs

D f

gd
V

C

If circulation is stopped for 30 minutes, the sand will settle from approximately

30 min 0.0516 m/s 60 s/min 92.88 m 304.7 ft

From the bottom portion of the hole. If the sand packs with a porosity of 0.40, the fi ll on bottom is approximately

0.01
304.7 5 ft.

1 0.4

Non-Newtonian fl uids introduce new factors into particle-settling calculations. For a Bingham fl uid, the particle 
will remain suspended with no settling if

,
6

s
y s f

d

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.241)

where t
y
 is the fl uid YP. Otherwise, because no other analytic solutions exist, an “apparent” or “equivalent” vis-

cosity is determined from the non-Newtonian fl uid parameters. For example, Moore (1974) used the apparent 
viscosity proposed by Dodge and Metzner (1959) for a pseudoplastic fl uid.

1 2 1 ,
144 0.0208

n n

o i
a

D DK n

v n
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.242)

where
m

a 
= apparent viscosity, Pa×s;

K = consistency index for pseudoplastic fl uid, Pa×s;
n = power law index;
D

o
 = annulus OD, m;

D
i
 = annulus ID, m; and

v = annulus average fl ow velocity.
Chien (1971) determines apparent viscosity for a Bingham plastic fl uid as shown in Eq. 5.243.

5 y s

a p

d

v
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.243)

where m
p 
 is the plastic viscosity. The apparent viscosity models with most widespread acceptance are those of 

Moore (1974).

5.11.3 A Cuttings Transport Model for Vertical Wells. The following model was taken from Clark and Bick-
ham (1994), and is an example of what is called mechanistic modeling. For vertical well conditions, Fig. 5.54 
shows a schematic of the cuttings transport process in a YPL fl uid under laminar-fl ow conditions. The area open 
to fl ow is characterized as a tube instead of an annulus. This simplifi es the wellbore geometry. The tube diameter 
is based on the hydraulic diameter for pressure-drop calculations.

Because drilling fl uid often exhibits a yield stress, there may be a region, near the center of the cross section, 
where the shear stress is less than the yield stress. There, the mud will move as a plug (i.e., rigid body motion). 
The plug velocity is v

p
. The average cuttings concentration and velocity in the plug are c

p
 and v

cp
, respectively. In 

the annular region around the plug, the mud fl ows with a  velocity gradient and behaves as a viscous fl uid. The 
average annular velocity of the mud in this region is v

a
. In addition, for the cuttings in this region, the average 

concentration and velocity are c
a
 and v

ca
,  respectively.

Cross-Sectional Geometry. First, let us defi ne the basic wellbore geometry. The hydraulic diameter is defi ned 
as four times the fl ow area divided by the length of the wetted perimeter; namely,

hyd

4 cross-sectional area

wetted perimeter
D

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.244)
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For the wellbore annulus, the hydraulic diameter of the wellbore cross section is

hyd h pD D D ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.245)

where D
h
 is the wellbore diameter, and D

p
 is the drillpipe O

D
. The equivalent diameter is defi ned as

eq 4 /D A ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.246)

where A is the area open to fl ow. For the wellbore annulus, the equivalent diameter is

2 2
eq h pD D D .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.247)

The plug diameter ratio is

plug eq/p D D .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.248)

Flow Conditions. The mixture velocity is

mix
c mQ Q

v
A

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.249)

where Q
m
 is the volumetric fl ow rate of the mud and Q

c
 is the volumetric fl ow rate of the cuttings, which depends 

on the bit size and the penetration rate. In addition, the mixture velocity can be calculated from the average plug 
and annulus velocities in the equivalent pipe; namely,

2 2
mix 1a p p pv v v ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (5.250)

where we have used

2 2 2
4 4mix eq plug pluga pQ v D D v D ,

with v
p
 the plug velocity, v

a
 the average velocity outside the plug, and Eq. 5.248. See Fig. 5.54 for an illustration 

of these defi nitions.

Vcp

Vc
Vca

Vp

V

Va

Plug regionAnnular region

Cuttings
velocity

Mixture
velocity

Dplug

Deq

Cutting

Fig. 5.54—Cuttings-velocity profi le: YPL fl uid (from Lake 2006).
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Cuttings Concentration. The feed concentration is defi ned as

0
c

c m

Q
c

Q Q
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.251)

The average concentration, c, of cuttings can be calculated as

mix  orc a a p pQ cQ c Q c Q

ac c 2 21 p p pc ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.252)

where c
a 
 is the cuttings concentration in the annular region and c

p
 is the cuttings concentration in the plug region. 

The cuttings concentrations in the plug and annular regions are now assumed equal. This means that the sus-
pended cuttings are uniformly distributed across the area open to fl ow. Obviously, this assumption has a major 
impact, and the actual distribution is probably a function of wellbore geometry, fl uid properties, cuttings proper-
ties, and operating conditions. With this assumption, the volume fl ow rate of cuttings is:

c m sQ c v v A,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.253)

where v
m
 is the average velocity of the mud, and v

s
 is the average settling velocity of the cuttings. The velocity of 

a cutting is going to be the velocity of the mud less the settling velocity. We multiply by the concentration c be-
cause the cuttings do not fi ll the entire volume of the annulus, but rather the fraction c of the volume. The volume 
fl ow rate of mud is

(1 )m mQ c v A .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.254)

We use (1–c) because the mud fi lls the volume of the annulus that is not fi lled with cuttings. Using Eqs. 5.249, 
5.251, 5.253, and 5.254, we obtain

mix
0

(1 )
,scv c

v
c c

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.255)

where

2 2(1 )s sa p sp pv v v     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.256)

is the average settling velocity in the axial direction. At this point, we have used all the principles of mass balance, 
but we are still left with unknowns. To fi nish the problem, we need correlations for the unknown quantities in 
terms of known quantities. The components of the settling velocities in the axial direction are given by correla-
tions

1 ,Re ,sa p sav V c v ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.257)

and

2 ,sp sp av V v Y ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.258)

where

4 ( )

3
s s

sa
D

d g
v

C
,

( )4
cos

3
s s

sp y
D

d g
v

C
,

Re s
P

a

d v
,

and
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3

( )
y

a
s s

Y
d g

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.259)

C
D
 is the drag coeffi cient of a sphere, t

y
 is the yield stress of the mud, and m

a
 is the apparent viscosity of the mud 

at the shear rate resulting from the settling cuttings.
Perry and Chilton (1973) provide the following correlation for V

1
:

1 (1 )n
saV v c ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.260)

while Clark and Bickham correlated their graphical method with the following equations:
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The following correlation was developed by Clark and Bickham to model cuttings settling in a mud with a yield 
stress:

0.94
2 (1 )sp aV v Y .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.262)

The value calculated using Eq. 5.255 is the minimum acceptable mixture velocity required for a cuttings con-
centration. Pigott (1941) recommended that the concentration of suspended cuttings be a value less than 5%. With 
this limit (c = 0.05), Eq. 5.255 becomes

mix
0

0.0475

0.05
sv

v
c

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (5.263)

where c
0
 < 0.05. This implies that the penetration rate must be limited to a rate that satisfi es this  equality.

For near-vertical cases, the critical mud-cuttings mixture velocity equals the value of Eq. 5.263. If the circula-
tion rate exceeds this value, the suspended cuttings concentration will re main less than 5%. However, if the mud 
circulation velocity is less than the cuttings’ settling velocity, the cuttings will eventually build up in the wellbore 
and plug it.

Example 5.32 An 8¾-in. vertical hole is being drilled at an ROP of 20 ft/hr into a formation with 15% porosity. 
The drill collar OD is 6½ in. and the mud circulation rate is 100 gal/min. Assume that the settling velocity of the 
cuttings is the same as that in Example 5.31 (0.17 ft/sec). What is the feed concentration of the cuttings and the 
actual concentration of the cuttings? Should you change any of your operating parameters?

Solution. The formation is porous with fl uid in the pores, so drilling produces both a solids volume fl ow rate 
and an additional fl uid volume fl ow rate. Assume the cuttings consist only of solids. Then,

A
hole

 = p/4(8.75)2 = 60 in.2;

Q
c
 = (1–0.15) ´ ROP ´ A

hole
 = 0.85(20 ft/hr)(12 in./ft)/60 min/hr)(60 in.2)

 = 204 in.3/min;

Added fl uid = .15 ´ ROP ´ A
hole

 = 0.15 (20 ft/hr)(12 in/ft)/60 min/hr)(60 in.2)
 = 36 in.3/min;

and

Q
m
 = 36 in.3/min + 100 gal/min ´ 231 in.3/gal = 23,140 in.3/min.

The feed concentration c
0
 = Q

c
/(Q

m
 + Q

c
) = 0.00874.
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The mixture velocity = (Q
c
 + Q

m
)/A = (204 + 23,140)/60 = 389 in./min.

The settling velocity = 0.17 ft/sec ´ 12 in./ft ´ 60 sec/min = 122 in./min.

Using these results in Eq. 5.255, we get a quadratic equation in c, with the positive root equal to 0.0127. The 
actual concentration is higher than the feed concentration because the cuttings travel at a slower speed than the 
fl uid. Pigott (1941) recommended that the concentration of suspended cut tings be a value less than 5%, so we are 
operating in a safe area, with potential to increase ROP.

5.11.4 Cuttings Transport in Deviated Wells. A comprehensive cuttings transport model should  allow a com-
plete analysis for the entire well, from surface to the bit. The different mech anisms which dominate within differ-
ent ranges of wellbore angle should be used to predict cuttings-bed heights and annular cuttings concentrations as 
functions of operating parameters (fl ow rate and penetration rate), wellbore confi guration (depth, hole angle, hole 
size, or casing ID, and pipe size), fl uid properties (density and rheology), cuttings characteristics (density, size, 
bed porosity, and angle of repose), pipe  eccentricity, and rotary speed. Because of the complexity, extensive ex-
perimental data were necessary to help formulate and validate the new cuttings transport models.

New Experimental Data.  Large-scale cuttings transport studies in inclined wellbores were initiated at the 
Tulsa U. Drilling Research Projects (TUDRP) in the 1980s with the support of major oil and service companies. 
A fl ow loop was built that consisted of a 40-ft length of 5-in. transparent annular test section and the means to vary 
and control

· The angles of inclination between vertical and horizontal
· Fluid pumping fl ow rate
· Drilling rate
· Drillpipe rotation and eccentricity

Tomren et al. (1986) found marked differences between the cuttings transport in inclined wellbores and that of 
vertical wellbores. A cuttings bed was observed to form at inclination angles of more than 35° from vertical, and 
this bed could slide back down for angles up to 50°. Eccentricity, created by the drillpipe lying on the low side 
of the annulus, was found to worsen the situation. Analysis of  annular fl uid fl ow showed that eccentricity diverts 
most of the fl uid fl ow away from the low side of the annulus, where the cuttings tend to settle, to the more open 
area above the drillpipe. Okrajni and Azar (1986) investigated the effect of fl uid rheology on hole cleaning. They 
observed that removing a cuttings bed with a high-viscosity fl uid (a remedy for the hole-cleaning problem in 
vertical wells) may in fact be detrimental in high-angle wellbores (assuming a zero to low drillpipe rotation), and 
that a low-viscosity fl uid that can promote turbulence is more helpful. On the basis of this fi nding and on the 
previous study, hole cleaning was found to depend on the angle of inclination, hydraulics, fl uid rheological prop-
erties, drillpipe eccentricity, and rate of penetration. Becker et al. (1991) then showed that the cuttings transport 
performance of the fl uids tested correlated best with the low-end-shear-rate viscosity, particularly the 6-rev/min 
Fann V-G viscometer dial readings.

By the mid-1980s, a general qualitative understanding of the hole-cleaning problem in highly  inclined well-
bores had been gained. Because more directional and horizontal wells with longer lateral reaches were being 
drilled, the need for more and new experimental data created a demand for additional fl ow loops. In partnership 
with Chevron, Conoco, Elf Aquitaine, and Philips, TUDRP built a new and larger fl ow loop, with a 100-ft-long 
test section of 8-in. annulus, while construction of new fl ow loops was also done at Heriot-Watt U., BP, Southwest 
Research, M.I. Drilling Fluids, and the Inst. Français du Pétrole. All the fl ow loops had a transparent part of the 
annular test section that allowed observation of the cuttings transport mechanism. These fl ow loops provided the 
necessary tools for collecting the badly needed experimental data.

Because of the new fl ow loops, a signifi cant amount of experimental data was collected on the effect of different 
parameters on cuttings transport under various conditions. The observa tions made, and subsequent analysis of, the 
data collected provided the basis for work toward formulating correlations/models.

Larsen (1993) conducted extensive studies on cuttings transport, totaling more than 700 tests with the TU-
DRP’s 5-in. fl ow loop. Tests were performed for angles from vertical to horizontal un der critical as well as 
subcritical fl ow conditions. Critical fl ow corresponds to the minimum annular average fl uid velocity that would 
prevent stationary accumulation of cuttings bed. Subcritical fl ow refers to the condition in which a stationary 
cuttings bed forms. Analysis of the experimental data shows that when the fl uid velocity is below the critical 
value, a cuttings bed starts to form and grows in thickness until the fl uid velocity above the bed reaches the 
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critical value. The critical velocity was reported in the range of 3 to 4 ft/sec, depending on the value of various 
parameters, such as the fl uid rheology, drilling rate, pipe eccentricity, and rotational speed. There were several 
new fi ndings:

· Under subcritical fl ow conditions, a medium-rheology mud (PV = 14 and YP = 14) consistently resulted in 
slightly smaller cuttings beds than those obtained with the low-rheology (PV = 7 and YP = 7) or the high-
rheology (PV = 21 and YP = 21) muds. Calculation of the Reynolds number for the tests suggests that the 
fl ow regime for this fl uid is neither turbulent nor laminar but in the transition range.

· The small cuttings size used (0.1 in.) in the study was more diffi cult to clean than the medium (0.175 in.) 
and the large (0.275 in.) sizes (drillpipe rev/min 0 to 50). The small cuttings formed a more packed and 
smooth bed.

· The height of the cuttings bed (between 55 and 90°) remained nearly the same, but there was a slight in-
crease at 65 to 70°.

· Signifi cant backsliding of the cuttings bed was observed for angles from 35 to 55°.

Seeberger et al. (1989) reported that elevating the low-shear-rate viscosities enhances the cuttings-transport 
performance of oil muds. Sifferman and Becker (1992) conducted a series of hole-cleaning experiments in an 
8-in. fl ow loop. Statistical analysis of the data showed interaction among various parameters; thus, simple rela-
tionships could not be derived. For example, the effect of drillpipe rotation on cuttings transport depended also on 
the size of the cuttings and the fl uid rheology. The effect of rotation was more pronounced for smaller particles 
and for more vis cous muds. Bassal (1995) completed a study of the effect of drillpipe rotation on cuttings trans-
port in inclined wellbores. The variables considered in his work were drillpipe rotary speed, hole inclination, fl uid 
rheology, cuttings size, and fl uid fl ow rate. Results have shown that drillpipe rotation has a signifi cant effect on 
hole cleaning in directional-well drilling. The level of enhancement in cuttings removal as a result of rotary speed 
is a function of a combination of fl uid rheology, cuttings size, fl uid fl ow rate, and the manner in which the drill-
string behaves dynamically.

Flow Patterns. When solid-liquid mixtures fl ow in inclined and horizontal conduits, we observe specifi c fl ow 
patterns within which the basic characteristics of the two-phase mixture remain the same. The parameters deter-
mining the type of the fl ow pattern are the liquid velocity, the solids loading, the rheology, and the density of the 
liquid, and the density, diameter, and sphericity of the solids. It is very important to analyze solid-liquid fl ow in 
horizontal and inclined annuli from the perspective of the fl ow patterns because, then, modeling the phenomenon 
is not only more appropriate but also more accurate.

In the direction of decreasing fl ow rate (or velocity) we can defi ne the following fl ow patterns for solid-liquid 
mixtures fl owing in pipes or annuli, as shown in Fig. 5.55 (Govier and Aziz 1972; Ford et al. 1990; Peden et al. 
1990; Kelessidis and Mpandelis 2003).

· Homogeneous (or pseudohomogeneous) suspension or fully suspended symmetric fl ow pattern. At high 
liquid velocities, the solids are more or less uniformly distributed in the liquid and there is no slip between 
the two phases. This fl ow pattern normally is observed with fairly fi ne solids, less than 1 mm in diameter, 
which does not normally occur during drilling applications.

· Heterogeneous suspension or suspended asymmetric fl ow pattern. As the liquid fl ow rate is reduced, there 
is a tendency for the solids to fl ow near the bottom of the pipe (or the outer pipe of the annulus), but still 
suspended, thus creating an asymmetric solids concentration. Larger particles tend to segregate towards 
the bottom, while only the much smaller particles are in suspension higher up the annulus. A subpattern 
has also been defi ned, the suspension/saltation pattern, in which the cuttings are still in suspension but are 
densely populated near the bottom wall, and, in fact, they are transported by jumping forward or saltating 
on the bottom wall surface.

· Continuous moving bed. At even-lower fl ow rates, the solids form a continuous bed, which is moving in the 
direction of the fl ow, while there may be some nonuniformly distributed solids in the liquid layer above, 
particularly if solids exist with smaller diameters than the ones forming the bed. The liquid velocity below 
which this is happening has been given different names like limit deposit velocity, minimum suspension 
velocity, or critical velocity.

· Separated moving beds (dune or blob fl ow). As the fl ow rate is further decreased, separated cuttings beds, 
sometimes called dunes or blobs, are formed on the low side of the annulus with fairly large thickness and 
length. Cuttings on the surface of the bed move forward while cuttings inside the bed remain static, but the 
whole blob moves in the direction of the fl ow, so that the appearance is as if the bed is transported and mov-
ing like a caterpillar.
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· Three-layer pattern. Further reduction in liquid velocity results in more and more solids depositing on the 
low side, resulting in three layers: a bed of solids that is not moving, forming a stationary bed, a moving bed 
of solids on top of the stationary bed, and a heterogeneous liquid-solid mixture above. There is a strong 
interaction between the heterogeneous solid-liquid mixture and the moving bed, with solids deposited on 
the bed and re-entrained in the heterogeneous solid-liquid mixture. There is a point of equilibrium where, 
with the increase in height of the solids bed, the available area for fl ow of the heterogeneous mixture is 
decreased, resulting in higher mixture velocities and, hence, an increase in the erosion of the bed by the 
heterogeneous solid-liquid mixture.

At even lower liquid velocities, the solids pile up in the pipe (or annulus) and full blockage may  occur. Experi-
mental evidence and theoretical analysis indicate that this may occur at relatively high solids concentration, not 
normally encountered during normal drilling operations. However, if cuttings transport is ineffi cient, resulting in 
high solids concentration, especially in sections where large cross-sectional areas exist (e.g., in annulus wash-
outs), this fl ow pattern may occur, resulting in considerable problems for the drilling process.

5.11.5 Factors Affecting Cuttings Transport. Field evidence, laboratory testing, and theoretical modeling have 
provided signifi cant information concerning the major factors that affect cuttings- transport effi ciency in horizon-
tal and inclined wellbores. These factors are the annulus fl ow rate, hole inclination, fl uid density and rheology, 
drillpipe rotation and eccentricity, cuttings size, fl uid type, annular clearance, and solids volumetric concentration. 
Their signifi cance is analyzed below, based on reported experimental and modeling results.

Flow Rate. The velocity in the annulus is one of the major factors affecting hole cleaning ability in horizontal 
and inclined wellbores, both for cuttings-carrying capacity of the fl uid and for bed erosion (Tomren et al. 1986; 
Sifferman and Becker 1992), and the recommendation is to use the highest fl ow rates that will not erode the well-
bore (Hemphill and Larsen 1993). If a bed is formed, in order to erode it we should resort to either mechanical 
action, with wiper trips, or hydraulic action, either by increasing the fl ow rate or by reducing the viscosity in order 
to achieve turbulent fl ow (Li and Walker 1999, 2001; Leising and Walton 2002). Modeling and fi eld data show 
that pump output is the key factor in enhancing hole cleaning potential, and more so for extended-reach wells. If 
the pump capacity is low, changes in rheology will not affect hole cleaning (Hemphill and Pogue 1999). Computer 
simulations and modeling of the process, together with comparison with experimental data, produced results 
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showing that effi cient cuttings transport in inclined eccentric annuli is strongly related to computed mean viscous 
shear stresses averaged over the lower half of the annulus, which of course are related to the fl ow rate, fl uid rhe-
ology, and annular hole clearance (Chin 2001).

Hole Inclination. Hole angle has a profound effect on the minimum velocity, defi ned above  (Tomren et al. 
1986; Peden et al. 1990; Ford et al. 1990; Sifferman and Becker 1992; Bassal 1995). There appears to exist a 
critical range of hole inclination angles for which hole cleaning is more diffi cult compared to other angles, but 
there is some disagreement among various investigators. Some fi nd that the critical angles were between 35 and 
55° from the vertical, because at these angles there is always bed formation and the bed slides downward against 
the fl ow (Tomren et al. 1986). Others fi nd them between 40 and 60° (Ford et al. 1990; Peden et al. 1990), while 
others fi nd that angles between 60 and 90° are the most diffi cult to clean (Sifferman and Becker 1992; Larsen et 
al. 1993).

Density. Mud weight has been determined as one of the major factors (Sifferman and Becker 1992) or as the 
second most signifi cant factor after mud velocity (Hemphill and Larsen 1993) affecting hole cleaning in full-scale 
inclined wellbores, because of the buoyancy effect, which reduces the cuttings settling velocity. Field data have 
demonstrated improved effi ciencies when weighted sweeps were used instead of high-viscosity sweeps for hole 
cleaning in deviated wellbores. Minimization of  cuttings buildup in the annulus was achieved by allowing regular 
circulation periods with rotation and with the bit off bottom and utilizing engineered sweeps. Weighted sweeps 
with weights of 3.0 to 3.5 lbm/gal (360 to 420 kg/m3) above the mud weight, with volumes of approximately 50 
bbl (4.5 m3), in 10.625-in. (0.27-m) holes, had a profound effect in improving the cuttings transport effi ciency 
compared with plain drilling fl uids or high-viscosity sweeps (Power et al. 2000).

Pipe Rotation. The effect of drillpipe rotation on cuttings transport effi ciency has been studied by several 
investigators, both experimentally and using fi eld data, with mixed results, most of them  stating that pipe rotation 
is very benefi cial for cuttings transport. Some investigators believe that pipe rotation has a very small effect 
when mud fl ows in turbulent fl ow, but when fl ow is laminar the effect of rotation on cuttings transport ability is 
signifi cant.

Peden et al. (1990) and Ford et al. (1990) report data in which pipe rotation resulted in a smaller minimum 
velocity when using medium- or high-viscosity liquids, while this was not the case for water, for which no effect 
of rotation was observed. Fig. 5.56 shows some of their results depicting the combined effect of pipe rotation and 
hole inclination. For 120 rev/min (data points with the “D” symbol) and the conditions stated, the minimum 
velocity is very small with no effect on the minimum velocity of hole inclination between 15 and 90° from the 
vertical. On the other hand, for the case of no rotation (data points with the “+” symbol) and for the same condi-
tions, the minimum velocity was very large, on the order of 1.1 m/s, with hole inclination infl uencing the mini-
mum velocity as well. At a pipe rotation of 60 rev/min (data points with the “▲” symbol) the minimum velocity 
was  approximately ⅔ of the minimum velocity at no rotation and eight times more than the minimum velocity at 
120 rev/min.

Tomren et al. (1986) found that pipe rotation produced only a slight effect on transport performance in inclined 
annuli, although they studied only one rotational speed (50 rev/min) and the fl ow was laminar. Drillpipe rotation 
was found to be a major factor for the effi ciency of cuttings transport by Sifferman and Becker (1992). Laboratory 
and full-scale tests have shown that critical velocities on the order of 4 to 6 ft/sec (1.22 to 1.83 m/s) are necessary 
for steady hole cleaning, while fi eld experience shows that for large inclined holes the need is for 2- to 3-ft/sec 
(0.61- to 0.92-m/s) annular mud velocities (Bassal 1995). In his study, Bassal has shown that the discrepancy 
between laboratory testing results and fi eld observations was due to the underestimation of the effect of pipe ro-
tary speed, particularly at high rotational speeds.

While drillpipe rotation has a signifi cant effect on hole cleaning during directional drilling, there is a synergistic 
effect by mud rheology, cuttings size, and mud velocity. For horizontal wells, at low fl ow rates, the higher the 
rotational speed, the better the cuttings transport effi ciency, while at high fl ow rates, lower rotational speeds had 
the most effect (Sanchez et al. 1997).

Field data show that when drilling angle sections, periods of rotation with circulation should be  applied so 
that any cuttings that may have deposited on the hole walls will be agitated into the liquid and therefore enhance 
cleaning performance (Power et al. 2000). Cuttings erosion in extended-reach wells required extensive circula-
tion at several bottom-up hole volumes, and cuttings removal was greatly improved by rapid string rotation and 
reciprocation, especially at hole inclinations larger than 70° (Naegel et al. 1998). The authors state that hole 
cleaning was poor while in sliding mode, thus indicating the positive effect of pipe rotation, and that either low- 
or high-viscosity pills proved ineffective.

Lockett et al. (1993) studied the importance of rotation effects for effi cient hole cleaning using numerical sim-
ulation for both vertical and horizontal wellbores through the use of the Taylor number, N

Ta
. If N

Ta
 is greater than 

a critical number, which is a function of the Reynolds number, the geometry, and the fl uid properties for 
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non-Newtonian fl uids, the fl ow becomes unstable and pairs of toroidal counterrotating vortices are formed that aid 
cuttings lifting much like turbulent eddies do in turbulent fl ow. Although the presence of Taylor vortices in drilling 
simulations has not been demonstrated conclusively, the computer simulations of Lockett et al. (1993) indicated 
that should Taylor vortices be present in a drilling annulus, rock cuttings in the low side of the annulus will expe-
rience an oscillatory force due to these vortices with the peak of oscillations suffi cient to lift the particles with 
mass less than a critical value.

Rheology. Rheology appears to affect cuttings transport effi ciency, but its signifi cance is controversial. It 
has been studied extensively, since it is one of the factors that can be both manipulated and monitored during 
drilling. It is clear that if mud rheological properties are such that the fl uid is in turbulent fl ow in the annulus 
and the cuttings are in suspension, then the cuttings transport effi ciency is at the highest possible levels. In 
horizontal or near-horizontal wellbores, hole cleaning has been found to be more effi cient if a low-viscosity 
fl uid is pumped in turbulent fl ow rather than a high-viscosity fl uid in laminar fl ow (Okrajni and Azar 1986; 
Leising and Walton 1998, 2002; Walker and Li 2000).

The problems arise when the cuttings form a bed and the transport effi ciency depends then on the cuttings ero-
sion rate, which may be governed by fl uid rheology. Contributing to the controversy is the inability of the industry 
to standardize on the most appropriate rheological model that best describes the drilling fl uids used in the fi eld 
today. While there are still research reports that model the drilling fl uids as Bingham plastic or power-law fl uids, 
more and more investigators opt for the use of the more complex but apparently more accurate Herschel-Bulkley 
fl uid model across the shear rate spectrum encountered while fl owing up the annulus and particularly in the low-
shear-rate zone (1–50 s–1) where drilled cuttings are usually found to settle (Hemphill et al. 1993; Kenny et al. 
1998).

If the annulus is eccentric and the drilling fl uid behaves as a yield-pseudoplastic fl uid (Bingham plastic or 
Herschel-Bulkley), then if fl ow conditions are such that there is plug formation in the low side of the eccentric 
annulus, trapping of the solids may occur on the low side. Hence, by changing (reducing) the yield point value of 
the fl uid, bed erosion may be enhanced (Martins and Santana 1990).

Some investigators fi nd that for inclined wells, low-viscosity muds clean better than high-viscosity muds (San-
chez et al. 1997), while others fi nd that rheology has a moderate effect on cuttings transport (Sifferman and 
Becker 1992). If there are constraints on the pump output, hole cleaning can be enhanced through optimization of 
all rheological parameters of the drilling fl uid: K, n, and t

y
 (Hemphill and Pogue 1999).

Peden et al. (1990) and Ford et al. (1990) found a mixed effect of rheology on cuttings transport when cou-
pled with the other factors that affect cuttings transport effi ciency. For the rolling condition of cuttings (moving-
bed pattern) and small annulus clearance, water was the best fl uid for hole cleaning, giving smaller minimum 
velocities, while the high-viscosity fl uid was second best and the worst situation was with the low-viscosity 
fl uid. However, for the suspension pattern (heterogeneous fl ow pattern) and the small annulus clearance, the 
high-viscosity fl uid was the best, followed by water and then by the low-viscosity fl uid. Hence, the worst 
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situation for the small clearance was the low-viscosity fl uid with K = 0.392 Pa × s n and n » 0.65, with apparent 
viscosity of m

a
 » 65 cp at a shear rate of 170 s–1. For the rolling pattern (moving bed) and the large annulus 

clearance, the high-viscosity fl uid was the best, with the low-viscosity fl uid and water behaving in a similar 
manner. However, for the suspension pattern, it appears that fl uid rheology does not have any signifi cant  effect. 
These results prompted the authors to observe that turbulence in the annulus has a signifi cant effect on the hole 
cleaning process, an issue that is dealt with in more detail later on. These fi ndings are illustrated in Fig. 5.57.

Hemphill and Larsen (1993) suggest that the Herschel-Bulkley rheological model should be adopted for drilling 
fl uids. For higher angles of inclination it is the power-law fl ow behavior index n that signifi cantly affects cuttings 
transport because fl ow diversion from under the drillpipe is controlled by n. This conclusion is also derived when 
the drilling fl uid is modeled as a power-law fl uid by Kenny et al. (1998), with higher values of n promoting more 
fl ow under eccentric drillpipes. Experiments have shown that most pronounced vortices and higher velocities 
close to a stationary wall were obtained with fl uids having higher n values (Philip et al. 1998). These observations 
indicate that it is important to balance the need to minimize the settling velocities of cuttings with more viscous 
fl uids (requiring low n values) and the need to promote fl uid velocity close to the walls (requiring higher n values).

The viscoelastic and time-independent yield-pseudoplastic characteristics of biopolymer fl uids when examined 
for hole cleaning effi ciency showed that, when in laminar fl ow, these fl uids provided superior cuttings suspension 
properties and hole cleaning, which were aided by pipe rotation for a horizontal eccentric annulus (Zamora et al. 
1993).

The ability of the liquid to erode the cuttings bed once it is formed depends also on the way the cuttings pack 
and form the bed (Saasen 2002; Kjosnes et al. 2003). If the bed is loose and porous, it is possible to remove single 
cuttings particles, thus requiring smaller shear stresses and, hence, lower fl ow rates. If the bed is well consolidated 
by internal cohesive forces, then it becomes very diffi cult to erode and to remove single cuttings particles, so 
larger shear stresses are required. In order to accommodate these fi ndings, the authors propose to minimize gel-
strength formation and to keep the low-shear-rate viscosity as low as possible in the drilling fl uids so that cuttings 
bed consolidation is prevented, a suggestion also proposed by Leising and Walton (1998, 2002) for promoting 
turbulent fl ow.

Eccentricity. Most of the researchers mention the signifi cant negative impact of eccentricity on hole cleaning 
ability, but there are not many quantitative studies addressing this parameter. Okrajni and Azar (1986) note that 
for hole angles between 55 and 90° from vertical, the eccentricity effect is moderate in turbulent fl ow but signifi -
cant in laminar fl ow. For the smaller hole inclination angles, the effect is small for both laminar and turbulent fl ow. 
Others found eccentricity to have only a moderate effect on cuttings transport (Sifferman and Becker 1992). Clark 
and Bickham (1994) found that for small cuttings there was no eccentricity effect, while for larger cuttings the 
minimum velocity was 30% higher for the eccentric annulus.

Cuttings Size. Drilling action produces a range of cuttings sizes and shapes, which may all coexist at any given 
time in the annulus, with the majority of cuttings covering a range of US mesh sizes from 4 to 8, which is equivalent 
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pension and moving bed patterns [composed from data of Peden et al. (1990) and Ford et al. (1990)].
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to 2.36 to 4.75 mm (Aremu 1998; Cho et al. 2001a). Larger cuttings have been found more diffi cult to clean with 
the low-viscosity fl uids at all angles of inclination. However, with the high-viscosity fl uids, larger cuttings were 
easier to transport at angles less than 50° (Peden et al. 1990); but Sifferman and Becker (1992) found that cuttings 
size had only a moderate effect. On the contrary, Sanchez et al. (1997) found that smaller cuttings are more dif-
fi cult to transport.

If cuttings are in suspension, then smaller cuttings are easier to transport since the larger cuttings tend to settle 
at higher velocities in the same fl uid. Many investigators have reported that once a cuttings bed is formed, smaller 
cuttings are more diffi cult to erode than larger cuttings (Pilehvari et al. 1999; Ozbayoglu et al. 2004) because they 
form beds that are more packed and have smoother surfaces. On the other hand, Martins et al. (1996b) provided 
experimental results showing the opposite—that larger cuttings are more diffi cult to erode than smaller cuttings. 
If the cuttings are small but the drilling fl uid contains additives allowing them to bind together, they may form 
larger clusters that settle more readily, thus reducing hole cleaning effi ciency. While this situation may not be 
observed in laboratory testing because of the small time that cuttings are in contact with the liquid, such occur-
rences have been reported in the fi eld (Kjosnes et al. 2003). These authors suggest replacing the high-molecular-
weight polymers with low-molecular-weight polymers to give lower viscosities and lower gel strengths to induce 
turbulence.

Solids Volumetric Concentration. Sifferman and Becker (1992) found that solids concentration, which var-
ied from 1 to 4 vol%, had insignifi cant effect on minimum velocity. Similar results were presented by Larsen et 
al. (1993), who found a maximum of 25% variation in the minimum velocity (defi ned above) when they tripled 
the solids volumetric concentration from 0.65 to nearly 2 vol%. This should be expected because at these low 
concentrations particle-to-particle interactions are minimal, thus having no effect on hole cleaning. Particle-to-
particle interactions appear to be signifi cant for cuttings concentrations larger than approximately 10% by 
volume.

Mud Type (Water- or Oil-Based). Mud type, water- or oil-based but of the same rheology, normally should 
have insignifi cant effect, and such results have been reported by Sifferman and Becker (1992) and Hemphill 
and Larsen (1993). For similar properties, there were no signifi cant differences in hole cleaning ability of 
water- and oil-based muds, with a maximum of 10% variation among them, with oil-based muds providing 
slightly better hole cleaning. Fig. 5.58 shows results of critical fl ow rate as a function of inclination angle for 
three fl uids having similar API yield point values, similar t

y
 values from Herschel-Bulkley modeling, and 

close values of n, noting, however, that the densities of the three fl uids are different. For hole angles greater 
than 50° from the vertical, the critical fl ow rates for no cuttings accumulation in the annulus were approxi-
mately the same for the two fl uid types, and also they remained constant with a very small effect of hole 
inclination.
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Fig. 5.58—Critical fl ow rates (velocities) vs. hole angle for two WBMs and one OBM with similar rheological properties 
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Annular Clearance. Investigators examined the effect of annular clearance on hole cleaning ability. Peden et 
al. (1990) and Ford et al. (1990) studied two annular clearances, 0.95 in. and 1.95 in. They found that it was easier 
to clean the smaller annular clearance, requiring lower minimum velocity, for both the rolling (moving bed) and 
suspension patterns. Jalukar et al. (1996) found a linear dependence of critical velocity on annular gap width 
(hydraulic diameter), as shown in Fig. 5.59.

5.11.6 New Cuttings Transport Models. Larsen et al. (1993) developed a model for highly inclined (50 to 90° 
angle) wellbores. The model predicts the critical velocity as well as the cuttings-bed thickness when the fl ow rate 
is below that of the critical fl ow. Hemphill and Larsen (1996) showed that oil-based muds with comparable rheo-
logical properties performed about the same. Jalukar et al. (1996) modifi ed this model with a scaleup factor to 
correlate with the data obtained with the 8-in. TUDRP fl ow loop.

Zamora and Hanson (1991), on the basis of laboratory observations and fi eld experience, compiled 28 rules of 
thumb to improve high-angle hole cleaning. Luo and Bern (1992) presented charts to  determine hole-cleaning 
requirements in deviated wells. These empirical charts were devel oped on the basis of the data collected with the 
BP 8-in. fl ow loop, and they predicted the critical fl ow rates  required for prevention of cuttings-bed accumulation. 
The predictions have also been compared with some fi eld data.

Mechanistic Modeling. The existing cuttings-transport correlations and/or models have a few  empirical coef-
fi cients, determined based on laboratory and/or fi eld data. There is a need for developing comprehensive cuttings 
transport mechanistic models that can be verifi ed with experimental data.  Different levels of the mechanistic ap-
proach are possible and can be built on gradually. Ideally, a fl uid/solids interaction model, which would be cou-
pled and integrated with a fl uid-fl ow model to simulate the whole cuttings-transport process, is needed. Campos 
et al. (1995) recently made such an attempt, but much more work is needed to develop a comprehen sive solids/
liquid fl ow model.

Ford et al. (1990) published a model for the prediction of minimum transport velocity for two modes: cuttings 
suspension and cuttings rolling. The predictions were compared with laboratory data.

Gavignet and Sobey (1989) presented a cuttings transport model based on physical phenomena, similar to that 
published by Wilson (1970), for slurry fl ow in pipelines that is known as the double-layer model. The model has 
many interrelated equations and a substantial number of parameters, a few of which are diffi cult to determine. 
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Martin et al. (1987) developed a numerical correlation based on the cuttings-transport data that they had collected 
in the laboratory and in the fi eld.

Clark and Bickham (1994) presented a cuttings-transport model based on fl uid mechanics relationships, in 
which they assumed three cuttings-transport modes: settling, lifting, and rolling—each  dominant within a certain 
range of wellbore angles. Predictions of the model were compared with critical and subcritical fl ow data they had 
collected with the TUDRP’s 5- and 8-in. fl ow loops. A prediction of the model was also used to examine several 
situations in which poor cuttings transport had been responsible for drilling problems.

Campos et al. (1995) developed a mechanistic model for predicting the critical velocity as well as the cuttings-
bed height for subcritical fl ow conditions. Their work was based on earlier work by Oraskar and Whitmore for 
slurry transport in pipes. The model’s predictions are good for thin muds, but the model needs to be further refi ned 
to account for thick muds and pipe rotation.

Kenny et al. (1998) defi ned a lift factor that they used as an indicator of cuttings-transport performance. The lift 
factor is a combination of the fl uid velocity in the lower part of the annulus and the mud-settling velocity deter-
mined by Chien’s correlation (1971).

Fig. 5.60 illustrates the basic fl ow confi guration for mechanistic cuttings transport modeling. There are three 
distinct zones in this model: stationary cuttings bed, moving cuttings zone, and “cuttings free” mud-fl ow zone.

The cuttings-free mud fl ow creates a shear force at the interface with the moving cuttings bed, which drags the 
moving cuttings zone along with it. In the moving cuttings zone, gravity forces tend to make the cuttings fall onto 
the fi xed cuttings bed, while aerodynamic and gel forces tend to keep the cuttings suspended. At the interface 
between the moving cuttings zone and the stationary cuttings bed, fl uid friction is trying to strip off cuttings, 
which are held by gravity and cohesive forces. The balance of these forces determines whether the cuttings bed 
increases or decreases in depth. The critical fl ow rate for cuttings transport leaves the cuttings bed unchanged. For 
effective hole cleaning, the desired fl ow rate exceeds the critical fl ow rate.

5.11.7 Field Application. When the results of cuttings transport research and fi eld experience are integrated into 
a drilling program, hole-cleaning problems are avoided, and excellent drilling performance follows. This has 
certainly been the case when engineers achieved two new world records in extended-reach drilling.

Guild and Hill (1995) presented another example of integration of hole-cleaning research into fi eld practice. They 
reported trouble-free drilling in two extended-reach wells after they lost one well because of poor hole cleaning. 
Their program was designed to maximize the footage drilled between wiper trips and eliminate hole-cleaning back-
reaming trips before reaching the casing point. They devised a creative way to avoid signifi cant cuttings accumula-
tion by careful ly monitoring the pickup weight, rotating weight, and slackoff weight as drilling continued. They 
observed that cuttings accumulation in the hole caused the difference between the pickup weight and the slackoff 
weight to keep increasing, while cleaning the hole decreased the difference. By observing the changes in these pa-
rameters and by the use of other readily available information, they were able to closely monitor hole cleaning and 
control the situation.

Drillpipe
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Mud
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Fig. 5.60—Wellbore cross section with cuttings bed.
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Problems
5.1  Calculate the hydrostatic pressure at the bottom of the fl uid column for each case shown in Fig. 5.4. 

Answer: 5,460 psi for Case A.
5.2  Calculate the mud density required to fracture a stratum at 5,000 ft if the fracture pressure is 3,800 psig. 

Answer: 14.6 lbm/gal.
5.3  A mud program is designed for a development well with the following characteristics: target depth 

11,700 ft, vertical well, pore pressure at well depth estimated at 6,450 psia; average capacity of the drill 
pipe and of the annulus is 0.0704 bbl/ft, minimum mud velocity based on prior experience is 110 ft/min. 
Based on the above determine: (a) the appropriate mud weight, (b) the pressure gradient for the static 
mud, and (c) the minimum fl ow rate. 

  Answer: (a) 11.05 ppg; (b) 0.575 psi/ft; (c) 7.74 bbl/min.
5.4  A well is being drilled with a mud weight of 11 ppg at 8,000 ft with previous casing at 2,500 ft. (a) 

Determine the hydrostatic pressure at 8,000 ft and at 2,500 ft; (b) determine the pressure gradient at 
8,000 ft and at 2,500 ft; and (c) if the pore pressure gradient at 8,000 ft is 0.57 psi/ft, do you think you 
may have a problem while drilling and why?

5.5  An ideal gas has an average molecular weight of 20. What is the density of the gas at 2,000 psia and 600 R? 
Answer: 0.8 lbm/gal.

5.6  The mud density of a well is being increased from 10 to 12 lbm/gal. If the pump is stopped when the 
interface between the two muds is at a depth of 8,000 ft in the drillstring, what pressure must be held at 
the surface by the annular blowout preventers to stop the well from fl owing? What is the equivalent den-
sity in annulus at 4,000 ft after the blowout preventers are closed? Answer: 832 psig; 14 lbm/gal.

5.7  A well contains methane gas occupying the upper 6,000 ft of annulus. The mean gas temperature is 
170°F, and the surface pressure is 4,000 psia. (a) Estimate the pressure exerted against a sand below the 
bottom of the surface casing at a depth of 5,500 ft. Assume ideal gas behavior. Answer: 4,378 psia. (b) 
Calculate the equivalent density at a depth of 5,500 ft.  Answer: 15.3 lbm/gal.

5.8  A casing string is to be cemented in place at a depth of 10,000 ft. The well contains 10-lbm/gal mud 
when the casing string is placed on bottom. The cementing operation is designed so that the 10-lbm/gal 
mud will be displaced from the annulus by 500 ft of 8.5-lbm/gal mud fl ush, 2,000 ft of 12.7-lbm/gal 
fi ller cement, and 1,500 ft of 16.7-lbm/gal high-strength cement. The high-strength cement will be dis-
placed from the casing by 9-lbm/gal brine. Calculate the minimum pump pressure required to com-
pletely displace the casing. Assume no shoe joints are used.  Answer: 1,284 psig.

5.9  The penetration rate of the rotary-drilling process can be increased greatly by lowering the hydrostatic 
pressure exerted against the hole bottom. In areas where formation pressures are controlled easily, the 
effective hydrostatic pressure sometimes is reduced by injecting gas with the well fl uids. Calculate the 
volume of methane gas per volume of water (scf/gal) that must be injected at 5,000 ft to lower the effective 
hydrostatic gradient of fresh water to 6.5 lbm/gal. Assume ideal-gas behavior and an average gas temper-
ature of 174°F. Neglect the slip velocity of the gas relative to the water velocity. Answer: 0.764 scf/gal.

5.10  In order to determine annulus volume prior to cementing, it often is good practice to add CaC
2
 in the 

drillpipe and to detect the produced acetylene (C
2
H

2
) with the gas chromatograph and the gas trap. A 

combination of the mud fl ow rate and of detection time allows for the computation of total volume and, 
thus, the well diameter. In one such test in a 5,000 ft well (Fig. 5.61) drilled with an 8.5-in. bit, we add a 
t = 0, CaC

2
 that is detected after 0.9 hr at the surface. Compute the average well diameter and discuss 

D=2,500 ft

9⅝

D
=

2,
50

0 
ft

Fig. 5.61—Problem 5.10.
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your fi ndings. How can we use such information? Given data: 9⅝-in. casing with an ID of 9.063 in., and 
5.5-in. drillpipe with a 4.892-in. ID. Mud fl ow rate = 480 gal/min.

5.11  A massive gas sand at 10,000 ft having a porosity of 0.30 and a water saturation of 0.35 is being drilled 
at a rate of 80 ft/hr using a 9.875-in. bit. The drilling mud has a density of 12 lbm/gal and is being circu-
lated at a rate of 400 gal/min. The annular capacity is 2.8 gal/ft. The mean  temperature of the well is 600 
R. Ignore the slip velocity of the gas bubbles and rock cuttings. (a) After steady-state conditions are 
reached, what is the effective bottomhole pressure? Assume that the gas is pure methane and behaves as 
an ideal gas. Answer: 6,205 psia. (b) What is the equivalent mud weight in the annulus? Answer: 11.9 
lbm/gal. (c) What is the mud density of the mud leaving the annulus at the surface at atmospheric pres-
sure? Answer: 5.8 lbm/gal. (d) Make a plot of the density of the drilling fl uid in the annulus vs. depth. (e) 
Can the gas-cut mud at the surface be eliminated completely by increasing the mud density? Answer: No.

5.12  A 10-lbm/gal mud is fl owing at a steady rate of 160 gal/min down a drillpipe having an ID of 4.33 in. and an 
OD of 5 in. The diameter of the hole is 10 in. (a) Compute the average fl ow velocity in the drillpipe. Answer:
3.49 ft/sec. (b) Compute the average fl ow velocity in the annulus opposite the drillpipe. Answer: 0.871 ft/sec.

5.13  Determine the pressure at the bottom of the drill collars if the frictional loss in the drillstring is 900 psi, 
the fl ow rate is 350 gal/min, the mud density is 10 lbm/gal, and the well depth is 8,000 ft. The ID of the 
drill collars is 2.75 in. and the pressure developed by the pump is 2,600 psig. Answer: 5,860 psig.

5.14  We are drilling an 8.5-in vertical well after installing 9⅝ in. casing at 6,000 ft. We know that the pore pressure, 
p

f
, at 8,000 ft is 6,000 psia. (a) Compute the mud weight for safe drilling at 8,000 ft. (b) If the plastic viscosity 

is 15 cp and the YP is 10 lbf/100 ft2 for this mud weight, compute the bottomhole pressure, p
bh

, if the minimum 
mud fl ow rate is 250 gal/min. (c) Compare p

bh
 with p

f
 and discuss the implications of the differences observed. 

Given data: drill pipe OD/ID = 5.5 in./5.0 in., drill collars of 600 ft with OD/ID of 7.5 in./5.5 in.
5.15  A well is being drilled at 10,000 ft. Drilling has stopped and the mud is being circulated for hole cleaning. 

In a given time, the following parameters have been recorded: Q = 400 gal/min, r = 12 lbm/gal, mp
 
= 20 

cp, ty = 10 lbf/100 ft2 and pressure at the drillpipe is 2,980 psig. Drillpipe is 4.5 in. with 4.0 in. ID; the bit 
is 8.15 in. and has three nozzles—11⁄32, 12⁄32, and 12⁄32. Prior casing shoe is at 6,000 ft with a casing diameter 
of 9⅝ in. Determine the average well diameter. Analyze possible factors for being different than expected.

5.16  A 10-lbm/gal mud is being circulated at a rate of 600 gal/min. If the bit contains two 15/
32

-in. nozzles and 
one 17/

32
-in. nozzle and the pump pressure is 3,000 psi, what is the total frictional pressure loss in the well 

system? Answer: 1,969 psig.
5.17  While drilling a well, a drill bit is to be selected together with 3 nozzles. We have available 3 nozzles of 

14/
32 

in. and 2 nozzles of 13/
32

 in. It is desirable to have a bit pressure loss between 1,000 and 1,200 psi 
when mud fl ows, with a mud weight of 12 lbm/gal and a fl ow rate of 400 gal/min. State which nozzles 
you would choose and why.

5.18  Compute the pump pressure required to pump a 9-lbm/gal fl uid from sea level to an elevation of 1,000 ft. Assume 
that inertial and viscous (frictional) pressure changes are negligible. Answer: 468 psig.

5.19  A pump is being operated at a rate of 800 gal/min and a pressure of 3,000 psig. The density of the drilling 
fl uid is 15 lbm/gal, and the total nozzle area of the bit is 0.589 in.2 (a) Compute the power developed by 
the pump. Answer: 1,400 hp. (b) Compute the power loss to viscous effects. What happens to this en-
ergy? Answer: 210 hp. The energy is dissipated as heat. (c) Compute the impact force of the jets of fl uid 
against the bottom of the hole. Answer: 2,709 lbf.

5.20  Defi ne (a) Newtonian, (b) non-Newtonian, (c) shear stress, (d) shear rate, (e) pseudoplastic, (f) dilatant, 
(g) thixotropic, and (h) rheopectic.

5.21  A shear stress of 5 dyne/cm2 is measured in a fl uid for a shear rate of 20 sec–l. Compute the Newtonian 
or apparent viscosity in cp. Answer: 25 cp.

5.22  Fann35 viscometer readings are 20 at 300 rev/min and 40 at 600 rev/min. Would you consider the fl uid 
Newtonian? What is the apparent viscosity at 300 rev/min? What is the apparent viscosity at 600 rev/
min? The following shear-stress-rate behavior was observed.

Shear Rate
(sec–1)

Shear Stress
(dyne/cm2)

20 11.0

30 15.2

40 19.1

50 22.9

60 26.5
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 (a)  Plot shear stress (ordinate) vs. shear rate (abscissa). Make a second plot of shear stress (ordinate) vs. 
shear rate (abscissa) using log-log scales.

 (b)  Can the fl uid behavior be accurately modeled by the Newtonian, Bingham plastic, or power-law 
model? Answer: The fl uid appears to be a power-law fl uid, but considering possible error in the mea-
surements, a Bingham model is also not unreasonable. The fl uid does not appear to be Newtonian.

 (c)  Compute the apparent viscosity for each shear rate. Answer: 55 cp at 20 sec–1.
 (d)  Compute the YP and plastic viscosity using data taken at shear rates of 20 and 60 sec–1. Answer: t

y
 = 

3.3 dyne/cm2; m
p 
= 39 cp.

 (e)  Compute the consistency index and fl ow-behavior index using data taken at shear rates of 20 and 60 
sec–1. Answer: n = 0.8; K =100 eq cp.

5.23  A fl uid is reported as having a plastic viscosity of 40 cp and a YP of 7 lbf/100 ft2. Compute a consistency 
index and fl ow-behavior index for this fl uid. Answer: n = 0.888; K = 94 eq cp.

5.24  A 40-cp oil is fl owing through 9,000 ft of 3-in. tubing at a rate of 2,500 B/D. Compute the frictional 
pressure loss in the tubing. Assume that the fl ow pattern is laminar. Answer: 88 psig.

5.25  A 9.2-lbm/gal Newtonian fl uid having a viscosity of 30 cp is being circulated at a rate of 100 gal/min in a 
vertical well containing a 6-in.-ID casing and a 4.5-in.-OD drillstring. Compute the static and circulating 
pressure in the annulus of 15,000 ft. Assume that the fl ow pattern is laminar. Answer: 7,176 psig; 7,694 psig.

5.26  A Bingham plastic fl uid has a plastic viscosity of 50 cp and a YP of 12 lbf/100 ft2. Assuming that the fl ow 
pattern is laminar, compute the frictional pressure gradient resulting from (a) a fl ow rate of 50 gal/min 
through a drillstring having a 3.826-in. ID and (b) a fl ow rate of 90 gal/min through a 10×7-in. annulus. 
Answer: (a) 0.0171 psi/ft, (b) 0.0240 psi/ft.

5.27  Compute the equivalent density below the casing seat at 4,000 ft when a mud having a density of 10 lbm/
gal and a gel strength of 70 lbm/100 ft2 just begins to fl ow. The casing has an ID of 7.825 in., and the 
drillpipe has an OD of 5 in. Answer: 11.6 lbm/gal.

5.28  A 10-lbm/gal Newtonian fl uid having a viscosity of 25 cp is being circulated in a 12,000-ft well contain-
ing an 8.30-in.-ID casing and a 5 ½-in.-OD and 4.67-in.-ID drillstring at a rate of 75 gal/min. Compute 
the static and circulating bottomhole pressure, give the velocity profi le in the annulus, and compute the 
frictional loss in the drillstring. Assume that a laminar fl ow pattern exists both in the pipe and in the an-
nulus. Ignore the effects of bit and bit nozzles.

5.29  Compute the frictional pressure loss for the annulus discussed in Example 5.28 using a slot fl ow repre-
sentation of the annulus. Assume that the fl ow pattern is laminar.

5.30  A cement slurry that has a fl ow behavior index of 0.35 and a consistency index of 8,000 eq cp is being 
pumped in a 12.515×5.5-in. annulus at a rate of 300 gal/min. Assuming the fl ow pattern is laminar, com-
pute the frictional pressure loss per 1,000 ft of annulus. Also estimate the shear rate at the pipe wall.

5.31  An 8.5-lbm/gal brine having a viscosity of 3.0 cp is being circulated in a well at a rate of 400 gal/min. 
Determine whether the fl uid in the drillpipe is in laminar or turbulent fl ow if the ID of the drillpipe is 
4.670 in.

5.32  Determine the frictional pressure drop in 9,000 ft of 5-in. drillpipe having an ID of 4.408 in. if a 10 cp 
Newtonian fl uid having a density of 9.5 lbm/gal is pumped through the drillpipe at a rate of 300 gal/min.

5.33  An 11.5-lbm/gal mud having a plastic viscosity of 55 cp and a YP of 27 lbf/100 ft2 is being circulated at 
a rate of 550 gal/min. Estimate the frictional pressure loss in the annulus opposite 5 in. casing in a 6.5-in. 
hole, having a length of 1,000 ft. Assume turbulent fl ow.

5.34  A 16-lbm/gal cement slurry having a consistency index of 300 eq cp and a fl ow-behavior index of 0.75 
is being pumped at a rate of 500 gal/min between a 9.5-in.-diameter hole and a 7¾-in.-OD casing. De-
termine the frictional pressure loss per 100 ft of slurry using the power-law fl uid model. Use Eq. 5.175a 
to obtain the equivalent diameter.

5.35  A well is being drilled at a depth of 5,000 ft using water with a density of 8.33 lbm/gal and a viscosity of 1 cp 
as the drilling fl uid. The drillpipe has an OD of 4.5 in. and an ID of 3.826 in. The diameter of the hole is 6.5 in. 
The drilling fl uid is being circulated at a rate of 500 gal/min. Assume a relative roughness of zero. (a) Deter-
mine the fl ow pattern in the drillpipe. Answer: turbulent. (b) Determine the frictional pressure loss per 1,000 ft 
of drillpipe. Answer: 51.3 psi/1,000 ft. (c) Determine the fl ow pattern in the annular op posite the drillpipe. 
Answer: turbulent. (d) Determine the frictional pressure loss per 1,000 ft of annulus. Answer: 72.9 psi/1,000 ft.

5.36  Work Exercise 5.28 for a Bingham plastic fl uid having a density of 10 lbm/gal, a plastic viscosity of 25 cp, 
and a YP of 5 lbf/100 ft2. Answer: turbulent; 132 psi/1,000 ft; 185 psi/1,000 ft.

5.37  Work Exercise 5.28 for a power-law fluid having a density of 12 lbm/gal, a flow-behavior index 
of 0.75, and a consistency index of 200 eq cp. Answer: turbulent; 144 psi/1,000 ft; turbulent; 
205 psi/1,000 ft.



Drilling Hydraulics 299

5.38  A 15-lbm/gal cement slurry has a fl ow-behavior index of 0.3 and a consistency index of 9,000 
eq cp. Compute the fl ow rate required for turbulent fl ow in an 8.097 × 4.5-in. annulus. Estimate the fric-
tional pressure loss and the shear rate at the wall for this fl ow rate. Answer: for N

Re
 = 3,200, v  =11.5 ft/

sec, and q = 1,294 gal/min; 130 psi/1,000 ft;  = 817.
5.39  Mud is circulating in a deviated well, with a centralized 7⅝-in. casing string in a 9½-in. hole. The diam-

eter of the centralizers is 8⅛ in., and the drilling mud has a fl ow-behavior index of 0.65 and a consistency 
index of 155 eq cp. The pressure-loss gradient in a concentric annulus is estimated to be 0.0442 psi/ft. 
Determine the frictional-pressure-loss gradient for the eccentric annulus.

5.40  A 13⅜-in. casing is being run into a 17½-in. gauge vertical wellbore at 5 ft/sec. The wellbore is fi lled 
with fresh water of 8.34 lbm/gal, with Newtonian viscosity of 1 cp. The casing has a fl oat, so no fl uid 
fl ows into the casing. What is the steady-state surge pressure increment at 2,000 ft. caused by frictional 
pressure drop? Answer: 0.55 psi.

Nomenclature
 a,b = coeffi cients in gas pressure calculation
 a(n) = Guillot function, dimensionless, Eq. 5.129
 b(n) = Guillot function, dimensionless, Eq. 5.129
 A = area, (L2), ft2, (m2)
 A

t
= total nozzle area, (L2), in.2, (m2)

 a = Sisko viscosity, (m/L-s), cp, (Pa·s)
 A = Robertson-Stiff coeffi cient, (m/L-s2+B), Pa×sB

 b  =  Sisko parameter, (m/L-s2-c), centipoise-secc–1, (Pa-sc)
 B = Robertson-Stiff coeffi cient, dimensionless
 c = Sisko parameter, dimensionless
 C = Robertson-Stiff coeffi cient, (1/s), s–1

 C
d
  = discharge coeffi cient, dimensionless

 C
e

= correction factor for eccentricity, dimensionless
 C

1
= constant of integration, shear stress, Eq. 5.61

 C
s

= solids concentration, dimensionless
 d = diameter, (L), in. (m)
 d

n
= nozzle diameter, (L), in. (m)

 d
p

= inner diameter of annulus, (L), in. (m)
 d

p
= particle diameter, (L), in. (cm)

 d
w

= outer diameter of annulus, (L), in. (m)
 D

h
= hydraulic diameter,  (L), in. (m)

 D(n) = Irvine “Blasius” formula, dimensionless, Eq. 5.128
 e = absolute roughness, (L), in. (cm) Eq. 5.125d
 E  = internal energy per unit volume, (mL/s2), Btu/lbm, (J/kg)
 E

k
= kinetic energy per unit fl uid volume, (mL/s2), Btu/lbm, (J/kg)

 E(l) = complete elliptic integral of the second kind, Eq. 5.182
 f = Fanning friction factor, dimensionless
 f

s
= suspension Fanning friction factor, dimensionless

 f
sw

= coeffi cient of friction between cuttings and annulus wall, dimensionless
 f

i
= volume fraction of component i, dimensionless

 f
g

= volume fraction of gas, dimensionless
 F

1
= downward force on fl uid element, (mL/s2), lbf, (N)

 F
2

= upward force on fl uid element, (mL/s2), lbf, (N)
 F

ds
= downward sedimentation force, (mL/s2), lbf, (N)

 F
fric

= energy loss due to friction per unit mass, (mL/s2), Btu/lbm, (J/kg)
 F

j
= bit hydraulic impact force, (mL/s2), lbf, (N)

 F
k

= force on pipe wall due to fl uid motion, (mL/s2), lbf, (N)
 F

ue
= upward eddy force, (mL/s2), lbf, (N)

 g = gravity constant, (L/t2), lbf/lbm, (m/s2)
 h = height of slot, (L), ft, (m)
 K = consistency index, (m/L-s2–n ), lbf-secn/ft2,Pa·sn

 K = mud-clinging constant, dimensionless
 L = length, (L), ft, (m)
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 m = mass, (m), lbm, (kg)
 m

i
= mass of component i, (m), lbm, (kg)

m = mass fl ow rate, (m/s), lbm/sec, (kg/sec)
 m = Gucuyener, Shulman, or Maglione exponent, dimensionless, Eq. 5.56
 m = 1/n, n = fl ow behavior index, dimensionless
 m = Zhu parameter, (s), sec, (sec)
 M = gas molecular weight, lbm/lbm-mol, kg/kg-mole
 n = number of sections
 n = fl ow behavior index, dimensionless
 N

e
= eccentricity, dimensionless

 N
Ga

= Galileo number, dimensionless
 N

He
= Hedstrom number, dimensionless

 N
Peo

= Peclet number based on the outer-pipe diameter, dimensionless
 N

Re
= Reynolds number, dimensionless

N
ReMR

 = Metzner-Reed Reynolds number, dimensionless
 N

Ta
= Taylor number, dimensionless

 N
v

= moles of gas per volume, (m-mol/L3), lbm-mole/gal, (kg-mole/m3)
 p = pressure, (m/L-s2), psi, (Pa)
 p

0
= pressure at Z

0
, surface pressure, (m/L-s2), psi, (Pa)

 p
a

= pressure in the annulus, (m/L-s2), psi, (Pa)
 p

col
= collapse pressure, (m/L-s2), psi, (Pa)

 p
t

= pressure in the tubing, (m/L-s2), psi, (Pa)
 P

H
  = hydraulic power, (mL2/s3), hp, (W)

 q = volume fl ow rate, (m3/s), gal/min, (m3/s)
 q

c
= volume fl ow rate in a concentric annulus, (m3/s), gal/min, (m3/s)

 q
e
 = volume fl ow rate in a eccentric annulus, (m3/s), gal/min, (m3/s)

 Q = heat per unit mass added, (mL/s2), Btu/lbm, (J/kg)
 r = radius, (L), in. (m)
 r

p
 = inside radius of annulus, (L), in. (cm)

 r
w
 = outside radius of annulus, (L), in. (cm)

 R  =  universal gas constant, psi-gal/lbm-mole/R, Pa-m3/kg-mole/K
 R = pipe inside radius , (L), ft (m)
 R

r
= r

p
/r

w
, dimensionless

 s = measured depth, (L), ft (m)
 t

s
= settlement time for cuttings, (s), second, (sec) Eq. 5.229

 t
1

= Zhu parameter, (s), second, (sec), Eq. 5.57
 T =  absolute temperature, (T), R, (K)
 u* = turbulent fl ow velocity, (L/s), ft/sec, (m/s)
 u*

c
= turbulent fl ow velocity for concentric annulus, (L/s), ft/sec, (m/s)

 u*
e

= turbulent fl ow velocity for eccentric annulus, (L/s), ft/sec, (m/s)
 v = velocity, (L/s), ft/sec, (m/s)

v = average velocity, (L/s), ft/sec, (m/s)

Mv = mean velocity of fl uid-solid mixture, (L/s), ft/sec, (m/s)
 v

MTV
= minimum transport velocity, (L/s), ft/sec, (m/s) Eq. 5.225–5.227

 v
n

= nozzle velocity, (L/s), ft/sec, (m/s)

nv = average nozzle velocity, (L/s), ft/sec, (m/s)
 v

p
= plug velocity, (L/s), ft/sec, (m/s)

 v ¢ = liquid fl uctuating velocity, (L/s), ft/sec, (m/s)
 v ¢

p
= damped liquid fl uctuating velocity, (L/s), ft/sec, (m/s) Eq. 5.221

 V = total volume, (L3), gal (m3)
 V

i
= volume of component i, (L3), gal (m3)

 V
m

= volume of mud, (L3), gallon, (m3)
 V

g
= volume of gas, (L3), gal (m3)

 W = work done per unit mass, (mL/s2), Btu/lbm, (J/kg)
 w = width of slot, (L), ft (m)
 y = coordinate direction along width of slot, (L), ft (m)
 y

a
= thickness of sheared layer in slot, (L), ft (m)



Drilling Hydraulics 301

 Z = TVD, (L), ft (m)
 Z

i
= TVD of section i, (L), ft (m)

 Z  =  gas compressibility factor, dimensionless
 a = damping coeffi cient, dimensionless, Eq. 5.221
 b = Graves-Collins parameter, (s), second, (sec)

= shear rate, (s–1), s–1,(s–1)
 Nw = Newtonian wall shear rate, (s–1), s–1,(s–1) Eq. 5.223
 Dp = pressure increment, (m/L-s2), psi, (Pa)
 Dp

b
= pressure drop through bit, (m/L-s2), psi, (Pa)

 Dp
f

= total frictional pressure drop, (m/L-s2), psi, (Pa)
 dr

e
= degree of eccentricity, (L), ft (cm)

 dr
m

= lowest distance between the inner and outer wall of an inclined annulus
 Ds = measured depth increment, (L), ft (m)

aev = effective mean annular velocity, (L/s), ft/sec, (m/s)
 Dv = velocity increment, (L/s), ft/sec, (m/s)
 DZ = TVD increment, (L), ft (m)
 l = parameter in eccentric annulus calculations, dimensionless
 l

j
= parameters in eccentric annulus calculations, j = 1...3, dimensionless, Eq. 5.185

 l = scaling parameter, dimensionless, Eq. 5.230
 h = Gucuyener or Shulman viscosity, (m/L-s), cp, (Pa·s)
 h

1
= Zhu viscosity, (m/L-s), cp, (Pa·s), Eq. 5.57

 m = viscosity, (m/L-s), cp, (Pa·s)
 m

p
= plastic viscosity, (m/L-s), cp, (Pa·s)

 r = density, (m/L3), lbm/gal, (kg/m3)
 r

e
= equivalent mud density, (m/L3), lbm/gal, (kg/m3)

 r
i

= density of component i, (m/L3), lbm/gal, (kg/m3)
 r

f
= fl uid density, (m/L3), lbm/gal, (kg/m3)

 t = shear stress, (m/L-s2), psi, (Pa)
 t

y
= yield stress, (m/L-s2), lbf/100 ft2, (Pa)

 t
xy

= shear stress, xy component, (m/L-s2), lbf/100 ft2, (Pa)
 t

w
= shear stress at wall of slot, (m/L-s2), lbf/100 ft2, (Pa)

 t
wi

= shear stress at inner wall of slot, (m/L-s2), lbf/100 ft2, (Pa)
 t

wo
= shear stress at outer wall of slot, (m/L-s2), lbf/100 ft2, (Pa)

 t
0

= Graves-Collins yield stress, (m/L-s2), lbf/100 ft2, (Pa)
 f = t

y 
/ t

w
, dimensionless

 j = wellbore inclination, (radians)
 W = pipe rotation rate, (s–1), rev/min, (radians/sec)

Subscripts
 b = brine, bit
 dc = drill collars
 f = friction
 fc = fi ller cement
 fl  = fl ush
 hc = high-strength cement
 m  = mud
 p = pump
 s = solids
 w = formation water
1,2 = 1 = initial, 2 = fi nal
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Chapter 6

Rotary Drilling Bits

Evren Ozbayoglu, University of Tulsa

This chapter is an updated version of the Rotary Drilling Bits chapter that fi rst appeared in Bourgoyne et al. 
(1991). The purpose of this chapter is to introduce the student to the selection and operation of drilling bits. In-
cluded in the chapter are discussions of (1) various bit types available, (2) criteria for selecting the best bit for a 
given application or drilling program, (3) standard methods for evaluating the performances of dull bits, (4) fac-
tors affecting bit wear and rate of penetration (ROP), and (5) optimization of drilling parameters such as weight 
on bit (WOB) and revolutions per minute (RPM). 

6.1 Introduction
A drilling bit is the major tool that conducts the cutting action located at the end of the drillstring. The bit gener-
ates the drilling action by scraping, chipping, gouging, or grinding the rock. Drilling fl uid is circulated through 
the bit to remove the drilled cuttings generated inside the wellbore. 

There are many variations of bit designs available. The selection of the bit for a particular application will de-
pend on the type of formation to be drilled as well as the expected operating conditions during the drilling process. 
The performance of a bit is a function of several operating parameters including WOB, RPM, mud properties, and 
hydraulic effi ciency. The drilling engineer must be aware of the design variations, the impact of the operating 
conditions on the performance of the bit, and the wear generated on the bit in order to be able to select the most 
appropriate bit for the formation to be drilled. 

6.1.1 Historical Development. Roller-Cone Bits. Throughout the early 1900s, the performance of roller-cone 
bits was superior to other bit types and, as a result, their popularity grew as they became the most widely used 
drill-bit type. The fi rst roller-cone bits were invented by and evolved from a patent by Howard Hughes in 1909 
(Hughes 1909) that described a rotary drill bit with two rotating cones. In the early 1930s, the tricone bit was in-
troduced, with cutters designed for hard and soft formations (Fig. 6.1). 

By the late 1940s, the industry was venturing into deep drilling, which means harder rocks such as lime-
stone and chert, slow penetration rates, and reduced bit life. Because conventional milled-tooth bits were 
simply inadequate for these drilling environments, in 1949, Hughes Tool Company introduced the fi rst three-
cone bit using tungsten carbide inserts in the cutting structure. This bit was characterized by short and closely 
spaced inserts. Failure in the roller cones was mostly from bearing failure, and not to structure failure. Still, 
developments achieved mostly focused on bearing enhancements, leg and cutter metallurgy, and hydraulics. 
Today, modern insert bits are used routinely in many areas from top to bottom in low-solids drilling-mud 
systems.

Fixed-Cutter Bits. In the early 1900s, fi shtail bits or drag bits, which were the early versions of fi xed-cutter 
bits, were introduced. They were made of steel and were confi gured with two blades or paddles usually covered 
with harder alloy coatings or cutting tips to extend life. Their major application was mainly to drill very soft rock 
formations (Fig. 6.2). 
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The fi rst bits to use diamond for oilwell drilling were dubbed natural-diamond bits because they used natural dia-
monds as their cutting elements. These bits were fi rst used in the 1940s and were commonly used through the 1980s. 
There was a signifi cant increase of interest in the natural-diamond industry in the late 1970s, when thermally stable 
polycrystalline (TSP) bits and polycrystalline-diamond-compact (PDC) technology was developed. Both of these 
bits use small disks of synthetic diamond to provide the scraping/cutting surface (Fig. 6.3). The TSP bit was the fi rst 
synthetic-diamond component used by the drill-bit industry and represents the evolutionary link to the modern PDC 
cutter, but it is tolerant of much higher temperatures than a conventional PDC bit. 

By the mid-1980s, the PDC drill bit had evolved. In these years, the PDC-bit industry experimented with a wide 
variety of bit confi gurations and cutters. Both roller-cone and PDC bits underwent tremendous material and tech-
nological advances in the 1990s. Increasing reliability levels combined with more-effi cient rock-shearing action 
have pushed PDC bits to the technological forefront.

6.2 Bit Types
Rotary drilling uses two types of drill bits: roller-cone bits and fi xed-cutter bits. Roller-cone bits have one or 
more cones containing cutting elements, usually referred to as inserts, which rotate about the axis of the cone as 
the bit is rotated at the bottom of the hole. Milled-tooth (or steel-tooth) bits are typically used for drilling rela-
tively soft formations. Tungsten-carbide-insert (TCI) bits (or button bits) are used in a wider range of formations, 
including the hardest and most abrasive drilling applications. Fixed-cutter bits, including PDC, impregnated, and 
diamond bits, can drill an extensive array of formations at various depths. All fi xed-cutter bits consist of fi xed 
blades that are integral with the body of the bit and rotate as a single unit.

6.2.1 Roller-Cone Bits. Roller-cone bits are classifi ed as milled-tooth or insert. In milled-tooth bits, the cutting 
structure is milled from the steel making up the cone. In insert bits, the cutting structure is a series of inserts 
pressed into the cones. Roller cone bits have a large variety of tooth designs and bearing types, and are suited for 
a wide variety of formation types and applications.

Fig. 6.1—Three-cone bit. 

Fig. 6.2—Drag bits (Torquato Drilling Accessories 2011). Reprinted with permission.
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The drilling action of a roller-cone bit depends to some extent on the offset of its cones. The offset of the bit is 
a measure of how much the cones are moved so that their axes do not intersect at a common point on the centerline 
of the hole. Offsetting causes the cone to stop rotating periodically as the bit is turned and scrapes the hole bottom 
much like a drag bit. This action tends to increase drilling speed in most formation types. However, it also pro-
motes faster tooth wear in abrasive formations. Cone offsets vary between 0.5 and 0.375 in. for soft-formation 
roller-cone bits, and are usually between 0.0325 and 0.0 in. for hard-formation bits.

The shape of the bit teeth also has a large effect on the drilling action of a roller-cone bit. Long, widely spaced 
steel teeth are used for drilling soft formations. As the rock type becomes harder, the tooth length and the cone 
offset must be reduced to prevent tooth breakage. The drilling action of a bit with zero cone offset is essentially a 
crushing action. The smaller teeth also allow more room for the construction of stronger bearings (Fig. 6.4).

Because formations are not homogeneous, sizable variations exist in their drillability and this has a large impact 
on cutting-structure geometry. For a given WOB, wide spacing between inserts or teeth results in improved 
 penetration and relative ly higher lateral loading on the inserts or teeth. Closely spacing inserts or teeth reduces 

Fig. 6.3—(a) Diamond bits; (b) PDC bits (Mensa-Wilmot et al. 2006).

(a) (b)

Fig. 6.4—Soft- (left) and hard- (right) formation roller-cone bits (Wamsley and Ford 2007).
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loading at the expense of reduced penetration. The design of inserts and teeth themselves depends largely on the 
hardness and drillability of the formation. Penetration of inserts and teeth, cuttings-production rate, and hydraulic 
requirements are interrelated, as shown in Table 6.1. 

The action of bit cones on a formation is of prime importance in achieving a desirable penetration rate. Soft-
formation bits require a gouging/scraping action. Hard-formation bits re quire a chipping/crushing action. 
These actions are governed primarily by the degree to which the cones roll and skid. Maximum gouging/scrap-
ing (soft-formation) actions require a signifi  cant amount of skid. Conversely, a chipping/crushing (hard-forma-
tion) action requires that cone roll approach a “true roll” condition with very little skidding. For soft formations, 
a combination of small journal angle, large offset angle, and signifi cant variation in cone profi le is required to 
develop the cone action that skids more than it rolls. The journal is the load-carrying surface of the bearing on 
a bit, and journal angle is the angle subtended between the axis of rotation of the roller cones and a plane per-
pendicular to the axis of rotation of the drill bit. Hard formations require a combination of large journal angle, 
no offset, and minimum variation in cone profi le. These will result in cone action closely approaching true roll 
with little skidding.

6.2.2 Fixed-Cutter Bits. In general, fi xed-cutter bits are categorized under two groups: PDC bits (fail the rock 
through a shearing process) and diamond bits made up of impregnated, natural-diamond and TSP elements (fail 
the rock through a grinding process). There does exist a third category, which also fails the rock through a shear-
ing process and which is referred to as a tool steel-bladed bit or a drag bit (Fig. 6.2); however, drag bits are rarely 
used in the industry today. 

The major difference between fi xed-cutter bits and roller-cone bits is that fi xed-cutter bits do not have any mov-
ing parts, which is an advantage, especially with small hole sizes in which space is not available for the cone/
bearing systems with proper teeth structure. The introduction of hardfacing to the surface of the blades and the 
design of fl uid passageways greatly improved the performance of fi xed-cutter bits. Because of the dragging/scrap-
ing action of the fi xed-cutter bits, high RPM and low WOB are applied. 

PDC Bits. PDC bits use small disks of synthetic diamond to provide the scraping/cutting surface. The small 
discs may be manufactured in any size and shape and are not sensitive to failure along cleavage planes as natural-
diamond bits are. PDC bits have been run very successfully in many fi elds all around the world. TSP bits are 
manufactured similarly to PDC bits, except TSP bits can resist much higher operating temperatures than PDC bits.

One commonly used PDC bit is the dual-diameter bit. Dual-diameter bits have a unique geometry that allows 
them to drill and underream. To achieve this, the bits must be capable of passing through the drift diameter (i.e., 
the smallest inner diameter of a tubular material) of a well casing and then drilling an oversized (larger than casing 
diameter) hole. State-of-the-art dual-diameter bits are similar to conventional PDC drill bits in the way that they 
are manufactured. They typically incorporate a steel-body construction and a variety of PDC and/or diamond-
enhanced cutters. They are unitary and have no moving parts (Fig. 6.5). 

The maximum benefi t of dual-diameter bits is realized in swelling or fl owing formations in which the risk of 
sticking pipe can be reduced by drilling an oversized hole. They are commonly used in conjunction with applica-
tions requiring increased casing, cement, and gravel-pack clearance; they also can eliminate the need for extra 
trips and can avoid the risk of moving-part failure in mechanical underreamers in high-cost intervals. 

Impregnated Bits. Impregnated-bit bodies are PDC matrix materials that are similar to those used in cutters. 
The working portions of impregnated bits are unique, such that they contain matrix impregnated with diamonds 
(Fig. 6.6).

TABLE 6.1—RELATIONSHIP BETWEEN INSERTS, TEETH, CUTTINGS-PRODUCTION

RATE, HYDRAULIC REQUIREMENTS, AND THE FORMATION (Wamsley and Ford 2007)

Formation
Characteristics

Insert/Tooth
Spacing

Insert/Tooth
Properties

Penetration
and Cuttings
Generation

Cleaning
Flow-Rate

Requirements

Soft Wide Long and
sharp

Medium Relatively wide Shorter and
stubbier

Relatively high Relatively high

High Close Short and
rounded

Relatively low Relatively low
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Both natural and synthetic diamonds are prone to breakage from impact. When embedded in a bit body, they are 
supported to the greatest extent possible and are less susceptible to breakage. However, because the largest dia-
monds are relatively small, cut depth must be small and ROP must be achieved through increased rotational speed. 
They are most frequently run in conjunction with turbo drills and high-speed positive-displacement motors that 
operate at several times normal rotational velocity for rotary drilling (500 to 1,500 rev/min). During drilling, in-
dividual diamonds in a bit are exposed at different rates. Sharp, fresh diamonds are always being exposed and 
placed into service (Fig. 6.7). Better bit performance and reduction in the number of required bits have been re-
ported in abrasive and heterogeneous formations when impregnated bits with turbines are used instead of roller-
cone bits and PDCs (Botelho et al. 2006).

Diamond Bits. The term “diamond bit” normally refers to bits incorporating surface-set natural diamonds as 
cutters. Diamond bits are used in abrasive formations. The cutting action of a diamond bit is developed by scrap-
ing away the rock. Diamond bits drill by a high-speed plow ing action that breaks the cementation between rock 
grains. Fine cuttings are developed in low volumes per rotation. To achieve satisfactory ROPs with diamond bits, 
they must, accordingly, be rotated at high speeds. Despite its high wear resistance, diamond is sensitive to shocks 
and vibrations. Thus, caution must be taken when running a diamond bit. Effective fl uid circulation across the face 
of the bit is also very important to prevent overheating of the diamonds and the matrix material, and to prevent bit 

Fig. 6.5—Dual-diameter PDC bit.

Fig. 6.6—Impregnated bit.
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balling (i.e., cuttings agglomerating on the bit). The cutting elements are typically placed among and along shal-
low waterways intended to provide some level of cooling and cleaning.

Diamond bits are described in terms of the profi le of their crown, the size of diamond stones (stones per carat), 
total fl uid area incorporated into the design, and fl uid-course design (radial or crossfl ow). Diamonds do not bond 
with other materials. They are held in place by partial encapsulation in a matrix bit body. Diamonds are set in 
place on the drilling surfaces of bits (Fig. 6.3a).

6.2.3 Hybrid Bits.  Signifi cant advances have been made in PDC-cutter technology, and fi xed-blade PDC 
bits have replaced roller-cone bits in numerous operations. However, in some applications for which the 
roller-cone bits are uniquely suited—such as drilling hard, abrasive and interbedded formations; complex 
 directional-drilling applications; and, in general, applications in which the torque requirements of a conven-
tional PDC bit exceed the capabilities of a given drilling system—the hybrid bit can substantially enhance the 
roller-cone bit’s performance while generating a lower level of harmful dynamics compared to a conventional 
PDC bit. 

In a hybrid bit, the intermittent crushing of a roller-cone bit is combined with the continuous shearing 
and scraping of a fi xed-blade bit (Fig. 6.8). The central portion of the borehole is cut solely by PDC 
cutters on the primary blades, while the more-diffi cult-to-drill outer portion is being disintegrated by the 
combined action of the cutting elements on the rolling cutters and the fi xed blades. The rolling cutters are 
biased toward the backside of the blades to open up a space (or junk slot) in front of the blades for the return 
of cuttings and the placement of nozzles (Pessier and Damschen 2010). Hydraulically activated expandable 
hybrid bits having tricones outside and PDC cutters inside perform successfully in hard formations (Gopals-
ing 2006).

Fig. 6.7—Presentation of diamonds impregnated in a cross-sectional view of a matrix body [from Botelho et al. (2006)].

Fig. 6.8—Hybrid bit (Pessier and Damschen 2010).
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6.3 Manufacturing and Design of Bits
Drill-bit performance is infl uenced by the environment in which the bit operates. Operating choices such as ap-
plied WOB, rotary speed, and hydraulic arrangements all have important implications for the way that bits are 
designed and for their operating perfor mance.

Environmental factors, such as the nature of the formation to be drilled, hole depth and direction, characteris-
tics of drilling fl uids, and the way in which a drill rig is operated, are also of critical importance in bit perfor-
mance and design. Engineers consider these factors for all designs, and every design should begin with close 
cooperation between the designer and the drilling company to ensure that all applicable inputs contribute to the 
design.

6.3.1 Roller-Cone Bits. Roller-cone bits generally consist of three similar-sized cones and legs, attached 
 together with a pin connection. Each cone is mounted on bearings. The three legs are welded together to form 
the cylindrical section, which develops the pin connection. The pin connection provides the connection to the 
drillstring.

Legs are provided with openings for fl uid circulation. The size of these openings can be controlled by inserting 
nozzles, which provide constraints at the fl uid exit in order to obtain high jetting effect for effi cient bit and hole 
cleaning. Mud pumped through the drillstring passes through the nozzles. A schematic view of a roller-cone bit is 
presented in Fig. 6.9.

The drill-bit design is determined on the basis of the type of rock to be drilled and the size of the hole. Although 
the legs and journals are identical, the shape and distribution of cutters on the three cones differ. If the bit is a 
tricone bit, the design should ensure that all three legs must be equally loaded during the drilling process. The 
journal angle offsets between cones, bearings, and teeth are the major considerations when designing and manu-
facturing a tricone bit.

Basic Design Principles. Design activities are focused principally on four general areas: material selection for 
the bit body and cones, geometry and type of cutting structure to be used, mechanical-operating re quirements, and 
hydraulic requirements. The dimensions of a bit at the gauge (outside diame ter) and the pin (arrangement for at-
tachment to a drillstem) are fi xed, usually by industry standards, and resultant design dimensions always accom-
modate them.

Hardfacing materials are designed to provide wear (abrasion, erosion, and impact) resistance for the bit. To be 
effective, hardfacing must be resistant to loss of material by fl aking, chipping, and bond failure with the bit. Hard-
facing provides wear protection on the lower (shirttail) area of all roller-cone-bit legs and serves as a cutting-
structure material on milled-tooth bits. Hardfacing materials containing tungsten carbide grains are the standard 
for protection against abrasive wear on bit surfaces. To improve the durability of the leg while increasing seal and 
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Fig. 6.9—Schematic view of a roller-cone bit (Wamsley and Ford 2007).
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bearing reliability, abrasion-resistant hardfacing (Fig. 6.10) is incorporated onto the majority of the leg outer di-
ameter (Buske et al. 2008).

Roller-Cone-Bit Components. The fi rst consideration in the physical design of a roller-cone bit is the permis-
sible bit diameter (i.e., the available space). Every element of a roller-cone bit must fi t within a circle that is 
representa tive of the required well diameter. The sizes of journals, bearings, cones, and hydraulic and lubrication 
features are collectively governed by the circular cross section of the well. In smaller bits, assembling components 
are very challenging because of a shortage of space.

The cones of a roller-cone bit are mounted on journals (Fig. 6.11). There are three types of bearings used in 
these bits: roller bearings, which form the outer assembly and help to support the radial loading (or WOB); ball 
bearings, which resist longitudinal or thrust loads and also help to secure the cones on the journals; and friction 
bearing in the nose assembly, which helps to support the radial loading. 

Fig. 6.10—Left = standard hardfacing; right = enhanced hardfacing (Buske et al. 2008).

Fig. 6.11—Typical journal-bearing system (Wamsley and Ford 2007).
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The bearings should be large enough to support the loads applied. The strength of the journal and cone shell 
should also be considered. Usually, it is expected that the bearings will not wear out before the cutters. There have 
been a number of developments in bearing technology used in rock bits (i.e., sealed-bearing bits in which the seal-
ing mechanism prevents abrasive solids in the mud from entering and causing excess frictional resistance in the 
bearings, and journal-bearing bits in which the cones are mounted directly onto the journal). 

All three cones have the same shape except for the fi rst cone, which has a spear point. Journal angle describes 
an angle formed by a line perpendicular to the axis of a bit and the axis of the bit’s leg journal (Fig. 6.12). Journal 
angle is usually the fi rst element in a roller-cone-bit design. Because all three cones fi t together, the journal angle 
specifi es the outside contour of the bit. It optimizes bit-insert (or tooth) penetration into the formation being 
drilled; generally, bits with relatively small journal angles are best suited for drilling in softer formations, and 
those with larger angles perform best in harder formations. 

To increase the skidding/gouging action, bit designers generate additional working force by offsetting the cen-
terlines of the cones (Fig. 6.13). Basic cone geometry is affected directly by increases or decreases in either jour-
nal or offset angles, and a change in one of the two requires a compensating change in the other. When the cone 
is mounted on a journal, the cone is forced to rotate around the center of the bit. This rotational motion forces the 
inner-cone profi le to skid and the outer-cone profi le to gouge. Skidding/gouging improves penetration in soft and 
medium-formations at the expense of increased insert or tooth wear. In abrasive formations, offset can reduce 
cutting structure service life to an impractical level. Therefore, bit designers limit the use of offset so that results 
meet the minimum requirements for formation penetration.

Skidding of a cone is presented in Fig. 6.14. The bit rotates around the bit axis in a clockwise direction, and the 
cone rotates around the cone axis in counterclockwise direction. These rotational motions can be expressed in 
terms of instantaneous angular velocities W

1
 and W

2
, respectively. Because velocities are vectors, instantaneous 

Fig. 6.13—Cone offset (Bourgoyne et al. 1991).
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rotation is in the direction of the resultant of these two velocities: that is, W3. The axis of this vector intercepts the 
cone at point O, which is motionless. The projection of the cone at this instant is represented by triangles a, a′, O′ 
and b, b′, O′. These triangles are the grinding/crushing zone at which skidding takes place.

Tooth and insert design is governed primarily by structural requirements for the insert or tooth and formation require-
ments such as penetration, impact, and abrasion. With borehole diameter and knowledge of formation requirements, the 
designer selects structurally satisfactory cutting elements that provide an optimum insert/tooth pattern for effi cient drill-
ing of the formation. Factors that must be considered to design an effi cient insert/tooth and establish an advantageous 
bottomhole pattern include bearing-assembly arrangement, cone-offset angle, journal angle, cone-profi le angles, insert/
tooth material, insert/tooth count, and insert/tooth spacing. When these requirements have been satisfi ed, remaining 
space is allocated between the insert/tooth contour and the cutting-structure geometry to best suit the formation. The 
TCIs/teeth designed for drilling soft formations are long and can have various geometries. The TCIs used in bits for hard 
formations are short and usually have a hemispherical end (Fig. 6.15). These bits are sometimes called button bits.

Drilling fl uid circulates inside the drillstring and passes through the bit nozzles. After passing through the nozzles, 
fl uid basically cleans out the face of the bit by carrying the drilled cutting into the annulus. Early bit designs allowed 
the fl uid to leave only through the center of the bit, which was not an effective way of cleaning the cuttings from the bit 
face. The introduction of nozzles simply created a more effi cient method of cleaning the face of the bit because fl uid 
fl ows through the nozzles and goes around the outside of the bit body. The nozzles are made of tungsten carbide to 
prevent fl uid erosion. The turbulence generated by the jet streams is enough to clean the cutters and allow effi cient 
drilling to continue. The nozzles can be replaced easily. Also, extended nozzles may be preferred for improving the 
bottomhole cleaning action. 

Cone-cleaning-nozzle systems perform best in bit-balling environments, and borehole-cleaning-nozzle systems 
perform best in bottom-balling environments. Different confi gurations of nozzle positioning are available for 
improving drilling performance (Fig. 6.16). 

Special Bits. Monocone bits are potentially very advantageous for use in small-diameter systems in which 
bearing sizing presents signifi cant engineering problems. Monocone bits are also attractive for ultradeep and 
slimhole drilling operations because of less torsion and longer bearing life (Hu and Liu 2006).

As with monocone bits, two-cone bits have available space for larger bearings and rotate at lower speeds than 
three-cone bits. Bearing life and seal life for a particular bit diameter are greater than those for comparable three-
cone bits. Two-cone bits, although not common, are available and perform well in special applications. For ex-
ample, an interest has arisen in the industry in using two-cone bits because performances show that improvements 

Fig. 6.14—Cone skidding.
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have been observed in vibrations, directional responsiveness, deviation-free performance, hydraulic aspects of 
bottomhole cleaning, and free-of-bit balling (Cen tala et al. 2006). Fig. 6.17 provides photographs of a monocone 
bit and a two-cone bit.

The cutting action of two-cone bits is similar to that of three-cone bits, but fewer inserts simultaneously contact 
the hole bottom. Penetration per insert is enhanced, providing particularly benefi cial results in applications in 
which capabilities to place WOB are limited.

Fig. 6.15—Inserts (Smith Technologies 2005); ACE = asymmetric conical edge.

Incisor DogBone ACE Relieved
gauge
chisel

Chisel Conical

Fig. 6.16—Different nozzle systems: (Type A) the conventional nozzle; (Type B) the nozzles direct the drilling fl uid such 
that it skims the leading edge of the gauge-cutting elements of the cone before impacting the borehole; (Type C) like 
Type B, but more toward the wall of the borehole; (Type D) a third-cone nozzle is positioned such that the fl uid passes 
between the gauge-cutting surfaces and the borehole wall, on the trailing side of the cone, in the gap created by cone 
offset (skew angle); and (Type E) the nozzle system developed by using a high-pressure drilling simulator in conjunc-
tion with computational fl uid dynamics, which maximizes cone and borehole cleaning and cuttings evacuation while 
minimizing cone erosion (Legderwood et al. 2000).
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6.3.2 PDC Bits. A PDC bit has no moving parts—in other words, it has no bearings. The rock-drilling mecha-
nism of PDC bits is shearing rather than crushing (as in roller-cone bits). Rock breakage by shear requires less 
energy than crushing; hence, less WOB can be applied. However, higher rotational speeds are required.

A PDC bit employs a large number of cutting elements, called PDC cutters. A PDC cutter is constructed by 
joining a layer of polycrystalline artifi cial diamond to a cemented tungsten carbide composite under high pressure 
and temperature. The diamond layer is usually composed of numerous small diamond particles collected together 
at random orientation for achieving maximum strength and wear resistance.

Basic Design Principles. The design features and constitution of fi xed-cutter bits include the number and shape 
of the blades and the structural body type (matrix or steel) from which the bit body is formed. In addition, these bits 
are characterized by the shapes and sizes of their cutting elements (PDC cutters) or stones, metallurgic or material 
makeup, and the sizes and locations of their watercourses (Fig. 6.18). 

Two of the important design features of a PDC bit are the number of cutters used and the angle of attack be-
tween the cutter and the surface of the formation being drilled. Cutter orientation and bit confi guration are defi ned 
in terms of backrake, siderake, exposure, and blade height (Fig. 6.19).

Cutter exposure is the amount by which the cutters protrude from the bit body. Backrake is the angle presented 
by the face of the cutter to the formation and is measured from the vertical. Siderake is the measure of the orienta-
tion of the cutter from left to right.

Bit-rake angle is found to have a pronounced effect on the bit forces. The forces acting on a single bit insert 
increase substantially as the cut depth increases. However, on a fullscale bit, fewer bit inserts are required if 
each insert takes a deeper bite. Therefore, the total bit force actually may decrease if fewer inserts are employed 
and deep cuts are made on each bit revolution (Li et al. 1993).

In general, low backrake angles make bits more aggressive (i.e., greater ROP for a given WOB), but more prone 
to impact damage. High backrake angles reduce aggressiveness, but make the bits less prone to impact damage 
(i.e., greater resistance to cutter damage). Because of these relationships, backrake angles have to be optimized 
for specifi c bit designs and applications. 

Siderake angles are classifi ed as negative or positive on the basis of cutter/face orientation. Negative siderake im-
proves bit stabilization but compromises bit cleaning because cuttings tend to be pushed toward the center of the bit. 
On the other hand, positive siderake increases cleaning effi ciency but does not aid in bit stabilization. For a PDC bit, 
cutter exposure establishes how much a given cutter can bite into a formation before the back of the blades make con-
tact with the formation and prevent effi cient WOB use for ROP gains. Under normal conditions, increased exposure, 
which makes bits more aggressive, is directly dependent on cutter size (Fig. 6.20). Blade height provides room for 
drilled cuttings to peel off the hole bottom without possibly sticking to the bit body or packing off in front of the cutter 
and thus reducing ROP.

In general, aggressive bits are defi ned by large cutter sizes, reduced blade counts, low backrakes, high cutter 
exposures, and increased blade height, and they are used in soft-formation applications. On the other hand, smaller 

Fig. 6.17—(a) A monocone bit (Hu and Liu 2006); (b) a two-cone bit (Centala et al. 2006). 
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cutters, high blade counts, high backrakes, reduced cutter exposures, and reduced blade height are used in hard-
formation applications.

In the early 1970s, PDC bits incorporated elementary designs without waterways or carefully engineered provisions 
for cleaning and cooling. By the late 1980s, PDC-bit technology advanced rapidly as the result of a new understanding 
of bit vibrations and their infl uence on productivity. Today, cutting structures are recognized as the principal determi-
nant of force balancing for bits and for ROP during drilling.

Fig. 6.19—Cutter orientation expressed in terms of exposure, backrake, and siderake (Cerkovnik 1982); 
d is the height of the cutter visually seen attached to the body.
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Fig. 6.18—PDC bit (Wamsley and Ford 2007).
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Bit Shape. Major crown profi les of PDC bits are fl at or shallow cone, tapered or double cone, and parabolic. 
WOB is distributed homogeneously on the cutters in the fl at-or shallow-cone profi le. However, this type of crown 
profi le has limited rotational stability and uneven wear. At high rotation speeds, high instantaneous loading, high 
temperatures, and loss of cooling to the PDC cutters may develop. The tapered- or double-cone profi le allows for 
increased distribution of the cutters toward the outer diameter of the bit, which makes it possible to rotate the bit 
with greater rotational speeds, which in turn permits better directional stability and wear reduction. The largest 
surface-area contact and smoothest load distribution can be achieved by the parabolic profi le (Fig. 6.21). It offers 
better rotational and directional stability. Major applications of this profi le are typically on downhole motors or 
turbines.

The design of the watercourse pattern that is cut in the face of the bit and the junk slots that are cut in the side 
of the bit face controls cuttings removal and diamond cooling. Diamond bits are designed to be operated at a given 
fl ow rate and pressure drop across the face of the bit. Experiments conducted by bit manufacturers have indicated 
the need for approximately 2.0 to 2.5 hp/in.2 of hole bottom with an approximate 500- to 1,000-psi pressure drop 
across the face of the bit to clean and cool the diamond adequately.

Matrix. PDC bits are designed and manufactured in two structurally dissimilar styles: matrix-body bits and 
steel-body bits. The two provide signifi cantly different capabilities, and because both types have certain advan-
tages, a choice between them would be decided by the needs of the application.

Matrix is a very hard, rather brittle composite material comprising tungsten carbide grains metallurgically 
bonded with a softer, tougher, metallic binder. Matrix is desirable as a bit material because its hardness is resistant 
to abrasion and erosion. It is capable of withstand ing relatively high compressive loads but, compared to steel, 
has low resistance to impact loading. Steel is metallurgically the opposite of matrix. Steel is capable of withstand-
ing high impact loads but is relatively soft and without protective features, and will quickly fail by abrasion and 

Fig. 6.21—PDC bit profi les (Wamsley and Ford 2007).
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Fig. 6.20—Soft- (left), medium- (middle), and hard- (right) formation blade/cutter combinations for a PDC bit (Chevron 
DE Drilling Seminar 2005).
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ero sion. This makes it possible for steel-body PDC bits to be relatively larger than matrix bits and to incorporate 
greater height into features such as blades. Matrix-body PDC bits are commonly preferred over steel-body bits 
for environments in which body erosion is likely to cause a bit to fail. For diamond-impregnated bits, only matrix-
body construction can be used. Quality steels are essentially homogeneous, with structural limits that rarely 
surprise their users.

Cutter Design and Manufacturing.  Diamond is the hardest material known. This hardness gives it superior 
prop erties for cutting over any other material. Besides their hardness, PDC diamond tables (i.e., the part of a cutter 
that contacts a formation) have an essential characteristic for drill-bit cutters: they effi ciently bond with tungsten 
carbide materials that can, in turn, be brazed (attached) to bit bodies. 

In terms of chemicals and properties, synthetic diamond is identical to natural diamond. Making diamond grit 
involves a chemically simple process: ordinary carbon is heated under extremely high pressure and temper ature. 
In practice, however, making diamond is far from easy.

Diamond grit is less stable at high temperatures than natural diamond. Because the metallic catalyst trapped in 
the grit structure has a higher rate of thermal expansion than dia mond, differential expansion places diamond-to-
diamond bonds under shear and, if loads are high enough, causes failure. If bonds fail, diamonds are quickly lost, 
so the PDC cutter loses its hardness and sharpness and becomes ineffective. To prevent such failure, PDC cutters 
must be adequate ly cooled during drilling. To manufacture a diamond table, diamond grit is sintered with tungsten 
carbide and metallic binder to form a diamond-rich layer. The tables are wafer-like in shape, and they should be 
made as thick as structurally possible because diamond volume increases wear life. The highest-quality diamond 
tables are 2 to 4 mm, and technology advances will increase diamond-table thickness. Tungsten carbide substrates 
are normally 0.5 in. high and have the same cross-sectional shape and dimensions as the diamond table. The two 
parts—diamond table and substrate—make up a cutter as shown in Fig. 6.22a. PDC-cutter examples are presented 
in Fig. 6.22b. 

The size and number of diamonds used in a diamond bit depend on the hardness of the formation to be drilled. 
Bits for hard formations have many small (0.07- to 0.125-carat) stones, while bits for soft formations have a few 
large (0.75- to 2-carat) stones. 

Combining advanced PDC-bit designs with state-of-the-art cutter technology has opened up many new applica-
tions for PDC bits that, in the past, were appropriate only for International Association of Drilling Contractors 
(IADC) Series 6, 7, and 8 insert drill bits. Because of this improvement, the PDC bit has become an alternative for 
drilling hard-rock formations, providing a signifi cant reduction in cost per foot (Schell et al. 2003; Mensa-Wilmot 
et al. 2003). An advanced series of PDC drill bits incorporating a new highly abrasion-resistant PDC cutter has 
extended effective PDC-bit application to hard-rock drilling. Bit design has been conducted by considering the 
optimization of axial, lateral, and torsional forces acting on the bit and by improving cutter thermal resistance 
(Clayton et al. 2005). New cutting-material developments are at the forefront of the ongoing improvement of PDC 
bits. A new-generation thermostable cutter is a signifi cant development that shows a step change in cutter and bit 
performance (Clegg 2006).

Fig. 6.22—(a) PDC-cutter construction (Wamsley and Ford 2007); (b) example PDC cutters (Chevron 
DE Drilling Seminar 2005).
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6.4 IADC Bit-Classifi cation System
The IADC has developed a system of comparison charts for classifying drill bits according to their design charac-
teristics and their application. There exists a classifi cation system for roller-cone bits and one for fi xed-cutter bits.

6.4.1 Roller-Cone-Bit Classifi cation. The IADC roller-cone-bit classifi cation method is an industrywide stan-
dard for the description of milled-tooth and insert-type roller-cone bits (Winters et al. 1987). This coding system 
is based on key design and application-related criteria. The currently used version was introduced in 1992 and 
incorporates criteria cooperatively devel oped by drill-bit manufacturers under the auspices of SPE (Fig. 6.23) 
(McGehee et al. 1992).

The IADC classifi cation system is a four-character design and applica tion-related code. The fi rst three charac-
ters are always numeric, and the last character is always alphabetic. The fi rst digit refers to bit series, the second 
to bit type, the third to bearings and gauge arrangement, and the fourth (alphabetic) character to bit features.

Series, the fi rst character in the IADC system, defi nes general formation characteris tics and divides milled-
tooth and insert-type bits. Eight series or categories are used to describe roller-cone rock bits. Series 1 through 
3 apply to milled-tooth bits; Series 4 through 8 apply to insert-type bits. The higher the series number, the 
harder or more abrasive the rock type is. Series 1 represents the softest (easiest) drilling applications for 
milled-tooth bits; Series 3 repre sents the hardest and most abrasive applications for milled-tooth bits. Series 
4 represents the softest (easiest drilling applications) for insert-type bits, and Series 8 represents very hard 
and abrasive applications for insert-type bits.

Unfortunately, rock hardness is not clearly defi ned by the IADC system. The meanings of soft, medium, or 
hard are subjective and open to a degree of interpretation. The rock types within each category can be described 
as follows: 

· Soft formations are unconsolidated clays and sands, those that can be drilled with a relatively low WOB 
(3,000–5,000 lbf/in.) and high RPM (125–250 rev/min). High ROPs are expected. Recommended fl ow rates 
are 500–800 gal/min to clean the hole effectively, but such rates may cause washouts. 

Fig. 6.23—IADC classifi cation for roller-cone bits [after McGehee et al. (1992)].

Standard 
Roller 

Bearing

Roller 
Bearing, Air

Roller 
Bearing, 

Gage 
Protected

Sealed 
Roller 

Bearing

Sealed 
Roller 

Bearing, 
Gage 

Protected

Sealed 
Fric�on 
Bearing

Sealed 
Fric�on 
Bearing, 

Gage 
Protected

Direc�onal Other

(1) (2) (3) (4) (5) (6) (7) (8) (9)
1
2
3
4
1
2
3
4
1
2
3
4
1
2
3
4
1
2
3
4
1
2
3
4
1
2
3
4
1
2
3
4

So� to medium 
forma�ons with low 
compressive strength

Medium-hard 
forma�ons with high 
compressive strength

7

8

Hard semi-abrasive and 
abrasive forma�ons

Extremely hard and 
abrasive forma�ons

5

6

M
ill

ed
-T

oo
th

 B
its

In
se

rt
 B

its

So� forma�ons with low 
compressive strength 
and high drillability

Medium to medium-
hard forma�ons with 
high compressive 
strength

Hard semi-abrasive and 
abrasive forma�ons

So� forma�ons with low 
compressive strength 
and high drillability

Ty
pe

s

Design Features

1

2

3

4

Se
rie

s

Forma�ons



Rotary Drilling Bits 327

· Medium formations may include shales, gypsum, sand, and siltstone. Usually, a low WOB is suffi cient 
(3,000–6,000 lbf/in.). Medium-rate rotation speeds are recommended (100–150 rev/min). High fl ow rates are 
recommended for effi cient hole cleaning. 

· Hard formations, such as limestone, anhydrite, hard sandstone, and dolomite, have high compressive 
strength and contain abrasive materials. High WOBs (6,000–10,000 lbf/in.) and lower rotary speeds (40–
100 rev/min) are recommended. Hard layers of quartzite or chert are best drilled with insert or diamond bits 
with higher RPM and lower WOB values. Flow rates are not as critical as in relatively softer formations.

The second character in the IADC categorization system represents bit type—insert or milled tooth—and de-
scribes a degree of formation hardness. Types range from 1 through 4.

The third IADC character defi nes both bearing design and gauge protection. IADC defi ned nine categories of 
bearing design and gauge protection: 

1. Nonsealed roller bearing (also known as open-bearing bits)
2. Air-cooled roller bearing (designed for air-, foam-, or mist-drilling applications)
3. Nonsealed roller bearing, gauge pro tected
4. Sealed roller bearing
5. Sealed roller bearing, gauge protected
6. Sealed friction bearing
7. Sealed friction bearing, gauge protected
8. Directional
9. Other 

Note that “gauge protected” indicates only that a bit has some feature that protects or enhances bit gauge. It 
does not specify the nature of the feature. For example, it could indicate special inserts positioned in the heel 
row location (side of the cone) or diamond-enhanced inserts on the gauge row.

The fourth character used in the system defi nes features available. IADC considers this category optional. This 
alphabetic character is not always recorded on bit records but is commonly used within bit manufacturers’ cata-
logs and brochures. IADC categorization assigns and defi nes 16 identifying features, as shown in Table 6.2.

Only one alphabetic feature character can be used under IADC rules. Bit designs, however, often combine 
several of these features. In these cases, the most signifi cant feature is usually listed only.

TABLE 6.2—ADDITIONAL FEATURES 

AVAILABLE [after McGehee et al. (1992)]

A Air application 
B Special bearing seal 
C Center jet 
D Deviation control 
E Extended reach 
F 
G Extra gauge/body protection 
H Horizontal/steering application 
I 
J Jet deflection 
K 
L Lug pads 
M Motor application 
N 
O 
P 
Q 
R 
S Standard steel tooth model 
T Two-cone bits 
U 
V 
W Enhanced cuttings structure 
X Chisel insert 
Y Conical insert 
Z Other insert shape 
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Example 6.1 Considering a roller-cone bit, what does “6-3-5-E” stand for?
Solution. “6” shows that the bit is an insert bit for a medium-hard formation. “3” means that the formation 

should be considered more hard than medium. “5” indicates the category “sealed roller bearing, gauge protected”. 
Finally, “E” refers to the special feature “extended nozzles.” 

6.4.2 Fixed-Cutter-Bit Classifi cation. A large variety of fi xed-cutter bit designs are available from several 
manufacturers. The IADC approved a standard classifi cation system similar to the roller-cone classifi cation 
system for identifying fi xed-cutter bits available from various manufacturers based on a four-character coding 
system (Winters and Doiron 1987) (Fig. 6.24). In 1987, Winters and Doiron introduced another four-character 
code classifi cation system describing seven bit features.

The fi rst character of the fi xed-cutter-classifi cation code describes the primary cutter type and body material 
(Fig. 6.25). Five letters are currently defi ned:

· D—natural diamond/matrix body
· M—PDC/matrix body
· S—PDC/steel body
· T—TSP/matrix body
· O—other 

The distinction of primary cutter types is made because fi xed-cutter bits often contain a variety of diamond mate-
rials. Typically, one type of diamond is used as the primary cutting element while another type is used as backup 
material.

Fig. 6.24—IADC classifi cation for PDC and diamond bits [after Bourgoyne et al. (1991) and Winters and 
Doiron (1987)]. 
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The numbers 1 through 9 in the second character of the fi xed-cutter-classifi cation code refer to the bit’s 
cross-sectional profi le (Fig. 6.26). The term profi le is used here to describe the cross section of the cutter/bot-
tomhole pattern. This distinction is made because the cutter/bottomhole profi le is not necessarily identical to 
the bit-body profi le. Nine basic bit profi les are defi ned by arranging two profi le parameters—outer taper 
(gauge height) and inner concavity (cone height)—in a 3×3 matrix. The rows and columns of the matrix are 
assigned high, medium, and low values for each parameter. Gauge height systematically decreases from top 
to bottom. Cone height systematically decreases from left to right. Each profi le is assigned a number. Two 
versions of the profi le matrix are presented. One version (Fig. 6.26a) is primarily for the use of manufacturers 

Fig. 6.25—IADC fi xed-cutter-bit classifi cation; fi rst character detail [after Winters and Doiron (1987)].

First Second

1–9 1–9,0R.X.O.

Third Fourth

Cutter type
and body
material

Bit
profile

Hydraulic
design

Cutter size
and

density

Four-Character Classification Code

D
M
S
T
O

Natural diamond (matrix body)
Matrix body PDC
Steel body PDC
TSP (matrix body)
Other

=
=
=
=
=

Fig. 6.26—IADC fi xed-cutter-bit classifi cation, second character. (a) Bit profi le codes; (b) bit profi les [after Winters and 
Doiron (1987)].
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in classifying their bit profi les. Precise ranges of high, medium, and low values are given. These criteria have 
been selected carefully to provide functional divisions between the numerous popular bit designs. In Fig. 
6.26a, gauge-height and cone-height dimensions are normalized to a reference dimension that is taken to be 
the bit diameter for drill bits and the the difference between outer and inner diameters for core bits. Fig. 6.26b 
provides a visual reference, which is better suited for use by fi eld personnel. Bold lines are drawn as examples 
of typical bit profi les in each category. Cross-hatched areas represent the range of variation for each category. 
Each of the nine profi les is given a name. For example, “double cone” is the term used to describe the profi le 
in the center of the matrix (Code 5). The double-cone profi le is typical of many natural-diamond and TSP bits. 
The number 0 is used for unusual bit profi les that cannot be described by the 3×3 matrix of Fig. 6.26a. For 
example, a bicenter bit that has an asymmetrical profi le with respect to the bit pin centerline should be classi-
fi ed with the numeral 0.

The numbers 1 through 9 in the third character of the fi xed-cutter-classifi cation code refer to the hydraulic design 
of the bit (Fig. 6.27). The hydraulic design is described by two components: the type of fl uid outlet and the fl ow 
distribution. A 3×3 matrix of orifi ce types and fl ow distributions defi nes nine numeric hydraulic-design codes. The 
orifi ce type varies from changeable jets to fi xed ports to open throat from left to right in the matrix. The fl ow dis-
tribution varies from bladed to ribbed to open faced from top to bottom. Usually, there is a close correlation be-
tween the fl ow distribution and the cutter arrangement. The term bladed refers to raised, continuous-fl ow restrictions 
with a standoff distance from the bit body of more than 1.0 in. The term ribbed refers to raised continuous-fl ow 
restrictions or standoff distance from the bit body of 1.0 in. or less. The term open faced refers to nonrestricted fl ow 
arrangements. Open-face fl ow designs generally have a more even distribution of cutters over the bit face than the 
bladed or ribbed designs. A special case is defi ned: the numbers 6 and 9 describe the crowfoot/water-course design 
of most natural-diamond and many TSP bits. Such designs are further described as having either radial fl ow, cross-
fl ow (feeder/collector), or other hydraulics. Thus, the letters R (radial fl ow), X (crossfl ow), or O (other) are used as 
the hydraulic design code for such bits. 

The numbers 1 through 9 and 0 in the fourth character of the fi xed-cutter-classifi cation code refer to the 
cutter size and placement density on the bit (Fig. 6.28). A 3×3 matrix of cutter sizes and placement densities 
defi nes nine numeric codes. The placement density varies from light to medium to heavy from left to right in 
the matrix. The cutter size varies from large to medium to small from top to bottom. The ultimate combina-
tion of small cutters set in a high-density pattern is the impregnated bit, designated by the number 0. Cutter-
size ranges are defi ned for natural diamonds on the basis of the number of stones per carat. PDC- and 
TSP-cutter sizes are defi ned on the basis of the amount of usable cutter height. Usable cutter height rather 
than total cutter height is the functional measure because various anchoring and attachment methods affect 
the “exposure” of the cutting structure. The most common type of PDC cutters, which have a diameter that 
is slightly more than 0.5 in., were taken as the basis for defi ning medium-sized synthetic-diamond cutters. 
Cutter-density ranges are not explicitly defi ned. The appropriate designation is left to the judgment of the 
manufacturer. In many cases, manufacturers build light-set and heavy-set versions of a standard product. 
These can be distinguished by use of the light, medium, or heavy designation which is encoded in the fourth 
character of the IADC fi xed-cutter-bit code. As a general guide, bits with minimal cutter redundancy are clas-
sifi ed as having light placement density, and those with high cutter redundancy are classifi ed as having heavy 
placement density.

Fig. 6.27—IADC fi xed-cutter-bit classifi cation, third character—hydraulic design [after Winters and Doiron (1987)].
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Example 6.2 Considering a PDC bit, what does “M-5-4-5” stand for according to the classifi cation system intro-
duced by Winters and Doiron (1987)?

Solution. “M” indicates matrix body, “5” shows that the PDC has a double-cone profi le, “4” states that the 
hydraulic design is ribbed with changeable jets, and “5” refers to medium size cutters with medium cutter density

6.5 IADC Bit Dull-Grading System
The IADC, in conjunction with SPE, has established a systematic method for communication of bit failures. The 
intent of the system is to facilitate and accelerate product and operational development based on accurate record-
ing of bit experiences. This system is called dull grading. The IADC dull-grading protocol evaluates eight roller-
cone- or seven PDC-bit areas, provides a mechanism for systematically evaluating the reasons for removal of a bit 
from service, and establishes a uniform method for reporting (Brandon et al. 1992; McGehee et al. 1992).

Partly because of dull analyses, bit-design processes and product operating effi ciencies evolve rapidly. Engi-
neers identify successful design features that can be reapplied and unsuc cessful features that must be corrected 
or abandoned, manufacturing units receive feedback on product quality, sales personnel migrate performance 
gains and avoid duplication of mistakes between similar applications, and so forth. All bit manufacturers require 
collection of dull infor mation for every bit run.

IADC dull grading is closely associated with its bit-classifi cation systems, and the general formats for fi xed-
cutter- and roller-cone-bit dull grading are similar. There are important differences that must be taken into ac-
count, however, and the two approaches are not interchangeable. IADC dull grading reviews four general bit-wear 
categories: cutting structure (T), bearings and seals (B), gauge (G), and remarks. These categories and their sub-
divisions are outlined in Table 6.3.

6.5.1 Cutting Structure (T). For dull-grading purposes, cutting structures are subdi vided into four subcatego-
ries: inner rows, outer rows, major dull characteristic of the cutting structure, and location on bit face where the 
major dull characteristic occurs. 

Fig. 6.28—IADC fi xed-cutter-bit classifi cation, fourth character—cutter size and density [after Winters and Doiron 
(1987)].
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Dull grading begins with evaluation of wear on the inner rows of inserts/teeth (i.e., with the cutting elements 
not touching the wall of the hole). Outer rows of inserts/teeth are those that touch the wall of the hole. Grading 
involves measurement of combined inner-row structure reduction and outer-row teeth/insert structure reduction 
caused by loss, wear, and/or breakage. 

Measurement of roller-cone-bit cutting-structure condition requires evaluation of bit tooth/insert wear status. 
The tooth or cutter wear on all bits is graded in terms of the fractional tooth height that has been worn away. Wear 
is reported by use of an eight-increment wear scale in which no wear is represented by 0 and completely worn 
(100%) is represented by 8 (Fig. 6.29). For example, if half the original tooth or cutter height has been worn away, 
the bit will be graded as a T4 (i.e., the teeth are4

8, or 50%, worn).
PDC-bit-cutter wear is graded with a 0-to-8 scale in which 0 represents no wear and 8 indicates that no usable 

cutting surface remains (Fig. 6.30). PDC-bit-cutter wear is measured across the diamond table, regardless of the 
cutter shape, size, type, or exposure. The location of cutter wear is categorized as either the inner two-thirds or 
outer one-third of the bit radius (Fig. 6.31).

For both PDC and surface-set diamond bits, a value is given to cutter wear, as discussed. To obtain aver age wear 
for the inner rows of cutters depicted in Fig. 6.31, the six included cutters must be individually graded, summed 
as a group, and averaged to obtain the inner-row wear grade, (a + b + c + d + e + f)/6. This analysis is repeated for 
each blade, and blade results are summed and averaged for the fi nal result. A similar analysis is made for the seven 
cutters used in the outer bit rows, and the two results are recorded in the fi rst two spaces of the dull grad ing form.

The cutting-structure dull characteristic (D) is the observed characteristic most likely to limit further use of the 
bit in the intended application. A two-letter code is used to indicate the major dull characteristics of the cutting 
structure.

The primary cutter dull characteristic, the third cutting-structure subcategory, is recorded in the third 
space on the dull-grading record. (Note that noncutting structure or “other” dull characteristics that a bit 
might exhibit are noted in the seventh grading category.) Category 3 defines only primary cutter wear, 
whereas Category 7 can be used to describe either secondary cutting-structure wear or wear characteristics 
that relate to the bit as a whole and are unrelated to cutting structure. Grading codes for the other-dull-
characteristics category are the same as those listed in Table 6.4.

Fig. 6.30—PDC teeth-wear schematic view (0–8 grading) (Wamsley and Ford 2007).
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The letter codes used to indicate the location of the wear or failure (L) that necessitated removal of the bit from 
service are listed in Table 6.5.

6.5.2 Bearings and Seals (B). Detailed fi eld evaluation of exact bearing wear is very diffi cult. The bit would have 
to be disassembled to examine the condition of the bearings and journals. A fi eld evaluation of the dull bit gener-
ally will reveal only whether the bearings have failed or are still intact. Bearing failure usually results in one or 
more locked cones that will no longer rotate or in one or more extremely loose cones in which the bearings have 
become exposed.

Fig. 6.31—Inner- and outer-body designation for PDC and impregnated bits (Wamsley and Ford 2007).

Inner 2/3 radius Outer 1/3 radius

TABLE 6.4—DULL CHARACTERISTICS (Wamsley and 

Ford 2007)

BC Broken cone
BF Bond failure
BT Broken teeth
BU Balled-up bit
CC Cracked cone
CD Cone dragged
CI Cone interference
CR Cored
CT Chipped teeth/cutter
ER Erosion
FC Flat crested wear
HC Heat checking
JD Junk damage
LC Lost cone
LN Lost nozzle
LT Lost teeth
NR Not rerunnable (fixed cutter)
OC Off-center wear
PB Pinched bit
PN Plugged nozzle/flow package
RG Rounded gauge
RO Ring out
RR Rerunnable (fixed cutter)
SD Shirttail damage
SS Self-sharpening wear
TR Tracking
WO Washed-out bit
WT Worn teeth/cutters
NO No dull characteristics
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IADC provides separate protocols for the estimation of bearing and seal wear in nonsealed- and sealed-bearing 
assemblies. Seal and bear ing grading applies only to roller-cone bits. It is always marked X for PDC bits.

A checklist for the seal-and-bearing-system condition is provided in Table 6.6. If no seal problems are encoun-
tered, use the grading code “E.” If any component in the assembly has failed, use the grading code “F.” If any 
portion of the bearing is exposed or missing, it is considered an ineffective assembly; again, use the grading code 
“F.” Use the grading code “N” if it is not possible to determine the condition of both the seal and the bearing. 
Grade each seal-and-bearing assembly separately by cone number. If grading all assemblies as one, report the 
worst case.

When bearing wear cannot be detected, it usually is estimated on the basis of the number of hours of bearing 
life that the drilling engineer thinks the bearings might last. Linear bearing wear with time is assumed in this es-
timate of bearing life. A bearing-grading chart such as the one shown in Fig. 6.32 frequently is used in determin-
ing the proper bearing-wear code.

6.5.3 Gauge (G). The gauge category of the dull-bit-grading system is used to report an undergauge condition for 
cutting elements intended to touch the wall of the hole. Gauge is measured with an American Petroleum Institute 
(API) specifi ed ring gauge. 

When the bit wears excessively in the base area of the rolling cones, the bit will drill an undersized hole. Exces-
sive wear on a PDC bit in the shoulder area, and specifi cally when this wear progresses onto the gauge cutters and 
gauge pads, will make the bit produce an undergauge hole. Excessive wear on the heel row, gauge row, and shirt-
tail area of the insert bit will also produce an undergauge hole. This wear mechanism will typically generate 
higher than usual drilling torque and may produce a cyclic torque response. In addition, the next bit run may be 
affected adversely because of the undersized hole created, or—to avoid this—an additional run for reaming may 
be required.

For three-cone bits, the two-thirds rule is applied to mea suring the gauge condition. The amount out of gauge, 
as measured by the ring gauge, is multiplied by two-thirds to give the true gauge condition.

Measurements are taken at either the gauge or heel cutting elements, whichever is closer to the gauge. A ring 
gauge and a ruler or feeler gauge (shown in Fig. 6.33) must be used to measure the amount of gauge wear on a 
roller-cone bit. Undergauge increments of 1

16 in. are reported. If a bit is 1
16in. undergauge, the gauge report is 1. If 

TABLE 6.6—SEAL/BEARING-EVALUATION CHECKLIST (Wamsley and Ford 2007)

Evaluation/Description Acceptable Condition

Ability to rotate cone Rotates normally

Cone springback Springback exists

Seal squeak Seal squeak exists

Internal sounds No internal  noises exist

Weeping grease No lubricant leaks exist

Shale packing If packing exists, remove before measuring

Gaps at the back face or throat No bearing gaps exist

Inner or outer bearing letdown No bearing letdown exists

TABLE 6.5—DULL LOCATION (Wamsley and Ford 2007)

Roller Cone Fixed Cutter

N Nose row C Cone
M Middle row N Nose
G Gauge row T Taper
A All rows S Shoulder
1 Cone no. 1 G Gauge
2 Cone no. 2 A All areas/rows
3 Cone no. 3 M Middle row

H Heel row
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Fig. 6.32—Bearing-grading guide based on a linear scale of 0 to 8 (Bourgoyne et al. 1991).
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Fig. 6.33—Ring gauge and ruler for measurement of gauge wear (Wamsley and Ford 2007).
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a bit is 1
8 in. (2

16 in.) undergauge, the gauge report is 2. If a bit is 1
16 in. undergauge, the gauge report is 3, and so 

forth. Round to the nearest 1
16-in. Gauge rules apply to cutting-structure elements only.

For diamond and PDC bits, gauge is measured with a nominal ring gauge. Use of an “I” code indicates that the bit re-
mains in gauge. Undergauge increments of 1

16 in. are reported. If a bit is 1
16 in. undergauge, the gauge report is 1. If a bit 

is 1
8  in. undergauge, the gauge report is 2, and so forth. Round to nearest 1

16 in. Gauge rules apply to cutting-structure 
elements only. Measurements are taken at the gauge cutting elements.

6.5.4 Remarks. The “remarks” category allows explanation of dull char acteristics that do not correctly fi t into 
other categories and is the category in which the reason a bit was removed from service is recorded.

Other dull characteristics (O) can be used to report dull characteristics other than those reported under 
cutting-structure dull characteristics (D). Evidence of secondary bit wear is reported in the seventh grading 
category (O). Such evidence could relate to cutting-structure wear, as recorded in the third space, or may 
report identifi able wear, such as erosion, for the bit as a whole. The secondary dull characteristic often iden-
tifi es the cause of the dull characteristic noted in the third space. 

The eighth dull-grading category reports the reason that a bit was pulled (R). Table 6.7 is the list of codes 
for (R).
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6.6 Rock-Failure Mechanism During Drilling 
The method in which rock fails is important in bit design and selection. Formation failure occurs in two modes: 
brittle failure and plastic failure. The mode in which a formation fails depends on rock strength, which is a func-
tion of composition and downhole conditions such as depth, pressure, and temperature.

Formation failure can be depicted with stress/strain curves (Fig. 6.34). Stress—applied force per unit area—
can be tensile, compressive, torsional, or shear. Strain is the deformation caused by the applied force. Under 
brittle failure, the formation fails with very little or no deforma tion. For plastic failure, the formation deforms 
elastically until it yields, followed by plastic deformation until rupture.

To operate a given bit properly, the drilling engineer needs to understand as much as possible about the basic 
mechanisms of rock removal that are at work, including 

· Shearing
· Grinding
· Erosion by fl uid jet action
· Crushing 

To some extent, these mechanisms are interrelated. While one may be dominant for a given bit 
design, more than one mechanism is usually present. In this discussion, only the two basic rotary-drilling-bit types 
will be discussed: roller-cone bits and fi xed-cutter bits.

6.6.1 Roller-Cone Bits. The action of bit cones on a formation is of prime importance in achieving a desirable 
penetration rate. Soft-formation bits require a gouging/scraping action. Hard-formation bits re quire a chipping/
crushing action. These actions are governed primarily by the degree to which the cones roll and skid. Maximum 
gouging/scraping (soft-formation) actions require a signifi  cant amount of skid. Conversely, a chipping/crushing 
(hard-formation) action requires that cone roll approach a “true roll” condition with very little skidding. 

Insert bits designed with a large cone-offset angle for drilling soft formations employ all of the basic 
mechanisms of rock removal. However, the crushing action is the predominant mechanism present for IADC 
Series 3, 7, and 8 roller-cone bits. Because these bit types are designed for use in hard, brittle formations in 
which penetration rates tend to be low and drilling costs tend to be high, the crushing mechanism is of con-
siderable economic interest. Maurer (1965) conducted experiments using an original setup of a single-tooth 
impacting on a rock sample under simulated borehole conditions. He found that the crater mechanism de-
pended to some extent on the pressure differential between the borehole and the rock-pore pressure. At low 
values of differential pressure, the crushed rock beneath the bit tooth was ejected from the crater, while at 
high values of differential pressure the crushed rock deformed in a plastic manner and was not ejected 

TABLE 6.7—REASON PULLED (Wamsley and Ford 2007)

BHA Change bottomhole assembly
DMF Downhole  motor failure
DTF Downhole tool failure
DSF Downhole string failure
DST Drillstem test
LOG Run logs
LIH Left in hole
RIG Rig repair
CM Condition mud
CP Core point
DP Drill plug
FM Formation change
HP Hours on bit
PP Pump pressure
PR Penetration rate
TD Total depth/casing depth
TQ Torque
TW Twistoff
WC Weather conditions



Rotary Drilling Bits 337

 completely from the crater. The crater mechanism for both low and high differential fl uid pressure is 
 described in Fig. 6.35. The sequence of events shown in this fi gure is described by Maurer (1965) as follows.

As a load is applied to a bit tooth (A), the constant pressure beneath the tooth increases until it 
exceeds the compressive strength of the rock, and a wedge of fi nely powdered rock then is formed beneath the 
tooth (B). As the force on the tooth increases, the material in the wedge compresses and exerts high lateral forces 
on the solid rock surrounding the wedge until the shear stress t exceeds the shear strength S of the solid rock and 
the rock fractures (C). These fractures propagate along a maximum-shear surface, which intersects the direction 

Fig. 6.34—Stress-vs.-strain relation of formations (Wamsley and Ford 2007).
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of the principal stresses at a nearly constant angle as predicted by the Mohr failure criterion (explained in detail 
in Section 6.2.2). The force at which fracturing begins beneath the tooth is called the threshold force. As the force 
on the tooth increases above the threshold value, subsequent fracturing occurs in the region above the initial frac-
ture, forming a zone of broken rock (D). At low differential pressures, the cuttings formed in the zone of broken 
rock are ejected easily from the crater (E). The bit tooth then moves forward until it reaches the bottom of the 
crater, and the process may be repeated (F, G). At high differential pressures, the downward pressure and frictional 
forces between the rock fragments prevent ejection of the fragments (E′). As the force on the tooth is increased, 
displacement takes place along fracture planes parallel to the initial fracture (F ′, G′). This gives the appearance of 
plastic deformation, and craters formed in this manner are called pseudoplastic craters. 

High-speed movies (Murray and MacKay 1957) of full-scale bits drilling at atmospheric conditions with air 
as the circulating fl uid have verifi ed that the mechanisms of failure for insert bits with little or no offset is not 
too different from that observed in single-insert impact experiments. However, the drilling action of insert 
bits designed with a large offset for drilling soft, plastic formations is considerably more complex than the 
simple crushing action that results when no offset is used; because each cone alternately rolls and drags, con-
siderable wedging and twisting action is present. 

6.6.2 Fixed-Cutter Bits. The cutting mechanism of PDC bits drills primarily by shearing such that the cutters 
have suffi cient axial force to penetrate into the rock surface and simultaneously have the available torque for bit 
rotation. The resultant force defi nes a plane of thrust for the cutter. Cuttings are then sheared off at an initial angle 
relative to the plane of thrust, which is dependent on rock strength (Fig. 6.36). In shear, the energy required to 
reach the plastic limit for rupture is signifi cantly less than that required by compressive stress. PDC bits, thus, 
require less WOB than roller-cone bits. 

Natural-diamond bits are designed to remove rock primarily by a grinding action. Diamond bits with very large 
diamonds may possess a shallow plowing action. As the bit is rotating, the exposed diamonds grind against and 
remove the rock with a very shallow depth of cut. The intent is that as these bits wear, either the exposed diamonds 
are sharpened because of small fractures during drilling, or new diamonds become exposed as the less-abrasion-
resistant body material is worn away. This is a self-sharpening effect that is consistent with other grinding tools 
where a new grinding surface is continually exposed.

The depth of cut of the bit is determined by the rock strength, the WOB applied, and the dull condition of the 
bit. The cut geometry at hole bottom is a helix and can be expressed in terms of the bottom-cutting angle or helix 
angle a. The helix angle a is a function of the cutter penetration per revolution L

p 
and radius r from the center of 

the hole. This relation can be defi ned by

tan .
2

pL

r
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.1)

Fig. 6.36—Shear and thrust on a cutter (Hughes 1965).
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Rock-mechanics experts have applied several failure criteria in an attempt to relate rock strength measured 
in simple compression tests to the rotary-drilling process. One such failure criterion often used is the Mohr 
theory of failure. The Mohr criterion states that yielding or fracturing should occur when the shear stress 
exceeds the sum of the cohesive resistance of the material and the frictional resistance of the slip planes or 
fracture plane. The Mohr criterion is stated mathematically by

tan ,nc   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.2)

where t is the shear stress at failure, c is the cohesive resistance of the material, s
n
 is the normal stress at 

the failure plane, and q is the angle of internal friction. As shown in Fig. 6.37, this is the equation of a line that 
is tangent to Mohr’s circles drawn for at least two compression tests made at different levels of confi ning 
 pressure.

To understand the use of the Mohr criterion, consider a rock sample to fail along a plane, as shown in 
Fig. 6.38a, when loaded under a compressive force F and a confi ning pressure p. The compressive stress s

1
 is 

given by

1 2
.

F

r

The confi ning stress is given by 

3 .p

If we examine a small element on any vertical plane bisecting the sample, the element is in the stress state 
given in Fig. 6.38b. Furthermore, we can examine the forces present along the failure plane at failure using the 
free-body elements shown in Fig. 6.38b. The orientation of the failure plane is defi ned by the angle f between 
the normal-to-the-failure plane and a horizontal plane. It is also equal to the angle between the failure plane and 
the direction of the principal stress s

1
. Both a shear stress t and a normal stress s

n
 must be present to balance s

1

and s
3
.

Summing forces normal to the fracture plane (Fig. 6.38c) gives

3 3 1 1d d cos d sinn nA A A

The unit area along the fracture plane, dA
n
, is related to the unit areas dA

1
 and dA

2
 by

3d d cosnA A

Fig. 6.37—Mohr’s circle representation of Mohr failure criterion (Bourgoyne et al. 1991).
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and

1d d sinnA A

Making these substitutions in the force-balance equation gives

2 2
1 3 1 3 1 3

1 1
sin cos cos 2 .

2 2n
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.3a)

Summing the forces parallel to the fracture plane gives

1 1 3 3d d cos d sinnA A A

Expressing all unit areas in terms of dA
n
 and simplifying yields

1 3 1 3

1
sin cos sin 2 .

2    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.3b)

Fig. 6.38—Mohr’s circle graphical analysis; (a) reference rock specimen; (b) reference free-body stress element; and 
(c) force balance normal and parallel to failure plane (Bourgoyne et al. 1991).
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Note that Eqs. 6.3a and 6.3b are represented graphically by the Mohr’s circle shown in Fig. 6.37. Note also that 
the angle of internal friction q and 2f must sum to 90°. The angle of internal friction for most rocks varies from 
approximately 30 to 40°.

The Mohr failure criterion can be used to predict the characteristic angle between the shear plane and the plane 
of thrust for a fi xed-cutter bit. Assuming an angle of internal friction of approximately 30° implies

2 90 30

or

30 .

This value of f has been verifi ed experimentally by Gray et al. (1962) in tests made at atmospheric pressure.

Example 6.3 A rock sample under a 2,000-psi confi ning pressure fails when subjected to a compressive loading 
of 10,000 psi along a plane that makes an angle of 27° with the direction of the compressive load. Using the Mohr 
failure criterion, determine the angle of internal friction, the shear strength, and the cohesive resistance of the 
material.

Solution. Given

f = 27°,

s
1
 = 10,000 psi,

and

s
3
 = 2,000 psi,

angle of internal friction q can be determined by using the relation

90 2 .

Thus,

90 2 27 36

The shear strength can be determined by using

1 3

1
sin 2 .

2

Thus,

1
10,000 2,000 sin 54 3,236

2
 psi.

The stress normal to the fracture plane s
n
 is computed by

1 3 1 3

1 1
cos 2 .

2 2n

Thus,

1 1
10,000 2,000 10,000 2,000 cos 54 3,649

2 2n  psi.

The cohesive resistance c can be computed by rearranging
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tan .nc

Thus,

tan 3,236 3,649 tan 36 585nc  psi.

Graphical Solution. Make a plot of shear strength t and compression load s on the y- and x-axes, respectively. 
Mark 10,000 psi (compressive load) and 2,000 psi (confi ning pressure) on the x-axis. Develop a circle with a 
 diameter of 8,000 psi with the center at 

10,000 2,000
Center 4,000

2
 psi.

Determine the angle of internal friction q using the correlation

90 2 ,

36 .

Draw a tangent line to the circle with an angle of 36°. The tangential point on the circle gives t. The normal line 
from t to the compression line (x-axis) gives s

n
, and the intercept at y-axis gives c.

6.7 Wear Mechanism
The cutting structures of bits often experience catastrophic failures resulting from dynamic-load variations beyond the 
capacity of the cutting elements. Continuous improvements to cutting structures have steadily increased penetration 
rates but, at the same time, have elevated their sensitivity to these dynamic effects. Lateral motion of the bit is a major 
cause of premature cutting-structure wear (Kenner and Isbell 1994).

6.7.1 Cutter Wear. Factors Affecting Wear. The information about the instantaneous rate of bit wear is required 
for determining the total time interval of bit use. Therefore, it is mandatory to identify the infl uence of various 
drilling parameters on the instantaneous rate of bit wear. The rate of cutter wear depends primarily on formation 
abrasiveness, cutting-element size and geometry, bit weight, rotary speed, and the cleaning and cooling action of 
the drilling fl uid.

For roller-cone bits, the major infl uences on wear on cutters are as follows.
Effect of Tooth Height on Rate of Tooth Wear. Campbell and Mitchell (1959) showed experimentally that the rate 

at which the height of a steel tooth can be abraded away by a grinding wheel is inversely proportional to the area 
of the tooth in contact with the grinding wheel. The shape of steel bit t eeth is generally triangular in cross section 
when viewed from either the front or the side. Thus, almost all milled-tooth bits have teeth that can be described 
using the geometry shown in Fig. 6.39. The bit tooth initially has a contact area given by

1 1
.i x yA w w

Fig. 6.39—Typical shape of a milled tooth as a function of fractional tooth wear (Bourgoyne et al. 1991).
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After removal of tooth height L
r
 of the original tooth height L

i
 the bit tooth has a contact area given by

1 2 1 1 2 1
.x y x x x y y yA w w w h w w w h w w

The ratio L
r 
/L

i
 is defi ned as the fractional tooth wear, h:

.r

i

L
h

L
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.4)

Expressing the contact area A in terms of fractional tooth wear h yields

1 2 1 1 2 1

1 1 1 2 1 1 2 1 2 1 2 1

2 .

x x x y y y

x y y x x x y y x x y y

A w h w w w h w w

w w w w w w w w h w w w w h

If we defi ne the geometry constants G
1
 and G

2
 by

1 2 1 1 2 11 y x x x y y iG w w w w w w A

and

2 1 2 12 ,x x y y iG w w w w A

the contact area A can be expressed by

2
1 21 .iA A G h G h

Because the instantaneous wear rate dh/dt is proportional to the inverse of the contact area A,

2
1 2

d 1
,

d 1i

h

t A G h G h

the initial wear rate, when h = 0, is proportional to A
i
. Thus, expressing dh/dt in terms of a standard initial wear 

rate (dh/dt)
s
 gives

2
1 2

d d 1
.

d d 1s

h h

t t G h G h
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.5a)

For most bit types, the dimension 
2 1x xw w  is small compared with 

2 1y yw w . This allows a constant H
2
 to be cho-

sen such that the wear rate can be approximated using

2

d d 1
.

d d 1s

h h

t t H h
 

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.5b)

The use of Eq. 6.5b in place of Eq. 6.5a greatly simplifi es the calculation of tooth wear as a function of rotat-
ing time. A case-hardened bit tooth or a tooth with hardfacing on one side often will be self-sharpening as the 
tooth wears. Even though the mechanism of self-sharpening tooth wear is somewhat different than in the 
abrasive-wear experiments of Campbell and Mitchell (1959), a constant H

2
 usually can be selected such that 

the instantaneous wear rate can be predicted by use of Eq. 6.5b.
Insert teeth used in roller-cone bits usually fail by fracturing of the brittle tungsten carbide. For this 

tooth type, fractional tooth wear h represents the fraction of the total number of bit teeth that have been 
broken. The wear rate (dh/dt) does not decrease with increasing fractional tooth wear h. On the contrary, 
there is some evidence that the tooth breakage accelerates as the number of broken teeth beneath the bit 
increases. This type of behavior could be modeled with a negative value for H

2
 in Eq. 6.5b. However, this 

phenomenon has not been studied in detail, and in practice a value of 0 is recommended for H
2
 when using 

insert bits.
Effect of Bit Weight on Rate of Tooth Wear. Galle and Woods (1963) published one of the fi rst equations for 

predicting the effect of bit weight on the instantaneous rate of tooth wear. The relation assumed by Galle and 
Woods is
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d 1
,

d
1 log

b

h

t W

d

 

  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.6a)

where W is the bit weight in 1,000-lbf units and d
b
 is the bit diameter in inches. Note that W/d

b
 < 10.0.

The wear rate at various bit weights can be expressed in terms of a standard wear rate that would occur for a bit 
weight of 4,000 lbf per inch of bit diameter. Thus, the wear rate relative to this standard wear rate is given by

d
0.3979

dd
.

d
1 log

s

b

h

th

t W

d
 

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.6b)

Note that dh/dt becomes infi nite for W/d
b
 = 10. Thus, this equation predicts that the teeth will fail instantaneously 

if 10,000 lbf per inch of bit diameter were applied. Later authors (Galle and Woods 1963; Edwards 1964; Young 
1969; Reed 1972; Bourgoyne and Young 1974) used a simpler relation between the bit weight and tooth wear rate. 
Perhaps the most commonly used relation is

max

d 1
,

d

b b

h

t W W

d d

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.7a)

where (W/d
b
)

max
 is the maximum bit weight per inch of bit diameter at which the bit teeth would fail instanta-

neously, and W/d
b
 < (W/d

b
)

max
. Expressing this relation in terms of a standard wear rate at 4,000 lbf per inch of bit 

diameter yields

max

max

4
d d

.
d d

b

s

b b

W

dh h

t t W W

d d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.7b)

Effect of Rotary Speed on Rate of Tooth Wear. The fi rst published relation between the instantaneous rate of 
tooth wear and the rotary speed N also was presented by Galle and Woods (1963) for milled-tooth bits. The Galle 
and Woods relation is

5 3d
4.34 10 .

d

h
N N

t    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.8)

However, several more-recent authors (Edwards 1964; Young 1969; Reed 1972; Bourgoyne and Young 1974) have 
shown that essentially the same results can be obtained using the simpler relation

Hh N
t

1d
,

d   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.9a)

where H
1
 is a constant. Also, H

1
 was found to vary with the bit type used. The Galle and Woods (1903) relation 

applied only to milled-tooth bit types designed for use in soft formations. Expressing the tooth wear rate in terms 
of a standard wear rate that would occur at 60 rev/min yields

1d d

d d 60

H

s

h h N

t t
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.9b)

Effect of Hydraulics on Rate of Tooth Wear. The effect of the cooling and cleaning action of the drilling fl uid on 
cutting-element wear rate (dh/dt) is much more important for fi xed-cutter bits (diamond and PDC) than it is for 
roller-cone bits. Cutting elements on fi xed-cutter bits must receive suffi cient fl ow to prevent the buildup of exces-
sive heat, which leads to graphitization of the diamond materials, which thus accelerates the wear process. The fl ow 
velocities also must be maintained high enough to prevent clogging of fl uid passages with drilled cuttings. The 
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design of the fl uid-distribution passages on a diamond or PDC bit is extremely important and varies considerably 
among the various bits available. However, the manufacturer will usually specify the total fl ow area (TFA) needed 
for specifi c drill bits based on rig type and capabilities, fl ow rates, drilling-fl uid type and properties, BHA design, 
formation characteristics, drilling program, and anticipated ROP. Considering a specifi c TFA, nozzle sizing must 
also be based on the need to minimize recirculation of the drilling fl uid, cuttings regrinding, and stagnation zones 
on the bit face. In addition to minimizing cutting-element wear rate, effi cient fl uid distribution and cleaning also 
improves ROP. It is generally assumed that as long as the fl ow is present to clean and to cool the drill bit, the effect 
of hydraulics on cutting-element wear rate can be ignored or can be assumed to be taken care of.

Wear on PDC Cutters. PDC-cutter wear can be divided into two categories, depending on the basic cause 
of the wear. The fi rst category is steady-state wear that is normally associated with the development of uni-
form wear fl ats on the PDC cutter and the gradual degradation in the ROP over the bit life, which is a function 
of operating parameters applied to the bit and individual cutters, cutter temperature, cutter velocity, formation 
properties, and cutter properties. The second category of wear is the result of impact loading of the cutters. 
This type of wear may be caused by dynamic loading of the bit during bit whirl or from drilling through het-
erogeneous formations (Sinor et al. 1998).

PDC cutters tend to wear in a manner somewhat similar to that of steel-tooth inserts (Hoover and Middleton 
1981). Some examples of PDC-cutter wear are presented in Fig. 6.40.

The shape of the PDC cutter, which is usually circular, provides a different relationship between fractional tooth 
wear h and cutter-contact area. For a zero backrake angle, the cutter-contact area is proportional to the length of 
the chord defi ned by the lower surface of the cutter remaining after removal of the cutter height L

r
 (Fig. 6.41). 

Because the fractional tooth wear h is given by

r

c

L
h

d

and the dimension y shown in Fig. 6.41 is

cos ,
2cy r

then

cos 1 cos2 2 .
2 2

c c
c

c c

r r
r y

h
d r

Fig. 6.40—PDC-cutter-wear examples: (a) worn cutter; (b) chipped cutter; (c) broken cutter; (d) failed cutter because of 
high impact loads (Jaffar et al. 2005).
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Solving this expression for the subtended angle b yields

cos 1 2
2

h
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.10a)

Because the contact area is directly proportional to the chord length subtended by the angle b, then

2 sin ,
2 2

cd
A

and the wear rate (dh/dt) is inversely proportional to this contact area:

d d 1
.

d d sin
2

s
c

h h

t t d

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.10b)

The wear rate (dh/dt) decreases with increasing fractional tooth wear h between 0 and 0.5. Above this range, the 
wear rate increases with increasing h.

For PDC cutters with nonzero backrake angles, the total contact area of the PDC wafer or diamond layer and the 
tungsten carbide substrate becomes more complex. However, the preceding analysis remains representative of the 
geometry of the PDC layer, which is believed to be the predominant determinant, in terms of the wear resistance of 
the PDC cutter. Typical failure modes observed of diamond enhanced inserts are shown in Fig. 6.42. Chipping and 
fracture resistance can be improved at the expense of the hardness and wear resistance of the materials. This tradeoff 
between wear resistance and chipping resistance hinders the development of super hard materials for demanding 
drilling applications.

Warren and Sinor (1994) pointed out the effects of bit whirl on PDC cutters. Bit whirl caused the cutters to be 
damaged by impact loading, even in homogeneous rock, by allowing the cutters to move sideways and backward 

Fig. 6.41—PDC-blank geometry as a function of fractional cutter wear h for a zero backrake angle [from Bourgoyne et 
al (1991)].
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Fig. 6.42—Typical failure modes of PDC inserts: (a) spalling; (b) chipping and heat checking; (c) breakage 
(Fang et al. 2001).
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so that the diamond cutting edge was damaged. This damage to the cutting edge allowed the carbide substrate to 
contact the rock and generate heat. This in turn further damaged the diamond and gave the appearance that the 
cutter had been damaged by heat, when in fact the root cause of the damage was the initial chipping.

Laboratory results for antiwhirl and conventional PDC bits by Dykstra et al. (1994) have shown that 
  vibrations of the former were an order of magnitude less than those of the latter. Backward whirl of the 
 conventional PDC bit was prevalent in both hard and soft formations. Roller-cone-bit tests suggested that they 
too were subject to backward whirl and that the lateral vibrations that resulted were an order of magnitude 
worse than the axial vibrations commonly associated with these bits. Johnson (2006) noted that proper blade 
and cutter alignment during the design stage of PDC bits eliminates whirl. Fig. 6.43 shows the evidence of 
the bit whirl by comparing the bottomhole patterns and presents an alternative bit profi le to eliminate this 
problem.

Diamond bits also wear by breakage or loss of the diamond-cutter elements. The wear rate of diamond bits is, 
thus, not sensitive to the fractional cutter wear. The wear rate of diamond bits is far more sensitive to the amount 
of cooling provided by the fl ow of drilling fl uid across the face of the bit.

Glowka and Stone (1985) discussed the wear mechanisms for PDC bits and the dependence of wear on cutter 
temperature. Above 1,382°F (750°C), wear was shown to accelerate because of thermal deterioration on diamond 
grain pullout, resulting in catastrophic cutter failure. At temperatures below 1,382°F, the primary mode of wear 
was described as microchipping abrasive wear. Glowka and Stone (1985) have also shown that wear rate increased 

Fig. 6.43a—Stable (left) and unstable (right) PDC at high RPM. Instability caused continuous fracturing (Johnson 
2006).

Fig. 6.43b— A ring PDC bit, which is very effective in avoiding whirl and in providing high control on steerability 
(Schell et al. 2003).

Fig. 6.43c—Bit whirl (left) and full-contact gauge ring (right) (Schell et al. 2003).
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dramatically above 622°F (350°C). Because of the accelerated wear above 662°F, it is defi ned as the critical cut-
ter temperature. The following equation is derived for wear-fl at temperature (i.e., the temperature at the fl at sur-
face of the cutter having direct contact with the formation):

11

23 100
1 ,

4
f n

w f hf
w w f

k F v f v
T T f k

A L

    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.11)

where T
w
 is the mean cutter wear-fl at temperature, °C; T

f
 is the fl uid temperature, °C; v is the cutting speed, m/s; 

a
f
 is the rock thermal diffusivity, cm2/s; A

w
 is the cutter wear-fl at area, cm2; F

n
 is the normal force on cutter, N; f 

is the thermal response function, (cm2 · °C)/W; k
hf
 is the rock thermal conductivity, W/(cm · °C); k

f
 is the friction 

coeffi cient between rock and cutter; and L
w
 is the wear-fl at length, cm. Thermal response function f is the effective 

thermal resistance of the cutter and is a function of cutter confi guration, thermal properties, and cooling rates.
Wear Equation. Roller-Cone Bits. A composite tooth-wear equation can be obtained by combining the rela-

tions approximating the effect of tooth geometry, bit weight, and rotary speed on the rate of tooth wear (Bour-
goyne and Young 1974). Thus, the instantaneous rate of tooth wear is given by

1
2

max

2

max

4 1d 1 2 ,
d 60 1

H
b

H

b b

W H
dh N

t H hW W

d d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.12)

where h is the fractional tooth height that has been worn away; t is the time, hours; H
1
, H

2
, and (W/d

b
)

max
 are con-

stants; W is the bit weight, 1,000-lbf units; N is the rotary speed, rev/min; and t
H
 is the formation-abrasiveness 

constant, hours.
The rock/bit-classifi cation scheme shown in Figs. 6.23 and 6.24 can be used to characterize the many bit 

types available in the industry from the different bit-manufacturing companies. Recommended values of H
1
, 

H
2
, and (W/d

b
)

max
 are shown in Table 6.8 for the various roller-cone-bit classes. 

The tooth-wear rate formula given by Eq. 6.12 has been normalized so that the abrasiveness constant t
H
 is 

numerically equal to the time in hours required to completely dull the bit teeth of the given bit type when oper-
ated at a constant bit weight of 4,000 lbf/in. and a constant rotary speed of 60 rev/min. The average formation 
abrasiveness encountered during a bit run can be evaluated using Eq. 6.12, and the fi nal tooth wear h

f
 can be 

observed after pulling the bit. If we defi ne a tooth-wear parameter J
2
 using

1

max
2

2

max

60 1
,

14
2

H
b b

b

W W

d d
J

HNW

d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.13)

then Eq. 6.12 can be expressed by

TABLE 6.8—RECOMMENDED TOOTH-WEAR PARAMETERS FOR ROLLER-CONE BITS 

(Bourgoyne et al. 1991)

Bit Class H1 H2

1-1 to 1-2 1.9 7 7
1-3 to 1-4 1.84 6 8
2-1 to 2-2 1.8 5 8.5

2-3 1.76 4 9
3-1 1.7 3 10
3-2 1.65 2 10
3-3 1.6 2 10
4-1 1.5 2 10
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 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.14a)

Integration of this equation yields
2

2 2 .
2
f

b H f

h
t J h H

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.14b)

Solving for the abrasiveness constant t
H
 gives

2

2 2

.

2

b
H

f
f

t

h
J h H

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.15)

Although Eqs. 6.12 through 6.15 were developed for use in modeling the loss of tooth height of a milled-tooth 
bit, they also have been applied with some degree of success to describe the loss of insert teeth by breakage. Insert 
bits are generally operated at lower rotary speeds than milled-tooth bits to reduce impact loading on the brittle 
tungsten carbide inserts. In hard formations, high rotary speeds may quickly shatter the inserts (Estes 1974).

Example 6.4 A 97
8-in. Class 1-1-1 bit drilled from a depth of 12,000 to 12,200 ft in 12 hours. The average bit 

weight and rotary speed used for this bit run were 40,000 lbf and 90 rev/min, respectively. When the bit was 
pulled, it was graded T-6 and B-6. The drilling fl uid was a barite-weighted clay/water mixture having a density of 
12.0 lbm/gal. Estimate the formation-abrasiveness constant for this depth interval.

Solution. From Eq. 6.15, it is known that

2

2 2

,

2

b
H

f
f

t

h
J h H

where

1

max
2

2

max

WOB WOB

60 1
.

WOB 14
2

H
b b

b

d d
J

HN

d

From Table 6.8, for a 1-1-1 bit, H
1
 is equal to 1.90, H

2
 is equal to 7, and

max

WOB
7.0

bd
.lbf/in. 

Thus, J
2
 can be calculated as

1.90

2

40
7.0 60 19.875 0.101116.

77.0 4 90 1
2

J

Therefore, the formation-abrasiveness constant can be determined by

2

12
43.651

6
6 8

0.101116 7
8 2

H  hours.
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Wear Equation. Fixed-Cutter Bits. Ziaja and Miska (1982) developed a mathematical model of the diamond-bit 
drilling process with several limiting assumptions. On the basis of this model, the wear on diamond cutters can be 
estimated. The wear of diamonds on the face of a diamond bit using a linear-wear model is expressed as 

240
,

o i

s b

d d b b

W N s t
X

d C D D
    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.16)

where X is the linear wear, in.; t
s
 is the index of rock abrasiveness, in.3/(lbf-in.) W is the weight on bit, lbf; N is 

the rotary speed, rev/min; s is the average diamond size, carat/stone; t
b
 is the bit time, hours; d

d
 is the average dia-

mond diameter, in. (if not known, 
0.33

4.99d

s
d ); C

d
 is the average density of the face stones, carats/in.2; and 

obD  and 
ibD

are outer and inner diameter of the bit, respectively, in. (if the bit is a core bit, 0
ibD  but if the bit is a drilling bit, 

0
ibD ). 

Example 6.5 After 6 hours of drilling, a diamond bit with a diameter of 32
3  in. is pulled out of the hole. The aver-

age linear wear on the diamonds is observed to be 0.05 in. The WOB was 3.8 × 103, and the rotational speed of 
the bit was 195 rev/min. Diamond size is 0.358 carats/stone, and average density of the face stones is 4.32 carat/
in.2 Estimate the index of rock abrasiveness for these drilling conditions.

Solution. From Eq. 6.16, it is known that

240 WOB
.

o i

s b

d d b b

N s t
X

d C D D

Therefore,
2

.
240 WOB

o id d b b

s
b

X d C D D

N s t

Thus,
0.33

2

11

0.358
0.05 4.32 3.333

4.99
4.227 10

240 3,800 195 0.358 6s

 

in.3/lbf-in.

6.7.2 Bearing Wear (Roller Cones Only). The prediction of bearing wear is much more diffi cult than the predic-
tion of tooth wear. Like tooth wear, the instantaneous rate of bearing wear depends on the current condition of the 
bit. After the bearing surfaces become damaged, the rate of bearing wear increases greatly. However, because the 
bearing surfaces cannot be examined readily during the dull-bit evaluation, a linear rate of bearing wear usually 
is assumed. Also, bearing manufacturers have found that for a given applied force, the bearing life can be ex-
pressed in terms of total revolutions as long as the rotary speed is low enough to prevent excessive heat. Thus, bit 
bearing life usually is assumed to vary linearly with rotary speed.

Factors Affecting Bearing Wear. The effect of bit weight and RPM on bearing life depends on the number and 
type of bearings used and whether the bearings are sealed. When the bearings are not sealed, bearing lubrication 
is accomplished with the drilling fl uid, in which case the mud properties also affect bearing life.

The hydraulic action of the drilling fl uid at the bit is also thought to have some effect on bearing life. As fl ow 
rate increases, the ability of the fl uid to cool the bearings also increases. However, it is generally believed that fl ow 
rates suffi cient to lift cuttings will also be suffi cient to prevent excessive heat in the bearings. Lummus (1974) has 
indicated that a jet velocity that is too high can be detrimental to bearing life. Erosion of bit metal can occur, which 
leads to failure of the bearing grease seals. In the example discussed by Lummus, this phenomenon was important 
for bit hydraulic-horsepower values greater than 4.5 hp per square inch of hole bottom. However, a general model 
for predicting the effect of hydraulics on bearing wear was not presented.

Bearing-Wear Equation. Researchers have been putting forward empirical formulas about the bearing 
wear of roller-cone bits for more than 50 years. One bearing-wear formula used to estimate bearing life is given 
by Bourgoyne et al. (1991): 

21d 1
,

d 60 4

BB

B b

b N W

t d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.17)
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where b is the fractional bearing life that has been consumed; t is the time, hours; N is the rotary speed, rev/min; 
W is the bit weight, 1,000 lbf; d

b
 is the bit diameter, in.; B

1
 and B

2
 are the bearing-wear exponents; and t

B
 is the 

bearing constant, hours.
Recommended values for the bearing-wear exponents are given in Table 6.9. Note that the bearing-wear formula 

given by Eq. 6.17 is normalized so that the bearing constant t
B
 is numerically equal to the life of the bearings if 

the bit is operated at 4,000 lbf/in. and 60 rev/min. The bearing constant can be evaluated using Eq. 6.17 and the 
 results of a dull-bit evaluation. If we defi ne a bearing-wear parameter J

3
 using

21

3

460
BB

bd
J

N W
,

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.18)

Eq. 6.17 can be expressed by

3

0 0

d d ,
fb

bt

Bt J b

where b
f
 is the fi nal bearing wear observed after pulling the bit. Integration of this equation yields

3 .b B ft J b
    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.19)

Solving for the bearing constant t
B
 gives

3

.b
B

f

t

J b
 

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (6.20)

Journal-bearing insert-bit runs without excessive insert breakage or gauge wear typically fail because of seal/bear-
ing wear. The factors affecting seal and bearing surface wear are numerous and complex (Winters and Doiron 
1987).

The bearing wear is proportional to the frictional work, which mainly depends on the travel distance and the 
contact pressure between two surfaces of cone and journal, which are related to rotary speed of the bit and WOB. 
Also, bearing wear is dependent on bit type, formation, BHA, and downhole conditions. In addition, the wear is 
related to bit diameter d

b
 and to time. The equation for bearing dull grade, b

f
 (0–8), is assumed as follows (Hare-

land et al. 2009):

a b c d

f bb K d t W N ,
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.21)

where K, a, b, c, and d are constants that need to be determined using offset data.

Example 6.6 Field data obtained on 7
8 -in. Series-6 roller-cone bits at a rotary speed of 60 rev/min show an aver-

age bearing life of 32 hours for a bit weight of 5,700 lbf/in. and 45 hours for a bit weight of 3,800 lbf/in. Compute 
the apparent bearing weight exponent B

2
 and the bearing constant, t

B
 for this bit type.

TABLE 6.9—RECOMMENDED BEARING-WEAR EXPONENT FOR ROLLER-

CONE BITS (Bourgoyne et al. 1991)

Bearing Type Drilling-Fluid Type B1 B2

Barite mud 1 1
Sulfide mud 1 1

Water 1 1.2
Clay/water mud 1 1.5

Nonsealed

Oil-based mud 1 2
Sealed roller 

bearings
— 0.7 0.85

Sealed journal 
bearings

— 1.6 1
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Solution. From Eq. 6.19,

3 ,b B ft J b

where
21

3

460
.

WOB

BB

bd
J

N

Therefore, inserting the given information into these equations will yield

1 260 4
32

60 5.7

B B

B

and

1 260 4
45 .

60 3.8

B B

B

So, there are two equations and two unknowns, because B
1
 will not affect the equality. Solving for B

2
 and t

B
 will 

yield 0.84 and 43.1 hours, respectively.

6.8 ROP 

6.8.1 Factors Affecting ROP. The most important variables affecting penetration rate that have been identifi ed 
and studied include bit type, formation characteristics, drilling-fl uid properties, bit operating conditions (bit 
weight and rotary speed), bit tooth wear, and bit hydraulics.

Bit Type. The bit type selected has a large effect on penetration rate. For roller-cone bits, the initial penetration 
rate is often highest in a given formation when using bits with long teeth and a large cone-offset angle. However, 
these bits are practical only in soft formations because of a rapid tooth destruction and decline in penetration rate 
in hard formations (Chen et al. 2001).

As discussed previously, fi xed-cutter bits give a wedging-type rock failure in which the bit penetration per 
revolution depends on the number of blades and the bottom-cutting angle. Diamond and PDC bits are designed 
for a given penetration per revolution by the selection of the size and number of diamond or PDC cutters. 

Developments in PDC bits that have helped in achieving higher ROPs and longer bit life involve a compromise 
between open, light-set bits for speed and heavy-set bits for durability. Hydraulic-design improvements prevent 
bit balling, while mechanical-design enhancements increase the ROP (Taylor et al. 1999). Steel-bodied drill bits 
have shown signifi cant improvements in drilling effi ciency. These bits allow higher ROP in high-mud-weight 
 applications, increased mechanical effi ciency, and enhanced wear/erosion resistance (Beaton et al. 2008).

Formation Characteristics. The elastic limit and ultimate strength of the formation are the most important 
formation properties affecting penetration rate. The shear strength predicted by the Mohr failure criterion 
sometimes is used to characterize the strength of the formation. Maurer (1965) reported that the crater vol-
ume produced beneath a single tooth is inversely proportional to both the compressive strength of the rock 
and the shear strength of the rock. Bingham (1965) found that the threshold force required to initiate drilling 
in a given rock at atmospheric pressure could be correlated to the shear strength of the rock as determined in 
a compression test at atmospheric pressure. To determine the shear strength from a single compression test, 
an average angle of internal friction of 35° was assumed. The angle of internal friction varies from approxi-
mately 30 to 40° for most rocks. Applying Eq. 6.3b for a standard compression test at atmospheric pressure 
(s

3
 = 0) gives

1
1

1
0 sin 90 cos .

2 2o

The threshold force or bit weight, (W/d
b
)

t
, required to initiate drilling was obtained by plotting drilling rate as a 

function of bit weight per bit diameter, and then extrapolating back to a zero drilling rate. The laboratory correla-
tion obtained in this manner is shown in Fig. 6.44.

The permeability of the formation also has a signifi cant effect on the penetration rate. In permeable rocks, the 
drilling-fl uid fi ltrate can move into the rock ahead of the bit and equalize the pressure differential, acting on the 
chips formed beneath each tooth. This would tend to promote the more-explosive elastic mode of crater formation 
described in Fig. 6.35. It also can be argued that the nature of the fl uids contained in the pore spaces of the rock 
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also affects this mechanism because more fi ltrate volume would be required to equalize the pressure in a rock 
containing gas than in a rock containing liquid.

The mineral composition of the rock also has some effect on penetration rate. Rocks containing hard, abrasive 
minerals can cause rapid dulling of a bit’s cutting elements. Rocks containing gummy clay minerals can cause the 
bit to ball up and drill in a very ineffi cient manner.

Drilling-Fluid Properties. The properties of the drilling fl uid reported to affect the penetration rate include 
density, rheological fl ow properties, fi ltration characteristics, solids content and size distribution, and chemical 
composition.

Penetration rate tends to decrease with increasing fl uid density, viscosity, and solids content, and tends to in-
crease with increasing fi ltration rate. The density, solids content, and fi ltration characteristics of the mud control 
the pressure differential across the zone of crushed rock beneath the bit. The fl uid viscosity controls the parasitic 
frictional losses in the drillstring and, thus, the hydraulic energy available through the bit nozzles for cleaning. 
There is also experimental evidence (Estes 1974) that increasing viscosity reduces penetration rate even when the 
bit is perfectly clean. The chemical composition of the fl uid has an effect on penetration rate in that the hydration 
rate and bit-balling tendency of some clays are affected by the chemical composition of the fl uid.

An increase in drilling-fl uid density causes a decrease in penetration rate for roller-cone bits. An increase in 
drilling-fl uid density causes an increase in the bottomhole pressure beneath the bit and, thus, an increase in the 
pressure differential between the borehole pressure and the formation-fl uid pressure. This pressure differential 
between the borehole pressure and the formation-fl uid pressure often is called the overbalance. Recall the change 
in the crater-formation mechanism with increasing overbalance described in Fig. 6.35. The Mohr failure criterion 
given by Eq. 6.3 predicts a similar effect of overbalance on fi xed-cutter bit performance. The normal stress at the 
failure plane s

n
 for a shearing-failure mechanism is directly related to overbalance (Maurer 1965).

Bourgoyne and Young (1974) observed that the relation between overpressure and penetration rate could be repre-
sented approximately by a straight line on semilog paper for the range of overbalance commonly used in fi eld prac-
tice. In addition, they suggested normalizing the penetration-rate data by dividing the obtained values by the 
penetration rate achieved at zero overbalance (borehole pressure equal to formation-fl uid pressure). Note that a rea-
sonably accurate straight-line representation of the data is possible for moderate values of overbalance. The equation 
for the straight line shown in Fig. 6.45 is

Fig. 6.44—Rock shear strength vs. threshold bit weight (Bingham 1965).
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where R is the penetration rate, R
0
 is the penetration rate at zero overbalance, p

bh
 is the bottomhole pressure in the 

borehole, p
f
 is the formation-fl uid pressure, and m is the slope of the line.

If we express overbalance in terms of equivalent circulating density r
c
 and pore-pressure gradient g

p
, we obtain

0.052 .bh f c pp p D g

Substituting this expression for overbalance in Eq. 6.22a gives

0

log 0.052 0.052 .c p p c

R
m D g m D g

R

Bourgoyne and Young (1974) chose to replace the combination of constants (–0.052m) by a single coeffi cient 
a

4
:

4
0

log .p c

R
a D g

R
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.22b)

This expression is useful for relating changes in mud density or pore-pressure gradient to changes in penetration 
rate.

Example 6.7 The slope of the shale line in Fig. 6.45 is –0.000666 psi–1. Evaluate the coeffi cient a
4
 for this value of 

m, and estimate the change in penetration rate in this shale at 12,000 ft to be expected if the mud density is in-
creased from 12 to 13 lbm/gal. The current penetration rate in this shale is 20 ft/hr.

Solution. The coeffi cient a
4
 is given by

6
4 0.052 0.000666 35 10 .a

Eq. 6.22b can be rearranged using the defi nition of a common logarithm in terms of the initial penetration rate R
1

and mud density r
1
 to give

4 1 4 12.303

1 0 010 .p pa D g a D g
R R R e

Similarly, for the fi nal penetration rate R
2
 and mud density r

2
, we obtain

Fig. 6.45—Exponential relation between penetration rate and overbalance for roller-cone bits [from Bourgoyne et al. 
(1991)].
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4 2 4 22.303

2 0 010 .p pa D g a D g
R R R e

Dividing the equation for R
2
 by the equation for R

1
 gives

4 1 22.3032

1

.a DR
e

R

Solving for the fi nal penetration rate R
2
 yields

6
4 1 2

2.303 35 10 12,000 12 132.303
2 1 20 7.60a DR R e e  ft/hr.

Operating Conditions. Weight on Bit and Rotation Speed. The effect of bit weight and rotary speed on penetra-
tion rate has been studied by numerous authors both in the laboratory and in the fi eld. Typically, a plot of penetra-
tion rate vs. bit weight obtained experimentally with all other drilling variables held constant has the characteristic 
shape shown in Fig. 6.46. No signifi cant penetration rate is obtained until the threshold formation stress is ex-
ceeded (Point b). Penetration rate increases gradually and linearly with increasing values of bit weight for low-to-
moderate values of bit weight (Segment ab). A linear curve is again observed at higher bit weights (Segment bc). 
Although the ROP vs. the WOB correlations for the discussed segments (ab and bc) are both positive, segment bc 
has a much steeper slope, representing increased drilling effi ciency. Point b is the transition point where the rock-
failure mode changes from scraping or grinding to shearing. Beyond Point c, subsequent increases in bit weight 
cause only slight improvements in penetration rate (Segment cd). In some cases, a decrease in penetration rate is 
observed at extremely high values of bit weight (Segment de). This type of behavior sometimes is called bit foun-
dering. The poor response of penetration rate at high WOB values is usually attributed to less-effi cient hole clean-
ing because of a higher rate of cuttings generation, or because of a complete penetration of a bit’s cutting elements 
into the formation being drilled, without room or clearance for fl uid bypass. 

A typical plot of penetration rate vs. rotary speed obtained with all other drilling variables held constant is 
shown in Fig. 6.47. Penetration rate usually increases linearly with rotary speed at low values of rotary speed. At 
higher values of rotary speed, the response of penetration rate to increasing rotary speed diminishes. The poor 
penetration-rate response to increasing rotary speeds is also attributed to ineffi cient bottomhole cleaning.

Maurer (1962) developed a theoretical equation for roller-cone bits, relating penetration rate to bit weight, 
 rotary speed, bit size, and rock strength. The equation was derived from the following observations made in 
 single-insert impact experiments:

1.  The crater volume is proportional to the square of the depth of cutter penetration.
2.  The depth of cutter penetration is inversely proportional to the rock strength.

Fig 6.46—Relation between ROP and WOB (Bourgoyne et al. 1991).
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For these conditions, the penetration rate R is given by

2

2
,

b b t

K W W
R N

d dS
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.23)

where K is the constant of proportionality; S is the compressive strength of the rock; W is the bit weight; d
b
 is the 

bit diameter; (W/d
b
)

t
 is the threshold bit weight per inch of bit diameter; and N is the rotary speed.

This theoretical relation assumes perfect bottomhole cleaning and incomplete bit tooth/insert penetration.
The theoretical equation of Maurer (1962) can be verified using experimental data obtained at relatively 

low bit weight and rotary speeds corresponding to Segment ab in Figs. 6.46 and 6.47. At moderate values 
of bit weight, the weight exponent is usually observed to be closer to a value of 1 than the value of 2 pre-
dicted by Eq. 6.23. At higher values of bit weight, a weight exponent of less than 1 is usually indicated. 
Bingham (1965) suggested the following drilling equation on the basis of considerable laboratory and field 
data:

5

,

a

b

W
R K N

d
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.24)

where K is the constant of proportionality that includes the effect of rock strength and a
5
 is the bit-weight expo-

nent. In this equation the threshold bit weight was assumed to be negligible, and the bit-weight exponent must be 
determined experimentally for the prevailing conditions. However, a constant rotary-speed exponent of 1 was 
used in the Bingham equation even though some of his data showed behavior similar to that described by Segment 
bc in Fig. 6.47.

Several authors have proposed the determination of both a bit-weight exponent and a rotary-speed exponent 
using data representative of the prevailing conditions. Young (1969) pioneered the development of a computerized 
drilling-control system in which both the bit weight and rotary speed could be varied systematically when a new 
formation type was encountered, and the bit-weight and rotary-speed exponents could be computed automatically 
from the observed penetration-rate response. Values of the bit-weight exponent obtained from fi eld data range 
from 0.6 to 2.0, while values of the rotary-speed exponent range from 0.4 to 0.9.

Fixed-cutter bits require lower WOB and higher RPM when compared with roller-cone bits. The general recom-
mendation is that the highest RPM that can be achieved should be used. In practice, enough WOB should be sup-
plied for the cutters to penetrate through the formation in order to provide the applied torque to conduct the 
shearing process properly. Insuffi cient WOB will cause premature cutter wear, possible diamond chipping, and a 
slow ROP.

Bit Tooth Wear. Most bits tend to drill slower as the bit run progresses because of cutting-element wear. The 
tooth length of roller-cone bits is reduced continually by abrasion and chipping. As previously discussed, the teeth 
are altered by hardfacing or by case-hardening processes to promote a self-sharpening type of tooth wear. How-
ever, while this tends to keep the tooth pointed, it does not compensate for the reduced tooth length. The inserts 

Fig. 6.47—Relation between ROP and rotation speed (Bourgoyne et al. 1991).
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of tungsten-carbide-type roller-cone bits fail by breaking rather than by abrasion. Often, the entire tooth is lost 
when breakage occurs. Reductions in penetration rate because of bit wear usually are not as severe for insert bits 
as for milled-tooth bits unless a large number of teeth are broken during the bit run. Diamond and PDC bits also 
fail from cutting element breakage or loss of diamonds from the matrix.

Several authors have published mathematical models for computing the effect of cutting-element wear on 
penetration rate for roller-cone bits. Galle and Woods (1963) published the following model:

7

2

1
,

0.928125 6 1

a

R
h h

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.25)

where h is the fractional tooth height that has been worn away and a
7
 is an exponent.

A value of 0.5 was recommended for the exponent a
7
 for self-sharpening wear of milled-tooth bits, the primary 

bit type discussed in Galle and Woods (1963). Bourgoyne and Young (1974) suggested a similar but less complex 
relationship:

7exp .R a h
  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (6.26)

Bourgoyne and Young suggested that the exponent a
7
 be determined on the basis of the observed dec line of pen-

etration rate with tooth wear for previous bit runs under similar conditions.

Example 6.8 An initial penetration rate of 20 ft/hr is observed in shale at the beginning of a bit run. The previous 
bit was identical to the current bit and was operated under the same conditions of bit weight, rotary speed, mud 
density, and other factors. However, a drilling rate of 12 ft/hr was observed in the same shale formation just before 
pulling the bit. If the previous bit was graded T-6, compute the approximate value of a

7
.

Solution. The value of h for the previous bit just before the end of the bit run is 6/
8
 or 0.75. The value of h for 

the new bit is zero. Thus, from Eq. 6.26, we have

7 ,a hR K e

7 020 ,aK e

and

7 0.7512 .aK e

Dividing the fi rst equation by the second yields

7 0.7520
.

12
ae

Taking the natural logarithm of both sides and solving for a
7
 gives

7

20
ln

12
0.68.

0.75
a

Bit Hydraulics. The introduction of the nozzle-type roller-cone bits in 1953 showed that signifi cant improve-
ments in penetration rate could be achieved through an improved jetting action at the bit. The improved jetting 
action promoted better cleaning of the bit teeth as well as improved bottomhole jetting action. 

Historically, there have been many positions taken as to the best hydraulics parameter to use in characterizing 
the effect of hydraulics on bit performance. Bit hydraulic horsepower, jet-impact force, fl ow rate, and nozzle ve-
locity are all parameters commonly discussed. The level of hydraulics achieved at the bit is thought by many to 
affect the fl ounder-point of the bit (i.e., a decrease in rate of penetration although the weight on bit is increased to 
very high values, which occurs as a result of less-effi cient bottomhole cleaning caused by high cuttings genera-
tion, or a complete penetration of cutters into the hole bottom. 
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Eckel (1968), working with microbits in a laboratory drilling machine, has made the most extensive laboratory 
study to date of the relation between penetration rate and the level of hydraulics. Working at constant bit weight 
and rotary speed, Eckel found that penetration rate could be correlated to a Reynolds-number group given by

Re ,
a

v d
N K

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.27)

where K is a scaling constant, r is the drilling-fl uid density, v is the fl ow rate, d is the nozzle diameter, and m
a
 is 

the apparent viscosity of drilling fl uid at 10,000 sec–1.
The shear rate of 10,000 sec–1 was chosen as representative of shear rates present in the bit nozzle. The scaling 

constant, K, is somewhat arbitrary, but a constant value of 1/1,976 was used by Eckel (1968) to yield a convenient 
range of the Reynolds-number group.

The results of Eckel’s experiments are summarized in Fig. 6.48. Note that penetration rate is increased by in-
creasing the Reynolds-number function for the full range of Reynolds numbers studied. When the bit weight was 
increased, the correlation curve simply was shifted upward as shown in Fig. 6.48. The behavior at the founder 
point was not studied by Eckel. It can be shown that, for a given drilling fl uid, the Reynolds number function is a 
maximum when the jet-impact force is a maximum.

Data obtained in full-scale laboratory-drilling experiments conducted under simulated borehole conditions 
(Tibbitts et al. 1981) have shown that the jet-Reynolds-number group, hydraulic horsepower, and jet-impact force 
all give similar results when used to correlate the effect of bit hydraulics on penetration rate (i.e., as they increase, 
ROP also increases). It also has been reported that fl uid rheological properties, density, and solid content have 
infl uence on ROP (Beck et al. 1995). 

6.8.2 ROP Equations. The manner in which the important drilling variables that have been discussed affect 
penetration rate is quite complex and only partially understood. Several mathematical models that attempt to 
combine the known relationships have been proposed. These models make it possible to apply formal optimiza-
tion methods to the problem of selecting the best bit weight and rotary speed to achieve the minimum cost per 
foot. Many authors (Galle and Woods 1963; Edwards 1964; Young 1969; Reed 1972; Bourgoyne and Young 1974) 
have reported signifi cant reductions in drilling cost through use of these approximate mathematical models.

Roller-Cone Bits. Penetration-rate equations for roller-cone bits have been proposed by various authors. The ap-
proach usually taken is to assume that the effects of bit weight, rotary speed, insert wear, and other factors. on penetra-
tion rate are all independent of one another and that the composite effect can be computed using an equation of the 
form

1 2 3 ,nR f f f f
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.28a)

where f
1
, f

2
, f

3
, …f

n
 represent the functional relations between penetration rate and various drilling variables. The 

functional relations chosen usually are based on trends observed in either laboratory or fi eld studies. Some authors 

Fig. 6.48—Effect of Reynolds number and WOB on ROP (Eckel 1968).
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have chosen to defi ne the functional relation graphically, while others have used curve-fi tting techniques to obtain 
empirical mathematical expressions. Some relatively simple mathematical equations have been used that model 
only two or three of the drilling variables. An example is the Bingham (1965) model defi ned by Eq. 6.24.

Perhaps the most complete mathematical drilling model that has been used for roller-cone bits is the model 
proposed by Bourgoyne and Young (1974). They proposed using eight functions to model the effect of most of the 
drilling variables discussed in the previous section. The Bourgoyne-Young drilling model can be defi ned by Eq. 
6.28a with the following functional relations:

12.303
1

a
sf e K
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.28b)

22.303 10,000
2

a Df e
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.28c)
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f e
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.28d)
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7
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8

8 .
1,000

a

jF
f     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.28i)

In these equations, D is the true vertical-well depth, ft; g
p
 is the pore-pressure gradient, lbm/gal; r

c
 is the equiva-

lent circulating density, lbm/gal; (W/d
b
)

t
 is the threshold bit weight per inch of bit diameter at which the bit begins 

to drill, 1,000 lbf/in.; h is the fractional tooth wear; F
j
 is the hydraulic impact force beneath the bit, lbf; and a

1

through a
8
 are the constants that must be chosen on the basis of local drilling conditions.

The constants a
1
 through a

8
 can be computed using prior drilling data obtained in the area when detailed drilling 

data are available. The drilling model can be used both for drilling-optimization calculations and for the detection 
of changes in formation pore pressure. The function f

1
 primarily represents the effects of formation strength and 

bit type on penetration rate. However, it also includes the effects of drilling variables such as mud type and solids 
content, which are not included in the drilling model. The exponential expression for f

1
 is useful when applying a 

multiple regression technique presented by Bourgoyne and Young (1974) for computing the values of a
1
 through 

a
8
 from prior drilling data obtained in the area. The coeffi cient 2.303 allows the constant a

1
 to be defi ned easily in 

terms of the common logarithm of an observed penetration rate. 
The functions f

2
 and f

3
 model the effect of compaction on penetration rate. The function f

2
 accounts for the rock-

strength increase resulting from the normal compaction with depth, and the function f
3
 models the effect of under-

compaction experienced in abnormally pressured formations. Note that the f
2 

f
3
 product is equal to 1.0 for a 

pore-pressure gradient equivalent to 9.0 lbm/gal and a depth of 10,000 ft.
The function f

4
 models the effect of overbalance on penetration rate. This function has a value of 1.0 for zero 

overbalance (i.e., when the formation pore pressure is equal to the bottomhole pressure in the well).
The functions f

5
 and f

6
 model the effect of bit weight and rotary speed on penetration rate, respectively. Note 

that f
5
 has a value of 1.0 when W/d

b
 has a value of 4,000 lbf per inch of bit diameter, and f

6
 has a value of 1.0 for 

a rotary speed of 60 rev/min. This was chosen so that the f
5  

f
6
 product would have a value near 1.0 for common 
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drilling conditions. The threshold bit weight is often quite small and can be neglected in areas such as the US 
Gulf coast, where the formations are relatively soft. In more-competent formations, the threshold bit weight can 
be estimated from drilloff tests terminated at very low bit weights. The function f

5
 has an upper limit correspond-

ing to the bit founder point, which must be established from drilloff tests. The constants a
5
 and a

6
 also can be 

determined from drilloff tests (see Example 6.13). Reported values of a
5
 range from 0.5 to 2.0, and reported 

values of a
6
 range from 0.4 to 1.0.

The function f
7
 models the effect of tooth wear on penetration rate. The value of a

7
 can be estimated from pen-

etration-rate measurements taken in similar formations at similar bit-operating conditions at the beginning and 
end of a bit run, as shown previously in Example 6.8. The function f

7
 has a value of 1.0 for zero insert wear. When 

tungsten-carbide-insert bits are used and operated at moderate bit weights and rotary speed, insert wear is often 
insignifi cant and this term can be neglected. Typical values of a

7
 for milled-tooth bits range from 0.3 to 1.5.

The function f
8
 models the effect of bit hydraulics on penetration rate. Jet-impact force was chosen as the 

 hydraulic parameter of interest, with a normalized value of 1.0 for f
8
 at 1,000 lbf. However, the choice of impact 

force is arbitrary. Similar results could be obtained with bit hydraulic horsepower or nozzle Reynolds number as 
the hydraulic parameter affecting penetration rate. Typical values for a

8
 range from 0.3 to 0.6.

In practice, it is prudent to select the best average values of a
2
 through a

8
 for the formation types in the depth 

interval of interest. However, the value of f
1
 varies with the strength of the formation being drilled. The function 

f
1
 is expressed in the same units as penetration rate and commonly is called the drillability of the formation. The 

drillability is numerically equal to the penetration rate that would be observed in the given formation type (under 
normal compaction) when operating with a new bit at zero overbalance, a bit weight of 4,000 lbf/in., a rotary 
speed of 60 rev/min, and a depth of 10,000 ft. The drillability of the various formations can be computed with 
drilling data obtained from previous wells in the area.

Example 6.9 An 8½-in. Class 1-1-1 bit operated at 35,000 lbf and 90 rev/min is drilling in a shale formation at a 
depth of 9,000 ft at a penetration rate of 30 ft/hr. The formation pore pressure is equivalent to a 9.0-lbm/gal mud, 
and the equivalent mud weight is 9.7 lbm/gal. The computed impact force beneath the bit is 1,300 lbf, and the 
computed fractional tooth wear is 0.4. Determine the apparent formation drillability f

1
 for this bit type at 9,000 ft 

using a threshold bit weight of zero and the following values of a
2
 through a

8
.

a
2

a
3

a
4

a
5

a
6

a
7

a
8

0.00009 0.000004 0.00002 1.2 0.6 0.4 0.4

Solution. It has been proposed that rate of penetration can be expressed as the multiplication of several expo-
nential functions in the form

1 2 3 8 .R f f f f

For this equation, f
2
 through f

8
 are presented by Eq. 6.28. Thus, calculation of these functions will yield the 

determining f
1
. 

22.303 10,000 2.303 0.00009 10,000 9,000
2 1.2303.a Df e e

pa D g
f e e

0.69 0.69
32.303 9.0 2.303 0.000004 9,000 9.0 9.0

3 1.0.

pa D g ECDf e e42.303 2.303 0.00002 9,000 9.0 9.7
4 0.74813.
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7 0.4 0.4
7 0.85214.a hf e e

8 0.4

8

1,300
1.11065.

1,000 1,000

a

jF
f

Therefore, using Eq. 6.28a, 

130 1.2303 1.00494 0.74813 1.0354 1.2754 0.85214 1.11065 .f

Thus,  f
1
 can be calculated as

f1 26.08ft/hr.  

In this example, detailed drilling data were available at a given point in time. This requires the use of a modern 
well-monitoring and data-recording system. In many instances, data of this quality are not available and an aver-
age drillability for an entire bit run must be computed. For bits that show signifi cant insert wear over the life of 
the bit, the change in the insert-wear function f

7
 with time over the life of the bit must be taken into account. If we 

defi ne a composite drilling variable J
1
 using

1 1 2 3 4 5 6 8 ,J f f f f f f f
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.29)

Eq. 6.28a can be expressed by

1 7 1 7

d
exp .

d

D
R J f J a h

t

Separating variables in this equation yields

1 7d exp d .D J a h t
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (6.30)

The evaluation of this integral requires a relation between time t and tooth wear h. Recall that Eqs. 6.12 and 6.13 
give

2 2d 1 d .Ht J H h h

Substituting this expression into Eq. 6.30, we obtain 

1 2 7 2d exp 1 d .HD J J a h H h h
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.31a)

Finally, integration of this equation leads to the following expression of bit footage in terms of the fi nal tooth wear 
observed.

7 7
7 2 7

1 2 2
7 7

11
.

f f
f

a h a h
a h

f

H

H e a h ee
D J J

a a

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.31b)

This equation can be used to determine the footage corresponding to a given fi nal tooth wear h
f
 and composite 

drilling parameter J
1
. Conversely, it also can be used to compute an apparent or average value of J

1
 for an observed 

footage DD and fi nal tooth wear h
f
. The formation drillability then can be computed from J

1
 using Eq. 6.29.

In some cases, it is desirable to compute the footage drilled after a given time interval t
b
 of bit operation. To use 

Eq. 6.31 for this purpose, it is necessary to know the insert condition, in terms of dull grade, at the drilling time 
of interest. Recall that the time required to obtain a given tooth wear is given by Eq. 6.14b. Expressing this equa-
tion in terms of h

f 
, we obtain
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22 2
2 0.

2
H

f H f b

H J
h J h t

Solving this quadratic equation for h
f
 gives

2

2 2 2 2

21 1
.b

f
H

t
h

H H J H
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.32)

Fixed-Cutter Bits. Diamond bits, as well as other types of fi xed-cutter bits, are designed to achieve a given 
maximum penetration per revolution. Under ideal conditions, the bit weight and RPM are such that the bit is kept 
feeding into the formation at a constant rate. The penetration rate of a fi xed-cutter PDC bit, for a given penetration 
of the cutting element into the formation, is given by

,pe beR L n N
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.33)

where L
pe

 is the effective penetration of each cutting element, n
be

 is the effective number of blades, and N is the 
rotary speed.

Peterson (1976) developed theoretical equations for the effective penetration L
pe

 and the effective number of 
blades n

be
 for diamond bits. The equations were derived for a simplifi ed model that assumed the following:

1. The bit has a fl at face that is perpendicular to the axis of the hole.
2. Each blade is formed by diamonds laid out as a helix, as shown in Fig. 6.49a.
3. The stones are spherical in shape, as shown in Fig. 6.49b.
4.  The diamonds are spaced so that the cross-sectional area removed per stone is a maximum for the design 

depth of penetration.
5. The bit is operated at the design depth of penetration.

The bit hydraulics is suffi cient for perfect bottomhole cleaning.
For these conditions, the effective penetration L

pe
 and the effective number of blades n

be
 are given by

0.67pe pL L    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.34a)

and

21.92 ,c
be b c p p

d

C
n d d L L

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.34b)

Fig. 6.49—Diamond-bit-stone layout assumed in penetration-rate equation (Peterson 1976).
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where C
c
 is the concentration of diamond cutters, carats/in.2; L

p
 is the actual depth of penetration of each stone, 

in.; d
b
 is the bit diameter, in.; d

c
 is the average diameter of the face stone cutters, in.; and s

d
 is the diamond size, 

carats/stone.
A formation property called the formation resistance r

f
 is used to compute the bit weight required to obtain the 

design penetration L
p
. The formation resistance is the pressure needed to overcome the formation strength, allow-

ing the stone to penetrate the rock.

,e
f

dt

W
r

A  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.34c)

where W
e
 is the effective weight applied to the bit after the hydraulic pumpoff forces have been taken into account 

and A
dt
 is the total diamond area in contact with the formation. The formation resistance can be computed from an 

observed penetration rate after a bit is operated in the formation of interest.
For a spherical stone as shown in Fig. 6.49b, the contact area is given by

2 2
2 .

4
b c

dt c p p
d

d C
A d L L

s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.34d)

Ziaja (1985) conducted a study on describing the drilling model for PDC core bits and its application to deter-
mining the indices of rock properties that affect the bit performance. The model described the mechanical aspects 
of any PDC core bit, taking into account the wear of PDC cutters that results in penetration-rate reduction. 

Example 6.10 A 5.585-in. diamond bit contains 200 stones of 1.0 carats that have a width of 0.0848 in. for a 
penetration of 0.01 in. Compute the expected ROP if suffi cient bit weight for a 0.01-in. depth of a diamond pen-
etration could be maintained at a rotary speed of 100 rev/min.

Solution. ROP can be estimated using Eq. 6.33:

ROP .pe beL n N

Thus, in order to calculate ROP, effective penetration length L
pe

 and effective number of blades n
be

 should be de-
termined.

It is assumed that the bit has a fl at face that is perpendicular to the axis of the hole. Therefore,

2 2

200 200
8.1638

5.585
4 4

c

d
b

C

s d

 

stone/in.2 

So, the effective number of blades can be calculated using Eq. 6.34b:

2

2

1.92

1.92 8.1638 5.585 0.0848 0.01 0.01

2.39.

c

d
be b c p p

C
n d d L Ls

Effective penetration length can be obtained with Eq. 6.34a:

0.67 0.67 0.01 0.0067pe pL L
 
 in.

Thus, ROP can be calculated by

1 ft 60 min
ROP 0.0067 2.53 100 8.01

12 in. 1 hrpe beL n N  ft/hr.

6.9 Economics
For those in administration, engineering, manufacturing, and sales, cost calculations are used to evaluate the 
 effectiveness of any product or method, new or old. Because drilling costs are so important, everyone involved 
should know how to make a few simple cost calculations.
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For example, the cost of a PDC bit can be up to 20 times the cost of a milled-tooth bit and up to 4 times the cost 
of a TCI bit. The choice of a PDC bit, a milled-tooth bit, or an insert roller-cone bit must be economically justifi ed 
by its performance. Occasionally, this performance justifi cation is accomplished by simply staying in the hole 
longer. In such cases, the benefi ts of using that particular bit are intangible.

The main reason for using a bit, however, is that it saves money on a cost-per-foot basis. To be economical, 
a PDC bit must make up for its additional cost by either drilling faster or staying in the hole longer. Because 
the bottom line on drilling costs is dollars and cents, bit performance is based on the cost of drilling each foot 
of hole.

One of the most important aspects of an economic evaluation of a bit is the break-even analysis. A break-
even analysis is necessary to determine whether the added bit cost can be justified for a particular applica-
tion.

The break-even point for a bit is simply the footage and hours needed to equalize the cost-per-foot that would 
be obtained on a particular well if the bit was not used. To break even, a good offset well must be used for com-
parative purposes.

6.9.1 Selection of a Bit.  As mentioned previously, IADC bit-comparison charts are typically used for selecting 
the best bit for a particular application (Figs. 6.23 and 6.24). During the planning stage, an in-depth review of 
offset-well data, records of previous bit performance, and bit-grading characteristics in comparable formations 
should be conducted. This will help determine the suitable bit types for the formations to be drilled. Data required 
for a proper bit selection include

· Geological properties and lithological characteristics of the formations to be drilled
· Drilling fl uid to be used
· Well profi le and equipment to be used

Aggressiveness and wear resistance are two fundamental properties that must be considered when selecting a 
bit for a specifi c application. For simplicity’s sake, these two bit properties, while not totally independent, may be 
considered separately. The aggressiveness of the bit is determined by the depth of cut that it is designed to take. 
In roller-cone bits, aggressiveness is determined by projection, pitch of the teeth, and cone offset. In PDC bits, 
aggressiveness is determined by the exposure of the cutters and the cutter angle (backrake). Wear resistance, on 
the other hand, is determined by the density of the cutters, especially those on and near the gauge. In roller-cone 
bits, increasing wear resistance is accomplished by adding more gauge cutters; using more-durable shapes of cut-
ters; applying diamond to the cutters that contact the gauge; and modifying carbide grade (at the expense of mak-
ing cutters more brittle) or increasing the number of carbide inserts on the shirttail. The wear resistance of PDC 
bits is improved by increasing the length of the gauge so that more cutters can be placed on and near the gauge 
and by increasing the carbide or diamond content of the gauge pad. Some of the tradeoffs that make a bit more 
wear resistant also make it more susceptible to cutter breakage and whirl. It is generally accepted that a fl at profi le 
is more resistant to off-center bit whirl than a tapered profi le, which is more resistant to wear. Typically, bits de-
signed with a specifi c degree of aggressiveness are available with or without gauge wear enhancement (Spaar et 
al. 1995).

6.9.2 Cost-Per-Foot Calculation. The performance of a bit may be analyzed on the basis of how much footage 
it drilled, ft; how fast it drilled (ROP); and how much it cost during the run (the initial cost of the bit and the total 
operational costs) per foot of the hole drilled. Because the aim of bit selection is to obtain the lowest cost per foot, 
an analysis is required to achieve this goal. The following equation is usually preferred to estimate the cost per 
foot for a single bit run:

,b r b t oC C t t t
C

D    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.35)

where C is the overall cost per foot, USD/ft; C
b
 is the cost of bit, USD; t

b
 is the rotating time with b it on bottom, 

hours; t
t
 is the round-trip time, including connection time, hours; t

o
 is the other time, which is not rotating time or 

trip time, hours; C
r
 is the cost of operating the rig USD/hr; and DD is the total footage determined by the particu-

lar bit, ft.
As seen from Eq. 6.35, cost per foot is expressed considering the initial cost of the bit, ROP, and 

the total footage. This equation can be used for many practical purposes, such as conducting a post-drilling analy-
sis to compare one bit run with another in a similar well, or a real-time analysis to decide when to pull the bit out 
of the hole.
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6.9.3 Run-Cycle Speed. The performance of a bit can also be determined by using run-cycle speed (RCS). RCS 
can be considered as the effective ROP, including the effect of trip time and nonrotating time. RCS (ft/hr) is de-
fi ned as 

RCS ,
b t o

D

t t t
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.36)

where DD, t
t
, t

b
, and t

o
 are as described in Eq. 6.35. Because rig cost cannot be defi ned clearly to be used in Eq. 

6.35, RCS may give a better understanding of how effi cient the drilling operation under consideration is.

6.9.4 Break-Even Analysis. The break-even analysis is usually preferred for conducting an economic analysis of 
replacing a current bit with a relatively more expensive new bit. The comparison is normally based on a graphical 
analysis plotting footage vs. rotation time. This analysis is a variation of the cost-per-foot equation. The procedure 
for developing the plot is as follows:

1. Calculate equivalent rig hours by comparing the initial bit cost C
b
 (USD) and rig cost C

r
 (USD/ft) by use 

of

.b
eq

r

C
t

C
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (6.37a)

2. Add trip time t
t
 to t

eq
 to obtain the total number of rig hours corresponding to the cost of the new bit: 

tttotal .eqt t  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (6.37b)

Mark this point on the x-axis of a footage-vs.-time plot, as shown in Fig. 6.50.
3. Calculate the footage at break-even cost using

- .b t r
b e

C t C
D

C
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (6.37c)

Mark this point on the y-axis of footage vs. time plot, as shown in Fig. 6.50. 
4. Plot a straight line passing through the points obtained in Steps 2 and 3, as shown in Fig. 6.50. This line is 
the break-even line—that is, any footage and time combination on this line is a break-even point, where cost 
per foot is constant on any point on this line. Above this line, the new bit will produce lower USD/ft than the 
offset bit, and below this line, the new bit will be more expensive to run.

6.9.5 Mechanical-Specifi c-Energy Concept. The concept of mechanical specifi c energy (MSE) is defi ned as the 
work required to destroy a given volume of rock. The MSE-monitoring process can provide the ability to detect 
changes in drilling effi ciency that possibly can be used to optimize operating parameters. Power is defi ned as

,P T W R

Fig. 6.50—Break-even analysis.

0 t total 

ΔDb-e

Time

Footage 
Break-even line 
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the line) 
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where P is the energy input, W is the WOB, T is the torque, w is the angular velocity, and R is the ROP. MSE can 
be expressed in terms of power as

MSE
P t

V
,
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.38a)

where Dt is the time interval and V is the volume of rock, which is equal to

bV A R t

Inserting the defi nitions of “power” and “volume of rock” into Eq. 6.38a yields

MSE
b b

T W

A R A    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.38b)

The MSE equation (Dupriest and Koederitz 2005; Dupriest 2006) can be expressed in terms of drilling param-
eters as 

120
MSE

b b

W N T

A A R
,

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.38c)

where MSE is in psi, A
b
 is the bit area, in.2; T is the torque, lbf-ft; W is the WOB, lbf; and N is the rotation speed, 

rev/min. In Eq. 6.38c, torque is used as a variable in the MSE calculation formula. Torque at the bit can be mea-
sured by a measurement-while-drilling system but in most cases no bit-torque measurements exist. The bit-spe-
cifi c coeffi cient of sliding friction (µ) is introduced to express torque as a function of the WOB and to allow for 
calculation of the MSE equation in the absence of a reliable torque measurement:

WOB
.

36
bd

T

Finally, Eq. 6.38c and the torque equation are coupled to form the new form of the MSE equation, which is 
called the modifi ed MSE and can be shown as

mod

1 13.33
MSE WOB

ROPb b

N

A d
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (6.38d)

6.9.6 Termination of a Bit Run. There is almost always some uncertainty about the best time to terminate a bit 
run and begin tripping operations. The use of the tooth-wear equation (Eq. 6.12) and the bearing-wear equation 
(Eq. 6.17) will provide, at best, a rough estimate of when the bit will be completely worn. In addition, it is help-
ful to monitor the rotary-table torque. In the case of a roller-cone bit, when the bearings become badly worn, 
one or more of the cones frequently will lock and cause a sudden increase or large fl uctuation in the rotary 
torque needed to rotate the bit. With a PDC or fi xed-cutter bit, when cutter elements are heavily worn or broken, 
or the bit becomes undergauge, the bit will exhibit much lower than expected ROP and cyclic or elevated torque 
values. 

When the penetration rate decreases rapidly as bit wear progresses, it may be advisable to pull the bit before it 
is completely worn. If the lithology of the formation is homogeneous, the total drilling cost can be reduced by 
minimizing the cost of each bit run. In this case, one way to determine when to terminate the bit run is by keeping 
a current running calculation of the cost per foot for the run, assuming that the bit would be pulled at the current 
depth. Even if signifi cant bit life remains, the bit should be pulled when the computed cost per foot begins to 
increase. 

However, if the lithology of the formation is not uniform, this procedure will not always result in the minimum 
total well cost. In this case, an effective criterion for determining optimum bit life can be better established after 
offset wells are drilled in the area, thus defi ning the lithological variations, and the contribution of the rock prop-
erties can be studied and understood better. 

Example 6.11 Determine the optimum bit life for the bit run described in the table below. The lithology 
of the formation is known to be essentially uniform in this area. The tooth-wear parameter J

2
 has a value of 0.4, 
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the constant H
2
 has a value of 6.0, and the bearing-wear parameter J

3
 has a value of 0.55. The formation abrasive-

ness constant t
H
 has a value of 50 hours, and the bearing constant t

B
 has a value of 30 hours. The bit cost is USD 

5,000; the rig cost is USD 4,000/hr; and the trip time is 10 hours.

Footage, DD
(ft)

Drilling Time, t
b
 + t

o

(hours)
Remarks

0 0 New bit

30 2.0

50 4.0

65 6.0

77 8.0

87 10.0

96 12.0

104 14.0

111 16.0 Torque increased

Solution. The time required to wear out the teeth can be computed with Eq. 6.14b:
2

1
0.4 50 1 6 80

2bt

 

hours.

The time required to wear out the bearings can be computed with Eq. 6.19.

0.55 30 1 16.5bt  hours.

The cost per foot of the bit run at various depths can be computed with Eq. 6.35. Thus, the overall cost per foot 
of the bit run that would result if the bit were pulled at the various depths shown are as follows:

Footage, DD
     (ft)

Drilling Time, t
b
 + t

o 

          
(hours)

Drilling Cost, C
   (USD/ft)

0 0 0.0

30 2.0 1,766.67

50 4.0 1,220.00

65 6.0 1,601.54

77 8.0 1,000.00

87 10.0 977.01

96 12.0 968.75

104 14.0 971.15

111 16.0 981.98

Note that the lowest drilling cost would have resulted if the bit were pulled after 12 hours.

Example 6.12 Recall Example 6.11. Determine the optimum bit life using the break-even analysis and the RCS.
Solution. In order to apply the break-even analysis for determining the optimum bit life, the break-even line 

must be compared with the RCS. Using Eq. 6.37b,

total

5,000
10 11.3

4,000
t  hours.
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A footage (y-axis) vs. time (x-axis) plot is required, which can be obtained using the information given in Ex-
ample 6.11. On the same plot, t

total
 will be marked. Optimum bit life can be determined by drawing a line that will 

start from t
total

, and it will be tangential to the footage-vs.-time curve. Note that the tangential line will have the 
maximum slope for this case. The result should look like Fig. 6.51.

From this graph, it is determined that the bit should be pulled out after 12 hours.

6.10 Bit-Operation Practices
In addition to selecting the best bit for the job, the drilling engineer must see that the bit selected is operated as 
effi ciently and effectively as possible. Items of primary concern include

· Optimizing the BHA
· Preventing premature bit damage
· Bit weights and rotary speeds
· Proper hydraulics
· Bit-run termination criteria

Proper attention must be given to all of these items to maximize drilling performance and minimize drilling costs.

6.10.1 Optimizing the BHA. The BHA used with the bit often has a signifi cant effect on bit performance. The 
type or size of drill collars used should be effective at preventing the development of bending moments in the 
drillpipe for the range of bit weight needed during drilling. Also, stabilizers should be used as required to pre-
vent bending of the lower portion of the drill collars. If the drill collars above the bit are not properly central-
ized in the borehole, the bit rotation and cutting action can be affected adversely. This can result in damaged 
teeth, bearings, and seals because of cyclic loading on roller-cone bits; chipped or broken cutters on PDC bits; 
poor borehole quality; directional-drilling problems; much lower performance than anticipated; and increased 
frequency of drillstring-component failures.

The use of stabilizers having a diameter near the hole size can reduce the severity of these problems 
greatly. Special shock-absorbing devices called shock subs also can be used above the bit to dampen the 
shock loads further. The additional cost of shock subs is justified more easily for more-expensive bits or for 
those runs in which success is dependent on achieving a long bit run.

6.10.2 Selection of WOB and Rotation Speed. Drilloff Tests. Frequent changes in formation lithology with 
depth can make it diffi cult to evaluate the bit-weight and the rotary-speed exponents from a series of penetra-
tion-rate measurements made at various bit weights and rotary speeds. In many cases, the formation lithology 
may change before the tests are completed. To overcome this problem, a drilloff test can be performed. A 
drilloff test consists of applying a large weight to the bit and then locking the brake and monitoring the de-
crease in bit weight with time while maintaining a constant rotary speed. Hooke’s law of elasticity then can 

Fig. 6.51—Determination of optimum bit life by use of RCS and break-even analysis.
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be applied to compute the amount that the drillstring has stretched as the WOB decreased and the hook load 
increased. In this manner, the penetration-rate response to changing bit weight can be determined over a very 
short depth interval.

Hooke’s law states that the change in stress is directly proportional to the change in strain:

.E     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.39)

For the case of axial tension in a drillstring, the stress change is equal to the change in bit weight 
divided by the cross-sectional area of the drillpipe. The change in strain is equal to the change in drillpipe length 
per unit length. Thus, Hooke’s law becomes

.
s

W L
E

A L

Solving this expression for DL gives

.
s

L
L W

E A

The average penetration rate observed for the change in bit weight DW can be obtained by dividing this equation 
by the time interval Dt required to drill off DW (Lubinski 1988):

.
s

L L W
R

t E A t

Range-2 drillpipe has tool-joint upsets over approximately 5% of its length that have a much greater cross-sec-
tional area than the pipe body and essentially do not contribute to the length change observed. Replacing L by 
0.95L gives

0.95 .
s

L W
R

E A t  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.40)

The length change of the drill collars is also small and can be ignored.

Example 6.13 Using the following drilloff-test data, evaluate the bit-weight exponent and the rotary-speed expo-
nent. The length of drillpipe at the time of the test was 10,000 ft, and the drillpipe has a cross-sectional area of 
5.275 in.2 Young’s modulus for steel is 30×106. Assume that the threshold bit weight is zero.

Test No. 1 (rotary speed = 150 rev/min)

Bit Weight
    (1,000 lbf)

Elapsed Time
      (seconds)

76    0

72   52

68 105

64 160

60 218

56 281

52 352

48 432

44 522

40 626

36 746
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Test No. 2 (rotary speed = 100 rev/min)

Bit Weight
    (1,000 lbf)

Elapsed Time
      (seconds)

76 0

72 54

68 114

64 180

60 253

56 334

52 424

48 525

44 641

40 773

Solution. The penetration rate can be evaluated using Eq. 6.40:

6

0.95

10,000 4,000 0.24
0.95 .

30 10 5.275

s

L W
R

E A t

t t

If we express R in units of ft/hr and Dt in seconds, this expression becomes

0.24 3,600 seconds 864
.

1 hour
R

t t

The drilloff-test data have been evaluated by use of this expression in Table 6.10.
A plot of penetration rate vs. average bit weight can be constructed on log-log paper from the results of 

the drilloff-test analysis. Graphical evaluation of the slope of the straight-line portions of both the N=150 
rev/min and the N=100 rev/min cases yields a value of 1.6. Thus, the observed bit-weight exponent is ap-
proximately 1.6 for values of bit weight below the founder region. The rotary-speed exponent can be 
evaluated from the spacing between the lines in the parallel region.

For example, a penetration rate of 13.7 ft/hr is observed for a bit weight of 58,000 lbf and a rotary speed of 150 
rev/min. Reducing the rotary speed to 100 rev/min resulted in a penetration rate of 10.7 ft/hr at the same bit 
weight. Thus, we have

6 ,aR K N

613.7 150 ,
a

K

and

610.7 100 ,
a

K

where K is the constant of proportionality and a
6
 is the rotary-speed exponent. Dividing the top equation by the 

bottom equation gives

613.7 150
.

10.7 100

a
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Taking the logarithm of both sides and solving for a
6
 yields

6

13.7
log

10.7
0.6.

150
log

100

a

In this example, a good straight-line fi t was obtained below the founder region assuming the threshold bit 
weight was zero. When the threshold bit weight is not zero, it may be necessary to subtract the threshold bit 
weight from the bit-weight column before plotting the data. If the threshold bit weight is not known, it can be 
determined by trial and error as the value that gives the best straight-line fi t.

WOB and Rotation-Speed Optimization. The weigh t applied to the bit and the rotational speed of the drill-
string have a major effect on both the performance and the life of the bit. These parameters are usually changed 
during the drilling operation to improve ROP as dictated by formation hardness, to mitigate bit vibrations, to 
improve directional-drilling effi ciency, and to minimize rate of cutter wear. Thus, the determination of the op-
timum bit weight and rotary speed for a given bit run is one of the routine challenges faced by the drilling en-
gineer. 

For roller-cone bits, there are several published methods for computing optimum combinations of bit weight 
and rotary speed that ensure improved overall drilling performance and reduced drilling costs (Galle and Woods 
1963; Edwards 1964; Young 1969; Reed 1972; Bourgoyne and Young 1974; Estes 1974; Lummus 1974). All of 
these methods require the use of mathematical models to defi ne the effect of bit weight and rotary speed on pen-
etration rate and bit wear. Methods are available for computing both the best variable bit-weight/rotary-speed 

TABLE 6.10—EXAMPLE OF DRILL-OFF-TEST ANALYSIS (Bourgoyne et al. 1991)

N=150 rev/min N=100 rev/min

Bit Weight
(1,000 lbf)

Average 
Bit Weight
(1,000 lbf)

Elapsed 
Time

(seconds)
t

(seconds)
R

(ft/hr)

Elapsed 
Time

(seconds)
t

(seconds)
R

(ft/hr)

76 0 0

74 52 16.6 54 16.6

72 52 54

70 53 16.6 60 14.4

68 105 114

66 55 15.7 66 13.1

64 160 180

62 58 14.9 73 11.8

60 218 253

58 63 13.7 81 10.7

56 281 334

54 71 12.2 90 9.6

52 352 424

50 80 10.8 101 8.6

48 432 525

46 90 9.6 116 7.4

44 522 641

42 104 8.3 132 6.5

40 626 733

38 120 7.2

36 746
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schedule and the best constant bit weight and rotary speed for the entire bit run. Galle and Woods (1963) have 
reported that the simpler constant-weight/-speed methods result in only slightly higher costs per foot than the 
methods allowing the bit weights and rotary speeds to vary as the bit dulls or encounters different formation char-
acteristics. Reed (1972) indicated a difference of less than 3% in cost per foot between the variable-weight/-speed 
and the constant-weight/-speed schedules for the cases studied.

One straightforward technique used with roller-cone bits to determine the best constant-weight/-speed schedule is to 
generate a cost-per-foot table. The cost per foot for various assumed bit weights and rotary speeds can be com-
puted using the penetration-rate and bit-wear models. The best combination of bit weight and rotary speed, the 
best bit weight for a given rotary speed, or the best rotary speed for a given bit weight then can be read from the 
table, which corresponds to the minimum cost per foot. The use of the best bit weight for a given rotary speed may 
be desirable when the rotary-speed selection is limited by the rotary-power transmission system. The best rotary 
speed for a given bit weight may be desirable when the bit weight is limited because of hole-deviation problems.

Example 6.14 A Class 1-3-1 bit will be used to drill a formation at 7,000 ft having a drillability of 20 ft/hr. The 
abrasiveness constant t

H
 has a value of 15.7 hours, the bearing constant t

B
 has a value of 22 hours, and the bearing 

exponents B
1
 and B

2
 are equal to 1.0. The formation pore-pressure gradient is equivalent to a 9.0-lbm/gal fl uid, 

and the mud density is 10 lbm/gal. The bit costs USD 4,000, the operating cost of the drilling operation is USD 
5,000/hr, the time required to trip for a new bit is 6.5 hours, and 3 minutes are required to make a connection. Using 
a threshold bit weight per inch (W/db)

t
 of 0.5 and the values of a

2
 through a

8
 as given, compute the cost per foot 

that would be observed for W/db = 4.0, N = 60 rev/min, and a jet-impact force of 900 lbf.

a
2

a
3

a
4

a
5

a
6

a
7

a
8

0.000087 0.000005 0.000017 1.2 0.6 0.9 0.4

Solution. Using Table 6.8 for a Class 1-3-1 bit, we obtain H
1
 = 1.84, H

2
 = 6, and (W/d

b
)

max
 = 8.0. The value of 

J
2
 as a function of bit weight and the rotary speed is given by Eq. 6.13:

1

max
2

2

max

60 1
,

14
2

H
b b

b

W W

d d
J

HNW

d

1.84

2

8
60 1

,
68 4 1
2

b

W

d
J

N

1.84

2

60
0.250 2 .

4 b

W
J

d N

For W/d
b 
= 4 and N = 60, J

2
 has a value of 0.250. Using a fi nal tooth dullness of 1.0, Eq. 6.14b gives

2

2 2

1
1 6 4 .

2b H Ht J J

Substituting the values of t
H
 and J

2
 into this equation yields

1.84

1.84

60
4 15.7 0.25 2

4

60
15.7 2 .

4

b
b

b

W
t

d N

W

d N
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For W/d
b
 = 4 and N = 60, the time required to reach a tooth dullness of 1.0 predicted by this equation is 15.7 

hours.
The bearing life can be computed using Eqs. 6.18 and 6.19:

1.0

3

460
,bd

J
N W

3 3

460
22 1 22 .b

b B f

d
t J b J

N W

For W/d
b
 = 4 and N = 60, the time required to completely wear the bearings predicted by this equation is 22 

hours. Evaluation of the multipliers f
1
 through f

4
 and f

8
 yields the following:

1 20.f

22.303 10,000 2.303 0.000087 10,000 7,000
2 1.83.a Df e e

0.69
32.303 9.0

3 1.0 for 9.0.pa D g

pf e g

42.303 2.303 0.000017 7,000 9.0 10.0
4 0.76.p ca D g

f e e
8 0.4

8

900
0.959.

1,000 1,000

a

jF
f

Substitution of these values into Eq. 6.29 gives

1 1 2 3 4 5 6 8 ;J f f f f f f f

1 5 6 5 620 1.83 1.0 0.76 0.959 26.7 .J f f f f

For W/d
b
 = 4 and N = 60, both the bit-weight function f

5
 and the rotary-speed function f

6
 have a value of 1.0; 

thus, J
1
 has a value of 26.7.

The footage drilled before tooth failure at 15.7 hours is given by Eq. 6.31b:

7 7
7 2 7

1 2 2
7 7

11
.

f f
f

a h a h
a h

f

H

H e a h ee
D J J

a a

Because the bit teeth will fail fi rst, the fi nal tooth dullness h
f
 is known to be 1.0. When the bearings fail fi rst, it 

is necessary to compute h
f
 for the known value of t

b
 using Eq. 6.32. Solving the above equation for DD, we obtain
0.9 0.9

0.9

2

6 1 0.91
26.7 0.250 15.7 246

0.9 0.9

e ee
D

 

ft.

This footage corresponds to approximately eight joints of drillpipe at 3 minutes per connection. The total connec-
tion time is

3
8 0.4

60ot hours.

The cost per foot for the bit run is given by Eq. 6.35

4,000 5,000 15.7 6.5 0.4
USD 475.61/ft.

246
b r b t oC C t t t

C
D

This is the predicted cost per foot that corresponds to ending the bit run just before bit failure and is usually the 
minimum cost per foot for the bit weight and rotary speed assumed. However, to ensure that this is true, the cost per 
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foot corresponding to a slightly shorter bit life should be checked. For example, if the bit was pulled after 15 hours, 
the fi nal tooth dullness, as computed from Eq. 6.32, is given by

2

2 2 2 2

21 1
.b

f
H

t
h

H H J H

2 2 151 1
0.974.

6 6 0.25 15.7 6fh

The footage drilled for this value of h
f
 would be

0.9 0.974 0.9 0.974
0.9 0.974

2

6 1 0.9 0.9741
26.7 0.250 15.7 238

0.9 0.9

e ee
D

 

ft.

The cost per foot after 15 hours of drilling time is given by

4,000 5,000 15.7 6.5 0.4
USD 491.60/ft.

238
C

Note that this cost per foot is slightly greater than the cost per foot corresponding to the maximum possible bit life.
Analytical expressions f or the best constant bit weight and rotary speed were derived by Bourgoyne and Young 

(1974) for the case in which tooth wear limits bit life. Eq. 6.35, the cost-per-foot equation, can be rearranged to give

.br
b t

r

CC
C t t

D C

Substituting Eq. 6.14a for t
b
 and Eq. 6.31a for DD in this cost-per-foot formula yields

7

2

0

1 2 1

2

0

1 d

.

1 d

f

f

h

b
t

r r
h

Ha h

C
H h ht

C C
C

J J J
e H h h

Taking 0

b

C

W

d

 and solving yields

5 5 2 2

max

1 d 0b bb t
t H

f

b b

W W

d dC
t a a J H h h

C W W

d d

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.41a)

Taking 0
C

N
 and solving yields

1
2 2

6

1 1 d 0.b
t H

r

C H
t J H h h

C a
  

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.41b)

Solving these two equations simultaneously for W/d
b
 gives the following expression for optimum bit weight:

5 1 6

max

5 1 6opt

.b b t

b

W W
a H a

d dW

d a H a
 

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.42)
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If the optimum bit weight predicted by this equation is greater than the fl ounder bit weight, then the fl ounder bit 
weight must be used for the optimum. The optimum bit life is obtained by solving either Eq. 6.41a or Eq. 6.41b 
for 2 21 dHJ H h h:

1

6

1 .b
b t c

r

C H
t t t

C a
 

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.43)

The optimum rotary speed N
opt

 is obtained using the known value of t
b
, in Eq. 6.14b, and solving for J

2
. N

opt

then can be obtained from J
2
 using Eq. 6.13. This leads to the following expression for N

opt
:

1

1

max opt
opt

max

60 .

4

H

b bH

b

b

W W

d d
N

t W

d

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.44)

Unfortunately, for the case where bit life is limited by bearing wear or penetration rate, such simple expressions 
for the optimum conditions have not been found, and the construction of a cost-per-foot table is the best approach. 
This type of calculation is most easily accomplished using a computer.

Example 6.15 Compute the optimum bit weight and rotary speed for a Class 1-1-1 bit, which will be used to drill 
a formation at 9,000 ft that has a drillability of 40 ft/hr. The abrasiveness constant t

H
 has a value of 38 hours. The 

threshold bit weight per inch is given as 0.5 × 103 lbf/in. and the fl ounder bit weight is known to be 60,000 lbf at 
60 rev/min. Bit cost is USD 6,000 and the cost of the drilling operation is USD 8,000/hr. Required time to trip is 
7 hours, and connection time per triple stand is 4 minutes. Determine the optimum WOB and rotary speed for this 
well if a

5
 and a

6
 are given as 1.2 and 0.6, respectively.

Solution. Optimum bit weight (Eq. 6.42) and rotary speed (Eq. 6.44) can be determined using 

5 1 6

max

5 1 6opt

b b t

b

W W
a H a

d dW

d a H a

and

1

1

max opt
opt

max

60 .

4

H

b bH

b

b

W W

d d
N

t W

d

Because the bit is Class 1-1-1 (from Table 6.8), H
1
 is equal to 1.90 and 

maxb

W

d
 

is equal to 7.0. Therefore, optimum 
bit weight can be calculated as

opt

1.2 1.90 7.0 0.6 0.5
5.65

1.2 1.90 0.6b

W

d
 klbf/in.

Because the fl ounder WOB is 60,000 lbf, bit diameter can be estimated as

60,000
8.571

7,000bd  in.

Thus, optimum WOB is equal to 48,390 lbf.
In order to estimate the optimum rotary speed, bit time t

b
 has to be evaluated using Eq. 6.43. Bit time is 

given by

1

6

6,000 9000 1 hr 1.9
1 7 1 17.69

8,000 90 4 60 min 0.6
b

b t o
r

C H
t t t

C a
 

hours.
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Thus, optimum rotary speed is equal to
1

1.90

opt

38 7.0 5.65
60 59.03

17.69 7.0 4
N rev/min.

So, the optimum WOB and rotation speed combination is 48,390 lbf and 59.03 rev/min, respectively.

For PDC bits, optimization of drilling parameters is also possible. Wojtanowicz and Kuru (1987) introduced an 
optimization methodology for PDC bits, assuming a footage and determining the optimum operating conditions 
to maximize the ROP. Footage is defi ned as a function of rate of penetration R, which depends on many drilling 
parameters.

0

, , , ,  d constant,
bt

D R W N K t

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.45)

where W is weight on bit, N is rotation speed, K is drillability of the formation, and w is dimensionless wear on 
cutters. Values of W and N are considered to be within the practical limits. The ROP equation defi ned in Wojtano-
wicz and Kuru (1987) has the form

,a
tR K W W f N

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.46)

where W
t
 is the threshold bit weight to maintain shearing, f  is the linear wear function of the cutters, and a is 

constant. The model proposed by Wojtanowicz and Kuru (1987) focuses on the minimum cost that will be achieved 
by using multiple bits, such that

1

min,
n n n

M

b r b o
n

C C C t t
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.47)

where n is the current bit and M is the total number of bits used. It is known that

.b

D
t

R    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (6.48)

Optimum WOB and rotation speeds are selected on the basis of an iterative procedure that satisfi es the condition 
for Eq. 6.47 of being minimum. 

Problems
6.1  List the two main types of bits in use today. Also, list two subclassifi cations of each basic bit type and dis-

cuss the conditions considered ideal for the application of each subclassifi cation given.
6.2  Discuss how cone offset, tooth height, and number of teeth differ between soft- and hard-formation in-

sert-cutter bits.
6.3  Discuss how blade count, cutter density, and cutter structure differ between soft- and hard-formation 

PDC bits.
6.4 Discuss the primary mechanism of drilling for roller-cone bits and fi xed-cutter bits.
6.5  A rock sample is placed in a strength-testing machine at atmospheric pressure and compressed axially to 

failure. A force of 12,000 lbf was re quired for rock failure, and the cross-sectional area of the sample was 2.0 
in.2 The sample failed along a plane that makes a 35° angle with the direc tion of the compressional loading.

 (a) Construct a Mohr’s circle using the two prin cipal stresses present.
 (b) Compute the shear stress present along the plane of failure. 
 (c) Compute the stress normal to the plane of failure. 
 (d) Compute the angle of internal friction. 
 (e) Compute the cohesive resistance of the material. 
 (f)  Label the parameters computed in the Steps (b) through (e) on the Mohr’s-circle construction. Using 

the Mohr criterion, compute the compressional force required for rock failure if the sample is placed 
under a 5,000-psi confi ning pressure. 

 6.6 What is the best basis of comparison when trying to choose between two different bit types?
 6.7  The bit type currently used to drill a given forma tion consistently yields a drilling cost of approximately USD 

500/ft. You are sending a new experimental bit type to the fi eld for evaluation in this formation. The new bit 
is expected to have a bit life of approximately 150 hours as compared with the usual bit life of 50 hours. The 
new bit costs USD 10,000 and the operating cost of the drilling operation is USD 7,500/hr. Trip time is 
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 approximately 10 hours for the depth of interest. Prepare a graph that shows the break-even cost of USD 500/
ft as a function of penetration rate and bit life to assist in the fi eld evaluation of the new bit. Label the region 
of the graph that shows com binations of penetration rate and bit life that are not acceptable. If the initial 
penetration rate of the new bit during the fi rst hour is 10 ft/hr, what would you recommend? 

6.8 Grade the bit shown in the photograph below (West et al. 2004). 

 6.9  A 9.875-in. Class 1-1-1 bit drilled from a depth of 12,000 to 12,200 ft in 12 hours. The average bit 
weight and rotary speed used for the bit run were 40,000 lbf and 90 rev/min, respectively. When the bit 
was pulled, it was graded T-6, B-6. The drilling fl uid was a barite-weighted clay/water mud having a 
density of 12 lbm/gal.

 (a) Compute the average formation-abrasiveness constant for this depth interval. 
 (b)  Estimate the time required to completely dull the bit teeth using a bit weight of 45,000 lbf and 

a rotary speed of 100 rev/min. 
 (c)  Compute the bearing constant for this depth interval. 
 (d)  Estimate the time required to completely dull the bearings using a bit weight of 45,000 lbf and a 

rotary speed of 100 rev/min. 
6.10 Why is cooling the cutters of PDC bits one of the major considerations during an operation?
6.11  Compute the bearing constant t

B
 for the bit of Example 6.4. Use values of B

1
 and B

2
 recommended in 

Table 6.9. 
6.12  Field data obtained on 7.875-in., Series 6, roller-bearing bits at a rotary speed of 60 rev/min show an average 

bearing life of 32 hours for a bit weight of 5,700 lbf/in. and 45 hours for 3,800 lbf/in. Com pute the apparent 
bearing weight exponent B

2
 and the bearing constant t

B
 for this bit type. 

6.13  Field data observed on 7.875-in., Series 6, sealed journal-bearing bits operating at a rotary speed of 60 rev/min 
show an average bearing life of 67 hours at 5,700 lbf/in. and 100 hours at 3,800 lbf/in. Compute the apparent 
bearing weight exponent B

2
 and the bearing constant t

B
 for this bit type. 

6.14  Field data observed on 7.875-in., Series 6, sealed journal-bearing bits operated with 4,000 to 5,000 lbf 
of bit weight per inch of bit diameter showed a medium bit life of 95 hours at a rotary speed of 60 rev/
min and 185 hours at 40 rev/min. Using an assumed value of 1.0 for B

2
 compute the apparent values for 

B
1
 and t

B
 from these observations. 

6.15  Field data obtained using 7.875-in., Series 6, sealed roller-bearing insert bits operated at 4,000 lbf per 
inch of bit diameter indicated an average bit life of 42 hours at a rotary speed of 60 rev/min and 55 hours 
at 40 rev/min. Compute the apparent values of B

1
 and t

B
. 

6.16  Recommend values of B
2
 and t

B
 for 7.875-in., nonsealed, roller-bearing bits operated in oil muds, 

weighted clay/water muds (barite muds), and a clay/water mud containing H
2
S (sulfi de mud). The rec-

ommendation should be based on the laboratory bearing-wear data shown in the following table and 
con ducted at a rotary speed of 60 rev/min. The bearing life was determined on the basis of 0.1-in. wear 
in the bear ing races.

 

Laboratory Bearing-Life Data Obtained at 60 rev/min

Bit Weight/in. Bearing Life (hours)

(1,000 lbf/in.) Sulfi de Mud Barite Mud Oil Mud

3 14.0 48.0 _

6 7.5 17.5 80.0

9 _ _ 25.0
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6.17  Field data obtained on 8.5-in. sealed roller-bearing insert bits are shown below. Use these data to ob tain 
representative values of B

1
, B

2
, and t

B
 for this bit type.

Bit Weight 
(1,000 lbf/in.)

Rotary Speed 
(rev/min)

Bearing Life 
(hours)

4 60 41

6 60 30

4 40 81

6.18  Upon completing the drilling run using a diamond-core bit, the following data were recorded: outer 
diameter of bit = 47/

16
 in.; inner diameter of bit = 3⅓ in.; diamond size = 0.4 carat/stone; average 

 diamond density = 3.5 carat/in.2; total rotation time = 20 hours; WOB = 7,000 lbf; rotation speed = 250 
rev/min; and index of rock abrasiveness is 5.0×10–10 in.3/lbf-in. Calculate the linear wear on the dia-
monds.

6.19  Determine the optimum bit life for the bit run described in the following table. The lithology is known 
to be uniform for the depth range of interest. The tooth wear parameter J

2
 has a value of 0.15, the con-

stant H
2
 has a value of 7.0, and the bearing-wear parameter J

3
 has a value of 0.56. The forma tion abra-

siveness constant t
H
 has a value of 40 hours, and the bearing constant t

B
 has a value of 40 hours. The bit 

cost is USD 6,000, the rig-operating cost is USD 5,000/hr, and the trip time is 6 hours.

Drilling Time t
b
+t

o
+t

t
 

(hours)
Total Footage DD 

(ft)
Remarks

0 0 New bit

2 30

4 54

6 73

8 88

10 104

12 117

14 127

16 135

18 142

20 147

22 151 Torque increase

6.20 List the factors affecting penetration rate in Problem 6.19.
6.21  A penetration rate in shale of 20 ft/hr was obtained using a mud density of 12 lbm/gal at a depth of 

10,000 ft. When the mud density was increased to 13 lbm/gal, the penetration rate was decreased to 
9.5 ft/hr for similar drilling conditions. Compute the apparent value of the overbalance exponent a

4
. 

6.22  The penetration rate in shale is observed to increase from 12 to 18 ft/hr when the bit weight is increased 
from 30,000 to 50,000 lbf. Compute the bit-weight ex ponent a

5
. 

6.23  Using the following drilloff-test data, evaluate the bit-weight exponent a
5
 and the rotary-speed exponent 

a
6
. The length of the 4.5-in., 16.6-lbm/ft drillpipe is 12,000 ft.

Test No. 1 (rotary speed = 120 rev/min)

Bit Weight
(1,000 lbf)

Elapsed Time 
(seconds)

80 0

76 104

72 210
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Bit Weight
(1,000 lbf)

Elapsed Time 
(seconds)

68 320

64 436

60 562

56 704

52 864

48 1,045

Test No. 2 (rotary speed = 80 rev/min)

Bit Weight
(1,000 lbf)

Elapsed Time 
(seconds)

80 0

76 108

72 228

68 360

64 506

60 668

56 848

52 1,050

6.24   The average penetration rate in shale is observed to drop from 18 ft/hr for a new bit to 11 ft/hr at the end 
of the bit run. The bit was graded T-6, B-7. Assuming that all variables other than tooth wear re mained 
constant, evaluate the tooth-wear exponent a

7
. 

6.25  A bit contains three 14/
32

-in. nozzles, and the mud, which has a density of 10 lbm/gal, is being cir culated 
at a rate of 600 gal/min. The penetration rate is observed to decrease from 15 to 11 ft/hr when one of the 
two pumps is stopped temporarily, causing the circulation rate to fall from 600 to 400 gal/min. Compute 
the apparent hydraulics expo nent a

8
. 

6.26  An 8.5-in. Class 1-1-1 bit operated at 35,000 lbf and 90 rev/min is drilling in a shale formation at a 
depth of 9,000 ft at a penetration rate of 30 ft/hr. The formation pore pressure is equivalent to a 9.0-
lbm/gal mud, and the equivalent circulating density of the mud on bottom is 9.7 lbm/gal. The com-
puted impact force beneath the bit is 1,300 lbf, and the computed fractional tooth wear is 0.4. Compute 
the apparent formation drillability f

1
 for this bit type at 9,000 ft using a threshold bit weight of zero 

and the following values of a
2
 through a

8
.

a
2

a
3

a
4

a
5

a
6

a
7

a
8

0.00009 0.000004 0.00002 1.2 0.6 0.4 0.4

6.27  A diamond bit with a total blade length of 5.585 in. contains 200 stones of 1.0 carats that have a width 
of 0.0848 in. for a penetration of 0.01 in. Compute the expected penetration rate if suffi cient bit weight 
for a 0.01-in. depth of diamond penetration could be maintained at a rotary speed of 100 rev/min. As-
sume that the diamonds are shaped and arrayed so that the penetration is two-thirds the maximum 
penetration depth. 

6.28  A 9.875-in. diameter Class 1-1-1 bit will be used to drill a formation at 9,000 ft that has a drillability 
of 40 ft/hr. The abrasiveness constant t

H
 has a value of 38 hours, and the bearing constant t

B
 has a 

value of 22 hours. The formation pore-pressure gradient is equivalent to a 9.0-lbm/gal fl uid gradient, 
and the weighted clay/water drilling fl uid (barite mud) has a density of 9.7 lbm/gal. The bit cost is 
USD 6,000, the operating cost of the drilling operation is USD 8,000/hr, the time required to trip for 
a new bit is 7 hours, and 4 minutes is required to make a con nection per 30-ft joint of drillpipe. Using 
a threshold bit weight per inch of 0.5 and the con stants a

2
through a

8
 given in Problem 6.26, com pute 

the cost per foot that would be observed for (W/d
b
) = 4.5, N = 90 rev/min, and a jet-impact force of 

1,100 lbf. 
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6.29  Compute the optimum bit weight and rotary speed for the bit described in Problem 6.28, assuming bit 
life is limited by tooth wear. Ignore the effect of connection time. The fl ounder bit weight is known to 
be 60,000 lbf/in. 

6.30  After drilling for 24 hours, a footage of 384 ft has been achieved. The bit used has a cost of USD 
4,000. The bit will be replaced with a new one. Two different bit candidates are available, which are 
expected to give an 18-ft/hr and 21-ft/hr ROP. Bit costs are USD 6,000 and USD 10,000, respectively. 
The average rig-operation cost is USD 1,200/hr. Determine the more economical bit.

Nomenclature
 a

1
–a

8
 =  exponents in the penetration rate equation

 A  =  area, in.2 
 A

b
  =  area of bit, in.2

 A
dt
  =  total diamond area in contact with the formation, in.2

 b
f
  =  fi nal bearing wear at end of bit run

 B
1
, B

2
  =  bearing-wear exponents

 c  =  cohesive resistance of material, psi 
 C = cost per foot, USD/ft
 C

b
  =  initial cost of bit, USD

 C
c
  =  concentration of diamond cutters, carats/in.2 

 C
d
  =  average density of the face stones, carats/in.2

 C
r
  =  fi xed operating cost of rig per unit time, USD/hr

 d  =  diameter, in.
 d

b
  =  diameter of bit, in. 

 d
c

 =  diameter of cutter, in. 
 d

d
  =  average diamond diameter, in. (if not known, 

0.33

4.99
d

d

s
d )

 D  =  depth, ft 

 ibD =   inner diameter of the bit, in. (if the bit is a core bit, 0
ibD , but if the bit is a drilling bit, 0

ibD )

 obD   = outer diameter of the bit, in. 
 E  =  Young’s modulus of elasticity, psi
 F  =  force, lbf
 f

1
–f

8
  =  functions defi ning effect of various drilling variables 

 F
n
  =  normal force on cutter, lbf

 g
p
  =  formation pore-pressure gradient expressed as an equivalent fl uid density, lbm/gal 

 G  =  geometry constant for a given tooth design
 h  =  fractional tooth wear 
 h

f
  =  fi nal tooth wear at end of bit run 

 H
1
–H

3
  =  tooth-geometry constants used to predict bit tooth wear

 J
1
 –J

3
  =   composite functions of bit weight and rotary speed used in penetration-rate, tooth-wear, and bearing-

wear equations, respectively 
 K  =  scaling constant 
 L  = length, in.
 L

i
  =  initial height, in.

 L
p
  =  depth of penetration of drag-bit cutter, in. 

 L
r
 =  height removed, in.

 L
w
  =  width cut by an individual diamond for a penetration L

p
, in.

 m = slope
 MSE = mechanical specifi c energy, psi
 n

b
  =  effective number of blades of drag bit 

 n
c
 = number of cutters  

 N  =  rotary speed, rev/min
 N

Re
 =  Reynolds number 

 p  =  pressure, psi
 r  =  radius, in.
 R =  penetration rate, ft/hr
 R

0
  =  penetration rate at zero overbalance, ft/hr 

 r
f 
 =  formation resistance, psi

 s
d
  =  average diamond size, carats/stone
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 S  =  compressive strength of rock, psi 
 s

d
 =  size of diamond, carats/stone 

 t  =  time, hours
 t

b
  =  bit life, hours 

 t
c
  =  nonrotating time during bit run (e.g., connection time), hours 

 T
f
  = fl uid temperature, °F

 t
t
 =  time of tripping operations required to change bit, hours 

 v  =  cutting speed, m/s
 v  =  fl uid velocity, ft/sec
 w  =  width, in. 
 W  =  WOB, lbf 
 X  =  linear wear, in.
 x,y  =  spatial coordinates 
 a  =  bottom cutting angle, degree
 b  =  angle subtended by wear surface on PDC blank, degree
 DD  =  depth interval drilled during bit run, ft
 e  =  axial strain
 q  =  angle of internal friction, degree
 m

f
  =  viscosity, cp 

 m  =  Poisson’s ratio 
 m

a
  =  apparent viscosity at 10,000 s–1

 r  =  mud density, lbm/gal
 r

c
 = equivalent circulating density, lbm/gal

 s  =  normal stress, psi
 t =  shear stress, psi 
 t

B
  =  bearing-life constant, hours

 t
H
  =  formation-abrasiveness constant, hours

 t
o
 = shear strength, psi

 t
s
  = index of rock abrasiveness, in.3/(lbf-in.)

 f =  angle between failure plane, degree 
 f =  direction of principal stress 
 W

1
 = instantaneous angular velocity in bit axis, m/s

 W
2
 = instantaneous angular velocity in cone axis, m/s

 W
3
 = resultant of W

1
 and W

2
, m/s

Subscripts
 a  =  apparent
 b  =  bit 
 b-e = break-even
 be = effective blade
 bh  =  bottomhole
 c  =  cutter 
 c  =  circulating 
 c  =  cone 
 dp =  drillpipe
 e  =  effective
 eq = equivalent
 f =  formation
 i  =  initial
 j  =  jet 
 j  =  journal 
max  =  maximum
max  =  destructive
max  =  slope
mod = modifi ed
 n  =  normal to plane 
 opt  =  optimum 
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 p = penetration
 pe = effective penetration
 r  =  removed
 s  =  steel 
 s  =  standard 
 s  =  reference 
 t  =  threshold
 x,y  =  spatial coordinates or directions 
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Chapter 7

Casing Design

John W. Barker        Jim Powers, ExxonMobil and Robert F. Mitchell, Halliburton

The purpose of this chapter is to present (1) the primary function of oil-well casing, (2) the various types of casing 
strings used, and (3) the procedures used in the design of casing strings. Tubing string design is not covered in 
this chapter. Design issues with drillpipe will not be included.

7.1 Introduction
Oil country tubular goods (OCTG) include casing, tubing, line pipe, and drillpipe. Casing serves several important 
functions in drilling and completing a well. It prevents collapse of the borehole during drilling and hydraulically 
isolates the wellbore fl uids from the subsurface formations and formation fl uids. It minimizes damage to the sub-
surface environment by the drilling process and to the well by the hostile subsurface environment. It provides a 
high-strength fl ow conduit that directs the drilling fl uid to the surface and, with blowout preventers (BOPs), 
 enables the safe control of formation pressure. Selective perforation of properly cemented casing also permits 
isolated communication with a particular formation of interest. 

Tubing conducts well fl uids from the formation to the wellhead. Line pipe is typically used in surface facilities 
to convey gas, oil, and water in both the oil and natural-gas industries. Line pipe is sometimes used in oil wells 
because it is available in larger sizes and is often needed for shallow oilwell strings. Drillpipe is used to drill wells, 
and it functions as a workstring that enables application of torsion, weight, and hydraulics during the drilling 
process. The function of drillpipe is very different from that of other types of OCTG, and design issues such as 
fatigue are more important. 

As the search for commercial hydrocarbon deposits reaches greater depths, the number and sizes of the 
 casing strings required to drill and complete a well successfully have also increased. Casing has become one 
of the most expensive parts of a drilling program; studies have shown that the average cost of tubulars is 
 approximately 18% of the average cost of a completed well (Greenip 1978). Therefore, an important respon-
sibility of the drilling engineer is to design the least expensive casing program that will enable the well to be 
drilled and operated safely throughout its life. The savings that can be achieved through optimal design, as well 
as the risk of failure from an improper design, justify a considerable engineering effort in this phase of the 
drilling program. 

Fig. 7.1 shows a typical casing program for a well along the United States Gulf Coast. A well that will not 
 encounter abnormal formation pore-pressure gradients, lost-circulation zones, or salt sections may require only 
conductor casing and surface casing to drill to the objective for the well. 

Conductor casing is needed to circulate the drilling fl uid to the shale shakers without eroding the shallow sedi-
ments below the rig and rig foundations when drilling is initiated. The conductor casing also protects the subsequent 
casing strings from corrosion and may be used to support some of the well load structurally. A diverter system can 
be installed on the conductor to divert fl ow from rig personnel and equipment in case of an unexpected infl ux of 
formation fl uids to surface-casing depth during drilling. 

Surface casing prevents cave-in of unconsolidated weaker near-surface sediments and protects the shallow 
freshwater sands from contamination. Surface casing also supports and protects from corrosion any subsequent 

and
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casing strings run in the well. In the event of a kick, surface casing generally makes it possible to contain the fl ow 
by closing the BOPs.

The BOPs should not be closed unless the casing to which they are attached has been placed deeply enough into 
the Earth to prevent a pressure-induced formation fracture initiated below the casing seat from reaching the sur-
face or mudline. Subsequent fl ow through such fractures eventually can erode a large crater, up to several hundred 
feet in diameter, at the surface or the mudline. Surface-casing setting depths are usually from 300 to 5,000 ft into 
the sediments. Because of the possibility of contamination of shallow water-supply aquifers, surface-casing set-
ting depths and cementing practices are often subject to government regulations.

Intermediate casing is usually required in deeper wells that penetrate abnormally pressured formations, lost-
circulation zones, unstable shale sections, or salt sections. Intermediate casing is often  referred to as “protective” 
or “drilling” casing. Some wells may require one or more strings of  intermediate casing between the surface-
casing depth and the fi nal well depth. When abnormal formation pore pressures are present in the deeper portions 
of a well, intermediate casing is needed to protect formations below the surface casing from the pressures cre-
ated by the required high drilling-fl uid density. Similarly, when normal pore pressures are found below sections 
having abnormal pressure, an additional intermediate casing makes it possible to reduce the mud density to drill 
deeper formations economically. If a troublesome lost-circulation zone is encountered or an unstable shale or 
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Fig. 7.1—Typical casing program.
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salt section is penetrated, intermediate casing may also be required to prevent well problems when drilling below 
these zones.

Liners are casing strings that do not extend to the surface, but are suspended from the bottom of the next larger 
casing string. A liner hanger (shown as ) is used to suspend the top of the liner in the larger casing size; the liner 
hanger often can seal the annulus between the liner and the larger casing size. Several hundred feet of overlap 
between the liner hanger and the casing seat is typical and will provide enough length that in the event a seal is not 
effective in the liner hanger, a cement seal can be obtained in the overlap length. The principal advantage of a liner is 
its lower cost. However, problems sometimes arise if a hanger fails to suspend the liner correctly or if a seal between 
the liner and the larger casing is not effective. Moreover, using a liner exposes the casing string above it to additional 
wear during subsequent drilling. A drilling liner can be used either as an intermediate casing (in that it serves to 
isolate troublesome zones that tend to cause well problems during drilling operations) or as production casing. 

Production casing is usually the fi nal casing string set in a well. It comes in contact with formation fl uids below 
the production packer and with the completion fl uid (packer fl uid) in the tubing-casing annulus above the produc-
tion packer. This casing string provides protection for the environment in the event of a failure of the tubing string 
during production operations and enables the production tubing to be replaced or repaired later in the life of a 
well. A production liner is a liner that is set at total depth and is usually exposed to formation fl uids below the 
production packer and to packer fl uid above the production packer. Production liners are generally connected to 
the surface wellhead using a tieback casing string when the well is completed. The tieback casing is connected to 
the top of the liner with a specially designed seal. Production liners with tieback casing strings are advantageous 
when exploratory drilling below the productive interval is planned. Casing wear resulting from deeper drilling 
operations then affects only the production liner, not the production tieback. Use of a production liner with a tie-
back casing string also results in lower-hanging weights in the upper part of the well and thus often enables a more 
economical design. 

7.2 Casing Manufacture
The tubular manufacturing process begins with placing iron ore, limestone, and coke in a blast furnace, where 
they are heated. Pig iron is produced, which is rich in carbon. The molten pig iron is then placed into a special 
furnace, often with scrap steel. This special furnace uses oxygen to heat the iron and further reduce its carbon 
content. Carbon is the primary alloying agent used to increase the strength of iron. Other alloying elements such 
as molybdenum and chrome are often added to adjust the chemical composition of the molten steel and to impart 
specifi c metallurgical properties. The molten metal is then made into billets, which are essentially solid bars. The 
strength of the fi nal steel depends on its chemical composition as well as on the mechanical and thermal processes 
used when the billet is formed into a casing tube. 

The two basic processes used in the manufacture of OCTG tubes are the seamless process and the electric- 
resistance-welding (ERW) process. In the seamless process, a hot billet is fed between two obliquely oriented 
rollers that rotate, advance the billet, and apply a very high compressive load. The center of the billet is fractured 
by the high compressive stresses induced at the center of the billet by the rollers. Then a central piercing plug is 
used to open the fracture to form a tube (Fig. 7.2). The hot pierced tube is then processed through various plug 
mills and sizing mills (either hot or cold) to form a tubular of a given wall thickness and with uniform pipe dimen-
sions and roundness. Most types of OCTG are manufactured by the seamless process. The very-high-alloy steels 
used require unique specialized manufacturing processes. 

In the electric-welding process, a billet is formed into fl at-sheet steel stock of a specifi ed wall thickness. After 
being cut to a specifi ed width, the fl at stock is then formed into a circular shape by passing it through a series of 
rollers. A single longitudinal seam is then electric-resistance or electric-induction welded, typically without the 
addition of fi ller material. The welding process on the two edges is typically performed by mechanically pressing 
the two edges together, and the heat for welding is generated by resistance to fl ow of electric current. Excess 
material formed in the welding process is then trimmed to leave a uniform OD (OD) and ID (ID). The American 
Petroleum Institute (API) and International Standards Organization (ISO) have special chemical requirements for 
the steel used to make higher-strength ERW OCTG. 

Low-strength steels can be manufactured solely by adjustment of steel chemistry and may not  require additional 
heat-treatment processes to improve the steel strength and mechanical properties. These steels are typically called 
carbon steels. Examples of low-carbon steels include common structural steel and railroad rail. Higher-strength 
steels are manufactured both by adjustment of the steel chemistry and by a heat-treatment process. Sometimes 
these steels are called carbon steels, but they are technically low-alloy steels because they contain carbon and 
manganese and frequently other  alloying elements such as chromium, nickel, and molybdenum. Higher-strength 
OCTG usually incorporate some form of heat treatment to achieve the desired strength while maintaining the 
toughness and ductility of the steel. 
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Three heat-treatment processes are typically available for carbon and low-alloy steels. These processes can be 
used for either seamless or ERW tubes and are

· Quench and tempering: heating the tube to roughly 1,600°F, cooling rapidly with water or oil, heating to 
roughly 1,200°F, and then air-cooling.

· Normalizing and tempering: heating the tube to approximately 1,600°F, air-cooling, heating to approxi-
mately 1,000°F, and air-cooling.

· Normalizing: heating the tube to approximately 1,700°F and then air-cooling. 

The quenching and tempering process is generally viewed as the best heat-treatment process and is required to 
achieve higher strength levels. 

Very-high-alloy steels are often called corrosion-resistant alloys (CRAs). These steels often are manufactured 
using particular processes to obtain the desired fi nal material properties. For example, they may be cold-worked 
rather than heat-treated to increase yield strength. 

7.3 Casing Standardization
API and ISO have developed standards for casing and other tubular goods that have been accepted internationally 
by the petroleum-producing industry. Casing is defi ned as tubular pipe with an OD range of 4.5 to 20 in. Among 
the properties included in the API and ISO standards (API Spec. 5CT/ISO 11960 2005) for both pipe and cou-
plings are strength, physical dimensions, and quality-control test procedures. In addition to these standards, API 
and ISO provide bulletins on the recommended minimum performance properties (API Bull. 5C2 1999) and for-
mulas (API TRC 5C3 2008) for the computation of minimum performance properties. 

7.3.1 Grade. API and ISO have adopted a grade designation for casing to defi ne the strength characteristics of 
the pipe. The grade code consists of a letter followed by a number. The number designates the minimum yield 
strength of the steel in thousands of psi. The yield strength is defi ned as the tensile stress required to produce a 
specifi ed total elongation per unit length on a standard test specimen. This strain is slightly beyond the elastic 
limit. Because there are signifi cant variations in the yield strengths measured for manufactured pipe, a mini-
mum yield-strength criterion, rather than an average yield strength, has been adopted. In addition to specifying 
the minimum acceptable yield strength of each grade of casing, API and ISO specify the maximum yield 
strength, the minimum tensile strength, and the minimum elongation per unit length at failure (Table 7.1). The 
letter designation in the grade was selected arbitrarily to provide a unique designation for each grade of casing 
described in the standards. The letter designation is also used to distinguish between various tensile-strength 
requirements or different heat-treatment methods used on casing with the same minimum yield strength.

7.3.2 Chemical Requirements. The steel used in casing and couplings must conform to certain chemical re-
quirements. All grades of steel used in API and ISO casing and tubing have a specifi ed maximum sulfur and 
phosphorus content, expressed as a percentage of total weight. Higher grades of steel can have several additional 
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Fig. 7.2—Manufacturing of seamless casing.
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chemical-composition requirements for carbon, manganese, molybdenum, chromium, nickel, copper, and silicon. 
Table 7.2 lists the chemical-composition requirements for several common steels.

Some casing grades have the same numeric code, but a different letter code. Several API and ISO grades are 
also available in different types, all with the same numeric code. The differences between these grades, which 
have the same minimum yield strength, include differences in maximum yield strength, chemical requirements, 
and other properties. In some cases, controlling the often slight variations in these properties is necessary to 
ensure that the casing will fulfi ll a special service requirement such as installation in a highly corrosive or cold 
environment. 

Higher steel grades also have hardness specifi cations and Charpy V-notch impact-test requirements. These 
 requirements ensure that the steel is not brittle and will not fail by brittle cracking. Physical testing of particular 
specimens taken from specifi c locations and orientations is necessary to meet this API requirement. Other require-
ments for grain size, straightness, fl atness, and surface condition are included in API and ISO specifi cations.

API and ISO have additional requirements for special materials containing higher alloying agents than those 
in the most common types of OTCG. Increased percentages of alloying agents may cause some OCTG to be 

TABLE 7.1—API STEEL GRADES

API
Grade Minimum Maximum

Minimum Ultimate
Tensile Strength (psi)

Minimum
Elongation (%)

Yield Stress (psi)

H–40
J–55
K–55
N–80
L–80
C–90
C–95
T–95
P–110
Q–125

40,000
55,000
55,000
80,000
80,000
90,000
95,000
95,000

110,000
125,000

80,000
80,000
80,000

110,000
95,000

105,000
110,000
110,000
140,000
150,000

60,000
75,000
95,000

100,000
95,000

100,000
105,000
105,000
125,000
135,000

29.5
24.0
19.5
18.5
19.5
18.5
18.5
18.0
15.0
18.0

Carbon Manganese Molybdenum Chromium Nickel Copper Phosphorus Sulfur
Grade Type Maximum Maximum Minimum Maximum Minimum Maximum Maximum Maximum Maximum Maximum

H-40 — — — — — — — — — 0.030 0.030

K-55 — — — — — — — — — 0.030 0.030

N-80 — — — — — — — — — 0.030 0.030

L-80 1 0.43a 1.90 — — — — 0.25 0.35 0.030 0.030

C-90 1 0.35 1.00 0.25c 0.75 — 1.20 0.99 — 0.020 0.010
C-90 2 0.50 1.90 — NL — NL 0.99 — 0.030 0.010

C-95 1 0.45b 1.90 — — — — — — 0.030 0.030

T-95 1 0.35 1.20 0.25d 0.85 0.40 1.50 0.99 — 0.020 0.010
T-95 2 0.50 1.90 — — — — 0.99 — 0.030 0.010

P-110 — — — — — — — — 0.030e 0.030

Q-125 1 0.35 1.00 — 0.75 — 1.20 0.99 — 0.020 0.010
Q-125 2 0.35 1.00 — NL — NL 0.99 — 0.020 0.020
Q-125 3 0.50 1.90 — NL — NL 0.99 — 0.030 0.010
Q-125 4 0.50 1.90 — NL — NL 0.99 — 0.030 0.020

Notes: (a) The carbon content for L-80 may be increased up to 0.50% maximum if the product is oil-quenched.
(b) The carbon content for C-95 may be increased up to 0.55% maximum if the product is oil-quenched.
(c) The molybdenum content for C-90, type 1, has no minimum tolerance if wall thickness is less than 0.700 in.
(d) The molybdenum content for T-95 type 1, may be decreased to 0.15% minimum if the wall thickness is less than 0.700 in.
(e)  For electric welded grade P-110, the phosphorus content shall be 0.020%. 
NL = No limit; elements reported in product analysis.

Silicon
Maximum

—

—

—

0.45

—
—

0.45

—
—

—

—
—
—
—

TABLE 7.2—CHEMICAL REQUIREMENTS FOR SELECTED 

API CASING GRADES, MASS FRACTION PERCENT
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more resistant to corrosion. Many downhole environments are very harsh and corrosive. In addition to the API 
and ISO grades, there are many proprietary steel grades that may or may not conform to all API and ISO speci-
fi cations and are widely used in the petroleum-producing industry. These steel grades are used for special 
 applications that  require very-high-tensile-strength or high-strength steels that are more resistant to corrosion 
and hostile environments.

7.3.3 Dimensions. The API and ISO standards recognize three length ranges for casing. Range 1 (R-1) 
 includes joint lengths from 16 to 25 ft. Range 2 (R-2) covers the 25- to 34-ft range, and Range 3 (R-3) the 
34- to 48-ft range. These standards also specify that when casing is ordered from the mill in amounts greater 
than one carload, 95% of the pipe must have lengths greater than 18 ft for R-1, 28 ft for R-2, and 36 ft for R-3. 
In addition, 95% of the shipment must have a maximum length variation no greater than 6 ft for R-1, 5 ft for 
R-2, and 6 ft for R-3. Casing is run most often in R-3 lengths to reduce the number of connections in the string. 
Because casing is made up in single joints, R-3 lengths can be handled easily by most rigs. Use of a consistent 
range of casing lengths in a string is desirable to  facilitate casing-running operations. Typically, casing is 
purchased and used in longer lengths than those of tubing because most drilling rigs have bigger, taller der-
ricks than workover rigs. 

To meet API and ISO specifi cations, the OD of casing must be held within a tolerance of 1.0% larger to 0.5% 
smaller than the nominal dimension. However, casing manufacturers will generally try to manufacture casing 
slightly larger than the nominal OD to ensure adequate thread run-out when  machining a connection. The mini-
mum permissible pipe-wall thickness permitted by API and ISO specifi cations is 87.5% of the nominal wall thick-
ness. Casing, however, usually has an average wall thickness close to the nominal wall thickness, resulting in an 
ID near the nominal ID. 

The minimum ID is also controlled by a specifi ed drift diameter—the minimum mandrel diameter that must 
pass unobstructed through the pipe. Drift mandrels have an OD that is determined by subtracting a given tolerance 
from the calculated ID. The tolerance used to determine the drift-mandrel diameter varies depending on casing 
size (Table 7.3). The length of a casing drift mandrel is 6 in. for casing sizes from 4.5 to 8.625 in. For larger 
casing sizes, a 12-in.-long drift mandrel must be used. The drift mandrel is not long enough to ensure a straight 
pipe, but it will ensure the passage of a bit size that is less than the drift diameter.

In some instances, it is desirable to run casing with a drift diameter slightly greater than the API and ISO drift 
diameter for that casing size. In these instances, casing that has passed an oversized drift mandrel can be specially 

TABLE 7.3—CASING DRIFT DIAMETERS

API
Standard API
Drift Nominal Alternate
Diameter Size (in.) weight/ft or Special Drift-In

41/2
5
51/2
65/8

d–1/8 in. 7 23.0 6.250
7 32.0 6.000
75/8
85/8 32.0 7.875
85/8 40.0 7.625
95/8 40.0 8.750
95/8 53.5 8.500
95/8 58.4 8.375

103/4 45.5 9.875
d–5/32 in. 103/4 55.5 9.625

113/4 60.0 10.625
113/4 65.0 10.625
133/8 72.0 12.250
133/8 76.0
16

d–3/16 in. 185/8
20
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ordered. Some of the more commonly available oversized drift diameters are given in Table 7.3. When non-API 
and non-ISO drift requirements are specifi ed, they should be made known to the mill, the distributor, and the 
threading company before the pipe is manufactured.

Casing size (i.e., OD) and nominal wall thickness can be used to specify casing dimensions. However, it is 
conventional to specify casing dimensions by size and weight per foot. In discussing casing weights, one 
should differentiate between nominal weight, plain-end weight, and average weight for threads and cou-
plings. The nominal weight per foot is not a true weight per foot, but is useful for identifi cation purposes as 
an approximate average weight per foot. The plain-end weight per foot is the weight per foot of the pipe 
body, excluding the threaded portion and coupling weight. The average weight per foot is the total weight of 
an average joint of threaded pipe with a coupling attached power-tight at one end, divided by the total length 
of the average joint. In practice, the average weight per foot is sometimes calculated to obtain the best pos-
sible estimate of the total weight of a casing string. However, the variation between nominal weight per foot 
and average weight per foot is generally small, and most design calculations are performed with the nominal 
weight per foot. Methods to calculate the thread and coupled weight of a casing joint are available in API TR 
5C3 (2008). 

Although there are no industry standards for the density of steel used to manufacture casings, low-alloy steels 
used for this purpose have a density of approximately 490 lbm/ft3 or 0.2836 lbm/in.3. The plain-end weight for 
API/ISO casing is tabulated in API Spec. 5CT/ ISO 11960 (2005). CRA materials can have a slightly different 
density than low-alloy steels. For example, API 13 Cr weighs approximately 485 lbm/ft3 or 0.2805 lbm/in.3, and 
some very-high-alloy steels have specifi c weights as high as 540 lbm/ft3. 

API and ISO also have specifi cations for some casing connections. These specifi cations include dimensions, 
tolerances, manufacturing methods, mechanical properties, and special hostile-service testing. These will be cov-
ered in more detail in Section 7.8.

7.4 Line Pipe
Line pipe is typically used in production operations, including pipelines and fl owlines, and in refi neries and 
plants. The majority of line pipe is welded into longer lengths rather than using connections. There are API and 
ISO specifi cations for couplings used with line pipe up to 20 in. OD. Typically line pipe with couplings are not 
used in oil wells, but occasionally larger sizes of line pipe are used for conductor strings and even surface-casing 
strings. Often line pipe used in these applications is welded or has special machined connectors welded to plain-
end pipe. API and ISO have specifi cations for line pipe, and line pipe is manufactured from as small as ⅛ in. OD 
to as large as 80 in. OD. Line-pipe sizes of 12 in. or less have an actual OD larger than the nominal size. For 
 example, a 6-in. nominal line pipe is actually 6 ⅝ in. OD. For line pipe larger than 12 in., the nominal size is the 
actual OD.

Manufacturing processes and chemical-property requirements for line pipe are different from those for casing. 
Chemical specifi cations for line pipe can be more restrictive than for casing because line pipe typically has welded 
connections. Although some line pipe is manufactured using the seamless process, the majority of line pipe is 
manufactured with one or more welded seams, which are created by electric welding, submerged-arc welding, or 
gas-metal arc-welding processes. Heat-treatment processes can be the same as for casing, but can also include 
other heat-treatment and manufacturing processes such as cold expansion.

Table 7.4 presents a list of the various grades of line pipe specifi ed by API and ISO, along with minimum 
yield strength and ultimate tensile strength requirements. As for casing and tubing, the OD is specifi ed, and the 
ID is governed by the OD and the weight tolerances. Unlike the specifi cations for casing and tubing, API Spec. 
5L (2007) includes several wall-thickness tolerances for line pipe that are dependent on grade, manufacturing 
process, and OD. These tolerances are also included in Table 7.4. 

API TR 5C3 (2008)/ISO 10400:2007(E) (2007) include formulas for calculating the performance proper-
ties of casing and line pipe. Generally, the API formulas for the performance properties of  casing should 
provide reasonable estimates for the performance properties of line pipe with yield strength and d

n 
/

 
t ratio 

falling within the size and thickness limits given in the API and ISO specifi cations. However, API Spec. 5L 
addresses line pipe with yield strength and d

n 
/t ratios that often signifi cantly exceed the casing d

n 
/

 
t

ratios, and therefore the collapse and pipe-body yield-strength formulas developed for casing may not be 
 applicable. 

7.5 Strength of Materials
Many of the performance properties of casings are based on the strength of the steel. It is important 
to understand how the strength of a steel is measured. Moreover, other properties of a steel, such as hardness, 
toughness, and service temperature, can have an impact on the proper application of a steel. Most oilwell tubulars 
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are placed into a highly complex combination of many types of loads, which can require special analysis tech-
niques to ensure that the combined stress does not result in failure. 

7.5.1 Tensile Test. The strength of a material is its ability to support a load and is generally measured using a 
uniaxial tensile test. In this test, a machined test specimen with a gauge length of known cross-sectional area is 
pulled in tension until failure. The applied load and corresponding specimen extension are measured and con-
verted into stress and strain values. The following equations are used to calculate nominal (or engineering) stress 
and strain and to draw the engineering stress-strain curve. An example of a nominal stress-strain curve for a low-
alloy steel is shown in Fig. 7.3. 

s = F
a
/A.

        
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 

   
(7.1)

e = D L /L.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.2)

Engineering stress and strain are based on the original cross-sectional area and length of the sample. Engineering 
stress and strain are not the true stress and strain applied to the specimen because they do not account for changes 
in cross-sectional area or incremental increases in length that occur during the uniaxial tensile test. The true stress 
is the force applied to the sample divided by the current area of that sample. The true strain is based on the current 
length of the sample. 

At relatively low values of strain, the relation between stress and strain is linear for many materials, including 
most steels. This relationship is described by Hooke’s law:

s = E e.      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.3)

The proportionality constant is the elastic modulus (E), also known as Young’s modulus. The elastic modulus is a 
measure of the stiffness of the material; high-modulus materials require more stress to achieve a given deforma-
tion. The elastic modulus of steel is approximately 30,000 ksi.

At the beginning of a tensile test, the deformation (strain) of the specimen increases linearly with the applied 
load (stress). At these loads, the specimen exhibits elastic behavior; if the load is removed, the specimen returns 
to its original length along the same stress-strain path. At a certain strain, the specimen deviates from the linear 
stress-strain relationship, but still exhibits elastic behavior. The point of deviation from linearity is called the 

Line Pipe Wall Thickness Tolerance

Wall Thickness Tolerance %

OD (in.)
Grades
A,B,A-25 X-42 through X-80

2.875 and smaller +20.0 +15.0
–12.5 –12.5

3.5 +18.0 +15.0
–12.5 –12.5

4  through 18 +15.0 +15.0
–12.5 –12.5

> 20 welded +17.5 +19.5
–10.0 –8.0

   seamless +15.0 +17.5
–12.5 –10.0

Note:  Weld area not limited by plus tolerance

TABLE 7.4—API/ISO LINE PIPE SPECIFICATIONS

API/ISO Line Pipe Specifications

Minimum Ultimate
Tensile Strength (ksi)

Minimum Yield
Strength (ksi)Grade Minimum Maximum

A-25
A
B
X-42
X-46
X-52
X-56
X-60
X-65
X-70
X-80 120

25
30
35
42
46
52
56
60
65
70
80

45
48
60
60
63
66
71
75
77
82
90
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proportional limit. At slightly higher strain, the specimen begins to experience permanent plastic deformation 
with increasing load. This transition point is called the elastic limit or yield point.

Plastic deformation of a material is known as yielding. Because the yield point can be diffi cult to determine 
from load-displacement data, the yield strength or proof stress is an engineering defi nition of the stress value at 
which the specimen begins to exhibit plastic deformation. The yield point and the yield strength of a material are 
different. Two methods are commonly used to calculate yield strength. API and ISO defi ne the yield strength of 
OCTG as the tensile stress required to produce a specifi ed elongation (or strain), which is typically between 0.5 
and 0.65% of total elongation. The other common method is the offset method, which defi nes yield strength as the 
tensile stress required to produce a specifi ed plastic strain, most typically 0.2%.

After the specimen passes the yield point, it deforms plastically. A perfectly plastic material would exhibit a 
plateau at the yield strength, but for metals, the tensile stress applied to the specimen  continues to increase, al-
though the specimen is now yielding. The material becomes stronger as it deforms, a behavior known as strain 
hardening or work hardening. The engineering stress and strain will continue to increase until the stress reaches 
its peak value—the tensile strength.

The specimen does not break immediately upon reaching its tensile strength. Instead, the strains become highly 
localized, and the stress required per unit of strain decreases. The local straining of the specimen under this plas-
tic instability condition is called necking. The specimen continues to neck until it fi nally fractures. The permanent 
extension, or plastic elongation, of the specimen at failure is a measure of the ductility of the material. For steel 
OCTG, plastic elongation typically exceeds 20%.

For carbon and low-alloy steels, the mechanical properties are the same in all directions. This condition is called 
isotropy. Some highly alloyed corrosion-resistant alloys are cold-worked after being formed, and this can result 
in signifi cantly different yield strengths in different tangential, radial, or axial directions. This condition is called 
anisotropy. 

Most classic design methods never permitted a material to be stressed beyond its yield point. Safety factors 
were typically used to ensure that working stresses remained below the yield point or yield strength. In more re-
cent years, stresses and deformations in the plastic range of a material have been permitted in certain situations. 

Engineering materials are often referred to as either ductile or brittle. Ductility is the property that allows the 
development of deformation under the application of stress. A ductile material has a relatively large tensile strain 
up to the point of rupture. A brittle material, on the other hand, has a relatively small strain up to the point of 
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Fig. 7.3—Stress-strain behavior of steel.
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failure. A measure of ductility is the percentage elongation of a specifi ed length after fracture. A large percentage 
elongation indicates high ductility. 

7.5.2 Hardness. Technically speaking, hardness is the ability of a material to resist indentation. In a hardness 
test, a small (~1 mm) indenter is forced into the test material at an applied load. The size of the indentation is used 
to calculate the hardness value. The hardness scale used depends on the strength of the material; Brinell and Rock-
well C (HRC) are the most commonly used scales for OCTG.

Hardness is a useful property because it correlates with tensile strength. High-hardness steels also have high 
strength. Because hardness indentations are small, hardness measurements are frequently used to characterize 
local variations in material properties. Consistent hardness measurements indicate consistent tensile properties. 
API and ISO have requirements for the location and orientation of samples taken from OCTG for hardness testing 
and specify maximum hardness values as an indicator of fi tness for service for some steels. Table 7.5 includes 
typical hardness ranges for some API and ISO grades. 

7.5.3 Toughness. The toughness of a material is its ability to absorb energy and resist brittle fracture. Brittle 
fracture is catastrophic and can be manifested at stresses below the yield strength of the material. Brittle materials 
have low toughness because they experience only small plastic deformations before fracture. Generally, toughness 
decreases with increasing yield strength. Temperature can have a signifi cant impact on the toughness of carbon 
and low-alloy steels. Toughness is usually measured using the Charpy impact test at a specifi ed temperature. 
Elongation requirements are also a measure of ductility and are used to ensure adequate toughness.

The Charpy test measures a material’s resistance to a sudden intense impact load. In the test, a heavy pendulum 
swings through its arc and breaks a V-notched specimen. The impact energy of the sample is a measure of the 
potential energy absorbed by the sample during failure. This energy is a measure of the toughness of the material 
and is called the Charpy impact energy or Charpy toughness. Toughness is measured in ft-lbf, and high impact 
energy indicates high toughness. 

Two other specimen characteristics are measured in the Charpy test: percent shear area on the fracture surface, 
and percent lateral expansion. Percent shear area describes the morphology of the fracture surface—a specimen 
exhibiting a large percent shear area fractures in a more ductile (rather than brittle) manner. In ductile behavior, a 
specimen exhibits a relatively large amount of lateral-expansion deformation during fracture. Specifi cations for 

Rockwell C-Scale (HRC) Hardness
Grade
(All Types) Minimum Maximum(a)

H-40 — —

K-55 13 24

N-80 15 29

L-80 15 23

C-90 18 25.4

T-95 18 25.4

C-95 17 28

P-110 28 35

Q-125 30 38(b)

Note:
(a) API requirements shown in bold 
(b) No hardness limits specified for this grade, but maximum hardness

variation is restricted during manufacturing. Charpy toughness
requirements.

TABLE 7.5—TYPICAL HARDNESS RANGES FOR CASING
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Charpy testing include required impact energy and percent shear, but typically no requirements for lateral expan-
sion are included.

Although the Charpy impact energy is not a rigorous measurement of fracture toughness, it is very useful for 
quality-assurance testing of OCTG. Because toughness tends to decrease with increasing strength, Charpy tests 
are frequently required to verify the toughness of high-strength OCTG such as Q125. API and ISO have require-
ments for the location and orientation of samples taken from OCTG for Charpy testing and specify a minimum 
impact toughness as an indicator of fi tness for service. 

7.5.4 Effect of the En vironment on Mechanical Pr operties. Temperature can have a dramatic effect on the 
mechanical properties of materials. As temperature increases, yield strength, tensile strength, and stiffness de-
crease, while ductility increases. Temperature effects on strength need to be considered for high-temperature 
wells. For example, at 300°F, the yield strength of steel can be  reduced to approximately 90% of the room-
temperature value. Steel manufacturers can provide more precise information on yield-strength reduction associ-
ated with elevated temperature. 

Toughness is also strongly affected by temperature. Most low-alloy steels exhibit a nearly constant low toughness 
value at low temperatures and a nearly constant high toughness value at high temperature, connected by a nearly 
linear transition region. The transition temperature is the temperature  below which a material exhibits 15 ft-lbf impact 
energy or 50% shear area. Materials are considered brittle when they are below their transition temperature. Because 
toughness is such a strong function of temperature, toughness is a signifi cant design criterion for cold-temperature 
design. Charpy tests must be conducted below the coldest anticipated service temperature to verify that the selected 
materials have suffi cient toughness for the application. The presence of hydrogen sulfi de (H

2
S) also can reduce the 

toughness of steel OCTG. 

7.5.5 Combined Stresses. Loading conditions in an oil well are a highly complex combination of many types of 
loading, including loads from the environment and loads from temperature changes. Although a tensile test uses a 
gradually increasing uniaxial loading to determine the strength of a steel, the design problem with tubulars is how to 
predict the stress in the tubular when the tubular is subjected to biaxial or triaxial stresses, not just uniaxial stresses. 
Fig. 7.4 shows the principal stresses that can exist at any point in a tubular as a result of the combined actions of 
internal, external, and axial loading. In a tubular, the stresses act in three orthogonal directions: axial, radial, and 
tangential. Axial stresses act parallel with the axis of the tube, radial stresses act through the wall thickness, and 
tangential stresses act around the tube. The tangential direction is also often referred to as the “hoop” or “circumfer-
ential” direction. For a tubular, these three stress directions are the directions of maximum stress and therefore are 
the maximum principal stresses. The Lamé equations for thick-walled pressure vessels can be used to calculate the 
radial and tangential principal stresses when there is no bending or torsion (Timoshenko and Goodier 1970). At any 
radius, r, between the inner radius, r

i
, and outer radius, r

o
, the Lamé equations are
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,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.4)

where s
r
 and s

t
 are the radial and tangential stresses at radius r. Note that in these equations, the outer radius is 

typically based on the nominal OD and the inner radius is based on the maximum ID with the permissible wall 
thickness under tolerance. To be conservative, the inner radius typically is based on the maximum ID according 
to these calculations. 

The total axial stress, s
z
, in a tube is the result of tension or compression loads, s

a
, and bending stresses, s

b
. It 

can be calculated using the following equation:

.

z a b

a
a
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z z s

F
A

F A       . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.5)

The bending stress, s
b
, will be defi ned later. In most cases, the cross-sectional area of the steel in this equation is 

based on the nominal inside and OD of the tubular. Bending stresses due to hole deviation, doglegs, or buckling 
are superimposed on or added to the axial stress. Bending stresses are positive (indicating tension) or negative 
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(indicating compression), depending on where the stress is computed in the pipe body. Equations for calculating 
bending stresses will be covered in Section 7.6. Note that the steel cross-sectional area used in this equation is 
based on the nominal outside and IDs of the tube. 

As many as eight theories have been developed that predict a material’s failure or yield behavior when several 
types of loading and the resulting stresses are present (Boresi and Schmidt 2002). One commonly used method is 
based on the Huber-von Mises-Hencky theory. This theory, also known as the maximum-distortion-energy theory, 
predicts that failure by yielding will occur when the strain energy of distortion per unit volume of the tube in a 
triaxial stress state is equal to the strain energy per unit volume that causes yielding in a standard uniaxial test 
specimen. In simpler terms, this method combines tangential, radial, and axial principal stresses into a single 
stress-equivalent term, which is then compared to the minimum yield strength of the steel as determined from a 
simple uniaxial tension test. The stress at a point in the tubular using this theory can be calculated using the fol-
lowing equation:

2s
vm

2 = (s
z
 - s

r
)2 + (s

r 
- s

t
)2 + (s

t 
- s

z
)2.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.6)

Notice that Eq. 7.6 is independent of hydrostatic pressure, because if we add pressure to each term in Eq. 7.6, the 
pressures cancel each other out. If we substitute Eqs. 7.4 and 7.5 for the radial and hoop stresses into Eq. 7.6, we 
get the following result:
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F
e
 is called the effective tension, and we will have further use of it when we study the effects of fl uid forces 

on casing design. We can plot the results of this equation as a graph of effective tension vs. the pressure increment 
P

i
 - P

e
. (Fig. 7.5). Note that the maximum von Mises stress occurs at the inner  radius of the pipe, r = r

i
. When 

there is bending, however, the bending stress varies with radius, so the inner radius may not be the worst case, as 
we will see later.
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Fig. 7.4—Stresses in a pipe.
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For a given tubular, it is common to plot the burst, collapse, and axial-load combinations that result in a triaxial 
equivalent stress equal to the minimum yield strength of the steel, or equal to a reduced maximum working-stress 
level that is less than the minimum yield strength. All combinations of pressure and axial loads inside the ellipse 
must result in a triaxial equivalent stress that is less than the maximum desired working stress. A combination of 
pressure and axial loads outside the ellipse results in a triaxial equivalent stress which is greater than the desired 
working stress. 

Although Eq. 7.7 is accurate for thick-walled pressure vessels, simpler methods to calculate a tubular’s perfor-
mance properties have been used for many years by API and ISO. These methods typically assume uniaxial or 
biaxial principal stresses and further assume that the radial principal stresses are small, which can be true in thin-
walled pressure-vessel design.

7.6 Casing-Tube Performance Properties
The performance properties of tubular goods are a collective term for all the strength and sealability ratings of the 
tubulars. Casing strength is defi ned as the maximum load that a tubular can withstand without failure. Failure can 
be defi ned in many ways. These include stresses in the tubular exceeding the steel’s minimum yield strength, 
fracture or rupture of the tubular, and a leak in the tubular. Equations, both theoretical and empirical, have been 
developed by the industry to determine the maximum loading that can be applied to a tubular to ensure that the 
desired failure criteria will be met. Many of the early equations used by the industry required that the allowable 
stress in the steel be in the elastic region. Early deterministic approaches to performance ratings were based on 
calculating a single performance-property value based on material or geometric properties and on the assumption 
that the stress in the material was below minimum yield strength. Fracture or physical failure of the tubular usually 
occurred at a much higher loading. 

More recently, the industry has moved toward the use of limit-state equations. When used with the  measured geom-
etry and properties of the material, they result in a prediction of the failure or rupture  performance properties of the 
tubular. Often this failure occurs in the plastic region, and a method of  determining the “limit state” of a tubular was 
therefore needed. Limit-state equations can be either  empirical or probabilistic in nature. For probabilistic limit-state 
equations, geometric and material properties are typically treated as random, and a statistical approach to determining 
performance properties is used. 

API TR 5C3 (2008)/ISO 10400:1993 (1993) include deterministic equations to calculate the rated performance-
property values for axial tension, burst pressure, and collapse pressure. Axial tension loading results primarily 
from the weight of the casing string suspended below the joint of interest. Pipe-body yield strength is the tension 
force that causes the pipe body to exceed its elastic limit. Similarly, joint strength is the minimum tensional force 
required to cause connection failure. Burst-pressure rating is the calculated minimum internal pressure that 
will cause the maximum stress in the casing to approach the minimum yield strength in the absence of external 

Effective tension

P
i
– P

e

Burst + tensionBurst + compression

Collapse + tensionCollapse + compresssion

von Mises yield

= Load cases

Fig. 7.5—Casing failure criteria.
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pressure and axial loading. Collapse pressure rating is the minimum external pressure that will cause the casing 
walls to collapse in the absence of internal pressure and axial loading.

API Bull. 5C2 (1999/ISO 10400:2007(E) (2007) summarize the performance properties for API casing. Several 
industry publications also include many API and some non-API standard casing- performance properties. These 
publications include the Halliburton Cementing Tables (2001), BJ-Titan Services Engineering Handbook (1987), 
Baker Oil Tools Tech Facts Engineering Handbook (1993), and others. Most proprietary connection manufactur-
ers also publish pipe-body performance tables and connection ratings. In addition, some operators have developed 
proprietary methods and performance-property summaries. 

7.6.1 Casing Tension Strength. API TR 5C3 (2008) defi nes pipe-body yield strength as the axial load in the tube, 
which results in the stress being equal to the material’s minimum specifi ed yield strength. To calculate the stress 
in the tube, the specifi ed or nominal OD and the ID are used for API casing. Thus, the pipe-body tensile strength 
can be expressed as

2 2
ten yield ( )

4 nF d d     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.8)

The pipe-body yield strength computed using Eq. 7.8 is the minimum force that would be expected to cause perma-
nent deformation of the pipe. The expected minimum force required to pull the pipe apart would be signifi cantly higher 
than this value. Note that nominal OD and ID are used in this equation. Experience has found that for most casings, 
even with permissible tolerances, the overall wall cross-sectional area will be close to the cross-sectional area obtained 
if specifi ed or nominal OD and ID are assumed. 

Yield strength in compression is typically assumed to be the same as in tension. However, when a casing is 
loaded in compression, axial buckling may occur, and the casing may fail before reaching the pipe-body yield 
strength.

Example 7.1 Compute the pipe-body yield strength for 20-in., K-55 casing with a nominal wall thickness of 
0.635 in. and a nominal weight per foot of 133 lbf/ft.

Solution. This pipe has a minimum yield strength of 55,000 psi and an ID of

20.00 2(0.635) 18.730d  in.

Thus, the cross-sectional area of steel is 

2 2(20 18.73 ) 38.63
4sA  in.2,

and Eq. 7.8 predicts minimum pipe-body yield strength at an axial load of

ten 55,000(38.63) 2,125,000F  lbf.

The pipe-body yield strength under tensile axial load for both casing and line pipe can be calculated using Eq. 7.8. 
However, for casing or line pipe in compression, axial buckling can occur before the loading reaches pipe-body 
yield strength and is dependent on how the tubular is laterally restrained. Axial buckling of a tubular in compres-
sion is not considered in Eq. 7.8.

For a particular casing, the limiting case may be governed by the connection rather than the pipe body and does 
not include any consideration of leak resistance. 

7.6.2 Casing Internal Pressure Resistance. API TR 5C3 (2008)/ISO/TR 10400:2007(E) (2007) use the Barlow 
equation to determine the minimum internal yield pressure for tubulars. The Barlow equation was the fi rst widely 
accepted formula used for predicting the internal pressure resistance of a thick-walled tube (Seely and Smith 
1965). The main difference between the Lamé formula and Barlow’s formula lies in the assumptions made con-
cerning how the cylinder as a whole strains under  internal pressure. The Barlow formula applies to cylinders 
subjected to internal pressure only and  depends on the assumption that the transverse cross-sectional area remains 
constant. This assumption is known to be incorrect. The stresses calculated by the Barlow formula are always 
higher than the stresses calculated by the Lamé formula for the same loading; therefore, Barlow’s formula always 
gives lesser burst-resistance values than the Lamé formula. 
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Because actual tube failure does not occur until yielding has progressed through the tube wall to the outer di-
ameter and is affected by tensile stress, the API burst resistance typically will be as much as 20% lower than the 
actual burst-failure rating. 

The Barlow equation is easily applied in practice, easily accounts for the acceptable API manufacturing 
wall-thickness tolerance for casing (which is 12.5% less than nominal wall thickness), and has resulted in 
acceptable tubular designs in noncritical wells. Sometimes called an “API burst” calculation, the Barlow 
equation is:

yield2
br

n

t
P f

d
,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.9)

where the wall-thickness correction factor is f = 0.875 for standard API tubulars when a 12.5% wall-thickness 
tolerance is specifi ed. Line pipe has different wall-thickness correction factors, as specifi ed in API Spec. 5L/ISO 
3183 (2009).

API recommends use of this equation with wall thickness rounded to the nearest 0.001 in. and the results 
rounded to the nearest 10 psi. 

Example 7.2 Compute the API burst resistance for 20-in., 133-lbf/ft, K-55 casing with a nominal wall thickness 
of 0.635 in.

Solution. The API burst resistance is computed using Eq. 7.9:

(0.875)[(2)(55,000)(0.635) / 20.0)]

3,056 psi.
brP

Rounded to the nearest 10 psi, this value becomes 3,060 psi. This burst-resistance rating corresponds to the min-
imum expected internal pressure at which permanent pipe deformation could take place if the pipe were subjected 
to no external pressure or axial loads.

To make the Lamé equations easier to apply, some operators assume that radial stress is insignifi cant. The radial 
stress is usually small under moderate design conditions. The Lamé tangential-stress equation (Eq. 7.5) simplifi es 
to this equation when solved for the stress at the minimum specifi ed ID,  assuming no internal pressure, the 
 absence of bending and torsion, and no radial stress: 

P
br

 = s
yield

(d
n
2 - d

m
2)/(d

n
2 + d

m
2).    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.10)

The specifi ed wall-thickness reduction factor should be used to obtain the maximum pipe-body ID used in this 
equation. The pipe nominal OD is normally used here.

When design conditions are more stringent and a more accurate tubular design is needed, the von Mises yield 
theory is often used in conjunction with the Barlow equation or the Lamé equations. The von Mises yield theory 
is more cumbersome to apply using hand calculations, but computers make this calculation fast and simple. In 
most cases, a more accurate tubular design is needed where a signifi cant combined load or a hostile service envi-
ronment is anticipated. Although current API and ISO specifi cations do not include the formulas and calculations 
for von Mises analysis, those likely will be included in the next few years.

The internal pressure-resistance formulas discussed so far predict the internal pressure at the point where the 
stress somewhere in the material starts to exceed the minimum yield strength. The actual burst of a tubular can 
occur at a much higher internal pressure defi ned by a limiting-state equation, which can be either empirically or 
theoretically derived. 

Crack propagation due to internal pressure can occur at less than plastic stress when an imperfection or crack in 
the steel propagates to the point that the material fails. The service environment, defi ned by temperature, presence 
of corrosive gases or fl uids, pH, and other factors, as well as material properties such as toughness, will govern 
when this type of failure occurs. Several limiting-state equations have been developed by the industry for brittle 
fracture. 

A ductile rupture or fracture is characteristic of a tubular with adequate toughness for the environment in 
which it is placed. Failure after deformation of the tube occurs in a ductile manner through to fi nal rupture. 
The failure is not brittle even in the presence of small imperfections in the steel.
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More advanced textbooks include information on limiting-state equations, which can predict rupture pressure 
using these models.

7.6.3 Casing Collapse Resistance. The collapse of a steel pipe tube from external pressure is a very complex 
phenomenon and much more diffi cult to calculate than the bursting of pipe from internal pressure. The reason for 
this is that collapse is an instability type of failure in many cases and is sensitive to many factors such as ovality, 
the ratio of tube diameter to wall thickness, yield strength, type of steel heat treatment, and localized wall reduc-
tion. There is no simple method of calculating the collapse of a tube because collapse can occur in various modes 
depending on these parameters. More accurate equations for predicting collapse strength continue to be proposed 
and studied (Issa and Crawford 1993; Tamano et al. 1983; Ju et al. 1998). 

Formulas for calculating collapse-performance properties were fi rst introduced in the late 1960s by the API. 
Four modes of collapse were recognized, with each mode defi ned by a separate formula. The ratio of OD to 
wall thickness and the minimum yield strength are used to determine which collapse-pressure formula should 
be used. 

The four collapse-pressure formulas proposed by the API are listed here in order of increasing d
n/
t ratio, as 

shown in Fig. 7.6:

· Yield-strength collapse
· Plastic collapse
· Transition collapse
· Elastic collapse

Five factors (F
1
, F

2
, F

3
, F

4
, and F

5
) are used with the tube’s d

n
 /t ratio to determine which of the four collapse-

pressure formulas is applicable. The factors are dependent on the yield strength of the tube. They are defi ned by 
the following equations:

2 3
1 0 1 yield 2 yield 3 yieldF c c c c ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.11)

2 4 5 yieldF c c ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.12)

2 3
3 6 7 yield 8 yield 9 yieldF c c c c ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.13)
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3
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yield

3 /(2 )

3 /(2 ) 1 3 /(2 )

F F

F F F F F

R R
F c

R R R R R
,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.14)

5 4 FF F R ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.15)

where

c c

c c

c c
c c

c c

5
0 1

10 16
2 3

6
4 5

6 7

7
8

2.8762                      0.10679 10

0.21302 10          0.53132 10

0.026233                   0.50609 10

465.93                    0.030867

0.10483 10          

Fc R F F

13
9

6
10 2 1

0.36989 10

46.95 10                /

.

The d
n
/t ranges where the four collapse-pressure equations applicable are separated by three changeover points, 

which are dependent on casing grade and the values of the factors. The equations used to determine these three 
changeover points are discussed in the next section.

Yield-Strength Collapse-Pressure Formula. The yield-strength collapse-pressure formula calculates the exter-
nal pressure that generates the minimum yield stress on the inside wall of a tube and can be derived theoretically 
using the Lamé equation. Generally, this formula applies to the thickest-walled tubulars used in oil wells. The 
yield-strength collapse-pressure formula can be written as

yield 2

/ 1
2

/

n
cr

n

d t
P

d t

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.16)

This equation is applicable for d
n
/t values up to the value of the d

n
/t ratio where the plastic collapse formula be-

comes applicable. The d
n
/t ratio for this changeover point can be calculated using the following equation:

2
1 2 3 yield 1

2 3 yield

( 2) 8[ ( / )] ( 2)

2[ ( / )]
n

F F F Fd

t F F
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.17)

Plastic-Collapse Pressure Formula. This equation is based on 2,488 physical-collapse tests of K-55, N-80, 
and P-110 casings (API TR 5C3 2008). Statistical methods were used to analyze the  results of the physical tests, 
and a plastic-collapse formula was developed to calculate a collapse value with a 95% probability that the actual 
collapse pressure will exceed the minimum stated with no more than a 0.5% failure rate: 

1
yield 2 3/cr

n

F
P F F

d t
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.18)

The d
n
/t ratio where the changeover from the plastic-collapse formula to the transition formula occurs can be 

calculated using the following equation:

2

1

2

1

2

3
n

F

d F
Ft
F

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.19)

Transition-Collapse Pressure Formula. The transition-collapse formula was developed to provide a transition 
from the plastic-collapse formula to the elastic-collapse formula: 
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4
yield 5/cr

n

F
P F

d t
.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.20)

The d
n
/t range for the changeover from the transition-collapse equation to the elastic-collapse equation can be 

calculated using the following equation:

4yield 1

53 yield 2

( )
( )

n
F Fd

t F F F
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.21)

Elastic-Collapse Pressure Formula. The elastic-collapse pressure formula was theoretically  derived and 
was found to be an adequate upper bound for collapse pressures as determined by testing. The following equation 
is a modifi cation of the theoretical equation and is used to calculate the minimum elastic-collapse pressure. The 
API adopted this equation in 1968:

6

2

46.95 10

( / )[( / ) 1]cr

n n

P
d t d t

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.22)

Note that in elastic collapse, as typically observed in some large tubulars, material yield strength does not affect 
the collapse resistance of the tubular. Increasing wall thickness is the only available method to increase collapse 
resistance for tubulars that fall in the elastic-collapse pressure range.

Collapse Resistance of Casing With Combined Loading. As noted in Section 7.5, a tubular material subjected 
to combined loadings, such as a collapse load, internal pressure, axial tension, or bending, will experience a dif-
ferent stress level from that which would occur if only collapse loads existed. The API offers an equation to cal-
culate the external pressure equivalent when both external and internal pressures are applied to a tubular. The 
formula is a simple method to account for external pressure and its effect on the collapse rating of a tubular: 

eq

2
1

/e i
n

P P P
d t

.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.23)

Tension has a detrimental effect on the collapse-pressure rating and a benefi cial effect on the burst-pressure rating. 
By contrast, axial compression has a detrimental effect on burst-pressure rating and a benefi cial effect on collapse-
pressure rating (Fig. 7.6). In casing design practice for simple wells, it is common to include only the detrimental 
effects of axial loading.

The current API and ISO method to derate the collapse resistance of a tubular due to tension was developed in 
the early 1980s. The current API formula accounts for the combined infl uence of tension and collapse loading on 
a casing by modifying the minimum yield strength to the yield strength of an axial-stress-equivalent grade. The 
reduced equivalent yield strength is based on von Mises yield theory. The equivalent yield-strength formula is

yield

2

yield
yield

1 0.75 0.5
a a

pa
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.24)

The equivalent yield strength due to axial stress is then used in the fi ve collapse-factor equations (Eqs. 7.11–
7.15). The appropriate collapse-pressure formula (Eqs. 7.16, 7.18, 7.20, 7.22) is then used to arrive at the reduced 
collapse-pressure rating due to axial tension. 

Example 7.3 Compute the API collapse-pressure rating for 20-in., K-55 casing with a nominal wall thickness of 
0.635 in. and a nominal weight per foot of 133 lbf/ft.

Solution. This pipe has a d
n
/ t ratio given by d

n
/ t = 20/0.635 = 31.496.

Eq. 7.21 indicates that this value for d
n
/ t falls in the range specifi ed for transition collapse. Therefore, the col-

lapse-pressure rating can be computed using Eq. 7.20. Eqs. 7.11–7.15 yield values for factors F
4
 and F

5
 of 1.989 

and 0.036, respectively. The calculation then becomes
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1.989
55,000 0.036 1,493

31.496crP

 

psi,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.25)

or 1,490 psi rounded to the nearest 10 psi. This collapse-pressure rating is the minimum expected  external pres-
sure at which the pipe would collapse if the pipe were subjected to no internal pressure or axial loads.

Special High-Collapse-Resistance Casing.  Since the 1970s, manufacturers have produced special tubulars 
that are “high-collapse” as measured with reference to the API collapse rating. In many cases, the high collapse 
ratings are achieved by using tubular, mechanical, and dimensional tolerances greater than API standards, thus 
increasing the yield strength of the steel, and by using superior heat-treatment methods. An API study in the 1980s 
found that many of these tubulars failed to achieve the claimed design rating (Marlow 1982). This controversial 
study led to the physical testing of many more  samples and some changes in the methods used for physical testing 
of collapse specimens. Users of “high-collapse” tubulars should therefore consider stricter-than-API dimension 
and material control and other specifi cations and testing to ensure the desired product performance. Because API 
collapse ratings can be improved on signifi cantly with the use of special “high-collapse” tubulars, many operators 
continue to use them. 

Many engineers have found the classic API collapse equations to be conservative. Beginning in the 1980s, sev-
eral authors developed new methods to predict the collapse of a tubular. These methods are based on fi nite-ele-
ment modeling, empirical data, theoretical analysis, and risk-based approaches, such as Issa and Crawford (1993), 
Ju et al. (1998), Tamano et al. (1983), Brand et al. (1995), and Lewis et al. (1995). 

Similarly to the determination of the limit state for burst, methods have been proposed to determine a limit state 
for collapse, including statistical analysis of physical test results, heat-treatment types, risk analyses, and various 
mechanical properties of the tubular. The limit-state equations for minimum collapse are presented in ISO/TR 
10400:2007(E) (2007).

7.6.4 Effect of Bending . In directional wells, the effect of wellbore curvature and vertical deviation angle on 
axial stress in the casing and couplings must be considered in the casing design. When a casing is forced to bend, 
the axial tension on the convex side of the bend can increase greatly. On the other hand, in relatively straight sec-
tions of hole with a signifi cant vertical deviation angle, the axial stress caused by the weight of the pipe is reduced. 
Axial stress is also signifi cantly affected by increased friction between the casing and the borehole wall. In current 
design practice, the detrimental effect of casing bending is considered, but the favorable effect of the vertical 
deviation angle is neglected. Wall friction, which is favorable to downward pipe movement and unfavorable to 
upward pipe movement, is generally compensated for by the addition of a minimum acceptable overpull force to 
the free-hanging axial tension.

The curvature of a directional well is generally expressed in terms of the change in the angle of the borehole 
axis per unit length. The dogleg severity, k, is the change in angle in degrees over the borehole length. The maxi-
mum increase in axial stress, s

b
, on the convex side of the pipe is given by Crandall and Dahl (1959). On the 

concave side of the pipe, the stress magnitude is the same, but the stress is compressive rather than tensile:

1
2b nEd .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    ( 7.26) 

In oilfi eld units, where the dogleg severity, k, is expressed as the change in angle in degrees per 100 ft of borehole 
length, and the pipe is assumed to be steel, this equation simplifi es to

218b nd .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.27)

It is often convenient to express the increased axial stress caused by bending in terms of an equivalent axial 
force, F

ab
, where 

218ab b s n sF A d A .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.28)

The area of steel, A
s
, can be expressed conveniently as the weight per foot of pipe divided by the density of steel. 

For common fi eld units, Eq. 7.28 becomes

64ab n pF d w ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.29)
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where F
ab

, k, d
n
, and w

p
 have units of lbf, degrees/100 ft, in., and lbf/ft, respectively. Use of a nominal weight per 

foot for w will generally give acceptable accuracy. Eq. 7.29 is valid when the pipe wall is uniformly in close con-
tact with the borehole wall (i.e., when the size of the upset in OD at the casing connectors is small compared with 
borehole irregularities).

When the casing is in contact with the borehole wall only at the connectors, the radius of curvature of the pipe 
is not constant. In this case, the maximum axial stress can be signifi cantly greater than that predicted by Eq. 7.29. 
Classical beam-defl ection theory as stated by Lubinski (1977) can be used in this case to determine the bending 
stress magnifi cation factor. Lubinski considered only pipe in tension. For pipe in compression, use Paslay and 
Cernocky (1991) and Mitchell (2003).

In the previous discussion, the effect of bending on casing failure was handled by consideration of the 
maximum stress present under the combined loading situation experienced. In this analysis, a possibility 
of failure is indicated when the maximum stress level exceeds the yield strength of the steel. An alternative 
approach sometimes used is to express the axial strength of the material in terms of combined tension 
and bending. The approach is used most commonly in rating the tensional joint strength of a coupling sub-
jected to bending. API formulas (API TR 5C3 2008) have been developed for the joint strength of a round-
thread casing subjected to bending. When the axial tension strength F

er
 divided by the cross-sectional area of 

the pipe wall under the last perfect thread is greater than the minimum yield strength, the joint strength is 
given by

5

ult 0.8

ult yield
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cr jp

d
F A ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.30)

where

yield/cr jpF A ,

k is given in degrees/100 ft, and

2 2
( / 4) 0.1425 2jp n nA d d t .

When the axial tension strength divided by the cross-sectional area of the pipe wall under the last perfect thread 
is less than the minimum yield strength, then

ult yield
yield0.95 218.15

0.644cr jp nF A d .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.31)

These empirical correlations were developed from experimental tests conducted with 5.5-in., 17-lbf/ft, K-55 
casing with short round-thread couplings (STC).

Example 7.4 Determine the maximum axial stress for 7.625-in., 39-lbf/ft, N-80 casing if the casing is sub-
jected to a 400,000-lbf axial-tension load in a portion of a directional wellbore having a dogleg severity of 
4°/100 ft. Compute the maximum axial stress assuming uniform contact between the casing and the borehole 
wall. 

Solution. Nominal API pipe-body yield strength for this casing is 895,000 lbf, and the ID is 6.625 in. The 
cross-sectional area of steel in the pipe body is

2 2/ 4 7.625 6.625 11.192 in.2

The axial stress without bending is

400,000/11.192 35,740  psi.
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The additional stress level on the convex side of the pipe caused by bending can be computed using Eq. 7.27 under 
the assumption of uniform contact between the casing and the borehole wall. Eq. 7.27 gives a maximum bending 
stress of 

max
218(4.0)(7.625) 6,649b  psi

and a total stress of

35,740 psi 6,649 psi 42,389 psi.

7.6.5 Torsion. For most casing strings, torque is very seldom applied, and when it must be applied, it is limited 
to the connection makeup torque M

t
. The torsional shear stress t acting in the circumferential direction at a radius 

at some point in the pipe-body wall thickness is

t

p

n n
p

M r
J

d dtJ
t t

24

1 1 1
2

.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.32)

With internal and external pressures, axial force, bending, and torsion, the von Mises equivalent stress equation 
(Eq. 7.6) becomes 

vm r t t a b a b r

22 2 2 22 ( ) ( ) 6 .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.33)

7.7 Corrosion
All casing used in wells is susceptible to corrosion. Corrosion can cause failure of a tubular during its design 
service life, so some sort of protection from corrosion is normally needed. A common application where special 
corrosion protection may be needed is for production casing below the production packer. This casing will be 
exposed to corrosive formation fl uids. Typically, drilling muds are alkaline, and special corrosion protection for 
casing exposed only to drilling mud is not needed. The method chosen for corrosion protection is dependent on 
many factors, including temperature, carbon dioxide, hydrogen sulfi de, and other corrosive products such as chlo-
rides, elemental sulfur, and acids. One of the most corrosive gases found in wells is H

2
S. A well whose production 

contains H
2
S is called “sour,” and wells without H

2
S are called “sweet.” 

Carbon dioxide is present in many sweet produced gases. Alone, it is a noncorrosive gas; however, a mixture of 
water and carbon dioxide is very corrosive. Water and carbon dioxide react to produce carbonic acid, which then 
reacts with low-alloy steels to form iron carbonate. The resulting dissolution of the steel reduces the wall thick-
ness. This corrosion process is sensitive to temperature and pressure. In addition, high well fl ow rates typically 
increase erosion velocity and accelerate the corrosion process because protective fi lms on the steel surface are 
more rapidly removed. Pitting and steel weight loss are typical results of this type of corrosion.

Normally, when steels corrode, they generate hydrogen atoms, which pair up to become hydrogen gas mole-
cules and bubble off the surface. However, when steel corrodes in an H

2
S-containing environment, the sulfi de ions 

retard the formation of hydrogen gas molecules, enabling the hydrogen atoms to diffuse into the steel. The hydro-
gen atoms in the steel can cause the steel to lose much of its toughness, a phenomenon known as hydrogen 
 embrittlement. Sulfi de stress cracking (SSC) is a form of hydrogen embrittlement in which H

2
S is the hydrogen 

source and the material is under tensile stress. Higher-strength low-alloy types of OCTG are generally more sus-
ceptible to SSC than are lower-strength grades. For this reason, grades such as C-90 and T-95 have been developed 
with special metallurgy to resist SSC. 

Failures from hydrogen embrittlement often do not occur immediately after exposure to hydrogen sulfi de. A 
time period during which no damage is evident is followed by sudden failure. During this time, hydrogen is being 
diffused into points of high stress.

Generally, higher-strength low-alloy steels are more susceptible to hydrogen embrittlement than are lower-
strength steels. Temperature and applied stress level also play important roles in hydrogen embrittlement. Typi-
cally, low temperatures and higher-stress states accelerate hydrogen embrittlement. 
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For mildly corrosive environments, adequate corrosion protection of carbon and low-alloy steels may be achieved 
through use of internal plastic coatings or chemical inhibitors. However, these corrosion-prevention methods may 
have temperature or application restrictions that prevent their use. 

Many companies have restrictions on the use of carbon or low-alloy steels in sweet service at moderate to low 
temperatures. Special restrictions are sometimes specifi ed to mitigate concerns for brittle fracture. These restrictions 
may include specifi cations on toughness or API and ISO requirements on steel chemistry. For a specifi c steel grade, 
the API and ISO may have several alloying-agent specifi cations, which are referred to as different types of the same 
grade. For example, Q-125 casing can be manufactured in any one of four separate types which differ by chemical 
weight-percentage requirements. 

For sour service, tubular-material selection is based on minimum temperature, yield strength, manufacturing 
process, and application. For example, low-alloy higher-strength ERW grades may not be suitable for sour ser-
vice. When OCTG are purchased for H

2
S applications, test methods as specifi ed by NACE TM0177-2005 (2005) 

are often required to verify resistance to SSC.
The industry uses the NACE MR0175 (1999) specifi cations to differentiate between sour and sweet service on 

the basis of total system pressure and partial pressure of H
2
S (NACE 1999). Gas systems are sour (Fig. 7.7) when 

the maximum pressure exceeds 65 psi and the partial pressure of H
2
S is greater than 0.05 psi. Multiphase systems 

are considered sour (Fig. 7.7) if the maximum gas/liquid ratio is less than 5,000 scf/bbl under any of the following 
conditions:

· Maximum pressure exceeds 265 psi, and H
2
S partial pressure in the gas phase is greater than 0.05 psi.

· Maximum pressure is less than 265 psi, and H
2
S partial pressure in the gas phase is greater than 10 psi.

· The gas phase contains more than 15% H
2
S.

The following equation can be used to calculate H
2
S partial pressure:

H
2
S partial pressure = (pressure × volume fraction of H

2
S-ppm)/1,000,000 .    . . . . . . . . . . . . . . . . . . .    (7.34)

ISO considers pH in addition to H
2
S partial pressure to specify sour conditions. This acknowledges that the pH of 

the environment plays a role in the severity of H
2
S attack.

In the 1970s, CRAs began to be used in corrosive well environments. Generally, the corrosion resistance of 
CRAs is directly proportional to their alloy content. The most commonly used elements that improve the corro-
sion resistance of CRAs are nickel, chromium, and molybdenum. These are very expensive elements and add 
greatly to the cost of the tubular. 

Two basic types of CRAs are used for casings: stainless steels and high-nickel alloys. Stainless steels use chro-
mium to improve corrosion resistance. When chromium content is increased beyond approximately 12%, a stable 
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chromium-oxide fi lm forms, which helps protect the base metal. Stainless steels contain iron as the primary ele-
ment, typically 70–88%. Nickel-based alloys contain less than 50% iron and more than 50% nickel, chromium, 
and molybdenum. Nickel provides strength, toughness, and resistance to stress-corrosion cracking. 

Stainless steels are the most commonly used CRAs and are acceptable in many environments.  However, stain-
less steels are susceptible to pitting corrosion and stress-corrosion cracking at elevated temperatures and therefore 
have maximum chloride and H

2
S restrictions and minimum pH restrictions. Inhibitors used to protect the tubular 

during acidizing are not particularly effective in protecting against corrosion. Visually, CRAs with 12% or more 
chromium will look like stainless steel and not like carbon or low-alloy steels. These higher-chromium stainless 
steels are typically manufactured  using a different heat-treatment process from that used for carbon or low-alloy 
steels.

Nickel-based steels can be used in environments with higher H
2
S, CO

2
, temperature, and chlorides and with 

lower pH than can stainless steels. They are even more resistant to corrosion by acidizing fl uids than are stainless 
steels. However, specifi c acid treatments or other well treatments should be evaluated to determine their tendency 
to corrode nickel-based alloys. Produced gas with elemental sulfur may cause embrittlement of all CRAs.

There are currently no universally accepted industry manufacturing specifi cations or material- selection guide-
lines for most CRA tubulars. API Spec. 5CT (2005) includes specifi cations for both 9 Chrome and 13 Chrome 
L-80 steels, but additional specifi cations and usage restrictions should be considered before purchasing this 
product. Material selection should be based on many factors, including site-specifi c operating conditions and 
experience. 

CRAs typically have a minimum specifi ed yield strength of more than 80 ksi. Stainless steels are typically avail-
able in 80- to 95-ksi yield strength, while nickel-based alloys are available in 65- to 125-ksi yield strength. Often 
the high yield strength of CRAs is a result of cold working. Cold-worked steels can have anisotropic yield-
strength behavior.

7.8 Casing Connections
Oilwell casing is delivered to the rig in approximately 40-ft lengths and must be joined with threaded connectors 
as each length is run in the well. Casing connections consist of a pin and a box. Connections can be either threaded 
and coupled or integral-joint (Fig. 7.8). Threaded and coupled connections have pins on both ends of the pipe that 
screw into a common coupling. For most threaded and coupled casings, the threads are cut into the unaltered 
 diameter of the tubes. Integral-joint casing connections often have the ends of the casing tube thickened (swaged) 

Pin Pin

Pin

Field end

Coupling

Mill end

Box

Box OD
expanded

Box OD
same as
pipe OD

Threaded and coupled Integral joint Flush joint

Fig. 7.8–Joints.
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on either the tube OD or ID (or both). This provides more metal into which threads can be cut. However, the 
swaged ends must be heat-treated after swaging to recover the original tube properties before threading. 

API and ISO provide several standards for casing connections that are widely used all over the world. They 
provide specifi cations for the following four types of casing connectors:

1. STCs
2. Long round threads and couplings (LCs)
3. Buttress threads and couplings (BCs)
4. Extreme line threads and couplings (XCs)

Schematics of each of the API and ISO connections are shown in Fig. 7.9. 
The most common API and ISO casing connections are the STC, the LC, and the BC. These connections are 

rugged and reliable when properly made up and have been used by the industry for many years. They are usually 
cheaper than most alternative connections. 

These three connections all use a “tapered-seal” sealing mechanism, which means that the threads on both the 
coupling and the tube are cut with a taper so that as the connection is made up, the threads are pushed together in 
a wedging action. The bearing pressure resulting from the wedging action is the sealing mechanism for these 
connections and is necessary to form a leak-resistant seal. In addition to the thread bearing pressures, it is also 
necessary to use a thread compound and a suitable coating on the coupling ID to form a leak-resistant connection.

Couplings used on casing are usually manufactured using the forging process or the seamless process and are 
of the same heat-treatment class and grade as the casing tube. Casing couplings are typically provided with a 
coating or plating on the threads to prevent galling during makeup and to assist in providing a pressure seal. Gen-
erally, coupling threads are surfaced with various forms of metal-phosphate coatings or plated with either tin or 
zinc using the electroplating process. Typical phosphate platings are very thin, zinc plating is thicker, and tin plat-
ing is very thick and soft to provide more sealing capability. Some proprietary connections on CRA materials can 
also be copper-plated, and some proprietary connections are surface-treated by blasting the pin ends. 

7.8.1 Round Threads. STC and LC connectors have the same basic thread design. The threads have a rounded 
shape and are spaced to give eight threads per inch. Because of this, they are sometimes referred to as 8-round or 

Pin

Box

(b) Buttress thread(a) Round thread (c) XL

Joint ID

Fig. 7.9—API joints [from Bourgoyne et al. (1991)].
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round threads. The threads are cut with a taper of ¾ in./ft on diameter for all pipe sizes. A longer thread runout 
and coupling of the LC provide greater tensile strength when needed. These connections are very commonly used 
because of their proven reliability, ease of manufacture, and low cost.

LC connections have longer couplings and longer thread length than STC connections and are stronger. For 
casing sizes of 10¾ in. and larger, the long taper of an LC connection would result in a very thin wall, which 
would make the pin end more vulnerable to handling damage. For this reason, only STC connections are typically 
manufactured for these casing sizes. LC couplings can be used with STC pins, but LC pins cannot be used with 
STC couplings because the pin ends could meet in the middle, resulting in incomplete engagement of the threads. 

As can be seen in Fig. 7.10, the round thread is cut with a 60-degree included angle and has rounded peaks and 
roots. When the coupling is formed, small voids exist at the roots and crests of each thread. A combination of 
thread compound and plating on the coupling must be used to fi ll these voids to obtain a seal. If the seal is inef-
fective, internal pressure acts to separate the threaded surfaces. The sealability of round-thread connections to 
liquids or gas is sensitive to dimensional variations that can occur depending on the threading order, the thread 
dope, the plating used on the coupling, the service temperature, high curvature (bending), or the makeup method. 
Sealability will likely be limited to 70 to 90% of the API internal yield pressure of the coupling or the pipe body. 

Threaded connections are often rated according to their joint effi ciency, which is the tensile strength of the joint 
divided by the tensile strength of the pipe body. Although the joint effi ciency of an LC connection is greater than that 
of an STC connection, neither is 100% effi cient. Because of the taper of the threads and their 60-degree included 
angle, the threaded end of the casing sometimes begins to yield and then collapses (Fig. 7.11). This can produce an 
unzipping effect in which, upon failure, the pin appears to jump out of the coupling. In addition to this jumpout, 
fracture of the pin or the coupling can also occur.

In addition to “standard” OD couplings, API and ISO provide dimensional specifi cations for  reduced-OD or 
“special-clearance” couplings. These couplings have a fi xed OD for each pipe size regardless of weight or grade. 
In general, special-clearance couplings are not used with STC and LC connections. Higher-grade couplings are 
sometimes used with lower-grade pipe to eliminate the need for an oversized coupling. There are no API or ISO 
dimensional specifi cations for oversized couplings as there are for special-clearance couplings. 

7.8.2 Buttress Threads. API and ISO both specify a BC that has a more rectangular thread form than the other 
types. This thread form provides higher tensile strength in the connection, but sealability is more dependent on 
pipe dope and the coupling plating material. The more rectangular thread form resists pullout loads and enables 
the connection to approach or even exceed the axial strength of the tube. Typically, buttress connections are 
slightly more expensive than LC and STC connections.

Fig. 7.9b shows a BC casing thread. The basic thread design is similar to that of the API and ISO round thread 
in that it is tapered. However, longer coupling and thread runout are used, and the thread shape is squarer, so that 
the unzipping tendency is greatly reduced. Five threads are cut per inch, and the thread taper is ¾ in./ft for casing 
sizes up to 7⅝ in. and 1 in./ft for 16-in. or larger casings. As with API round threads, the placement of thread 
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Coupling
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Thread compound
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Fig. 7.10—API round threads [from API Spec. 5B (2008)]. Reprinted courtesy of the American Petroleum Institute. 
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compound at the roots of the buttress teeth provides the sealing mechanism. Similarly to API round-thread con-
nections, the sealability of buttress casing connections in liquid or gas service is sensitive to dimensional varia-
tions that can occur in the threading order, the thread dope, the plating used on the coupling, the service 
temperature, the degree of curvature (bending), and the makeup method. The sealability of a buttress connection 
will likely be limited to 70 to 90 percent of the API internal yield pressure of the coupling or the internal yield 
pressure of the pipe body in liquid service and can be very low in gas service. 

7.8.3 XC Threads. The API XC connector is shown in Fig. 7.9c. It differs from the other API and ISO connectors 
in that it is an integral joint (i.e., the box is machined into the pipe wall). On an integral-joint connection, the pipe 
wall must be thicker near the ends of the casing to provide enough metal to permit machining of a stronger con-
nection. The OD of an XC connector is signifi cantly less than that of the other API couplings, thus providing an 
alternative when the largest possible casing size is to be run in a restricted-clearance situation. Moreover, only half 
as many threaded connections exist as in other connectors; therefore, there are fewer potential sites for leakage. 
However, the minimum ID will be less for the XC connector than for other types. 

The sealing mechanism used in the XC connector is a metal-to-metal seal between the pin and the box (Fig. 
7.9c). Metal-to-metal seal connections usually have two precision-machined surfaces that are forced together to 
resist leakage. This connector does not depend solely on a thread compound for sealing, although a compound is 
still needed for lubrication. Because of the requirement for thicker pipe walls near the ends and the closer machining 
tolerances needed for the metal-to-metal seal, XC connectors are much more expensive than the other connectors. 

This connection is seldom encountered in oil wells today. Some continue to use this connection in fi shing 
strings where reduced-OD connections are required.

7.8.4 Non-API/ISO Connections. In addition to API/ISO connections, many proprietary connections are avail-
able that offer premium features not available on API connections. Among the special features offered are the 
following:

· Flush joints for maximum clearance
· Smooth bores through connectors for reduced turbulence

Thread
crest
line
after

yielding
begins

Original
thread
crest
line

Fig. 7.11—Pull-out [from Bourgoyne et al. (1991)].
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· Threads designed for fast makeup with low tendency to cross-thread
· Multiple metal-to-metal seals for improved pressure integrity
· Multiple shoulders for improved torque strength
· High compressive strength for special loading situations
· Resilient rings for secondary pressure seals and connector corrosion protection

Several examples of premium non-API and non-ISO connectors are shown in Figs. 7.12 through 7.14, which 
illustrate the special features listed above.

Thread Detail

10°
45°

Casing
Coupling

Metal to Metal Seal

Fig. 7.12—Connector Example 1 [from Bourgoyne et al. (1991)].
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(Threaded and Coupled Connector)

(c) FL-4S Connector
(Flush Integral Joint)

Fig. 7.13— Connector Example 2 [from Bourgoyne et al. (1991)].
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Many non-API connections use metal-to-metal sealing mechanisms. Both tapered-seal and metal-to-metal 
sealing mechanism connections may also use seal rings. An elastomer-type seal ring is placed into grooves 
machined into the connection to assist sealing. Some connections feature multiple seals for redundancy. Mul-
tiple metal-to-metal seals or a combination of a metal-to-metal seal with a seal ring are common. In addition, 
there are several specialized thread design (e.g., “wedge thread” and “hook thread”) profi les. Many proprietary 
casing connections have the ends of the casing tube thickened or upset to provide more metal into which 
threads can be cut. 

7.8.5 Thread Compounds. Thread compounds serve three basic purposes: (1) to seal the thread clearances in 
the thread profi le, (2) to lubricate the threads during makeup, and (3) to resist galling resulting from metal-to-
metal contact. Most thread compounds consist of particles suspended in a carrier grease. The types and ratios 
of the particles generally determine the performance of a thread compound. Before 1996, API had two basic 
specifi cations for thread-compound formulations. The standard formulation was called the “modifi ed thread 
compound,” and a silicone-based, high-temperature alternative compound was called “silicone thread com-
pound.” In 1996, API and ISO issued recommended practices and testing and evaluation guidelines for casing 
thread compounds. These publications suggested performance-based criteria for thread-compound specifi ca-
tions and used the API modifi ed formulation as the reference standard for comparison. The challenge of cor-
relating compound performance derived from bench tests with that observed in full-scale applications has 
proved to be diffi cult, and as a result, API does not currently provide performance guidelines or formulations 
for thread compounds. In July 2003, API RP 5A3/ISO 13678 were published with editorial corrections and 
updates.

Many other thread compounds are available, containing various components that aid performance. Some spe-
cialty thread compounds are marketed as environmentally acceptable because they rely on constituents other than 
lead to lubricate and seal. Other thread compounds contain Tefl on, which reduces makeup torque and may help 
provide a seal. 

Special thread compounds containing powdered metals are used to reduce frictional forces during connection 
makeup and to provide fi ller material to help plug any remaining small voids around the roots and crests of the 
threads. The choice of compound is of critical importance to prevent galling and to obtain a leak-proof, properly 
made-up connection. Care must be exercised to ensure that a thread compound appropriate for the connector is 
used. 
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Fig. 7.14— Connector Example 3 [from Bourgoyne et al. (1991)].
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Proprietary connection manufacturers frequently offer a recommended type of thread dope that should be used 
with their connections. At in-service temperatures higher than approximately 300°F, special high-temperature 
thread compounds may enhance connection performance. 

Storage compounds are sometimes applied to casing connections to protect them against corrosion during stor-
age or shipment. These storage compounds should not be used for connection makeup. Storage compounds should 
be properly removed and the proper thread compound applied for connection makeup.

7.8.6 Connection Makeup. Threaded and coupled casing is normally shipped to the rig with the couplings 
attached. Each casing joint has a coupling screwed onto one end. The mill end is the end with the coupling in-
stalled, so called because the coupling was made up in the pipe mill. The end with no coupling is called the fi eld 
end because it will be made up in the fi eld. Typically casing is ordered with specifi cations for mill-end makeup; 
the requirements may include thread dope, plating, and other preparatory steps. If special makeup is required, then 
these requirements should be specifi ed in the purchase order. Occasionally, casing is ordered from the mill with 
the couplings so that makeup of both ends can be controlled and monitored.

API and ISO have issued recommended makeup specifi cations for connections in their RP5C1 (1999) specifi ca-
tion. These recommendations include how to determine minimum and maximum torque, makeup speed, and posi-
tion of the coupling face in relationship to the thread vanishing point or the base of the triangle on BTC connections. 
Other methods of making up API connections have been developed by the industry; these also specify the torque 
range and coupling position after makeup (Day et al. 1990). Earlier methods that specify makeup torque and 
number of turns past a reference torque have long been used, but many consider this method to be no longer 
acceptable for API 8-Round threads (Weiner and Sewell 1967). Advances in thread-manufacturing processes, dif-
ferences in thread compounds, and variations in coupling coating or plating coeffi cients have resulted in erratic 
results when this method is used. 

For proprietary connections that use torque shoulders, makeup can be monitored by measuring torque and turns. 
This approach makes it possible to observe indications of galling and to determine when a connection has reached 
its recommended torque. The makeup of many proprietary connections with very tight tolerances is sensitive to 
the amount of thread compound used. 

7.8.7 Performance Properties of Connections. Internal Pressure Resistance. The coupling on an API connec-
tion can be weaker in burst than one on a plain-end casing. This problem usually occurs with thicker-wall casings 
and higher grades of casing. The API and ISO equation to calculate the minimum internal yield pressure for 
round-thread or buttress couplings is based on calculating the coupling wall thickness at the root of the fi rst 
 engaged thread. The internal yield pressures for API round-thread profi les with standard OD couplings and but-
tress profi les for both standard and special-clearance couplings are tabulated in API Bull. 5C2 (1999). The API 
equation for calculating the coupling internal yield pressure is

2 1
yield
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c c
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d d
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.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.35)

The diameter at the root of the coupling thread, d
c1

, is different for STCs and for BCTs and can be calculated using 
the following equations:

For an STC,
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where 

E
1
 is the pitch diameter at the hand-tight plane (in.);

L
1
 is the length from the hand-tight plane (in.);

A
1 
is the hand-tight standoff (in.) (Note: A

1
 in API Spec. 5B (2008) is in turns, turns/threads per inch= in.);

T
1
 is the taper, 0.0625 in./in. for round threads;

H
1
 is the thread height (in.) or 0.10825 in. for eight threads per inch;

S
m
 is the distance from the root of the coupling thread to the top of the pin thread at the hand-tight position (in.).

API Spec. 5B (2008) includes values for E
1
, L

1
, A

1
, H

1
, and S

m
. Tables 7.6a through 7.6e summarize the API 

connection dimensions from API Spec. 5B. 
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For buttress casing, the equation is:

d
c1

 = E
7 
(L

7 
+ I

1
)T

1 
+ 0.062    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.37)

where
E

7
 is the pitch diameter (in.);

L
7 
is the length of perfect threads (in.);

I
1 
is the basic hand-tight position from the triangle stamp (in.);

T
1
 is the taper, or 0.0625 in./in. for 13⅜-in. and smaller casing and 0.0833 in./in. for 16-in. and 

 larger casing.
For many years, API TR 5C3 (2008) included an equation to calculate the leak resistance of an API- or ISO-

coupled connection. This equation is seldom used now. The equation limited the burst strength or leak resistance 
of an API or ISO connection on the basis of the interface pressure between the pin and the box. This interface 
pressure was a result of the makeup and the internal pressure itself. 

Connection Joint Strength. Joint strength resists the axial load that causes a coupling or connection to fail. The 
API and ISO casing-connection joint-strength formulas are based partially on theoretical considerations and par-
tially on empirical observations (API TR 5C3 2008). The lesser of the values obtained from the two equations 
governs for round-thread casing connections. These equations are based on an API test program in the early 1960s 

TABLE 7.6a—CASING SHORT-THREAD DIMENSIONS [from API Spec. 5B (2008)] Reproduced
courtesy of the American Petroleum Institute. All dimensions in inches, except as indicated. See Figure 3. 

(1) (2) (3) (4) (5) (6) (7) (8) (9) (10) (11) (12) (13) (14) 

Size 
Desig-
nation 

D 

Major 
Dia-

meter 
D4

Nominal 
Weight: 
Thread 

and 
Coup-

ling 
(lbm/ft) 

Number 
of 

Threads 
per inch 

Length: 
End of 
Pipe to 
Hand-
Tight 
Plane 

L1

Length: 
Effective 
Threads 

L2

Total 
Length: 
End of 
Pipe to 
Vanish 
Point 

L4

Pitch 
Diameter 
at Hand-

Tight 
Plane 

E1

End of 
Pipe to 
Center 

of 
Coup-
ling, 

Power-
Tight 

Make-
Up
J 

Length:
Face of 
Coup-
ling to 
Hand-
Tight 
Plane

M 

Dia-
meter 

of 
Coup-

ling 
Re-
cess

Q 

Depth 
of 

Coup-
ling 

Recess
q 

Hand-
Tight 

Stand-
off, 

Thread 
Turns

A 

Mini-
mum 

Length, 
Full 

Crest 
Threads 

from 
End of 
Pipe 
Lc* 

4½ 4.500 9.50 8 0.921 1.715 2.000 4.40337 1.125 0.704 419/32 0.500 3 0.875 
4½  4.500 Others 8 1.546 2.340 2.625 4.40337 0.500 0.704 419/32 0.500 3 1.500 
5 5.000 11.50 8 1.421 2.215 2.500 4.90337 0.750 0.704 53/32 0.500 3 1.375 
5 5.000 Others 8 1.671 2.465 2.750 4.90337 0.500 0.704 53/32 0.500 3 1.625 

5½  5.500 All 8 1.796 2.590 2.875 5.40337 0.500 0.704 519/32 0.500 3 1.750 
6⅝ 6.625 All 8 2.046 2.840 3.125 6.52837 0.500 0.704 623/32 0.500 3 2.000 
7 7.000 17.00 8 1.296 2.090 2.375 6.90337 1.250 0.704 73/32 0.500 3 1.250 
7 7.000 Others 8 2.046 2.840 3.125 6.90337 0.500 0.704 73/32 0.500 3 2.000 

7⅝ 7.625 All 8 2.104 2.965 3.250 7.52418 0.500 0.709 725/32 0.433 3½ 2.125 
8⅝ 8.625 24.00 8 1.854 2.715 3.000 8.52418 0.875 0.709 825/32 0.433 3½ 1.875 
8⅝ 8.625 Others 8 2.229 3.090 3.375 8.52418 0.500 0.709 825/32 0.433 3½ 2.250 
9⅝ 9.625 All 8 2.229 3.090 3.375 9.52418 0.500 0.709 925/32 0.433 3½ 2.250 a

9⅝ 9.625 All 8 2.162 3.090 3.375 9.51999 0.500 0.713 925/32 0.433 4 2.250 b

10¾  10.750 32.75 8 1.604 2.465 2.750 10.64918 1.250 0.709 1029/32 0.433 3½ 1.625 a

10¾ 10.750 Others 8 2.354 3.215 3.500 10.64918 0.500 0.709 1029/32 0.433 3½ 2.375 a

10¾ 10.750 Others 8 2.287 3.215 3.500 10.64499 0.500 0.713 1029/32 0.433 4 2.375 b

11¾ 11.750 All 8 2.354 3.215 3.500 11.64918 0.500 0.709 1129/32 0.433 3½ 2.375 a

11¾ 11.750 All 8 2.287 3.215 3.500 11.64499 0.500 0.713 1129/32 0.433 4 2.375
13⅜ 13.375 All 8 2.354 3.215 3.500 13.27418 0.500 0.709 1317/32 0.433 3½ 2.375 a

13⅜ 13.375 All 8 2.287 3.215 3.500 13.26999 0.500 0.713 1317/32 0.433 4 2.375 b

16 16.000 All 8 2.854 3.715 4.000 15.89918 0.500 0.709 167/32 0.366 3½ 2.875 
18⅝ 18.625 87.50 8 2.854 3.715 4.000 18.52418 0.500 0.709 1827/32 0.366 3½ 2.875 
20 20.000 All 8 2.854 3.715 4.000 19.89918 0.500 0.709 207/32 0.366 3½ 2.875 c

20 20.000 All 8 2.787 3.715 4.000 19.89499 0.500 0.713 207/32 0.366 4 2.875 d

Include taper on diameter, all sizes, 0.0625 in. per in. 

Note: Hand-tight standoff “A” is the basic allowance for basic power make-up of the joint as shown in Figure 3. 
*Lc = L4 –1.125 in. for 8 round thread casing. 
aApplicable to coupling grades lower than P110. 

Applicable to coupling grades P110 and higher. 
cApplicable to coupling grades lower than J55 and K55. 

Applicable to coupling grades J55 and K55 and higher. 

b

d

b
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(1) (2) (3) (4) (5) (6) (7) (8) (9) (10) (11) (12) (13) 

Size 
Desig-
nation 

D 

Major 
Dia- 

meter 
D4 

Number 
of 

Threads 
per inch 

Length: 
End of 
Pipe to 
Hand-
Tight 
Plane 

L1 

Length: 
Effective 
Threads 

L2 

Total 
Length: 
End of 
Pipe to 
Vanish 
Point 

L4 

Pitch 
Diameter 
at Hand-

Tight 
Plane 

E1 

End of 
Pipe to 
Center 

of 
Coup-
ling, 

Power-
Tight 

Make-
Up 
J 

Length: 
Face 

of 
Coup-
ling to 
Hand-
Tight 
Plane

M 

Dia-
meter 

of 
Coup-

ling 
Recess

Q 

Depth 
of  

Coup-
ling 

Recess
q 

Hand-
Tight 

Stand-
off 

Thread 
Turns

A 

Mini-
mum 

Length, 
Full  

Crest 
Threads 

from 
End of 
Pipe 
Lc* 

4½ 4.500 8 1.921 2.715 3.000 4.40337 0.500 0.704 419/32 0.500 3 1.875 
5  5.000 8 2.296 3.090 3.375 4.90337 0.500 0.704 53/32 0.500 3 2.250 

5½ 5.500 8 2.421 3.215 3.500 5.40337 0.500 0.704 519/32 0.500 3 2.375 
6⅝ 6.625 8 2.796 3.590 3.875 6.52837 0.500 0.704 623/32 0.500 3 2.750 
7  7.000 8 2.921 3.715 4.000 6.90337 0.500 0.704 73/32 0.500 3 2.875 

7⅝ 7.625 8 2.979 3.840 4.125 7.52418 0.500 0.709 725/32 0.433 3½ 3.000 
8⅝ 8.625 8 3.354 4.215 4.500 8.52418 0.500 0.709 825/32 0.433 3½ 3.375 
9⅝ 9.625 8 3.604 4.465 4.750 9.52418 0.500 0.709 925/32 0.433 3½ 3.625a

9⅝ 9.625 8 3.537 4.465 4.750 9.51999 0.500 0.713 925/32 0.433 4 3.625b

20 20.000 8 4.104 4.965 5.250 19.89918 0.500 0.709 207/32 0.366 3½ 4.125c

20 20.000 8 4.037 4.965 5.250 19.89499 0.500 0.713 207/32 0.366 4 4.125d

Include taper on diameter, all sizes, 0.0625 in. per in. 
              

Note: Hand-tight standoff “A” is the basic allowance for basic power make-up of the joint as shown in Figure 3.
*Lc = L4 –1.125 in. for 8 round thread casing. 
aApplicable to coupling grades lower than P110. 
Applicable to coupling grades P110 and higher. 

cApplicable to coupling grades lower than J55 and K55. 
Applicable to coupling grades J55 and K55 and higher. 

b

d

TABLE 7.6b—CASING LONG-THREAD DIMENSIONS [from API Spec. 5B (2008)] Reproduced
courtesy of the American Petroleum Institute. All dimensions in inches, except as indicated. See Figure 3. 

and predict joint failure rather than the onset of round-thread casing-connection yielding. Note that the equations 
are based on ultimate strength rather than yield strength. Because the equations are based on joint failure rather 
than the point at which the stress in the connection reaches yield strength, a design factor (DF) associated with 
failure rather than yielding should be considered. For API STC connections, the API and ISO formula for comput-
ing the minimum coupling fracture strength is 

ten ult0.95 jpF A ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.38)

where the area under the last perfect thread for eight-round threads is given by

2 2/ 4 ( 0.1425)jp nA d d .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.39)

The minimum force for joint pullout or thread jumpout is given by

0.59
yieldult

ten

0.74
0.95

0.5 0.14 0.14
n

jp et
et n et n

d
F A L

L d L d
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.40) 

For BTC connections, API and ISO have specifi c equations for minimum coupling-pin and coupling-thread 
strength. The lesser of the values obtained from the two formulas governs. The tension force for BTC-connection 
thread failure is given by

yield
ten ult

ult

0.95 1.008 0.0396 1.083sc nF A d .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.41)

The tensile force for coupling-thread failure is given by

ten ult0.95 scF A ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.42)
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TABLE 7.6c—BUTRESS CASING THREAD DIMENSIONS [from API Spec. 5B (2008)] Reproduced
courtesy of the American Petroleum Institute. All dimensions in inches, except as indicated. See Figure 5.
(1) (2) (3) (4) (5) (6) (7) (8) (9) (10) (11) (12) (13) (14) 

Size 
Desig-
nation 

D 

Major 
  Dia-
meter 

D4

Number 
of 

Threads 
per inch 

Length: 
Imper-

fect 
Threads

g 

Length: 
Perfect 
Threads 

L7

Total 
Length: 
End of 
Pipe to 
Vanish 
Point 

L4

Pitch 
Dia-

metera 

E7

End 
of 

Pipe 
to 

Center
of 

Coup-
ling, 

Power-
Tight 

Make-
Up
J 

End 
of 

Pipe 
to 

Center
of 

Coup-
ling, 

Hand-
Tight 

Make-
Up
Jn 

Length: 
Face  

of Coup-
ling to 

Plane E7

Length:
End of
Pipe to

Tri- 
angle 
Stamp

A1

Hand-
Tight 

Stand-
off 

Thread 
Turns

A 

Dia-
meter 

of 
Coun-

ter-
bore 

in 
Coup-

ling 
Q 

Mini- 
mum 

Length, 
Full  

Crest 
Threads 

from 
End of 
Pipe 
Lc* 

4½ 4.516 5 1.984 1.6535 3.6375 4.454 0.500 0.900 1.884 315/16 ½ 4.640 1.2535 
5 5.016 5 1.984 1.7785 3.7625 4.954 0.500 1.000 1.784 41/16 1 5.140 1.3785 

5½ 5.516 5 1.984 1.8410 3.8250 5.454 0.500 1.000 1.784 41/8 1 5.640 1.4410 
6⅝ 6.641 5 1.984 2.0285 4.0125 6.579 0.500 1.000 1.784 45/16 1 6.765 1.6285 
7 7.016 5 1.984 2.2160 4.2000 6.954 0.500 1.000 1.784 4½ 1 7.140 1.8160 

7⅝ 7.641 5 1.984 2.4035 4.3875 7.579 0.500 1.000 1.784 411/16 1 7.765 2.0035 
8⅝ 8.641 5 1.984 2.5285 4.5125 8.579 0.500 1.000 1.784 413/16 1 8.765 2.1285 
9⅝ 9.641 5 1.984 2.5285 4.5125 9.579 0.500 1.000 1.784 413/16 1 9.765 2.1285 

10¾ 10.766 5 1.984 2.5285 4.5125 10.704 0.500 1.000 1.784 413/16 1 10.890 2.1285 
11¾ 11.766 5 1.984 2.5285 4.5125 11.704 0.500 1.000 1.784 413/16 1 11.890 2.1285 
13⅜ 13.391 5 1.984 2.5285 4.5125 13.329 0.500 1.000 1.784 413/16 1 13.515 2.1285 
16 16.000 5 1.488 3.1245 4.6125 15.938 0.500 0.875 1.313 413/16 7/8 16.154 2.7245 

18⅝ 18.625 5 1.488 3.1245 4.6125 18.563 0.500 0.875 1.313 413/16 7/8 18.779 2.7245 
20 20.000 5 1.488 3.1245 4.6125 19.938 0.500 0.875 1.313 413/16 7/8 20.154 2.7245 

Include taper on diameter: Sizes 13⅜ and smaller—0.0625 in. per in. 
Sizes 16 and larger—0.0833 in. per in. 

Notes:  
1. At plane of perfect thread length L  , the basic major diameter of the pipe thread and plug gage thread is 0.016 in. greater than specified pipe 
diameter D for sizes 13⅜ and smaller and is equal to the specified pipe diameter for sizes 16 and larger.  

7

2.  Hand-tight standoff “A” is the basic allowance for basic power make-up of the joint as shown in Figure 5. The ⅜ in. equilateral triangle
 stamp located on the pipe at  the length A1 from the end of the pipe facilitates obtaining the power make-up provided for by the hand-tight 
standoff “A” 
aPitch diameter on buttress casing thread is defined as being midway between the major and minor diameters. 
*Lc = L7 –0.400 in. for buttress thread casing. Within the L   length, as many as 2 threads showing the original outside surface of the pipe onc

ctheir crests for a circumferential distance not exceeding 25% of the pipe circumference is permissible. The remaining threads in the L   thread 
length shall be full crested threads. 

TABLE 7.6d—NON-UPSET TUBING THREAD DIMENSIONS [from API Spec. 5B (2008)] Reproduced
courtesy of the American Petroleum Institute. All dimensions in inches, except as indicated. See Figure 8. 
(1) (2) (3) (4) (5) (6) (7) (8) (9) (10) (11) (12) (13) 

Size 
Desig-
nation 

D 

Major 
Dia-

meter 
D4

Number 
of 

Threads 
per inch 

Length: 
End of 
Pipe to 
Hand-
Tight 
Plane 

L1

Length: 
Effec-
tive 

Threads 
L2

Total 
Length: 
End of 
Pipe to 
Vanish 
Point 

L4

Pitch 
Dia-

meter at 
Hand-
Tight 
Plane 

E1

End of 
Pipe to 

Center of 
Coupling, 
Power-
Tight 

Make-Up
J 

Length: 
Face 

of 
Coup-
ling to 
Hand-
Tight 
Plane

M 

Dia-
meter 

of 
Coup-

ling 
Re-
cess

Q 

Depth 
of 

Coup-
ling 
Re-
cess

q 

Hand-
Tight 

Stand-
off 

Thread 
Turns

A 

Mini-
mum 

Length, 
Full 

Crest 
Threads 

from 
End of 
Pipe 
Lc* 

1.050 1.050 10 0.448 0.925 1.094 0.98826 0.500 0.446 1.113 5/16 2 0.300 
1.315 1.315 10 0.479 0.956 1.125 1.25328 0.500 0.446 1.378 5/16 2 0.300 
1.660 1.660 10 0.604 1.081 1.250 1.59826 0.500 0.446 1.723 5/16 2 0.350 
1.900 1.900 10 0.729 1.206 1.375 1.83826 0.500 0.446 1.963 5/16 2 0.475 

2⅜ 2.375 10 0.979 1.456 1.625 2.31326 0.500 0.446 2.438 5/16 2 0.725 
27/8 2.875 10 1.417 1.894 2.063 2.81326 0.500 0.446 2.938 5/16 2 1.163 
3½ 3.500 10 1.667 2.144 2.313 3.43826 0.500 0.446 3.563 5/16 2 1.413 
4 4.000 8 1.519 2.140 2.375 3.91395 0.500 0.534 4.063 ⅜ 2 1.375 

4½ 4.500 8 1.779 2.328 2.563 4.41395 0.500 0.534 4.563 ⅜ 2 1.563 
Include taper on diameter, all sizes, 0.0625 in. per in. 

Note: Hand-tight standoff “A” is the basic allowance for basic power make-up of the joint as shown in Figure 8. 
*Lc = L4–0.900 in. for 10 thread tubing, but not less than 0.300. 
Lc = L4 –1.000 for 8 thread tubing. 
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where A
sc 

is given by

2 2
2 c14sc cA d d .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.43)

API TR 5C3 (2008) and ISO/TR 10400:2007(E) (2007) present a method to calculate the joint strength for a 
round-thread casing with combined bending and internal pressure. The method is based on physical tests per-
formed in the 1960s. 

Connection Collapse. The collapse resistance of API casing couplings is greater than that of the pipe body. 
Connection Performance Plot. There is a wide range of designs and performance levels among API connec-

tions from various manufacturers, especially for premium connections. Some proprietary connections have strong 
interactions between sealability and applied tension or axial compression loads. Many vendors provide a von 
Mises performance envelope for their connections, which in many cases is based on fi nite-element analysis or 
physical testing (Fig. 7.15). There are no standards in the industry for these plots, and the envelopes may be based 
on the onset of yield, a sealability limit, or other criteria. The sealability of a connection will also depend on 
whether a gastight or a liquid-tight seal is required. Because gas leaks through a connection much more easily than 
liquid, the sealability of a connection in liquid service is typically much greater than its sealability in gas service. 
In some cases, vendors will have a different performance envelope for each combination of connection trade 
name, size, weight, and casing grade. 

7.9 Casing-Program Selection and Design 
The process of selecting casing-setting depths, hole sizes, number of casing strings, and related parameters is 
referred to as the casing-program selection process. The casing design process consists of  selecting the weight, 
grade, and connections for the casings that will be used in a string. 

The process of casing-program selection begins with specifi cation of the surface and bottomhole well locations 
and the size of the production casing that will be used if hydrocarbons are found in commercial quantities. The 
number and sizes of tubing strings and the type of subsurface artifi cial-lift equipment that may eventually be 
placed in the well determine the minimum ID of the production casing. These specifi cations are usually deter-
mined for the drilling engineer by other members of the engineering staff. In some cases, the possibility of explor-
atory drilling below an anticipated productive interval must also be considered. The drilling engineer then must 
design a program of bit sizes, casing sizes, grades, and setting depths that will enable the well to be drilled and 
completed safely in the  desired producing confi guration.

TABLE 7.6e—EXTERNAL-UPSET TUBING THREAD DIMENSIONS [API Spec. 5B (2008)] Reproduced
courtesy of the American Petroleum Institute.All dimensions in inches, except as indicated. See Figure 8.

(1) (2) (3) (4) (5) (6) (7) (8) (9) (10) (11) (12) (13) 

Size 
Desig-
nation 

D 

Major 
Dia-

meter 
D4

Number 
of 

Threads 
per inch 

Length: 
End of 
Pipe to 
Hand-
Tight 
Plane 

L1

Length: 
Effec-
tive 

Threads 
L2

Total 
Length: 

End 
of Pipe 

to 
Vanish 
Point 

L4

Pitch 
Dia-

meter 
at 

Hand-
Tight 
Plane 

E1

End of 
Pipe to 
Center 

of 
Coupling
Power-
Tight 

Make-
Up 
J 

Length: 
Face 

of 
Coup-
ling to 
Hand-
Tight 
Plane

M 

Dia-
meter

of 
Coup-

ling 
Re-
cess

Q 

Depth
of 

Coup-
ling 
Re-
cess

q 

Hand-
Tight 

Stand-
off 

Thread 
Turns

A 

Mini-
mum 

Length, 
Full 

Crest 
Threads 

from 
End of 
Pipe 
Lc* 

1.050 1.315 10 0.479 0.956 1.125 1.25328 0.500 0.446 1.378 5/16 2 0.300 
1.315 1.469 10 0.604 1.081 1.250 1.40706 0.500 0.446 1.531 5/16 2 0.350 
1.660 1.812 10 0.729 1.206 1.375 1.75079 0.500 0.446 1.875 5/16 2 0.475 
1.900 2.094 10 0.792 1.269 1.438 2.03206 0.500 0.446 2.156 5/16 2 0.538 

2⅜ 2.594 8 1.154 1.703 1.938 2.50775 0.500 0.534 2.656 ⅜ 2 0.938 
27/8 3.094 8 1.341 1.890 2.125 3.00775 0.500 0.534 3.156 ⅜ 2 1.125 
3½ 3.750 8 1.591 2.140 2.375 3.66395 0.500 0.534 3.813 ⅜ 2 1.375 
4 4.250 8 1.716 2.265 2.500 4.16395 0.500 0.534 4.313 ⅜ 2 1.500 

4½ 4.750 8 1.841 2.390 2.625 4.66395 0.500 0.534 4.813 ⅜ 2 1.625 
Include taper on diameter, all sizes, 0.0625 in. per in. 

Note: Hand-tight standoff “A” is the basic allowance for basic power make-up of the joint as shown in Figure 8.
*Lc = L4 –0.900 in. for 10 thread tubing, but not less than 0.300. 
Lc = L4–1.000 for 8 thread tubing. 
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To obtain the most economical design, casing strings often consist of multiple sections of different steel 
grades, wall thicknesses, and coupling types. Such a casing string is called a combination string. Additional 
cost savings can sometimes be achieved using liner-tieback combination strings instead of a full string run 
from the surface to the bottom of the hole. When this is done, the reduced tension loads experienced in running 
the casing in stages often make it possible to use lighter weights or lower grades of casing. The potential sav-
ings from use of a liner-tieback combination rather than a full string must be weighed against the additional 
risks and costs of a successful, leak-free tieback operation. Rig and equipment limitations often make the use 
of a liner-tieback combination necessary because the tension loads are usually lower than when running a full 
string.

7.9.1 Selection of Casing-Setting Depths. The selection of the number of casing strings and their respective 
setting depths is generally based on consideration of the pore-pressure gradients and fracture gradients of the 
formations to be penetrated. The example shown in Fig. 7.16 illustrates the  relationship between casing setting 
depth and these gradients. The pore-pressure-gradient and  fracture-gradient data are obtained by the methods 
presented in Chapter 2, expressed as equivalent densities, and plotted against depth. A line representing the 
planned mud-density program is also plotted. The mud densities are chosen to provide an acceptable trip mar-
gin above the anticipated formation pore pressures to allow for reductions in effective mud weight caused by 
upward pipe movement  during tripping operations. A commonly used trip margin is 0.5 lbm/gal or one that will 
provide 200 to 500 psi of excess bottomhole pressure (BHP) over the formation pore pressure. 

To reach the depth objective, the effective drilling-fl uid density shown at point a is chosen to prevent the fl ow 
of formation fl uid into the well (i.e., to prevent a kick). However, to carry this drilling-fl uid density without 
 exceeding the fracture gradient of the weakest formation exposed within the borehole, the protective intermediate 
casing must extend at least to the depth of Point b, where the fracture gradient is equal to the mud density needed 
to drill to Point a. Similarly, to drill to Point b and to set intermediate casing, the drilling-fl uid density shown at 
Point c will be needed and will require surface casing to be set at least to the depth at Point d. When possible, a 
kick margin is subtracted from the true fracture-gradient line to obtain a design fracture-gradient line. If no kick 
margin is provided, it is  impossible to absorb a kick at the casing-setting depth without causing a hydrofracture 
and a possible underground blowout.

Other factors, such as the need to protect freshwater aquifers, the presence of vugular lost-circulation zones, the 
presence of depleted low-pressure zones that tend to cause stuck pipe, the presence of salt beds that tend to fl ow 
plastically and close the borehole, and government regulations, can also affect casing-depth requirements. More-
over, experience in an area may show that it is easier to achieve a good casing-seat cement job in some formation 
types than in others, or that fracture gradients are generally higher in some formation types than in others. Under 
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such conditions, a design must be found that simultaneously will meet these special requirements and the pore-
pressure and fracture-gradient requirements outlined above.

The conductor-casing setting depth is based on the mud density required to prevent washout of the shallow 
borehole when drilling to the depth of the surface casing. The conductor casing must be able to sustain 
the pressures expected during diverter operations without washing around the outside of the conductor. 
The conductor casing is often driven into the ground, where soil resistance governs its length. The casing-
driving operation is stopped when the number of blows per foot of depth exceeds some specifi ed upper 
limit.  Typically the conductor is not designed to support the weight of the surface casing or of subsequent 
strings.

Example 7.5 A well is being planned for a location in Jefferson Parish, Louisiana. The intended well completion 
requires the use of 7-in. production casing set at 15,000 ft. Determine the number of casing strings needed to reach 
this depth objective safely and select the casing-setting depth of each string. Pore pressure, fracture gradient, and 
lithology data from logs of nearby wells are given in Fig. 7.17. Allow a 0.5-lbm/gal trip margin and a 0.5-lbm/gal 
kick margin when making the casing-seat selections. The minimum length of surface casing required to protect 
the freshwater aquifers is 2,000 ft. Approximately 180 ft of conductor casing is generally required to prevent 
washout on the outside of the conductor. It is general practice in this area to cement the casing in shale rather than 
in sandstone.

Solution. The planned mud-density program is fi rst plotted to maintain a 0.5-lbm/gal trip margin at every 
depth. The design fracture line is then plotted to provide a 0.5-lbm/gal kick margin at every depth. These two 
lines are shown in Fig. 7.16 by dashed lines. To drill to a depth of 15,000 ft, a 17.6-lbm/gal mud will be 
 required (Point a). This, in turn, requires intermediate casing to be set at 11,400 ft (Point b) to prevent fracture 
of the formations above 11,400 ft. Similarly, to drill safely to a depth of 11,400 ft to set intermediate casing, a 
mud density of 13.7 lbm/gal is required (Point c). This, in turn, requires surface casing to be set at 4,000 ft 
(Point d). Because the formation at 4,000 ft is normally pressured, the usual conductor-casing depth of 180 ft 
is appropriate.

Only 2,000 ft of surface casing is needed to protect the freshwater aquifers. However, if this minimum casing 
length were used, intermediate casing would have to be set higher in the transition zone. An additional liner would 
also have to be set before reaching the total depth objective to maintain the 0.5-lbm/gal kick margin. Because 
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shale is the predominant formation type, only minor variations in casing setting depth are required to maintain the 
casing seat.

7.9.2 Selection of Casing Sizes. The size of the casing strings is controlled by the necessary ID of the production 
string and the number of intermediate casing strings required to reach the depth objective. To enable the produc-
tion casing to be placed in the well, the bit size used to drill the last interval of the well must be slightly larger than 
the OD of the casing connectors. The selected bit size should provide suffi cient clearance beyond the OD of the 
coupling to allow for mudcake on the borehole wall and for casing appliances such as centralizers and scratchers. 
This, in turn, determines the minimum size of the second-deepest casing string. Using similar considerations, the 
bit size and casing size of successively more shallow well segments are selected.

Selection of casing sizes that permit the use of commonly used bits is advantageous because the bit manufactur-
ers make readily available a much larger variety of bit types and features in these common sizes. However, addi-
tional bit sizes are available that can be used in special circumstances. Fig. 7.18 shows common hole and bit sizes 
used to drill wells (Greenip 1978). 
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Example 7.6 Using the data given in Example 7.5, select casing sizes (i.e., OD) for each casing string.
Solution. A 7-in. production casing string is desired. An 8.5-in. bit is selected to drill the bottom section of the 

borehole. An 8.5-in. bit will pass through most of the available 9.625-in. casings (see Table 7.3). However, a fi nal 
check will have to be made after the required maximum weight per foot is determined. A 12.25-in. bit is selected 
to drill to the depth of the intermediate casing. As shown in Fig. 7.18, a 12.25-in. bit will pass through most 
13.375-in. casings. A 17.5-in. bit is selected to drill to the depth of the surface casing. Finally, as shown in 
Fig. 7.18, a 17.5-in. bit will pass through the 20-in. conductor casing, which will be driven into the ground. 
Some operators would use 18.625-in. conductor casing because a 17.5-in. bit will pass through most commonly 
used casings of this size. 

7.9.3 Selection of Weight, Grade, and Couplings. Once the length and OD of each casing string have been 
established, the weight, grade, and couplings for each string can be designed. In general, each casing string is 
designed to withstand the most severe loading conditions anticipated during casing placement and the life of the 
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well. The loading conditions that are always considered are burst, collapse, and tension. When appropriate, other 
loading conditions (such as bending or buckling) must also be considered. Because the loading conditions in a 
well tend to vary with depth, it is often possible to obtain a less expensive casing design using several different 
weights, grades, and couplings in a single casing string.

It is often impossible to predict the various loading conditions to which a casing string will be subjected during 
the life of a well. Therefore, the casing design usually is based on an assumed loading condition. The assumed 
design load must be severe enough that there is a very low probability of a more severe situation actually occur-
ring and causing casing failure. When appropriate, the effects of casing wear and corrosion should be included in 
the design criteria. These effects tend to reduce the casing thickness and greatly increase the stresses where they 
occur.

The design loads assumed by the various well operators differ signifi cantly and are too numerous to be exhaus-
tively listed in this text. There are no industry specifi cations that contain recommendations for design loads. 
Instead, example design criteria that are felt to be representative of current drilling-engineering practice will be 
presented. Once the concepts presented in this text are mastered, the reader should be able to apply easily any 
other criteria used by his particular company.

As mentioned in Section 7.5, most classic design methods never permitted a material to be loaded beyond its 
design rating, which could be based on a material’s yield strength or failure strength. A safety factor is the margin 
of safety between an applied load and the design rating. A design factor is the minimum safety factor allowed for 
a particular load; thus, it limits the load that can be safely applied. Design factors are usually based on experience 
and account for uncertainties in the loads and in the strength or resistance of a tubular. There are no universally 
accepted design factors, and there are no design factors specifi ed or recommended by industry standards. Design 
methods based on applying a design factor to the strength or resistance of a tubular to yield the working rating of 
the tubular are referred to as working-stress designs. 

To achieve a minimum-cost casing design, the most economical casing and coupling that will meet the design 
loading conditions must be used for all depths. Because casing prices change frequently, it is not practical to 
include a detailed price list in a text of this type. In general, minimum cost is achieved when casing with the min-
imum possible weight per foot in the minimum grade that will meet the design load criteria is selected. For this 
illustration, only API casing and couplings will be considered in the example applications. It will be assumed that 
the cost per foot of the casing increases with increasing burst strength and that the cost per connector in-
creases with increasing joint strength.

Casing strings required to drill safely to the depth objective serve different functions from those of the produc-
tion casing. Similarly, drilling conditions applicable for surface casings are different from those for intermediate 
casings or drilling liners. For this reason, each type of casing string will have different design load criteria. Design 
criteria also can vary with the well environment (e.g., wells drilled into permafrost on the north slope of Alaska) 
and with the well application (e.g., geothermal steam or steam-injection wells). General design criteria will be 
presented for surface casings, intermediate casings, intermediate casings with a liner, and production casings. 
Additional criteria for thermal and arctic wells will also be discussed.

7.9.4 Casing Axial Forces. The balance of forces on the casing is shown in Fig. 7.19. Adding the forces and tak-
ing the limit as Ds goes to zero gives the following equation (Mitchell 2009):
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,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.44)

where w
p
 is the weight of pipe in air, ifw  is the fl uid load on the interior of the pipe, efw

 
is the fl uid load on the 

exterior of the pipe, cw  is the contact load, s is the measured depth, zi  is the downward direction, and t  is the vec-
tor pointing in the axial direction. The fl uid force on the inside of the pipe can be  determined with a similar force 
balance, as shown in Fig. 7.20:
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where r
i
 is the density of the fl uid inside the pipe, and g is the gravity constant. The exterior fl uid force is some-

what more diffi cult to determine, but if we assume a static fl uid, it is somewhat easier. If we assume a volume of 
fl uid with a missing volume the size of the pipe, then the load on the wall of the hole in the fl uid equals the load 
on the casing. A cylinder of fl uid that would fi ll the hole in this volume of fl uid would have a load on it of the 
opposite sign, since there is no net load on the total fl uid volume. Thus, the exterior fl uid load has the same form 
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as Eq. 7.45, but with the opposite sign, the exterior area A
e
 replacing the interior area A

i
, and the exterior pressure 

replacing the interior pressure:

d 0
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s

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.46)

where r
i 
is the density outside the casing. Putting loads from Eqs. 7.45 and 7.46 into the pipe force balance gives

d ( ) ( ) 0
d a i i e e p i i e e z cF P A P A t w A g A g i w
s

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.47)

Notice that we can combine terms in Eq. 7.47, and we fi nd that we have again derived the effective tension we 
found in Section 7.5.5, Eq. 7.7:
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If we look at only the axial terms in Eq. 7.48, we get the equation for calculating the tension in the casing:

d cos 0
d e bpF w
s

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.49)

where j is the pipe inclination angle relative to the vertical. Another advantage of using effective tension 
occurs with a change in cross-section of the pipe. Clearly, pressure forces are generated at changes in area 
(see Fig. 7.21): 
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The negative superscript denotes upstream of the area change, while the positive superscript denotes downstream. 
Remember that the sign convention for F is tension positive.
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Fig. 7.21—Pressure force due to area change.
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or :
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If we use the effective force, we do not need to account for fl uid loads resulting from changes in cross-sectional 
area. 

When designing a casing string, the effect of fl uid pressure (buoyancy) is easily included when calculating axial 
loads by using the effective tension. Because the collapse resistance of a tubular is derated for tension, buoyancy 
will also affect a tubular’s collapse-resistance properties. Drilling engineers sometimes use a simple method to 
include the buoyancy effect on casing when performing hand calculations. The buoyed weight per foot of casing 
is obtained by multiplying the air nominal weight per foot of casing by a buoyancy factor. The following equation 
can be used to calculate the buoyancy factor (BF) in common oilfi eld units:
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where r
m
 is the mud weight in lbm/gal. In this case, w

bp
 can be shown to be
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where r
s
 is the density of steel, and we have converted the density of steel to lbm/gal units.

7.9.5 Surface Casing. Examples of design loading conditions for surface casing are illustrated in Fig. 7.22 for 
burst, Fig. 7.23 for collapse, and Fig. 7.24 for tension. The high-internal-pressure loading condition used for the 
burst design is based on a well-control condition which is assumed to occur while circulating out a large kick. The 
high-external-pressure loading condition used for collapse  design is based on a severe lost-circulation problem. 
The high-axial-tension loading condition is based on an  assumption of stuck casing while the casing is being run 
into the hole before cementing operations.

(D
c
)
i

p=Fracture
pressure+safety 
margin

Gas

Normal pressure

Gas kick

Burst

(D
c
)
i + l

Fig. 7.22—Burst loads [from Bourgoyne et al. (1991)].
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The burst design should ensure that the formation-fracture pressure at the casing seat will be  exceeded before 
the casing burst pressure is reached. Therefore, this design uses formation fracture as a safety pressure-release 
mechanism to ensure that casing rupture will not occur at the surface and endanger the lives of the drilling person-
nel. The design pressure at the casing seat is equal to the fracture pressure plus a safety margin to allow for an 
injection pressure that is slightly greater than the fracture pressure. The pressure within the casing is calculated 
assuming that all the drilling fl uid in the casing is lost to the fractured formation, leaving only formation gas in the 
casing. The external or backup pressure outside the casing, which helps to resist burst, is assumed to be equal to 
the normal formation pore pressure for the area. The benefi cial effect of cement or higher-density mud outside the 
casing is ignored because of the possibility both of a locally poor cement bond and of mud degradation over time. 
A safety factor is also used to provide an additional safety margin for possible casing damage during transporta-
tion and fi eld handling of the pipe.

The collapse design is based either on the most severe lost-circulation problem that is believed to be possible 
or on the most severe collapse loading anticipated when the casing is run. For both cases, the maximum possible 
external pressure, which tends to cause casing collapse, will result from the drilling fl uid that is in the hole when 
the casing is placed and cemented. The benefi cial effect of the cement and of possible mud degradation is 
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ignored, but the detrimental effect of axial tension on the collapse-pressure rating is considered. The benefi cial 
effect of pressure inside the casing can also be taken into account by the consideration of a maximum possible 
depression of the mud level inside the casing. A safety factor is generally applied to the design loading condition 
to provide an additional safety margin.

If a severe lost-circulation zone or a pore-pressure regression zone is encountered near the bottom of the next 
interval of the hole and if no other permeable formations are present above the zone, the fl uid level in the well can 
fall until the BHP is equal to the pore pressure of the zone. Equating the hydrostatic mud pressure to the pore 
pressure of the lost-circulation zone gives

max0.052( ) 0.052lc m p lcZ Z g Z ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.54a)

where Z
lc
 is the depth (true vertical) of the lost-circulation zone, g

p
 is the pore-pressure gradient of the zone, r

max
 

is the maximum mud density anticipated in drilling to Z
lc
, and Z

m
 is the depth to which the mud level will fall. 

Solving this expression for Z
m
 yields
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There is usually considerable uncertainty in the selection of the minimum anticipated pore-pressure gradient and 
the maximum depth of the zone for use in Eq. 7.54b. In the absence of any previously produced and depleted 
formations, the normal pore-pressure gradient for the area can be used as a conservative estimate of the minimum 
anticipated pore-pressure gradient. Similarly, if the lithology is not well known, the depth of the next full-length 
casing string can be used as a conservative estimate of Z

lc
.

The minimum fl uid level in the casing when it is placed in the well depends on fi eld practices. The casing usu-
ally is fi lled with mud after each joint of casing is made up and run in the hole, and an internal casing pressure that 
is approximately equal to the external casing pressure is maintained. However, in some cases the casing is fl oated 
in, or run at least partially empty, to reduce the maximum hook load before reaching bottom. If this practice is 
anticipated, the maximum depth of the mud level in the casing must be compared to the depth computed using Eq. 
7.45b, and the greater value must be used in the collapse-design calculations.

The most diffi cult part of the collapse design is the correction of the collapse-pressure rating for the effect of 
axial tension. The diffi culty lies in determining the axial tension that is present at the time the maximum collapse 
load is imposed. If the maximum collapse load is encountered when the casing is run, the axial tension can be 
readily calculated from a knowledge of the casing weight per foot and the mud hydrostatic pressure in accordance 
with the principles previously presented. However, if the maximum collapse load is encountered after the cement 
has hardened and the casing has been landed in the wellhead, the determination of axial stress is much more dif-
fi cult. In the case of hand calculations, it is common to compute axial tension as the hanging weight for the 
 hydrostatic pressures present when the maximum collapse load is encountered plus any additional tension put in 
the pipe during and after casing landing. This assumption will result in a maximum tension value and a corrected 
minimum collapse-pressure rating.

Tension design requires consideration of the axial stresses that are present when the casing is run during 
 cementing operations, when the casing is landed in the slips, and during subsequent drilling and production 
 operations throughout the life of the well. In most cases, the design load is based on conditions that could occur 
when the casing is run. It is assumed that the casing may become stuck near the bottom and that a maximum 
amount of pull, in excess of the hanging weight in mud, would then be required to work the casing free. A mini-
mum safety-factor criterion is applied so that the design load will be dictated by the maximum load resulting from 
the use of either the safety factor or the overpull force, whichever is greater. The minimum overpull force tends to 
control the design in the upper portion of the casing string, and the minimum safety factor tends to control the 
design in the lower part of the casing string. Once the casing design is completed, the maximum axial stresses 
anticipated during cementing, casing loading, and subsequent drilling operations should also be checked to ensure 
that the design load is never exceeded. In some cases where internal pressure or density has increased and external 
pressure has decreased because of setting conditions, added tension loads can exceed the overpull force. This 
phenomenon will be further explained in Section 7.12.

In the design of a combination string of nonuniform wall thickness, the effect of buoyancy is most accurately 
included using the effective tension concept. The drilling fl uid in use at the time the casing is run is used to com-
pute the hydrostatic pressure at each junction between sections of different wall thicknesses, so that the actual 
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tension can be calculated from the effective tension. For hand calculations, the simpler method shown in Section 
7.8.4 is commonly used. 

In directional wells, the additional axial stress in the pipe body and connectors caused by bending should be 
added to the axial stress that results from casing weight and fl uid hydrostatic pressure. The directional plan must 
be used to determine the portions of the casing string that will be subjected to bending when the pipe is run. The 
lower portion of the casing string will have to travel past all the curved sections in the wellbore, but the upper 
section of the casing string may not be subjected to any bending.

When the selection of casing grade and weight in a combination string is controlled by collapse, a simultaneous 
design for collapse and tension will be the most exact. The greatest depth at which the next most economical cas-
ing can be used depends on its corrected collapse-pressure rating, which in turn depends on the prior computation 
of axial tension. An iterative procedure can be used in which the depth of the bottom of the next most economical 
casing section is fi rst selected on the basis of an uncorrected table value for collapse resistance. The axial tension 
at this point is then computed, and the collapse resistance is corrected. This procedure enables the depth of the 
bottom of the next casing section to be updated for a second iteration. Several iterations may be required before 
the solution converges. A simple graphical method can be used with hand calculations, as shown in Example 7.7, 
for quicker selection of casing-section depths. 

7.9.6 Intermediate Casing. Intermediate casing is similar to surface casing in that its function is to permit the 
fi nal depth objective of the well to be reached safely. Several methods are used by the  industry to ensure that this 
string is designed for safe handling of formation kicks, lost returns, and other drilling problems that may occur 
during deep drilling. 

Similarly to surface-casing design, internal and external pressure design loads are determined using both burst 
and collapse analysis. For burst design, the external pressure, or the backup pressure outside the casing that helps 
resist burst, is typically assumed to be equal to the normal formation pore pressure for the area. The benefi cial 
effect of cement or higher-density mud outside the casing is ignored because of the possibility both of a locally 
poor cement bond and of mud degradation over time.

Internal-pressure design-load assumptions for burst analysis vary signifi cantly in the industry. Some operators 
calculate the internal pressure that would result at every depth in a string from circulating out a design kick. The 
design-kick intensity and volume is chosen to result in well pressures that are equal to (or slightly greater than) 
the predicted formation pressure at the intermediate-casing shoe. This  ensures that the design kick can be success-
fully circulated past the intermediate-casing shoe without compromising formation integrity at the casing shoe. If 
the design-kick pressure exceeds the formation strength at the intermediate-casing shoe, a lost return or an under-
ground blowout would likely result, after which the kick could not be circulated to the surface. The maximum 
surface pressure while circulating out the design kick can also be calculated, and the BOP working pressure is 
chosen to exceed this maximum surface pressure from the kick-circulation process.

Some operators use the general procedure outlined for surface casing for intermediate-casing strings. However, 
in some cases, the burst-design requirements dictated by the design-loading condition  illustrated in Fig. 7.22 are 
extremely expensive to meet, especially when the resulting high working pressure is in excess of the working 
pressure of the surface BOP stacks and choke manifolds for the available rigs. In this case, the operator may ac-
cept a slightly larger risk of losing the well and select a less severe design load. The design load remains based on 
an underground blowout situation which is assumed to occur while a gas kick is being circulated out. However, 
the acceptable mud loss from the casing is limited to the maximum amount that will cause the working pressure 
of the surface BOP stack and choke manifold to be reached. If the existing surface equipment is to be retained, it 
is pointless to design the casing to have a higher working pressure than the surface equipment.

When the surface burst-pressure load is based on the working pressure of the surface equipment,  P
max

, internal 
pressures at intermediate depths should be determined, as shown in Fig. 7.22. It is  assumed that the upper portion 
of the casing is fi lled with mud and the lower portion of the casing is fi lled with gas. The depth of the mud/gas 
interface, Z

m
, is determined using the following relationship:
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where P
inj

 is the injection pressure opposite the lost-circulation zone; r
m
 and r

g
 are the densities of mud and gas, 

respectively; and Z
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 is the depth of the lost-circulation zone. Solving this equation for Z
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The gas behavior can be described using the real gas equation, defi ned by

g
pM
zRT

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.56)

where p = absolute pressure, r
g
 = gas density, z = gas compressibility factor, R = universal gas constant, T = abso-

lute temperature, and M = gas molecular weight. The gas density is estimated using Eq. 7.56 with z » 1 (see 
Chapter 5) and an assumed average molecular weight. The density of the drilling mud is set to the maximum 
density anticipated while drilling to the depth of the next full-length casing string. This makes it possible to 
 calculate the maximum intermediate pressures between the surface and the casing seat. The depth of the lost- 
circulation zone is determined from the fracture gradient vs. depth plot as the depth of the weakest exposed forma-
tion. The injection pressure is equal to the fracture pressure plus an assumed safety margin to account for a 
possible pressure drop within the hydraulic fracture.

Collapse-loading design assumptions for intermediate casings are usually similar to those used for surface-
casing design, taking lost returns into account. Typically, an intermediate-casing-string design will result in a 
lower casing grade and weight per foot than those for a production string. As a result, an intermediate string de-
signed only for deep drilling often will not meet production-casing design specifi cations. 

7.9.7 Intermediate Casing With a Liner. The burst-design-load criteria for intermediate casing on which a drill-
ing liner will later be supported must be based on the fracture gradient below the liner. The burst design considers 
the intermediate casing and liner as a unit. All other design criteria for the intermediate casing are identical to 
those previously presented.

7.9.8 Production Casing. Example burst-design and collapse-design loading conditions for production casing 
are illustrated in Fig. 7.25. The example burst-design loading condition assumes that a producing well has an 
initial shut-in BHP equal to the formation pore pressure and a gaseous produced fl uid in the well. The production 
casing must be designed so that it will not fail if the tubing fails. A tubing leak is assumed to be possible at any 
depth. External pressure for production-casing burst design is generally assumed to be the formation pressure 
outside the casing. Experience has shown that mud left outside the casing will decrease in density over time if 
the mud can interact with an open hole. An exception is if the casing annulus outside the production casing is 
sealed with  cement and the mud trapped in the annulus is not free to interact with the open hole. A sealed an-
nulus also creates a fi xed-volume annulus, which is subject to annulus mud expansion creating annulus pressure 
with a temperature increase, a phenomenon which is discussed in Section 7.13.3 and in  advanced literature. 

Burst

Formation
pressureGas

BHP=formation pressure

Empty
Formation
pressure
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Fig. 7.25—Production casing design and loads.
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The collapse design load shown in Fig. 7.25 is based on conditions late in the life of the reservoir, when 
reservoir pressure has been depleted to a very low (negligible) abandonment pressure. A leak in the tubing or 
packer could cause loss of the completion fl uid, and therefore the low  internal pressure is not restricted to the 
portion of the casing below the packer. Therefore, for  design purposes, the entire casing is considered to be 
empty. For collapse design, the fl uid density outside the casing is assumed to be equal to the formation pres-
sure, and the benefi cial effect of the cement is ignored.

In the absence of any unusual conditions, the tension design load criteria for production casing are the same as 
for surface and intermediate casing. When unusual conditions are present, the maximum stresses associated with 
these conditions must be checked to determine whether they exceed the design load in any portion of the string.

Example 7.7 Design 7-in. production casing for a vertical 16,000-ft sweet service well. The production casing 
will be set in 10.2-lbm/gal mud. Base the design on the pipe-body performance properties; connections will be 
chosen later. The operations group has specifi ed a 2,000-ft minimum section length, 100,000-lbf overpull over 
buoyed casing weight, and a maximum of three sections of casing. A “gauge joint” of the heaviest weight-
per-foot casing at the surface is not required. Packer-fl uid density is specifi ed as 8.8 lbm/gal salt water, and the 
expected shut-in tubing pressure (SITP) is 6,000 psi. Minimum pore pressure in the open hole and the BHP is 
9.6 lbm/gal. For burst design, assume that a wellhead leak has occurred and that the 6,000-psi tubing pressure 
has been applied to the top of the 8.8-lbm/gal packer fl uid. Assume further that the top of cement in the produc-
tion casing by the open hole is at 10,500 ft. Use a burst design factor (BDF) of 1.1, a collapse design factor 
(CDF) of 1.125, and a pipe-body-tension design factor (TDF) of 1.5. Available casing and API pipe-body 
performance properties with the specifi ed design factor, listed in increasing order of cost, are as follows:
 Collapse, psi Burst, psi Tension, klbf
Available Types CDF= 1.125 BDF = 1.1 TDF = 1.5

23.0 lbf, N-80 3,400 5,760 355
23.0 lbf, C-95 3,690 6,850 420
26.0 lbf, C-95 5,235 7,820 478
29.0 lbf, C-95 6,970 8,810 535
32.0 lbf, C-95 8,660 9,780 590
29.0 lbf, P-110 7,580 10,200 620

Solution. Step 1. Determine burst loads:
With 6,000-psi SITP applied on top of the 8.8-lbm/gal packer fl uid with a 9.6-lbm/gal external  pressure:

Burst load at the surface = 6,000 psi 
Burst load at 16,000 ft = (6,000 + (16,000)(8.8)(0.052)) - (16,000)(9.6)(0.052)
   = (6,000 + 7,322) - 7,987
   = 5,335 psi.

The burst load line is plotted in Fig. 7.26.
Step 2. Determine collapse loads:

Collapse load at the surface = 0 psi
Collapse load at 16,000 ft = 8,000 psi (i.e., BHP)

The collapse load line is plotted in Fig. 7.26. Both burst and collapse loads are plotted on the same fi gure for 
convenience.

Step 3. Determine the depth of the neutral plane:

10.2
BF 1

65.5

BF 0.844

Neutral plane = (16,000) (0.844) = 13,500 ft.
The neutral plane is plotted in Fig. 7.26. Note that collapse is the dominant design load below approximately 10,000 ft. 
Collapse-performance properties will require derating for tension above the neutral plane. 

Step 4. Select the bottom Section 1:

The design starts at total depth and moves uphole. To satisfy the collapse load at total depth, 32.0-lbm/ft, C-95 casing 
will be required. The length of Section 1 will be determined by the setting depth of Section 2.
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The casing with the next-lowest collapse rating and cost is 29-lbm/ft, C-95 casing. This casing can be set at:

Maximum depth = 6,970/(8,000 /16,000 ) = 13,940 ft. 

Section 1 can be summarized as follows:
Section 1: 16,000 - 13,940 = 2,060 ft of 32-lbm/ft, C-95 casing.
Because the top of Section 1 is below the neutral plane, collapse resistance for this casing does not need to be 

reduced for tension. 

Step 5. Select Section 2:

The top of Section 2 is dictated by the setting depth of the next uphole section of casing, Section 3. The casing 
with the next-lowest collapse rating and cost is 26.0-lbm/ft, C-95. The maximum setting depth of this casing, not 
considering the effect of the reduction in collapse rating for tension, is

Maximum depth = 5,235 psi /(8,000 /16,000) = 10,470 ft.
Section 2 could be considered to run from 13,940 ft to 10,470 ft; however, the reduction in collapse rating due 

to tension must be considered for the casing between the neutral plane at 13,500 ft and the top of Section 2. The 
tensile load at the top of Section 2 (10,470 ft) is 

Tension load at 10,470 ft = (29.0)(13,500 - 10,470) = 87,870 lbf.
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Fig. 7.26—Burst and collapse load lines.
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Note that the nominal weight per foot, rather than the buoyed weight per foot for the casing, is used in this 
calculation. This is because buoyancy was used to calculate the neutral plane, and the casing below the neutral 
plane is in compression. Using the API equations from Section 7.5.3, the collapse rating for 29.0-lbm/ft, C-95 
(Section 2) of 7,840 psi must be reduced to 7,550 psi because of the tensile load of 87.9 kip. The working rating 
with a 1.125 DF is 6,710 psi. This value is plotted at 10,470 ft, and the full rated collapse resistance is plotted on 
the neutral plane in Fig. 7.26. Section 2 can be summarized as follows:

Section 2: 13,940 ft - 10,470 ft = 3,470 ft of 29-lbf/ft, C-95 casing.

Step 6. Select Section 3:

From the above calculations, Section 3 will require 26-lbf/ft, C-95 casing. From Fig. 7.26, it is evident that tension 
and burst loads are becoming the dominant design considerations. Checking the maximum tension loads at the 
bottom of Section 3 (10,470 ft) with 100,000 lbf overpull:

Maximum tension load at 10,470 ft = (2,060) (32.0) (0.844) + (3,470) (29.0) (0.844) +100,000 lbf = 240,570 lbf.
Note that the calculated loads for tension use the buoyancy factor (and overpull), while the calculated loads for 

collapse derating use the air weight above the neutral plane. 
The 26.0-lbf/ft, C-95 casing has suffi cient burst and tension capacity for a 2,000-ft section. Calculate the maxi-

mum possible length of 26.0-lbf/ft, C-95 casing given the desired overpull and DF.
Maximum pipe-body tensile strength with DF (26.0 lbf/ft, C-95) = 478,000 lbf
Maximum tension load at 10,470 ft = 240,570 lbf
Remaining load capacity = 237,430 lbf
237,430 lbf/((26 lbf/ft)(0.844)) = 10,820 ft.
Section 3 could extend from 10,470 ft to the surface and not exceed the tension and burst loading requirements. 

Check the collapse resistance of Section 3 at 10,470 ft. 
At 10,470 ft (bottom of Section 3), the tension load is
Load at 0,470 ft in Section 3, 26.0-lbf/ft = (13,500 - 10,470)(29.0) = 87,870 lbf.

The API collapse rating of Section 3 at 10,470 ft is reduced from 5,890 psi to 5,700 psi because of tension. With 
a 1.125 DF, the rated collapse loading is 5,070 psi. The required collapse loading at 10,470 ft is

Collapse loading at 10,470 ft = (8,000 /16,000)(10,470) = 5,235 psi.
The 29.0-lbf/ft, C-95 casing’s tension-reduced collapse rating at 10,470 ft is 5,070 psi, which is less than 

the required collapse loading of 5,235 psi, so Section 3 cannot begin at 10,470 ft, and Section 2 must extend 
above 10,470 ft. From Fig. 7.26, it appears that the 29.0-lbf/ft, C-95 casing can begin near 10,000 ft. Check 
the reduced collapse rating of Section 3 (26.0-lbf/ft, C-95) at 10,000 ft.

At 10,000 ft (bottom of Section 3), the tension load is
Load at 10,000 ft in Section 3, 26.0-lbm/ft = (13,500 - 10,000) (29.0 lbf/ft) = 101,500 lbf.
The API collapse rating of Section 3 at 10,000 ft is reduced from 5,890 psi to 5,670 psi because of the tension 

value of 101,500 lbf. With the 1.125 DF, the rated collapse loading is 5,040 psi. The  required collapse loading at 
10,000 ft is 5,000 psi, so Section 3 can begin at 10,000 ft. 

The rated collapse loading with no derating for tension is plotted on the neutral plane, and the  derated collapse 
resistance is plotted at 10,000 ft, as shown in Fig. 7.26.

As a check, calculate the collapse load after derating for tension of Section 3 at 3,500 ft:

Load 3,500 ft = load at 10,000 ft + load from 10,000 ft to 3,500 ft 
 = 101,500 lbf + (26.0 lbf/ft)(10,000 - 3,500 ft) 
 = 101,500 lbf + 169,000 lbf
 = 270,500 lbf.

Using the API equations from Section 7.5.3, the collapse rating of 5,890 psi for 26.0-lbf/ft, C-95 casing is 
 reduced to 5,100 psi because of the tensile load of 270,500 lbf at 3,500 ft. The working rating with a 1.125 DF is 
4,530 psi. This value is plotted in Fig. 7.26. 

Check the tension capacity of Section 3 if Section 2 extends to 10,000 ft with 100,000 lbm overpull:
Tension load at 10,000 ft = (2,060) (32.0) (0.844) + (3,940)(29.0)(0.844) + 100,000 lbf = 252,072 lbf.
Pipe-body tensile strength with TDF of Section 3, 26.0-lbf/ft, C-95 = 478,000 lbf, which is adequate. 
Check the tensile strength of Section 3 at the surface:

Maximum tension at surface = load at 10,000 ft + load from 10,000 ft to surface 
 = 252,072 + (26.0)(10,000 )(0.844) 
 = 252,072 + 219,440 
 = 471,510 lbf.

The tension rating of Section 3, using 26.0-lbf/ft, C-95 with TDF, is 478,000 lbf, which is slightly greater than 
the required tension load at the surface. 
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Section 3 can be summarized as follows, and the Section 2 length can be changed to
Section 3: 10,000 ft to surface, 26.0-lbf/ft C-95;
Section 2: 13,940 ft - 10,000 ft = 3,940 ft of 29-lbf/ft, C-95 casing.
Step 7. Summarize the fi nal design:

Depth
Section Casing Type Length, ft Top, ft Bottom, ft

1 (bottom) 32.0-lbf/ft, C-95 2,060 13,940 16,000
2 (middle) 29.0-lbf/ft, C-95 3,940 10,000 13,940
3 (top) 26.0-lbf/ft, C-95 10,000 0 10,000

This design is based on the pipe-body performance properties. Connection performance properties are not in-
cluded. To complete the design, connections should be chosen to exceed the pipe-body performance ratings or the 
casing design checked against connection performance properties.

7.10 Probabilistic Reliability-Based Design of Casings 
Load- and resistance-factor design is a reliability-based design philosophy that was developed by the civil-
engineering profession beginning in the 1930s in Europe. It is widely accepted today for use in civil engineering 
projects and is the current basis for many structural-engineering systems (Manual of Steel Construction 2001). In 
the late 1980s and early 1990s, these well-established design techniques began to be applied to oilwell-tubular 
design (Brand et al. 1995; Payne and Swanson, 1990; Gulati et al. 1994; Lewis et al. 1995). 

The traditional working-stress design methods presented previously compare a maximum load with a minimum 
resistance (or minimum tubular strength), maintaining a safety margin between the two values. The maximum 
load that a tubular will experience is based on expected operations and historical data and will occur with cer-
tainty. Tubular strength is based on specifying minimum manufacturing tolerances for dimensions, steel strength, 
and stress states such that no failures will occur. Fig. 7.27 illustrates this design process.

In reliability-based design methods, uncertainties in both the load applied and the strength of a tubular are rec-
ognized as being random in nature. The objective of the resulting designs is to account for all uncertainties associ-
ated with these design parameters and to determine an appropriate risk level for the particular application. These 
procedures ensure adequate safety of a tubular design and uniform reliability across many well applications under 
varying design conditions. For example, for some wells, such as a development well that is drilled after many 
earlier wells, the actual loads may be known very accurately. For other wells, such as exploration wells, the pre-
dicted loads may be less accurate because available offset data may be limited. The fi nal design should ensure that 
the probability of failure is commensurate with the consequences of failure. 

The strength or performance properties of a tubular can vary from joint to joint, and even along the length of a 
single joint. Many parameters determine the strength of a tubular, including its mechanical properties, manufac-
turing tolerances and fl aws, ease of fi nding and assessing imperfections, and handling and installation operations. 
The strength variability inherent in the manufacturing process can be minimized but not eliminated. 

Load
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Fig. 7.27—Working stress design.
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Actual loads in a well are based on many variables, including drilling loads (kick volume, pore pressure, lost 
returns) and operational loads (production-fl uid density, reservoir pressure). An estimate of the actual loads and 
their probabilities of occurrence can be made using historical databases or by modeling the load using factors such 
as the effect that fl uid gradients have on kick loads. Fig. 7.28  illustrates the basic concepts of reliability-based 
design.

One method used for probabilistic tubular design is to adjust standard load cases and standard tubular perfor-
mance properties using factors based on statistical methods. These factors are based on the uncertainties in a 
 tubular’s loading and determine its performance properties. They are determined so as to provide an acceptable 
failure probability or risk for the fi nal tubular design and are based on historical data in many cases. 

Using this design process, the engineer determines appropriate probabilities of failure or risk levels for a 
tubular’s load and performance properties depending on design conditions. The optimum risk level is not the 
same for all failure modes because the consequences of failure can vary widely. For example, the cost of a kick 
resulting in a near-surface blowout can far exceed the cost of a kick below a deep protective string that results 
in a collapse failure. As a result, a much lower probability of failure would be used to design a surface-casing 
string than to design a deep intermediate string in a collapse mode. The acceptable probability of failure is 
chosen considering the consequences of failure, defi ned as the risk to health, safety, and the environment, as 
well as the cost of the failure. 

Load factors can be selected for each of many specifi c load situations and can be large or small, depending on 
whether the case is likely or unlikely. This approach enables the engineer to design for a given level of risk with-
out carrying out cumbersome probabilistic calculations. Performance- property factors can be selected or matched 
to each of a tubular’s performance properties (i.e., burst, collapse, and tension). A shortcoming of this method is 
that substantial amounts of historical and physical data are necessary to calibrate the load and performance-
property factors with the resulting risk. Other parameters, such as casing wear, temperature, and derating for ten-
sion, are usually included when determining a tubular’s performance-property factors. 

The following equation can be used as a check to ensure that a proposed design is acceptable:
Utilization factor = (load × load factor)/(performance-property factor × performance-property value).

7.11 Computer-Based Design of Casings 
It is very important for the drilling engineer to understand how to perform casing-design steps manually; however, 
it would be impractical to analyze every possible load scenario, design an optimized mixed string, or track chang-
ing load conditions without using the capabilities of a computer. Furthermore, computers facilitate the calculation 
of complex combined-load conditions and make it possible to perform routine checks using complex tubular-
capacity formulas. Individual users and companies have developed spreadsheets and programs for casing analy-
sis, and several commercially available programs focus on casing-stress analysis and design. This section describes 
how casing analysis and design programs work, how to use them, and how to interpret the results. 

Computer-based analysis of casing and tubing begins with the defi nition of the stress state of the tubular at the 
moment it is installed in the well. This stress state is called the initial condition and is defi ned at all points along 
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Fig. 7.28—Reliability-based design.
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the length of the tubular string. The initial condition and stress state are defi ned by the tension load from dead 
weight, buoyancy effects, and applied stability loads (see next section); the internal and external pressures from 
hydrostatic fl uid columns; bending resulting from geometric doglegs in the well path; and a temperature profi le 
arising from the installation operation or the presence of geothermal gradients. For casing and liner strings, the 
initial conditions are typically defi ned when the cement has been circulated in place and has set and the slips are 
set in the wellhead. For tubing strings, the initial conditions are typically defi ned when the packer is set. 

Whether commercial software or a custom engineering or corporate program is used, it is essential to under-
stand the assumptions made by the program when the initial conditions are determined. For example, the addi-
tional buoyancy effects of the dense lead and tail cement slurries will decrease the tension of a string at the surface 
compared with that of a string run in mud. 

Computer-based analysis continues by considering various operating conditions that result in a new stress state 
for the tubular. These operating conditions defi ne a load case. The software calculates the changes that have 
 occurred from the initial conditions. Changes in internal and external pressure profi les may be caused by changes 
in the fl uid density or gradient. Changes in temperature profi le may be caused by cool fl uid fl owing from the sur-
face or hot fl uid fl owing from the reservoir. Moreover, the operating conditions may include a pressure imposed 
at the surface (by pumping operations such as a pressure test or a fracturing operation) or coming from downhole 
(from the reservoir pressure through perforations or from a kick infl ux). 

Another benefi t of using commercial software or an in-house program is that most load cases are predefi ned. 
The software user simply selects a load case for analysis from a menu, and the program determines the changes 
in fl uid densities, pressures, and temperatures from other program inputs. As a hypothetical example, if the user 
selects “hot production” conditions for a tubing string, the program might replace the packer-fl uid density present 
when the tubing was installed by the density of the production fl uid, calculate the fl owing reservoir pressure, and 
calculate the temperature profi le for a user-specifi ed fl ow rate. 

The program then uses the pressure and temperature changes from initial to operating conditions to calculate 
the change in tension load and thus the change in stress state. The fi nal load conditions and stress state are com-
pared to the resistance or capacity defi ned for the tubulars selected for the well. Results are often reported in terms 
of the ratio of capacity to load or stress (called the safety factor) or in terms of the ratio of load to capacity (called 
the utilization factor). The engineer evaluating the selected tubulars for the intended service must compare the 
safety factor or utilization factor with the design standard imposed by the company or regulatory body. The engi-
neer should review the results carefully and make sure that the pressures and temperatures used in the analysis 
refl ect the intent of the inputs.

The importance of understanding the assumptions made by software when defi ning the load case to be ana-
lyzed, as well as understanding how the inputs are being used in the calculations, cannot be overemphasized. The 
drilling engineer and the programmer may have slightly different defi nitions for a load case or an input. Com-
mercial software often incorporates input range checks to provide a warning if an input is inappropriate or not 
what the programmer intended. 

Several input fi elds require careful attention when the user defi nes a tubular analysis. The directional survey 
should have a suitable number of stations to defi ne the well path—one survey station per  drillpipe stand is appro-
priate in long-radius build sections. Too many survey stations may result in unrealistically high calculated dogleg 
curvatures and bending loads, but too few survey stations may not capture the tension loads from the dead weight 
of the tubular. Pore pressures and fracture gradients should be defi ned at each casing point and at the transition to 
overpressure in the well. Geothermal temperatures may be defi ned by two or three points or by a simple gradient, 
but fl owing or injecting operating conditions should be modeled using more temperature stations. Some programs 
calculate and present results at each depth defi ned by a survey station, a pore-pressure or fracture-pressure station, 
or a temperature station, so it may be prudent to limit the number of stations to facilitate review of the analysis 
results. 

The initial effort to defi ne the well conditions and the tubular string properly may be diffi cult, but the effort pays 
off when a different design must be considered—for example, if the selected tubular does not meet the application 
requirements or is not available for purchase. “What-if” analysis is easily performed using a computer program. 
In addition to changing the tubular size, weight, or grade, the user can vary the depth of the top of cement or the 
amount of tension applied when the slips are set.

For casing designs for directional wells, computer-based analysis is essential. The computer can easily use 
survey results to interpolate the positions of calculation stations and keep track of the measured depth (which 
determines the length of pipe above and below each calculation station) and the true vertical depth (which deter-
mines the hydrostatic pressure of a column of fl uid). 

Computer-based analysis typically considers casing strings to be fi xed at the wellhead and at the top of cement 
when it sets. It typically considers tubing strings to be fi xed at the wellhead, but they may be fi xed at the packer 
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or allowed to move under operating conditions if a fl oating-seal confi guration is defi ned. Specialized analysis 
 offered by at least one commercial program allows the wellhead to move under operating conditions (particularly 
high thermal loads). All the casing and tubing strings defi ned for the well in this type of analysis must “grow” by 
the same amount, and axial loads may be redistributed among the strings to satisfy this constraint. 

Some commercial programs have optimization capability and can determine the lowest-cost tubular design that 
meets the load requirements defi ned by the user. This design capability is a powerful tool that can present options 
that the user might not have considered. A common limitation of design  routines is that the actual cost of a specifi c 
tubular is not refl ected in the “cost/ton by grade” that is typically specifi ed. 

Stress-analysis results from computer programs are a good representation of the pipe body. However, the results 
do not completely defi ne the stress state of the threaded connections for each joint along the string. The tension, 
pressure, and temperature results obtained from computer-based analysis can be compared with performance 
envelopes available from the thread manufacturer or from ISO and API standards. These standards are often 
available in commercial design programs, and connector manufacturers often have the necessary design data 
available.

Most computer programs for casing-stress analysis do not consider the suitability of the selected material for 
the application environment. The potential for stress cracking due to corrosion or sulfi des should be evaluated 
separately from the stress analysis.

7.12 Casing Stability
When a casing string is hanging freely in a vertical well, the burst, collapse, and axial loads can be accurately 
calculated, and the string will be as straight as the well allows. After the primary cement is pumped, the casing 
will be hanging freely in the fl uid cement, and again the loads in the string can be accurately calculated. After 
some time waiting for the cement to set, the string is typically landed in a wellhead with a surface tensile load. 
This essentially fi xes the length of the string between the wellhead and the top of cement. With time, the 
temperature, as well as both the internal and external pressures, change, resulting in changes in the length of the 
casing. 

With a fi xed length of casing and the external pressure unchanged from cementing conditions, an increase 
in internal pressure or a decrease in temperature causes the casing length to contract. Because the casing length 
is not free to change, axial load increases. If the external pressure around a casing decreases or the temperature 
increases from the initial setting conditions and the internal pressure  remains unchanged, the casing length will 
increase, and axial stress in the casing will be reduced. 

A method is needed to calculate the axial load changes that may result from changes in temperature or from 
internal or external pressures in the uncemented portion of a string. The general equation for calculating the 
change in axial load in an uncemented tubular due to changes in temperature or internal or external pressure is
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where n is Poisson’s ratio, dF is the correction load necessary to solve Eq. 7.57a, e
B
 is the buckling incremental 

length change, and a
T
 is the pipe coeffi cient of thermal expansion. Eq. 7.57a says that the total length change is 

zero, Eq. 7.57b is the length change due to change in axial force, Eq. 7.57c is the length change due to buckling 
(addressed later in this section), Eq. 7.57d is the length change due to pressure changes (ballooning), and Eq. 7.57e 
is the length change due to thermal expansion. All changes are relative to the initial conditions. We must solve for 
dF to satisfy Eq. 7.57a. The average thermal coeffi cient of expansion, a

T
, for low-alloy steel is approximately 

6.9×10-6/°F. High-alloy steels typically have a slightly higher coeffi cient of thermal expansion. Eq. 7.57 should be 
used only if the axial stress is less than the yield stress and the tubular has not buckled. This equation assumes that 
the length of the tubular is restrained, which is not always the case in real wells. A tubular inside another tubular 
with a common length for both tubulars (fi xed at top and bottom) will strain and load differently from a single 
tubular, even with the same average temperature differential. The two tubulars will almost always have different 
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cross-sectional steel areas. Accurate temperature modeling is best performed using computer programs, which can 
consider interactions between many casing strings in a well and can even model the change in temperature as the 
distance from the center of the well increases.

As discussed above, after a string has been cemented, the axial loads in the uncemented portion of the string 
will change due to changes in internal and external pressures and in temperature. Lubinski et al. (1962) have 
proved that when pressure acts on the inside walls and not on the ends of a tube, the pressure tends to defl ect or 
bend the tube. Pressure acting on the outside walls and not on the ends tends to prevent defl ection. They observed 
that in some cases an imbalance between internal and external pressures can cause a tubular to buckle or bend. 
This is called a loss of stability. They determined that a loss of stability would occur when the axial load in the 
tube was below a critical stability load. The critical stability load at a specifi c vertical well depth can be calculated 
using the following equation: 

F
e
 < 0.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.58)

Remember that F
e
 is the effective tension, so buckling happens only for compressive (negative) loads. Note that 

stability can be lost in a string even though axial load is signifi cant; the axial load does not need to be a compres-
sive load. The depth where the axial load equals the critical stability load is called the stability neutral point. Why 
does internal pressure destabilize the casing? If we return to Eq. 7.48, we see that we did not consider all the loads, 
only the axial loads. A particularly interesting load is the second term in Eq. 7.59:

d d
0

d d
e

e bp z c

F t
t F w i w

s s
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.59)

The calculus of a curve in space (Zwillinger 1996) says 

d
d
t

n
s

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.60)

where k is the pipe curvature and n  is the unit vector lying in the plane of the curvature perpendicular to the pipe 
axial direction, as shown in Fig. 7.29. This means that axial force plus pressure on a curved pipe generates a side 
load w

lateral
:

w
lateral 

= F
e
k.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.61)

What is the sense of this result? In Fig. 7.29, we can see that there is an excess of area on the side of the pipe on 
the outside of the bend. The internal pressure on this additional area will generate a side force. Any residual bend 
in the pipe will generate a load that will increase the bend if Eq. 7.58 is satisfi ed, and as the bend increases, Eq. 
7.61 says that the lateral load increases. 

Greater area
Net force

P

P

n

Fig. 7.29—Lateral load from internal pressure.
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At the depth where the axial and stability loads are equal, the string is stable, because the lateral load tends to 
straighten the pipe. As the axial load becomes increasingly less than the stability load, the amount of bending in 
the string increases (increasing loss of stability). If the axial load is greater than the stability load, the string will 
remain in its stable unbuckled condition. The degree to which a string can buckle or bend will also depend on the 
size of the hole or casing in which it is installed.

The minimum axial load in the uncemented portion of a string will typically be at the top of cement. As well 
depth decreases, effective tension will increase. If a string becomes unstable, loss of stability occurs fi rst at the 
lowest point, where the effective tension is at a minimum and the string is free to move laterally. Maximum buck-
ling of the string will take place at this depth. With decreasing well depth, the axial load of a buckled string will 
typically approach the stability load, and the amount of buckling in the string will decrease. At shallower depths, 
where the axial load exceeds the stability load, the string will not buckle, as illustrated in Fig. 7.30. 

Dellinger and McLean (1973) have presented evidence that casing wear from drilling in buckled strings is much 
more severe than in normal drilling, especially when the borehole diameter has been increased due to washout. 
Today, computer programs are available to calculate casing-string wear related to bending or buckling in a string 
and to other physical conditions. When drilling under high-pressure, deep, or high-temperature conditions, drill-
ing times are often long. Even a small amount of buckling or bending when rotating time is long may lead to 
unacceptable levels of wear. Drillstring wear in a short-duration well with minor buckling may be minimal. Wear-
mitigation plans should  include management of the buckling and bending in a casing string, choice of drillstring 
hardbanding, use of downhole mud motors or turbines to reduce drillstring rotation, and designing strings with 
extra wear allowance. Drilling time on many deep critical wells often greatly exceeds original expectations, and 
the wear-management plan should consider these unplanned events and the future life of the well. 

Although stable at the time of installation, a string may become unstable in subsequent operations as changes 
in pressure occur inside and outside the casing, and as temperatures change. It may be desirable to keep the casing 

TOC

p
i p

o

Fig. 7.30—Casing buckling.
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in the straight unbuckled condition during some operations, such as when drilling through the casing. In other 
conditions, such as when internal well pressure is present while circulating out a kick, casing buckling may be 
limited to low but acceptable levels. 

Several options exist to reduce buckling in a string. Any one (or combinations) of these options can be used to 
increase the axial load where the string is free to move. These methods are generally used to adjust the axial load 
during or after cementing to result in specifi ed loads at a future time of interest. These methods are

· Adjust cement height.
· Mechanically pull or slack off axial load after the casing below the top-of-cement has become fi xed in the 

cement.
· Apply internal pressure at the surface until both ends of the string become fi xed. 

The usual procedure used with casing is to adjust cement height. In some cases, an additional axial load is 
added after the cement has set. Application of internal pressure while the cement sets is usually not desirable 
with casing. The internal pressure must be applied when the casing is free to respond to pressure—that is, 
before the casing becomes stuck. With a decrease in the depth to the top of cement or with addition of a me-
chanical load, the axial load at the top of cement will increase, thus increasing casing stability and discouraging 
bending.

In an inclined wellbore with angle j, the string lies against the low side of the hole and therefore is supported 
laterally. This lateral support changes the loads at the points where the string may buckle. A casing will not buckle 
until the axial compression (-F

e
, i.e., F

e
 positive is tension) exceeds the critical force F

c
, given by the Paslay-

Dawson equation (Dawson and Paslay 198 ): 

4 c
c

c

EIw
F

r
,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.62)

where E is Young’s modulus (30´106 psi for steel), and I is the moment of inertia:

4 4

4 o iI r r ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.63)

r
c
 is the radial clearance:

c w or r r ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.64)

r
w
 is the wellbore radius, and w

c
 is the contact force. For a straight pipe, w

c
 has the simple form:

cosc bpw w .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.65)

This equation applies to wellbores that are inclined but not curved (see He and Kyllingstad 1995) Buckling in 
areas of a wellbore where the angle is changing is more diffi cult to assess (Mitchell 2008). Initial buckling is 
lateral (side-to-side) buckling, but when the axial compression exceeds approximately 2F

c
, the buckling is helical 

(i.e., shaped like a coil spring).
In some cases, it is acceptable to have some degree of instability or buckling in a casing string. The level 

of acceptable curvature will depend on many well factors, including rotating hours, drillstring tensions, and 
other wellbore conditions. If buckling is present, then stress may be  induced in the casing. Loads due to 
buckling can be calculated and should be considered as an additional stress in the casing. If a string is un-
stable (i.e., the axial load is less than the stability load), then the dogleg in the casing at that depth due to 
instability can be calculated using the  following equation:

2
c er F

EI
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.66)

(The curvature unit in this equation is radians/in., which is convenient for most calculations. For conversion to 
common fi eld units of degrees/100 ft, multiply by 6.875.) Note that the ID of the wellbore impacts the severity of 
the dogleg resulting from buckling. An enlarged hole due to washout would increase the dogleg, but if the hole 

4
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were of the same diameter as the casing OD, no dogleg would be created. The bending stress at any point r in the 
cross-section of the pipe can be calculated using the following equation:

b Er .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.67)

Bending stress can be either positive (tension) or negative (compression), depending on whether the stress is cal-
culated for the inside or the outside of the casing bend. 

A buckled string is shorter than an unbuckled string. This is easily seen by the example of pulling on a coiled 
spring. As the spring extends, the wire straightens and elongates. The change in casing length for helical buckling 
is determined by the following equation (see Eq. 7.57):

2 dbL e s

2

4
c e

b

r F
e

EI
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.68)

The exact form of the solution depends on how the effective tension varies along the string. For a vertical well,

0
0( )e e bpF F w s s .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.69)

Substituting Eq. 7.68 into Eq. 7.69 and integrating over the buckled length from 0
eF  to F

e
,

2
2 20
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e e
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r
L F F

EIw
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.70)

Example 7.8 A 9.625-in., 53.5-lbf, C-95 grade intermediate casing string is set at 11,600 ft in a vertical well. 
The top of primary cement (TOC) is planned at 8,000 ft, and only 15-lbm/gal cement will be used. The string 
had a 9.6-lbm/gal mud inside and outside at the time that the string was cemented. The next step is to hang the 
9.625-in. casing in the wellhead without any doglegs in the string due to buckling or temperature changes. The 
design case is after cementing and during deeper drilling. At the design time of interest, the average temperature 
increase from the top of cement to the surface has been determined to be 20°F. Also at the design time of interest, 
the internal mud weight is 16 lbm/gal, and the casing has 2,000 psi surface pressure. Calculate the “as cemented” 
buoyed weight of the string and how much (if any) tension should be added after the cement sets to prevent 
buckling from occurring. Calculate the value of the dogleg at the top of cement if this tension were not added 
after the cement had set.

Solution. The axial load at the top of cement in the “as cemented” condition is
F

8,000 ft
 = w(Z

c 
- Z

TOC
) + (P

i
 (p d2)/4) - (P

e
(p d

n
2)/4),

F 
8,000 ft

 = 53.5 (3,600) + (9.6)(0.052)(11,600 )(57.21) 
- ((9.6) (0.052)(8,000) + (15.0)(0.052)(3,600))(72.76),

F
8,000

 
ft
 = +29,003 lbf.

The load due to buckling at the time of interest, noting that n is 0.3 for steel, is:

DF
8,000

 
ft 
= (0.052)(0.3)(15.546 in.2)(8,000)[(16 - 9.6) - (9.625/8.535)2(9.6 - 9.6)/((9.926/8.535)2 - 1)] 

+ (0.6)(15.546)[(2,000 - 0) - (9.625/8.535)2(0 - 0)/((9.625/8.535)2 - 1)],

DF
8,000 ft

 = 114,350 lbf.

The load change from the “as cemented” condition resulting from an average temperature change of 20°F can 
be calculated as follows, assuming a

T
 = 6.9´10-6:

DF
a
 = (A

s
) (30×106)(6.9×10-6)(20);

DF
a 
= (A

s
) (207) (20);

DF
a
= (15.546)(207)(20);

DF
a 
= -64,360 lbf.
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The axial load at the time of interest at the top of cement at 8,000 ft would be

F
8,000 ft

= (29,003 + 114,350 - 64,360) lbf,

F
8,000 ft 

= 78,983 lbf. 

The stability load at the top of cement at 8,000 ft is

F
r
 = (2,000 + (16.0 (0.052)(8,000))(57.21)) - (9.6)(0.052)(8,000)(72.76),

F
r 
= 204,635 lbf,

F
p
 = F

r
 - F

a
,

F
p
 = (204,635 - 78,983) lbf,

F
p
 = 125,650 lbf.

At the time of interest, it would be necessary to add this amount of tension to the suspended weight of the “as 
cemented” string to prevent it from buckling due to changes in pressures and temperatures from the “as cemented” 
conditions. 

If this tension were not added after the cement set, the casing would buckle at the top of cement, resulting in a 
dogleg. If the hole were washed out to 13 in. just above the top of cement, then

k = ((1.146×10-3)(r)(F
r 
- F

a
))/I, 

k = (1.146×10-3) ((13 - 9.625)/2) (204,635 - 78,983)/160.8, 

k = 1.5 degrees/100 ft.

7.13 Special Casing-Design Considerations
In the previous section, casing-design considerations were based on selected burst, collapse, and axial-tension 
loading conditions. Although these loading conditions are important in the design of all casing strings, other load-
ing conditions also can be important and should be recognized by the student. These additional loading conditions 
can be caused by shock loading, cementing operations, and other conditions such as subsidence, permafrost, and 
formation compaction.

7.13.1 Cementing Casing. Primary and remedial squeeze-cementing operations can also result in design con-
ditions that exceed the conditions based on maximum anticipated pressures during the producing life of the 
well. During cement pumping, the casing is subjected to internal pressure as the cement is displaced outside the 
casing. Moreover, the fl uid used to displace the cement often has a lower density than the fl uid that was pumped 
ahead of the cement. It is common to bump the wiper plug with suffi cient pressure to ensure that the design 
primary-cement volume is pumped outside the casing. The internal pressure used to bump the wiper plug 
causes burst loads on the casing and also axial stresses. The surface pressure inside the casing can cause an 
axial load, which is given by

DF
a 
= 

1

4
 p

i
 p d 2 .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (7.71)

Typically, primary cement is composed of a lead and tail cement that are of higher density than the fl uid in which 
the casing is cemented. This can result in the imposition of collapse loads on the casing. In cases with large cement/
mud density differences and substantial cement heights, collapse design for cementing operations can present signifi -
cant challenges. Caution must be exercised during cementing operations to ensure that none of the burst rating, the 
collapse rating, and the tension rating of the casing is exceeded. 

7.13.2 Effect of Field Handling on Casing. The performance properties that a given casing joint will exhibit in 
the fi eld can be adversely affected by certain fi eld operations. For example, burst strength can be signifi cantly 
affected by the procedure and equipment used to make up the pipe. Tests have shown that burst strength can be 
reduced by as much as 70% by combinations of tong marks that penetrate 17% of the wall thickness and 4% out-
of-roundness caused by excessive torque. 

Mechanical deformations can also occur while the casing is being transported to the well or while it is being run into 
the hole. Any mechanical deformity in the pipe normally results in a considerable reduction of its collapse resistance. 
This is especially true for casing with a high d

n
/t ratio. Tubulars used in sour service can also be stress-hardened by 

careless handling. Stress hardening can cause changes in a tube’s resistance to certain hostile environments. To mitigate 



442 Fundamentals of Drilling Engineering

these problems, special casing-running tools and methods have been developed and are available that will minimize 
mechanical damage to a string when it is run. 

API RP5C1 (1999) lists common problems experienced with tubulars and gives recommendations for good 
pipe-handling procedures.

7.13.3 Other Special Casing-Design Considerations. Formation subsidence often occurs as pore fl uids are 
produced and reservoir pressures decline. This subsidence can cause signifi cant compressive axial loads which 
cannot be neglected in casing design. Signifi cant axial loads can occur along the wellbore and also in the reservoir. 
Some well designers place a section of very-heavy-wall production casing opposite the producing interval to 
prevent casing damage due to reservoir compaction. Axial stress resulting from subsidence tends to be greatest in 
soft soil with a low Young’s modulus value. 

In some areas, the fl uids remaining in casing annuli are confi ned in a fi xed volume by cementing operations. When 
the well heats up, these fl uids expand slightly, causing increased pressure in the annulus (Adams 1991). This annular 
pressure buildup can result in high collapse loads on the inner string or burst loads on outer strings. Computer 
programs are available to model annulus pressure buildup and its impact on casing burst and design requirements. 
An example where high strains resulting from heating have an impact on casing designs is that of a subsea well 
where access to casing annuli is not available; this makes it impossible to vent any pressure resulting from heating. 

In wells in Arctic environments, fl uids left in casing annuli may freeze due to low ambient temperatures or the pres-
ence of permafrost. The resulting loads tend to lead to collapse of tubulars due to expansion of fl uids when they freeze. 
Methods exist to approximate the additional collapse loads due to freezeback; however, they depend upon the accuracy 
of determination of the wellbore thermal profi le during freezeback. 

Permafrost can generate casing-string loads as the formation moves outside the casing when pore water outside 
the casing goes through the freeze/thaw cycle. Both axial loads and collapse loads can be generated in this 
process. Computer programs have been developed to model loading due to permafrost, which is a very complex 
interaction.

When casing is set through a salt formation, the salt can plastically deform under stress, resulting in very high 
collapse loads. Although experience in an area often drives the casing design for salt collapse, many engineers 
design these strings to withstand a collapse load in the salt that is equal to the overburden. The salt temperature, 
composition, bedding, inclusions, and purity all factor into how the salt will load a casing string. In some areas, 
salt in a well does not creep uniformly into the casing, but rather creeps in over a fairly small arc of the wellbore. 
This type of point loading places very high collapse loads on the casing, which can greatly exceed the overburden 
pressure. 

When casing is being run, the axial stresses resulting from modest running-speed changes are normally not severe. 
Signifi cant shock loading can develop if a casing string is suddenly stopped while running. Methods to estimate shock 
loads during casing-running operations form part of advanced drilling technology.

Problems
7.1 Discuss the functions of the following casing strings:

 (a) Conductor casing
 (b) Surface casing
 (c) Intermediate casing
 (d) Production casing

7.2 Discuss the advantages of using a liner rather than a full-length casing string.
7.3  Name the two basic processes used to manufacture casing.
7.4 What is the diameter range of API casing?
7.5 Give the three length ranges of casing specifi ed by API.
7.6 Defi ne the following terms:

 (a) Nominal weight
 (b) Plain-end weight
 (c) Nominal ID
 (d) Drift diameter

 7.7 For each connection, state the number of threads per inch and the pitch:
 (a) STC
 (b) LC
 (c) BC

 7.8  Consider a 9⅝-in. 43.5-lbf/ft N-80 production casing in an 11,000 ft vertical well, with top of  cement 
at 8,000 ft. The casing is run in 11 lbm/gal water-based mud. 
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 (a) What is the hanging weight in air for the casing? Answer: 478,500 lbf.
 (b) What is the hanging weight as run? Answer: 394,500 lbf.
 (c)  If we assume 15 lbm/gal cement and 11 lbm/gal displaced mud, what is the surface hanging 

stress after cementing, and what is the margin of safety for this string? Answer: 31,181 psi.
 (d)  Next, consider the effects of a stimulation treatment on this surface stress. Assume that the average 

temperature change in the surface-to-8,000 ft interval is -50°F, (the coeffi cient of thermal expan-
sion is 6.9 ´ 106/°F, and Young’s modulus is 30 ´ 106 psi for steel).What is the net surface stress in 
the casing? Answer: 41,531 psi.

 7.9  Calculate the API casing-body burst performance property for 10.75-in., 40.5-lbf, K-55 casing that has 
a nominal wall thickness of 0.40 in. 

7.10  Assume that we have 133/
8
-in., 72-lbf/ft N-80 intermediate casing set at 9,000 ft and cemented to sur-

face. 
 (a)  What is the burst differential pressure for this casing? Answer: 5,380 psi. Consider a displacement 

to gas case, with formation pressure of 6,000 psi, formation depth at 12,000 ft, and a gas gradient 
equal to 0.1 psi/ft. What is the surface internal pressure? Answer: 4,800 psi. 

 (b)  If the external pressure is zero, the casing is strong enough to resist this burst pressure. Surface 
axial stress is the casing weight divided by cross-sectional area (20.77 in.2) less pressure loads 
when cemented (assume 15 lbm/gal cement). What is the surface axial stress? Answer: 24,182 psi 
tensile. 

 (c)  The radial stresses for the internal and external radii are the internal and external pressures. Using 
the Lamé formula, calculate the internal and external hoop stresses, assuming the external pressure 
is zero. Answer: 60,152 psi and 55,352 psi. 

 (d)  What is the von Mises equivalent stress or triaxial stress at the inside radius and at the outside ra-
dius? Answer: 52,426 psi and 47,905 psi. 

 (e) Compare the burst calculation to the von Mises calculation for this case, and discuss.
7.11 Calculate the API collapse rating for 7-in., 38-lbf, N-80 casing with no axial load.
7.12  Calculate the API collapse rating of 7-in., 38-lbf, N-80 casing when the casing has an axial load of 400 

kip.
7.13  Test the collapse resistance of a 7-in., 23-lbf/ft P-110 liner cemented from 8,000 to 12,000 ft. Compar-

ing the 7-in. liner properties against the various collapse regimes, it was found that transition collapse 
was predicted for this liner. The collapse pressure for this liner is calculated using F = 2.066, 
G = 0.0532.

 (a) What is the collapse pressure? Answer: 4,440 psi.
 (b)  To evaluate the collapse of this liner, we need internal and external pressures. Internal pressure is 

determined using the full evacuation above packer. If we assume a 0.1 psi/ft pressure gradient, what 
is the internal pressure at the base of the liner? Answer: 1,200 psi.

 (c)  The external pressure is based on a fully cemented section behind the 7-in. liner. The external pres-
sure profi le is given 10 lbm/gal mud above the top of cement with an internal mix-water pressure 
gradient of 0.45 in the cement column. What is the external pressure at the base of the liner? 
Answer: 5,960 psi.

 (d)  What is the equivalent pressure for comparison with the collapse pressure P
c
? Answer: 

4,869 psi.
 (e)  Is it appropriate to calculate a von Mises stress for collapse in this case? Answer: No, because 

collapse in the transitional region is not strictly a plastic yield condition.
7.14  Assuming typical hole sizes are used, what sizes of intermediate string and surface string would be 

used if a 5½-in. production string were required?
7.15  For 5½-in., 23-lbf casing with either BC or LC standard connections, which grades would fail in axial 

tension by pipe-body failure before a connection failure occurred? 
7.16  Develop a spreadsheet to calculate the API round-thread minimum coupling fracture strength and 

the API minimum joint pullout (or thread jumpout). Does coupling fracture strength or joint pullout 
result in the lesser connection-joint-strength value for 7-in., 32-lbf, N-80 casing with standard LC 
connections?

7.17  What is the H
2
S partial pressure when the maximum pressure is 10,000 psi and the volume fraction of 

H
2
S is 5 ppm?

7.18  If a 120-ft length of 16-in., 84-lbf, J-55 casing were restrained from axial movement at both the top and 
bottom ends, how much force would be imparted to the casing if the average temperature of the casing 
increased by 20°F?
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7.19  What is the equivalent axial force caused by a 9⅝-in., 43.0-lbf casing bending in a 2.0 deg/100 dogleg? 
Assume uniform contact between the casing and the borehole wall.

7.20  Consider a 27/
8
-in., 6.5-lbf/ft tubing inside of 7-in., 32-lbf/ft casing. The tubing is submerged in 10 lbm/

gal packer fl uid with no other pressures applied. The effect of the packer fl uid is to reduce the tubing 
weight per unit length through buoyancy. 

 (a) What is the buoyant weight of the tubing? Answer: 5.56 lbf/ft, or 0.463 lbf/in.
 (b)  Given that the moment of inertia I is 1.611 in.4, the radial clearance is 1.61 in., and Young’s modu-

lus = 30 ´ 106 psi, determine the critical buckling load for the angles 10°, 30°, 60°, and 90° and 
comment on your results. Answer: 3,107 lbf, 5,272 lbf, 6,939 lbf, and 7,456 lbf.  Notice how quickly 
the critical load increases with small angles. At only 10°, the critical load is easily half of the 
maximum critical load.

 (c)  Assume we have a 10,000-ft vertical tubing string with an effective tension at the bottom of the 
string of 30,000 lbf compression. Is the string buckled, and what is the maximum bending stress 
due to buckling? Answer: The string is buckled, and the maximum bending stress is 21,550 psi. 

 (d) Where is the neutral point of the string? Answer: 4,604 ft.
 (e) What is the buckled length change of this string? Answer: 4.34 ft.

Nomenclature
 A = area 
 A

1 
= coupling hand-tight standoff, in.

 A
e

= outer pipe area enclosed by nominal OD
 A

i
= inner pipe area enclosed by nominal ID

 A
jp

= steel area under last perfect thread 
 A

s
= steel cross-sectional area

 A
sc 

= steel area in coupling 
 BF = buoyancy factor
 c

0
-c

10
= collapse equations coeffi cients

 d = nominal ID of pipe
 d

c1 
= diameter at root of coupling thread at end of pipe in power-tight position

 d
c2

= OD of coupling
 d

m
= maximum pipe body ID based on minimum specifi ed wall thickness

 d
n

= nominal OD of pipe
 e

B
= buckling “strain”

 E = Young’s modulus of elasticity 
 E

1
= coupling pitch diameter at the hand-tight plane, in.

 E
7

= thread pitch diameter, in.
 f = wall-thickness correction factor
 F = force
F

1
…F

5
 = factors used in the applicable collapse formula

 F
a

= axial force
 F

ab
= increased axial force due to bending

 F
c

= critical force to initiate buckling in an inclined hole
 F

cr
= axial tension strength of joint 

 F
e

= effective tension 
 F

p
= required added tension to keep casing in unbuckled condition

 F
r

= stability load
 F

ten 
= tension force

 F
z

= axial tension including bending 
 g = gravity constant
 g

p
= pore-pressure gradient expressed as equivalent mud density

 H
1 

= thread height, in.

zi = downward direction vector
 I = moment of inertia
 I

1
= distance from basic hand-tight position, in.

 J
p

= polar moment of inertia
 L = length
 L

1 
= length from end of pipe to hand-tight plane, in.
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 L
7

= length of perfect threads
 L

et
= engaged thread length, in.

 M = gas molecular weight 
n = normal direction vector

 P = absolute pressure 
 P

br
 = burst pressure rating

 P
cr

= collapse pressure rating
 P

e
= external pressure

 P
eq 

= external pressure equivalent in collapse due to external and internal pressure
 P

max
= maximum surface equipment pressure

 P
i 

= internal pressure
 P

inj
= injection pressure, psi

 r = radius
 r

c
= radial clearance of annulus

 r
i

= inner radius
 r

w
= wellbore or outer casing radius

 r
o

= outer radius
 R = universal gas constant 
 R

F
= parameter in collapse equations

 s = measured depth
 S

m
= round-thread distance from pin top of thread to coupling base of thread, in.

 t = thickness
t = axial direction vector 

 T = absolute temperature
 T

1 
=

 
thread taper, in./in.

 w = weight per foot
 w

bp
= buoyant weight per foot of pipe

cw = contact force load vector

efw = external fl uid load vector on casing

 ifw = internal fl uid load vector on casing
 w

lateral
= side load produced by axial force plus pressure on a curved pipe

 w
p

= weight per foot of pipe in air
 z = gas compressibility factor
 Z = true vertical depth
 Z

c
= depth of casing

 Z
lc

= depth of lost-circulation zone
 Z

toc
= depth to top of cement

 Z
m 

= depth of mud surface
 a

T
= temperature coeffi cient of expansion

 dF = axial force increment to ensure zero length change
 D = change
 DA

e
= change in outside area of casing

 DA
i

= change in inside area of casing
 DL = length change
 DL

1
= length change due to axial forces

 DL
2

= length change due to buckling
 DL

3
= length change due to ballooning

 DL
4

= length change due to thermal expansion
 DP

e
= change in external pressure

 DP
i

= change in internal pressure
 DT = change in casing temperature
 e = strain
 k = dogleg severity
 n = Poisson’s ratio
 r

e 
= fl uid density outside casing

 r
g

= gas density
 r

i 
= fl uid density inside casing



446 Fundamentals of Drilling Engineering

 r
m
 = mud density

 r
max

 = maximum mud density
 r

s
 = steel density

 s = stress
 s

a 
= total axial stress, not including bending due to hole deviation, doglegs, or buckling

 s
b 

= bending stress
 s

pa 
= equivalent yield strength

 s
r 

= radial stress
 s

t
 = tangential stress

 s
ult

 = ultimate strength
 s

yield
 = yield strength

 s
vm

 = von Mises triaxial equivalent stress
 s

z 
= total axial stress including bending

 t = shear stress
 j = angle of inclination of the wellbore

Subscripts
+ = upsteam
- = downstream
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bbl ´ 1.589 873 E - 01 = m3

ft ´ 3.048* E - 01 = m
ft3 ´ 2.831 685 E - 02 = m3

°F  (°F - 32)/1.8  = °C
°F  (°F + 459.67)/1.8      = K
gal ´ 3.785 412 E - 03 = m3

in. ´ 2.54* E + 00 = cm
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in.2 ´ 6.451 6* E + 00 = cm2

in.3 ´ 1.638 706 E + 01 = cm3

kip ´ 4.448 222 E + 03 = N
ksi ´ 6.894 757 E + 03 = kPa
lbf ´ 4.448 222 E + 00 = N
lbm ´ 4.535 924 E - 01 = kg
psi ´ 6.894 757 E + 00 = kPa

*Conversion factor is exact.



Chapter 8

Directional Drilling

Stefan Miska, University of Tulsa 

The objective of this chapter is to present the fundamental concepts of directional drilling. These include directional 
well trajectory design, determination of the well trajectory from survey data, the control of the wellpath while drill-
ing, and methods for modeling the torque and drag forces on a drillstring.

8.1 Fundamentals of Directional-Well Trajectory Design 

8.1.1 Introduction. The term directional drilling is a broad term that refers to all activities that are required to 
design and drill a wellbore to reach a target, or a number of targets, located at some horizontal distance from the 
top of the hole. In other words, the purpose of directional drilling is to connect the surface location with oil/gas 
reservoirs that are not located right below it. Any well that is intentionally nonvertical is also called a directional 
well. Deviation control comprises all activities needed to drill a hole as required by the well plan and geological 
data. 

Historically, the development of directional drilling started about 1920 when some wells crossed their lease 
boundaries and triggered several lawsuits. The need to know the position of the wellbore in reference to its surface 
location as well as to the lease boundaries quickly became evident. It soon became standard practice to report the 
length of the wellbore [the so-called measured depth (MD)], the hole inclination angle (its deviation from verti-
cal), and the hole azimuth (direction from magnetic and geographic north). 

In 1929, H. John Eastman developed commercial technology to drill wells from rigs located on land (onshore) 
to exploit oil reservoirs located beneath the ocean. In 1932, an offshore platform was built in California. At about 
the same time, offshore drilling platforms were constructed in the Caspian Sea. 

Today, much oil and natural-gas production comes from directional wells drilled onshore and offshore, even in 
environmentally sensitive locations. To enhance production, many wells are drilled with a high inclination angle 
or even horizontally. At fi rst, horizontal wells were only a few hundred feet long. Thanks to continuous improve-
ments in drilling technology, the horizontal departure was gradually increased to enable drilling of so-called ex-
tended-reach wells (ERWs). Extended-reach drilling (ERD) is commonly used nowadays to reach onshore and 
offshore oil and gas deposits; the length of such a well can be 20,000 to 40,000 ft or even more. If the stepout is 
greater than 40,000 ft, the well is classifi ed as ultra-extended-reach drilling (uERD). Drilling ERD and uERD 
wells creates a number of challenges for drilling personnel. To drill such wells effectively required signifi cant 
improvements in drilling fl uids, cuttings transport, and mechanical performance of the drillstring and other ele-
ments of a drilling system. 

Development of logging-while-drilling (LWD) tools triggered development of so-called geosteering methods 
and maximum-reservoir-contact wells. Geosteering involves guiding the wellbore path based on real-time mea-
surements of formation properties rather than following a predetermined trajectory. As the name indicates, the 
purpose of maximum-reservoir-contact wells is to improve recovery of hydrocarbons by maximizing the contact 
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area of the well with the formation. To enhance production further, several wells can be drilled from the main well 
(mother well), resulting in a so-called multilateral completion. 

Directional wells are also sometimes drilled to control a blowing well or to bypass (sidetrack) a portion of a 
vertical well that is impossible to drill [e.g., due to wellbore stability problems or loss of portions of a drillstring 
(fi sh) in a hole]. Some typical applications of directional drilling are shown schematically in Fig. 8.1. 

Directional drilling is also widely used for geothermal and civil-engineering applications. Many geothermal 
projects involve drilling directional wells in hot hard rocks such as granite and other igneous and metamorphic 
rocks. Civil engineers frequently use directional-drilling techniques for drilling under rivers, highways, and other 
obstacles. In response to economic and environmental pressures, the use of directional wells is increasing in oil 
and other industries. Not only has the number of directionally drilled wells increased, but also the well trajectories 
have become increasingly complex, resulting in a need for more-sophisticated drilling tools and technologies. 
First, however, some basic concepts will be discussed, followed by some useful mathematical formulations that 
apply to all directionally drilled wells.

8.1.2 Basic Concepts. The conventional visual representation of a directional well consists of a horizontal and 
vertical cross-section, as shown in Fig. 8.2. For the sake of simplicity, a straight segment A–B is used here to 
represent the wellbore. The distance from the rotary table [the rotary kelly bushing (RKB)] to Point A or Point B 
as measured along the wellbore is called a measured depth (MD). The vertical distance from the rotary table to 
Point A or Point B is called true vertical depth (TVD) or simply vertical depth. The vertical and horizontal planes 
are called the inclination and direction planes respectively. The inclination angle φ is the angle between the verti-
cal and the wellbore. The direction angle ϑ is specifi ed as the azimuth between the geographic north and the 
projection of the wellbore onto a horizontal plane. 

A number of devices exist to measure the hole inclination and azimuth angles. Such devices are called survey-
ing instruments. The industry is currently using a number of surveying instruments, ranging from magnetic (sin-
gle-shot and multishot) to more-sophisticated gyroscopic devices. Magnetic instruments use an inclinometer, a 
compass, a timer, and a camera, while gyroscopic instruments work on the principle of a spinning mass. The use 
of magnetic instruments requires installation in the bottomhole assembly (BHA) of special drill collars made of 
stainless steel (approximately 68% nickel and 28% copper, with small additions of iron and manganese—“monel” 
metals) with nonmagnetic properties. On the other hand, gyroscopic instruments do not require nonmagnetic drill 
collars because they are immune to magnetic infl uence. An azimuth reading with a gyrocompass is not distorted 
by casings and other structures made of steel. 

The angle between geographic (true) north and magnetic north is called the declination angle. A location where 
measurements are taken is called a station. At each station, an MD, hole inclination angle, and azimuth are re-
corded. 

Modern technology makes it possible to send directional-survey information to the surface using mud-pulse 
telemetry. Information on hole inclination and azimuth, as well as certain other information (e.g., downhole 

Reaching under a river
or lake. 

Extinguishing an oil fire by drilling 
from a site some distance away and 
pumping in mud. 

Drilling under a city or other 
occupied place. Holes reach under city

and under salt dome.  

Undersea drilling from the shore.  

Offshore drilling from 
a platform. 

      ▲   ▫▫ 
   ▫▫        
   ▫▫▫           ▪▪▪ 
▫▫▫  ▫▪ ▪▪▪▫▫▫ 
                ▫▫▪ 

Fig. 8.1—Applications of directional drilling.
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WOB, defl ection of tool-face angle), is transmitted as pressure pulses and decoded at the surface while drilling. 
Typically, the measurements are taken at intervals of between 30 and 300 ft or even less, depending on the com-
plexity of the well path and the purpose of the wellbore. 

It is conventional practice to use four 90° quadrants, north, east, south, and west (N-E-S-W) to report well direc-
tion. For example, the azimuth angles ϑ

1
 = 27° and ϑ

2
 = 215° can also be reported as ϑ

1
 = N27E and ϑ

2
 = S35W. 

In other words, if the hole direction is reported as E26S, the azimuth is 116°. Figs. 8.3a and 8.3b are examples of 
a horizontal (plane) view and a vertical (section) view of a wellbore trajectory, represented for the sake of simplic-
ity as straight segments. The x (north) and y (east) axes in Fig. 8.3a intersect in the center of the rotary table (the 
RKB). The vertical cross section is drawn through the centers of the RKB and the target.

Figs. 8.3a and 8.3b are qualitative in nature to help defi ne some commonly used terms in directional drilling. 
The kickoff point (KOP) is the depth at which the well trajectory departs from the vertical in the direction of the 
target or is modifi ed by the lead angle. The lead angle is usually to the left of the target horizontal departure line 
(the line from the initial point 0 to the target T). The magnitude and direction (left or right) are based on analysis 
of forces at the drill bit and on local fi eld experience. The departure is the horizontal distance between the surface 
location and the point on the traverse (trajectory). The closure is the horizontal distance between the rotary table 
and the center of the target. Fig. 8.4 shows a 3D view of a wellbore composed of three segments in x,y,z-coordi-
nates. 

The origin of the coordinate system is located at Point P
1
; Points P

2
, P

3
, and P

4
 lie on the trajectory at the coor-

dinates shown in Fig. 8.4. For the sake of simplicity, the segments P
1
P

2
, P

2
P

3
, and P

3
P

4
 are assumed to be straight, 

and their inclination and direction angles are also shown in Fig. 8.4. In reality, a wellbore is composed of curved 
rather than straight segments, and it is useful to introduce the concepts of build and turn rates as discussed below. 

8.1.3 Fundamental Mathematical Formulations. Let us consider a wellbore trajectory as shown schematically 
in Fig. 8.5 in a conventional rectangular x,y,z (right-hand) system of coordinates consistent with the north, east, 
and vertical directions, N, E, and V. The continuous curve O-s in Fig. 8.5 represents the well trajectory (wellbore 
centerline). Consider a small element ds with components dx, dy, and dz. Because ds is small, it can be approxi-
mated as a straight segment with inclination angle j and azimuth ϑ. The projection of the small element ds onto 
a horizontal plane is denoted as dl. With motion along the well path, in general, both the inclination angle and 
azimuth will change. In other words, the hole inclination angle and azimuth are functions of the MD s. 

For purposes of directional-well trajectory planning, it is useful to defi ne the following fundamental quantities:
Rate of change of the hole inclination angle along the well path, or the so-called build rate: 

( )
( ) .

d s
B s

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.1)
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Fig. 8.2—Hole inclination and azimuth angles.
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Fig. 8.3—(a) Plane view; (b) side view.
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Rate of change of the azimuth angle along the projection of the well path onto a horizontal plane, or the so-
called horizontal turn rate:

( )
( ) .

d s
H s

dl
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.2)

Rate of change of the azimuth along the well path, or the turn rate: 

( )
( ) .

d s
T s

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.3)

In other words, the build and turn rates are the fi rst derivatives of the hole inclination and azimuth angle as func-
tions of MD. In directional drilling, the build and turn rates are usually expressed in degrees/100 ft (or degrees/30 
m), and care should be exercised to carry out calculations in a consistent system of units (radians rather than de-
grees). The rate of change can be positive or negative, depending on whether the angles increase or decrease with 
MD. For example, a negative build rate indicates that the inclination angle decreases with depth, in which case it 
is usually called a drop rate. Note that, in general, the hole inclination and azimuth angles as well as the build and 
turn rates are functions of the measured hole depth s. 

Examination of the right triangles in Fig. 8.5 immediately reveals the following useful relationships:

cos ( ),
dx

s
dl     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.4)
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Fig. 8.4—Wellbore composed of three segments.
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sin ( ),
dy

s
dl

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.5)

sin ( ),
dl

s
ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.6)

cos ( ).
dz

s
ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.7)

It is also useful to calculate the following derivatives: 

sin ( ) cos ( ),
dx dx dl

s s
ds dl ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.8)

sin ( ) sin ( ).
dy dy dl

s s
ds dl ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.9)

In calculus, the quantities defi ned by Eqs. 8.7, 8.8, and 8.9 are called directional cosines and are frequently de-
noted by the letters l, m, and n. It can be shown that the sum of the squares of the directional cosines is equal to 
one. 

Differentiating Eqs. 8.7, 8.8, and 8.9 yields the second derivatives: 

2

2
cos cos sin sin cos cos sin sin ,

d x d d
B T

ds dsds
    . . . . . . . . . . . . . . . . . . . . . . . .    (8.10)
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Fig. 8.5—Schematic diagram of a small element of a 3D wellbore trajectory.
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2

2
cos sin sin cos cos sin sin cos ,

d y d d
B T

ds dsds
    . . . . . . . . . . . . . . . . . . . . . . . . .   (8.11)

2

2
sin sin .

d z d
B

dsds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.12)

A good understanding of the defi nitions formulated above and of their derivatives is essential for solving a number 
of practical directional-drilling problems. 

In well-trajectory design, the coordinates of the initial point are usually known [i.e., the top of the hole (the 
RKB) or the KOP]. The target-point coordinates are generally also known. In some instances, such as when 
the well must pass through multiple targets, the directions in terms of inclination and azimuth angles are also 
specifi ed. The task of the designer is to calculate the coordinates of all other points on the well path. This usu-
ally is accomplished in a stepwise manner by selecting a subsequent point on the trajectory a distance Δs 
(measured along the trajectory) from the initial point (e.g., the KOP). To carry out the required calculations, 
assumptions frequently must be made about well path build and turn rates as well as hole inclination and direc-
tion angles. The calculations are repeated until a smooth well path is obtained that will reach the target or 
targets. In principle, to obtain the coordinates (x,y,z) of an arbitrary point on a well path, Eqs. 8.7 through 8.9 
must be integrated.

Eq. 8.8 provides the difference in x-coordinates:

2

1
2 1 sin ( )cos ( ) .

s

s
x x x s s ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.13)

Eq. 8.9 provides the difference in y-coordinates:

2

1
2 1 sin ( )sin ( ) .

s

s
y y y s s ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.14)

Eq. 8.7 the difference in z-coordinates:

2

1
2 1 cos ( ) .

s

s
z z z s ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.15)

Clearly, if the coordinates (x
1
,y

1
,z

1
) at Point 1 are known, the coordinates (x

2
,y

2
,z

2
) at Point 2 can be calculated using 

Eqs. 8.13, 8.14, and 8.15. At times, the integrals are diffi cult to calculate, and for practical applications, designers use 
various assumptions to obtain closed-form solutions. Examples of such assumptions are provided in subsequent sec-
tions of this chapter. If a closed-form solution is not available, the integrals are evaluated numerically. 

8.1.4 Bends in the Vertical and Horizontal Planes. Consider two important special cases of curved wellbore 
sections located in the vertical and horizontal planes. If a well path is confi ned to a vertical plane, its azimuth 
A is constant along the trajectory. Then Eqs. 8.13, 8.14, and 8.15 take the form

2 2

1 1

1
cos sin ( ) cos sin ,

s

s

x s ds d
B

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.16a)

2 2

1 1

1
sin sin ( ) sin sin ,

s

s

y s ds d
B

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.16b)

2

1

1
cos .z d

B
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.16c)

Furthermore, for the case where a wellbore segment is a circular arc with radius R, the build rate is constant and 
equal to the reciprocal of the radius (1/R). Then, Eq. 8.16 can be integrated to obtain:

1 2 1 2

cos
cos cos cos cos cos ,x R

B
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.17a)

1 2 1 2

sin
cos cos sin cos cos ,y R

B
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.17b)
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2 1 2 1

1
sin sin sin sin .z R

B
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.17c)

The parameter ξ is chosen to be positive (+1) for a positive turn rate and negative (–1) for a negative rate.
Consequently, the horizontal departure, HD, between Points 1 and 2 is

2 2
1 2 1 2HD cos cos .x y R     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.18)

Clearly, in this case, the departure is independent of the hole azimuth. 

Example 8.1 Consider two points on a curved part of a trajectory located in a vertical plane with azimuth A = 
60°. The hole inclination angle at Point 1 is φ

1
 = 60° and at Point 2 is φ

2
 = 32°. The drop-off rate is 6.5˚/100 ft (B 

= –6.5˚/ 100 ft). The rectangular coordinates of Point 1 are x
1
 = 1,650 ft, y

1
 = 2,858 ft, and z

1
 = 4,250 ft.

Calculate:

(a) the x, y, z coordinates at Point 2
(b) the radius of curvature R
(c) the HD between Points 1 and 2
(d) the length of the segment Δs, the differences in MD between Points 1 and 2 

Solution. To make the system of units consistent, the build rate is expressed as

31
(a) 6.5 1.1339 10 1 ft .

180 100
B

Using Eq. 8.17, the rectangular coordinates can be obtained as

2 3

cos60
(b) 1,650 cos65 cos32 1,837.6 ft,

1.1339 10
x

32

sin60
(c) 2,858 cos65 cos32 3,182.9 ft,

1.1339 10
y

2 3

1
(d) 4,250 sin32 sin65 4,581.9 ft.

1.1339 10
z

The radius of curvature is then

3

1 1
(e) 882 ft.

1.1339 10
R

B

The HD between Points 1 and 2 can be calculated as

( ) 2

2 22 2
1f HD 187.9 324.9 375.2 ft.x y

For a circular segment in a vertical plane, the differential length of the segment is  ds = Rdφ; therefore, 

2

1

s

2 1

s

(g) s 882 65 32 508 ft
180

s d Rd R .

For a bend in a horizontal plane (φ = 90°), such as a curved horizontal wellbore with constant turn rate H, the 
difference in vertical coordinates is nil, and the changes in the x- and y-coordinates are given by the following 
equations:

2 1 2 1

1
sin sin sin sin ,x R

H
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.19a)

1 2 1 2

1
cos cos cos cos .y R

H
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.19b)
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Again, the parameter ξ is chosen to be positive (+1) for a positive turn rate and negative (–1) for a negative 
rate.

8.1.5 Wellbore Curvature and Dogleg Severity. For several practical reasons, in addition to build and turn rates, 
it is also useful to determine wellbore curvature and torsion along the well trajectory. In directional-drilling no-
menclature, wellbore curvature is frequently called dogleg severity (DLS) and expressed in degrees/100 ft, as 
mentioned earlier. This section presents the concept of curvature; torsion will be defi ned in Section 8.4. 

From calculus, the curvature of a 3D curve can be calculated as
1

2 2 2 22 2 2

2 2 2
.

d x d y d z
s

ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.20)

Eq. 8.20 gives curvature in any consistent system of units (e.g., 1/ft, 1/m). 
In everyday directional-drilling terminology, the term DLS, expressed in degrees per unit length, is often used 

rather than curvature. If the DLS is expressed in degrees/100 ft, then 

18,000 ( )
DLS .

s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.21)

In other words, Eq. 8.21 gives wellbore DLS in degrees/100 ft if the curvature is expressed as 1/ft. Sometimes 
the DLS is called the dogleg rate. 

The radius of curvature R is defi ned as the inverse of curvature: R(s) = κ(s)–1. By substituting Eqs. 8.10, 8.11, 
and 8.12 into Eq. 8.20 and performing some rearrangements, it is possible to obtain the wellbore curvature in 
terms of build rate, turn rate, and hole inclination angle, as follows:

2 2 2( ) sin ( ).s B T s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.22)

Sometimes the build rate B is called a vertical build rate (vertical curvature) and denoted as B
v
, and the product 

(Tsinφ) is called a lateral curvature and denoted as B
L
. The curvature expressed by Eq. 8.22 is called the total 

curvature. 

Because sin ( )
d dl

T H s
dl ds

, it is also possible to write the curvature equation in terms of build 

rate and horizontal turn rate:

2 2 4( ) sin ( ).s B H s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.23)

A good understanding of the concept of curvature is of critical importance for solving many directional-drilling 
problems, and the reader is strongly encouraged to take a close look at Eqs. 8.22 and 8.23. It should be remem-
bered that curvature is a vector quantity and that Eqs. 8.22 and 8.23 represent only the magnitude of this vector. 
More information on curvature is provided in Section 8.4 on the use of vectors for well-trajectory calculations 
based on information obtained from directional surveys. 

Wellbore curvature provides information about the rate of overall change in angle due to simultaneous changes in 
hole inclination and azimuth along the well path. The overall angle change (dogleg) between two points on a well 
path is defi ned as the angle between the tangent lines at the two points under consideration. The curvature is the rate 
of change of the overall angle along the trajectory, and therefore the overall angle change β between two neighboring 
points on the trajectory located Δs apart can be obtained by integrating the curvature along the trajectory as follows:

.
s

o

s ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.24)

The overall angle change is frequently called a dogleg. For example, if the turn rate is nil (no change in azimuth 
along the well path), the dogleg (DL) will be:

2

1
2 10

.
s

DL B ds d    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.25)

Clearly, if the well path is in the vertical plane, the DL is simply equal to the difference between the inclination 
angles at the two adjacent points.

Lubinski et al. (1953) was the fi rst to derive an equation for DL of the form 
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2 22 1 2 1
1 22arcsin sin sin sin sin .

2 2
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.26)

Analysis of Eq. 8.26 shows that for ϑ1 = ϑ2, Eq. 8.26 reduces to Eq. 8.25. Some other useful formulas for DL 
calculations will be discussed later on.

8.1.6 Directional-Well Profi les. Typically, the design of a directional-well profi le consists of two phases. First, a well 
path is constructed to connect the target with the surface location, and then adjustments are made to account for factors 
that will eventually infl uence the fi nal trajectory. In other words, the location of the target and of the drilling rig must 
be decided before the trajectory shape is designed. The location of the target is the fi rst and most important step. In 
principle, the well should be placed in the reservoir to optimize production if the purpose of drilling is to recover oil 
and gas. The optimal wellbore trajectory (traverse) should result in minimum drilling and completion cost or time. 
Some oil and gas wells are designed to be confi ned to a vertical plane and are referred to as 2D wells. Such wells are 
frequently recommended whenever they are possible and economically justifi ed. The well path shape should be con-
sidered simultaneously with casing (casing sizes and setting depths, cementing), completion program (perforating, 
fracturing, gravel packs), wellbore stability, cuttings transport, and any anticipated hole problems. Frequently, to 
optimize the well path, the geoscientists and engineers must work together from the outset of the project. 

After the base well trajectory has been calculated, the designer needs to make corrections to compensate for 
anticipated effects related to drillpipe rotation (bit walk), formation hardness and dip angle, type of drill bit, and 
other factors. For example, drillpipe rotation typically results in right-hand bit walk, and therefore a left lead angle 
is used to compensate for this tendency, as schematically shown earlier in Fig. 8.3a. The optimum lead angle re-
sults in the closest approach to the base trajectory. The required information on the directional tendencies of 
various drilling systems can be obtained by analyzing drilling data from similar wells drilled under similar geo-
logical conditions. Lack of such data can lead to considerable discrepancies between calculated well trajectories 
and those actually observed while drilling the well. This situation places the designer of an exploratory well in a 
diffi cult situation. In such cases, as well as during more typical drilling jobs, it is essential to have a contingency 
plan. Under more complex geological conditions, drilling a pilot hole should be considered to obtain at least some 
preliminary information about geological conditions, including types of rock, formation dip and strike angles, and 
possible hole problems. There are three basic 2D directional well trajectories, as shown in Fig. 8.6. 

Type 1 consists of a vertical part, a build section, and a tangent that is also called a hold part or slant section. 
This well profi le is also called a slant well. Type 2, also called an S-shaped pattern, consists of fi ve segments: 
vertical, buildup, tangent, drop-off, and another vertical at the bottom. A modifi ed S-shaped trajectory has 
a tangent segment (not vertical) at the bottom of the drop-off part. The S-shaped pattern penetrates the target 
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Fig. 8.6—Three major types of 2D wellbore trajectories.
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vertically, and the modifi ed S-shaped pattern penetrates the formation at some desired inclination angle. Type 3 
is called a continuous-build trajectory and consists of a vertical part and a buildup section. Horizontal wells and 
ERWs are additional types.

The Ideal Slant-Type Well Profi le (Type 1). The ideal slant-type well trajectory is confi ned to a vertical plane, 
resulting in a 2D well profi le. Consider the slant well shown in Fig. 8.7, using the following notations: KOP depth; 
the vertical depth of target (VDT); the horizontal departure of target (HDT); and β [inclination angle of slant part 
(tangential part)]. For the slant-type well, the tangent angle is equal to the DL of the curved section.

Examination of Fig. 8.7 reveals the following geometric relationships:

(a) VDT – KOP = ab+ bd,
(b) HDT = de +ef.

The segments ab, bc, and bd can be calculated as 

(c) ab sin ,R

(d) bc (1 cos ),R

(e) 
ef

bd ce .
tan

Substituting Lines (c), (d), and (e) as calculated above for Lines (a) and (b) gives

(f) VDT KOP sin ,
tan

ef
R

(g) 1 cos .HDT R ef     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (g)

Solving the equation for Line (g) for ef and substituting the result into the equation for Line (f), after some rear-
rangements, gives 

(VDT KOP)sin (R HDT)cos R .    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.27)

Eq. 8.27 describes the desired relationship between the departure of the tangent, the VDT, the kickoff point 
(KOP) depth, the radius of curvature, and the inclination angle of the tangent section. The reader is encouraged to 
use a similar approach and derive the corresponding equation for a Type 2 directional well. 
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Fig. 8.7—Slant-type well profi le.
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If the target VDT, the KOP depth, the HDT, and the radius of the build section are given, then Eq. 8.27 can be 
solved for the DL angle β:

2 2

R R HDT
arcsin arctan .

VDT KOP(R HDT) (VDT KOP)
    . . . . . . . . . . . . . . . . . . . . . . . .   (8.28)

Once the DL angle has been calculated, it is possible to determine the length of the curved section and the build 
rate in degrees/100 ft. 

On the other hand, if the quantities HDT, VDT, KOP, and β are given, then Eq. 8.27 can be solved for the radius 
of curvature of the build section and subsequently for the required build rate. 

Example 8.2 Design the trajectory of a slant-type offshore well for the conditions stated below:

 • Elevation (above sea level) of the rotary table = 180 ft
 • Target depth (subsea) = –5,374 ft
 • Target south coordinate = 2,147 ft
 • Target east coordinate = 3,226 ft
 • Declination = 6° E
 • KOP depth = 1,510 ft
 • Buildup rate = 2°/100 ft

A vertical section of this well is shown in Fig. 8.8a and a horizontal view in Fig. 8.8b. Find the 
following:

 • Slant angle
 • Vertical depth at the beginning of the tangent part
 • Departure at the beginning of the tangent part
 • MD to the target

Solution.

(a) Target VDT = 180 + 5,374 = 5,554 ft

(b) HDT = 2 22,147 3,226 3,875 ft

(c) Target direction = 
3,226

arctan S56.35E
2,147

 (azimuth 180–56.35=123.65) 

(d) Target magnetic direction = 56.35°+6°= S62.35E

(e) Radius of curvature: 
180

2,865 ft
0.02

R

Slant angle:

2 2

2,865 2,865 3,875
(f) arcsin arctan 57.4

5,554 1,510(2,865 3,875) (5,554 1,510)

Further calculations will be performed using a slant angle = 57.4°. 
Vertical depth (VD) at the beginning of the tangent part:

(g) 
2VD 1,510 2,865 sin 57.4 3,925 ft

Departure at the beginning of the tangent part:

(h) 2HD 2,865 1 cos57.4 1,321 ft

MD at the beginning of the tangent part:

(i) 2

57.4
1,510 4,380 ft

0.02
s
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Fig. 8.8a—Offshore slant-well profi le.

Fig. 8.8b—Horizontal view.
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MD at the target:

(j) starget

Horizontal Well Profi les. In practical applications, horizontal wells are high-angle wells with inclination an-
gles of approximately 80 to 100°. In an ideal horizontal well, as the name indicates, the inclination angle is equal 
to 90°. Wells with inclination angles greater than 90° are sometimes drilled to recover oil and gas located in the 
upper part of a formation as well as to enhance production rates (gravity helps to counteract the frictional pressure 
losses). Most horizontal wells are drilled in a reservoir partly to maximize wellbore contact with the formation in 
anticipation of higher-production wells. Horizontal wells are also drilled for enhanced oil recovery purposes (wa-
terfl ooding) and for water and gas control. Fig. 8.9 shows a schematic diagram of a horizontal well that consists 
of a vertical segment, a fi rst buildup  segment, a tangent part, and a second buildup segment, followed by a hori-
zontal section. Here, the departure is defi ned as the displacement from vertical until the well reaches the begin-
ning of the horizontal section. Horizontal displacement is the sum of the length of the horizontal section and the 
departure. Some horizontal wells consist of one build section connecting the vertical part with a horizontal sec-
tion. 

Typically, horizontal wells are classifi ed by their radius of curvature as:

 • Long-radius, with a radius of approximately 1,000–3,000 ft
 • Medium-radius, with a radius of 200–1,000 ft
 • Short-radius, with a radius of 30–200 ft

There are also ultrashort-radius systems that use high-pressure jetting techniques to turn the well from a vertical 
to a horizontal orientation. 

The distinction between the three horizontal well categories is arbitrary, and in engineering practice, the build 
rates overlap. Some wells can be a combination of long and medium build rates or of medium and short. For 
example, a 3°/100 ft build rate may be used in the upper section of a well, followed by a tangent section, with a 
10°/100 ft buildup rate below the tangent section to reach a horizontal section. 

The build curve can be classifi ed as ideal, simple-tangent, or complex-tangent. The ideal build curve connects 
the KOP with the beginning of the horizontal section using one or two circular arcs. One circular arc located in a 
vertical plane is possible if TVD – KOP = HD. Then the radius of the circular arc is simply equal to TVD – KOP. 

First build 
section [e.g.,
4°/30 m (100 ft)] 

Final build rate 
[e.g., 4–6° /30 m (100 ft)] 

Departure Lateral Section

Tangent section 

TV
D

 

Fig. 8.9—Horizontal well profi le consisting of two build sections. 
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The simple-tangent build curve consists of an upper circular arc, a tangent section, and a lower circular arc. The 
designer must decide on the buildup rates, the angle of the tangent section, and the length of the tangent section. 
The length of the tangent part should not be less than approximately 120–150 ft so that adjustments can be made 
if the performance of downhole tools (e.g., mud motors with bent housing) differs from that assumed by the de-
signer.

Example 8.3 Design a simple-tangent horizontal-well profi le, given the following:

 • KOP = 8,206 ft
 • VDT = 9,000 ft
 • Tangent length = 120 ft
 • Tangent angle = 50°
 • Target angle = 90° at VDT
 • Expected build rate = 8°/100 ft

Solution. The same build rate will be used for the fi rst and second build segments:

Build radius:

(a) 
5,729 5,729

716 ft
8

R
B

Height of fi rst build (Eq. 8.17c):

(b) 1 2 1sin sin 716 sin 50 sin 0 549 ftz R

Height of tangent:

(c) tan tan tancos 120 cos50 77ftz s

Height of second build:

(d) 2 716 sin 90 sin 50 168 ftz

HD of fi rst build:

(e) 1 1 2HD cos cos 716 cos 0 cos50 256 ftR

HD of tangent:

(f) tan tan tanHD sin 120 sin 50 92fts

HD of second build:

(g) ft2HD 716 cos50 cos90 460

Length of fi rst build:

(h) 2 1
1

100 100 50 0
625ft

B 8
s

Length of second build:

(i) 2

100 90 50
500 ft

8
s

MDs:
At end of fi rst build: 8,206 + 625 = 8,831 ft
At end of tangent: 8,831 + 120 = 8,951 ft
At end of second build: 8,951 + 500 = 9,451 ft

A complex-tangent build curve uses the fi rst build interval in a manner similar to the simple-tangent method. How-
ever, the second build curve is designed with a lower build rate and also involves turning the curve to the left or right to 
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reach the desired target. Eventually, a 3D curve is drilled to connect the tangent part with the horizontal segment. This 
task is accomplished by proper orientation of the tool-face defl ection angle, as discussed later in Section 8.3. The well 
path can be designed to have the entire turn in one direction (right or left) or to turn in one direction for some distance 
and then in the opposite direction to complete the curve. Of course, turning the well path involves a change in azimuth, 
which may change the direction (azimuth) of the end of curve. Three-dimensional wellbore segments are discussed 
later in this book.

In general, the major factors affecting a horizontal-well profi le are as follows:

 • Anticipated reservoir production performance, existence of fractures and their orientation, depth of gas-oil 
and water-oil contact (WOC)

 • Completion type (open-hole, slotted liner, etc.) and anticipated workover requirements
 • Casing and cementing program.
 • Drilling fl uids and wellbore stability
 • Drillstring design (torque and drag)
 • Anticipated hole problems (cuttings transport, washouts, others)

8.1.7 Three-Dimensional Well Profi les. In engineering practice, any well trajectory that is not located in a verti-
cal plane is considered to be a 3D well. Under favorable drilling conditions, trajectories can be restricted to a 
vertical plane; however, in many instances the well path must move in 3D space to meet the well objectives. A 3D 
well trajectory is designed for a variety of geological and engineering reasons—for example, to avoid some diffi -
cult-to-drill subsurface formations (e.g., drilling around salt domes) or to avoid faults. The well path must nearly 
always be in 3D if the well needs to intersect multiple targets, as is frequently required in horizontal drilling and 
geosteering applications. Most wells drilled offshore are three-dimensional to avoid intersecting with other wells. 
An example of the situation that often exists is the 3D view of a multiwell offshore platform as shown schemati-
cally in Fig. 8.10. Three-dimensional wells are also drilled onshore for environmental reasons (to minimize the 
footprint of drilling rigs) or when drilling under buildings and other constructions. A group of wells is called a 
cluster. Frequently, drilling a cluster of wells is not only environmentally friendly, but also more economical be-
cause of its higher effi ciency and reduced footprint. New generations of onshore drilling rigs that can slide on rails 
make it easier to implement a multiwell (15–20 wells or more)  directional-drilling program. 

Another example is the so-called designer wells, as shown in Fig. 8.11. Such wells originally were drilled in 
the geologically complex Gullfaks fi eld in the Norwegian sector of the North Sea. The fi eld has a very complex 
oil reservoir, with many normal and reverse faults. Typically, a designer-type well path involves a strong change 
in the hole azimuth combined with some change in hole inclination angle. To be classifi ed as a “designer well,” 

Platform A 
Platform B 

Platform C 

Fig. 8.10—Group of wells drilled for offshore applications.
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Fig. 8.11—Examples of designer wells in Gullfaks fi eld (Eck-Olsen et al. 1995). 

a well must turn in a horizontal plane through not less than 30°, consist of both right turns (positive turn rates) 
and left turns (negative turn rates), and not have the turns restricted by inclination. The need to optimize produc-
tion or injection effi ciency or to place a horizontal well underneath a platform frequently results in a designer 
well profi le. 

In general, the design task is to construct a smooth 3D path that connects a surface or subsurface location to a 
known target or targets. In addition to 3D geometric requirements, the designer must also consider other factors 
related to the drilling process, such as drillstring mechanical integrity, wellbore stability, cuttings transport, run-
ning of casing, cementing and perforating operations, and other factors. For the purpose of well-path optimiza-
tion, minimum drilling cost or minimum drilling time is usually used as the optimization criterion. The design 
process frequently requires a few iterations before the desired solution is found. Drilling data from offset wells 
(e.g., types of formations, drilling fl uids, drilling problems, performance of drill bits, BHAs, downhole motors, 
and expected drilling rates) are very valuable for the designers. If the well is to produce both oil and gas, certain 
production aspects, such as two-phase fl ow hydraulics, a possible artifi cial-lift system, and formation-stimulation 
requirements must be considered. This paper will focus on only the 3D geometric considerations and a discussion 
of fi ve methods that are available from SPE literature. The fi ve methods considered are average-angle method 
(AAM), radius-of-curvature (RCM), constant build and turn rate (CBTM), constant curvature and build rate 
(CCBM) (constant tool face), and minimum-curvature (MCM).

AAM. Several methods can be used to design a 3D well path. One of the fi rst developed is the so-called AAM. In this 
approach, the well is modeled as a series of straight segments in a vertical and a horizontal plane, as shown earlier in 
Figs. 8.3a and 8.3b. It is assumed that the inclination and azimuth angles are constant and equal to the average value for 
two subsequent points on the trajectory. With this assumption, Eqs. 8.13, 8.14, and 8.15 can be rewritten as

2 1 sin cos ,x x s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.29a)
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2 1 sin sin ,y y s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.29b)

2 1 cos ,z z s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.29c)

where the average values of the hole inclination and azimuth angles (  and  ) are defi ned as

2 1 2 1and .
2 2

In other words, for a given increment in MD Δs between two subsequent points with inclination and azimuth 
angles �f

i–1
,
 
J

i–1
 and f

i 
,
 
J

i 
the arithmetic average values and the coordinates x

i
, y

i
, and z

i
 can be calculated if the 

coordinates x
i–1

, y
i–1

, and z
i–1

 are known. 

Example 8.4 Calculate the rectangular coordinates of a well for the depth range from 8,000 to 8,400 ft. The 
KOP is at 8,000 ft, and the build rate is 1°/100 ft, using a lead of 10° and a right-hand walk rate of 1°/100 ft (the 
turn rate in a horizontal plane). The direction of the target is N30E. Assume that the fi rst 200 ft is to set the lead, 
where the direction is held constant to 8,200 ft and then turns right at a rate of 1°/100 ft.

Solution. The origin of the coordinate system is fi xed at the top of the hole (x
0
 = 0, y

0
 = 0, z

0
 = 0), and the fi rst 

segment is vertical; hence, the inclination angle φ
1
= 0˚ and the azimuth is undetermined. The coordinates of the 

KOP are x
1
 =0 ft, y

1
 = 0 ft, and z

1
 = 8,000 ft. For the point located at Δs = 100 ft from the KOP, the following can 

be calculated:

(a) 2

1 0
100 sin cos20 0.82 ft

2
x

(b) 2

1 0
100 sin sin 20 0.30 ft

2
y

(c) 2
1 08,000 100 cos 8,099.99 ft

2
z

From 8,100 ft to 8,200 ft, the inclination angle increases to 2°, and the azimuth is N20E:

(d) 3

1 2 20 20
0.82 100 sin cos 3.28 ft

2 2
x

(e) 3

1 2 20 20
0.30 100 sin sin 1.20 ft

2 2
y

(f) 3

1 2
8,099.99 100 cos 8,199.96 ft

2
z

From 8,200 ft to 8,300 ft, the inclination angle increases to 3°, and the azimuth changes to N21E. The following 
values can then be calculated:

(g) 
4

2 3 20 21
3.28 100 sin cos 7.37 ft

2 2
x

(h) 4

2 3 20 21
1.20 100 sin sin 2.73 ft

2 2
y

(i) 4

2 3
8,199.96 100 cos 8,299.86 ft

2
z

From 8,300 ft to 8,400 ft, the inclination and azimuth angles increase to 4° and 22°, resulting in

(j) 5

3 4 21 22
7.37 100 sin cos 13.05 ft

2 2
x
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(k) 
5

3 4 21 22
2.73 100 sin sin 4.97 ft

2 2
y

(l) 5

3 4
8,299.86 100 cos 8,399.67 ft

2
z

The total HD is

(m) 
2 2 2 2HD 13.05 4.97 13.96 fti ix y

(n) Departure angle

  

4.97arctan arctan 20.8
13.05

iy

x

The Radius-of-Curvature Method (RCM). The RCM was originally proposed by Wilson (1968) to re-
place earlier methods that used a series of straightline segments to represent the wellbore between survey 
stations. In this method, it is assumed that the build rate B and the horizontal turn rate H are constant over 
the trajectory. Typically, a few build and horizontal turn rates must be tried by the designer before finding a 
well path that will meet the desired objectives. Fig. 8.12 shows a segment of wellbore between two points 
on the 3D trajectory. The MD between Points 1 and 2 is Δs. 

It should be pointed out that, even if the build and turn rates are constant, the wellbore curvature is not 
constant between the two points on the well path because the hole inclination angle varies between Points 1 
and 2. The assumptions of a constant build rate B and a constant horizontal turn rate H imply that the projec-
tions on the vertical plane (the segment between Points 1 and 4) and the horizontal plane (the segment bet-
ween Points 1 and 3) have constant curvature. The radius of curvature in the vertical plane (R

v
) is the 

reciprocal of the build rate, while the radius of curvature in the horizontal plane (R
h
) is the reciprocal of the 

horizontal turn rate H. 
Using the assumption that both build rate and turn rate are constant (B = constant and H = constant), by integra-

tion of Eqs. 8.13, 8.14, and 8.15, the following equations are obtained for calculating the desired rectangular tra-
jectory coordinates:

R
h

R
v

W
S

Δy

Δx

Δz

Δs

1

4

3

2

ϕ1 , 
∂

1

ϕ2 , 2
∂

Fig. 8.12—Schematic diagram of a wellbore segment for the radius-of-curvature method.
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2

1

2 1sin sin1
cosx d

H H
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.30a)

2

1

1 2cos cos1
sin ,y d

H H
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.30b)

2

1

2 1sin sin1
cos .z d

B B
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.30c)

It should be remembered that the above equations are valid in a consistent system of units. The 
application of this method and some specifi c cases are given below. 

Example 8.5 At a certain point P
1
 on a well path, the inclination angle and azimuth are φ

1
 = 10.8° and ϑ1 = 

36.5°. Assuming an increment in the MD Δs = 200 ft (the distance between Points 1 and 2), at Point 2 it is 
necessary to calculate the

 • Hole inclination angle φ
2
 and azimuth ϑ2

 • Increments in x, y, z coordinates, Δx, Δy, and Δz
 • Wellbore curvature (i.e., DLS)
 • DL

To perform the calculations, assume a build rate B = 5.14°/100 ft and a horizontal turn rate H = 17°/100 ft.
Solution. Integrating Eq. 8.1 gives:

(a) 
2

1
2 10

s
B ds d B s

Hence,

(b) 2

5.14
10.8 200 ft 21.08 .

100 ft

Using Eqs. 8.2 and 8.6,

(c) 2 2

1 1

H
sin ,d d

B

and upon integration,

(d) 2 1 1 2(cos cos ).
H

B

The second term in the equation for Line (d) needs to be expressed in degrees if A
1
 is in degrees. Hence, 

(e) 2

17 180
36.5 (cos10.8 cos21.08 ) 45.8 .

5.14

Now it is possible to calculate the increments of the coordinates using Eqs. 8.30a, 8.30b, and 8.30c as Δx = 
41.14 ft, Δy = 35.95 ft, and Δz = 192.03 ft

The wellbore curvature (i.e., DLS) can be calculated using Eq. 8.23: 

(f) 
2 2 4DLS 5.14 17.0 sin (s) degrees /100 ft.

Clearly, the wellbore curvature is not constant between the two points, but changes with the inclination angle. 
Using the average inclination angle 1

2 1 2( ) to determine the “average DLS,”

(g) ft .2 2 4DLS 5.14 17.0 sin 15.94 5.3 deg /100
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This calculation may not be suffi ciently accurate because DLS is a nonlinear function of hole inclination angle. 
If a more accurate calculation were required, it would be necessary to integrate the DLS as a function of MD and 
to divide the result by the length between the points on the well path (e.g., in the present case, 200 ft). 

Using Eq. 8.26:

(h) DL rees2 22arcsin sin 5.14 sin 10.8 sin 21.08 sin 4.65 10.56 deg .

Example 8.6 Consider Example 8.5, but with the assumption that the designer wants to keep the well path in a 
vertical plane; in other words, the horizontal turn rate H = 0.

Solution. Because H = 0, ϑ1 = ϑ2 = 36.5°, and φ2 = 21.08° (build rate = 5.14°/100 ft). Now Eqs. 8.17a, 8.17b, 
and 8.17c can be used to calculate the coordinates. 

By substituting actual numbers into the above-mentioned equations,

ft ft ft .44.1 ,   32.6 ,  192.03x y z

The reader is invited to verify the above calculations. 

Clearly, four basic cases can be distinguished here (Case 1: B and H are constant along the trajectory; Case 2: H 
= 0 and B = constant; Case 3: B = 0 and H = constant; and Case 4: both B = 0 and H = 0), resulting in four differ-
ent types of well-trajectory segments. In practical designs, any combination of these can be used to connect the 
initial point smoothly with the target. A smooth trajectory is achieved if at the connection points (common points), 
the ends of the two segments have the same inclination and direction angles. 

Rivero (1971) used the radius-of-curvature equations to calculate the net thickness of a pay zone of known dip 
and strike angles. McMillian (1981) provided several examples of use of the RCM to  design the well paths of slant 
and S-shaped wells as well as for 3D well confi gurations. He proposed a method by which a 3D problem can be 
transformed into 2D space. Once the 2D well path is determined in 2D space, it can be transferred back into 3D 
space. 

After the base well trajectory is calculated, the designer needs to make corrections to compensate for antici-
pated effects related to drillpipe rotation (bit walk), formation hardness and dip angle, type of drill bit, and other 
factors. For example, as mentioned earlier, drillpipe rotation typically results in right-hand bit walk, and therefore 
a left lead angle is used to compensate for this tendency. The optimum lead angle results in the closest approach 
to the base trajectory. The required information on the directional tendencies of various drilling systems can be 
obtained by analyzing drilling data from similar wells drilled under similar geological conditions. Lack of such 
data can lead to considerable discrepancies between calculated well trajectories and those actually achieved while 
drilling the well. This situation places the designer of an exploratory well in a diffi cult situation. In such cases, as 
well as during more typical drilling jobs, it is essential to have a contingency plan. Under complex geological 
conditions, drilling a pilot hole should be considered to obtain at least some preliminary information about geo-
logical conditions, including types of rock, formation dip and strike angles, and possible hole problems.

Minimum-Curvature/Circular-Arc Method (MCM). An analytical formulation of the minimum-curvature 
method was originally proposed by Taylor and Mason (1972) and by Zaremba (1973) as a way to improve direc-
tional-survey analysis. Zaremba used the term circular-arc method and carried out the development using the 
method of vectors, which will be discussed in the next section of this chapter. More recently, Sawaryn and Tho-
rogood (2003) published a compendium of algorithms useful for directional-well planning and defl ection-tool 
orientation. Currently this method is widely used by the petroleum industry for both well-trajectory planning and 
directional-survey evaluation. 

In this method, two successive points on the trajectory are assumed to lie on a circular arc located in a plane, as 
shown schematically in Fig. 8.13. In other words, Points 1, 2, and O in Fig. 8.13 lie on the same plane, and the cur-
vature of the segment between Points 1 and 2 is constant. The MD between Points 1 and 2 is Δs, and the radius of 
the circular arc connecting the two points is R. The angle β is called the DL. 

The reader is encouraged to analyze Fig. 8.13 carefully and to prove that the equations for calculating changes 
in the rectangular coordinates on the trajectory are as given below, with the ratio factor quantity is represented by 
RF: 

1 1 2 2sin cos sin cos RFx     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.31a) 

1 1 2 2sin sin sin sin RFy     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.31b) 
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1 2cos cos RFz     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.31c)

where

RF tan .
2

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.32) 

Because the well path lies in a plane, this method is also sometimes called the turn-in-plane method. 

Example 8.7 Given the following data, fi nd the x-, y-, and z-coordinates at Point 2.

Point MD, ft Inclination 
Angle, degrees

Azimuth Angle, 
degrees

Coordinates

x y z

Point 1 1,050 3.15 350 102 99 1,044

Point 2 1,627 32.11 76 ? ? ?

Solution. Using Eq. 8.26, the DL β can be determined as

(a) arc 2 232.11 3.15 76 350
2 sin sin sin 3.15 sin 32.11 sin 32.03 .

2 2

Δs

A2

S

N,x

E,y
W

Δy

Δz

Δx

R

R

β

1

β

2

Q

01/2 β

ϕ2

2

ϕ1

1
∂

∂

Fig. 8.13—Schematic diagram of a wellbore segment for the minimum-curvature method. 
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From Eq. 8.32, the RF is:

(b) RF
577 180 32.03

tan 296.1 ft.
32.03 2

Hence, using Eqs. 8.31a, 8.31b, and 8.31c,

(c) 2

2

2

102 sin3.15 cos 350 sin 32.11 cos 76 296.1 156 ft,

99 sin3.15 cos 350 sin 32.11 sin 76 296.1 248 ft,

1,044 cos3.15 cos  32.11 296.1 1,590 ft.

x

y

z

More-detailed derivations and examples are given later in this section when the use of vectors for directional-
drilling calculations is discussed. 

Constant Build and Turn Rate Method (CBTM). In this method, proposed by Planeix and Fox (1979), it 
is assumed that the build rate B and turn rate T are constant along the well trajectory. With this assumption, 
by integrating Eqs. 8.13 and 8.14, the trajectory coordinates can be obtained as:

2 2 1 2 2 1 12 2

1 sin sin sin sin cos cos cos cosx T B
T B

    . . . . . . . . . . . . . . . .    (8.33)

and 

2 2 1 1 2 2 1 12 2

1 sin cos sin cos cos sin cos sin .y B T
T B

    . . . . . . . . . . . . . . . .    (8.34)

The equation for calculating the change in a vertical coordinate, Δz, remains the same as for the RCM (Eq. 
8.30c) and for this reason is not repeated here. It should be remembered that Eqs. 8.33 and 8.34 are valid only for 
points on the build and turn curves. As for the RCM, one can consider several special cases such as T = 0 and B = 
constant, B = 0 and T = constant or perhaps B = 0 and T = 0.

Because the turn rate and the horizontal turn rate are functionally related (T = H sin φ) , the solutions for Δx, 
Δy, Δz  are all the same as in the RCM. Here a special case of a wellbore trajectory composed of a segment of a 
circular helix will be discussed. Because a circular helix has constant curvature and constant inclination angle, the 
build rate is nil (B = 0) and the turn rate T is constant. 

Example 8.8 Given hole inclination and azimuth angles at two points 100 ft apart on a trajectory composed of 
a part of a circular helix,

φ
1
 = φ

2
 = 46.31˚,

ϑ1 = 65.5˚ and ϑ2 = 73.78˚,

calculate the:

 • DLS and DL
 • Pitch and radius of the helix

Solution. To calculate the DLS (curvature), use Eq. 8.22. Because φ = constant and B = 0,

(a) sin
d

DLS
ds

.

For a circular helix, the curvature is constant, so integrating the above equation yields

(b) 3DLS sin (1.045 10 radians / ft 5.99 /100 ft.
s

Hence, the turn rate T = 8.28°/100 ft (0.001445 radians/ft), and the DL is 5.99°.
From calculus, it is known that the x, y, z coordinates of a circular helix with radius r and pitch p are given by 

the following equations: 

(c) ( ) cos ,x s r T s

1
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(d) ( ) sin ,y s r T s

(e) ( ) .
2

p
z s Ts

Taking derivatives with respect to s, 

(f) 
x sin ,d

rT Ts
ds

(g) 
y cos ,d

rT Ts
ds

(h) .
2

dz p
T

ds

It is also known (from Eqs. 8.7 and 8.9) that z cos
s

d
d

 and y
sin cos

s
d
d

. From the above equations, 

it is possible to obtain the radius of the helix,

(i) 
sin sin(46.31) 500ft,

0.001446
r

T

and the pitch of the helix,

(j) 
2 cos 2 cos(46.31)

3,000 ft .
0.0011446

p
T

For practical 3D well-path calculations, the designer can assume the radius, the pitch of the helix, and the required 
hole-inclination angle and calculate the turn rate, the hole azimuth, and the corresponding coordinates x, y, and z 
along the well path. 

Constant Curvature and Build Rate Method (CCBM). The constant-curvature method was proposed by Guo 
et al. (1992) to produce a well path that can be drilled with a constant tool face (as explained in Section 8.3) and 
to provide more fl exibility in 3D well-path trajectory designs. In this method, it is assumed that the wellbore cur-
vature (κ, DLS) and build rate B are constant with the MD s. This method is also known as the constant tool-face 
method and was proposed by Schuh (1992). 

Again, to calculate the coordinates, Eqs. 8.13, 8.14, and 8.15 are needed. To perform the required integrations, 
the inclination and azimuth angles must be determined along the trajectory. 

Using Eqs. 8.1 and 8.3,

1 1( ) ( )s B s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.35)

and

2

1
1( ) ( ) .

s

s
s T s ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.36)

The turn rate in Eq. 8.36 can be expressed in terms of DLS and build rate as

2 2DLS B
( ) .

sin ( )
T s

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.37)

With the assumption that the DLS and build rate are constant, integration of Eq. 8.36 yields 

2 2 1
2

1 1
2 1

DLS B tan{ ( )}
( ) ln .

tan( )

s
s

B
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.38)

It is clear that because of the nonlinear form of Eq. 8.38, the integrals of the trajectory equations (Eqs. 8.13 and 
8.14) need to be evaluated numerically. Closed-form solutions can be obtained for a case where the well path is 
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part of a circular helix. For a circular helix, the build rate is nil, resulting in a constant hole-inclination angle and 
constant turn rate, as discussed earlier. 

Much simpler solutions are possible if the average values of turn rates are used piecewise for calculations. The 
average values are given by the following equations:

2

1

2 2 2 2

1 22

DLS DLS cot cot ,
sin

B d B
H

B s B s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.39)

2

1

2 2 2 2 1
2 2

1
2 1

tanDLS DLS ln .
sin tan

B d B
T

B s B s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.40)

Once the average values have been determined, the RCM or constant build-and-turn method can be used to 
calculate the desired rectangular coordinates x, y, and z along the well trajectory.

Example 8.9 In Guo et al. (1992), a practical example is provided for the case of a trajectory that must avoid an 
underground obstruction at least 90 ft from a vertical passing through the initial and fi nal points of the trajectory. 
The initial point is located at x = 100 ft, y = 100 ft, and z = 1,000 ft. The endpoint (target point) of the section is 
at x = 205 ft, y = 445 ft, and z = 1,890 ft. The course length is limited to 1,000 ft. 

Solution. The solution requires an iterative approach, and the results are given in Table 8.1  (radius of cur-
vature), Table 8.2 (constant turn rate), and Table 8.3 (constant curvature). The  horizontal projection and in-
clination angle vs. MD plots of the three trajectories are shown in Figs. 8.14 and 8.15. 

Another method to obtain a smooth 3D curved well path connecting the initial position (e.g., the KOP) with a 
target involves the use of splines and polynomials. Scholes (1983) was the fi rst to use cubic functions (cubic 
splines) with four independent parameters to determine the desired rectangular coordinates of the trajectory. Each 
section of the well path can be described by the following parametric equations:

3 2( ) ,x x x xx t A s B s C s D     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.41a)

3 2( ) ,y y y yy t A s B s C s D     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.41b)

3 2( ) .z z z zz t A s B s C s D     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.41c)

The task of the designer is to determine the 12 coeffi cients (A, B, C, and D for x, y, and z) that exist in the above 
equations, based on given conditions at the initial and fi nal points of the trajectory. More recently, Mitchell (2008) 
proposed the use of tension and compression splines, and the interested reader is referred to more specifi c treat-
ments of this subject (Sampaio 2007). 

8.1.8 Review Questions and Problems.

1. List major applications of directional wells.
2. Defi ne hole inclination and azimuth angles.
3. Defi ne HD and closure.
4. Defi ne build and turn rates.
5.  Consider two points on a curved part of a trajectory located in a vertical plane with the azimuth ϑ = 220°. 

The hole inclination angle at Point 1 and Point 2 are φ
1
 = 38° and φ

2
 = 46°. The build rate is B = 5.5°/100 

ft. The rectangular coordinates of Point 1 are x
1
 = 1,650 ft, y

1
 = 2,858 ft, and z

1
 = 4,250 ft. 

Calculate:
(a) x, y, z coordinates at Point 2
(b) Radius of curvature R
(c) HD between Point 1 and Point 2
(d) The length of the segment (differences in MD at Point 2 and Point 1) Δs 

6.  The build rate B = 8.5°/100 ft and turn rate T = 3.5°/100 ft. Calculate the average wellbore curvature be-
tween two parts on the trajectory with inclination angles φ

1
 = 17° and φ

2
 = 53°. Also plot instantaneous 

curvature vs. hole-inclination angle φ and MD s.
7.  Consider two points on a 3D well trajectory with hole inclination and azimuth angles φ

1
, ϑ1 and φ

2
, ϑ2. 

Derive Eq. 8.26 for calculating DL.
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TABLE 8.1—WELL-PATH SECTION DESIGNED USING THE RCM [After Guo et al. (1998)]

B=4.13 °/100 ft; H=20.80°/100 ft     

S (ft) 
I 

(degrees)
A 

(degrees) L (ft) x,N  (ft) y,E (ft) Z (ft) 
DLS 

(degrees/100 ft) T (degrees/100 ft)

1,050.0  3.6 31.9 141.0 100.0 100.0 1,000.0 4.13 1.3 
1,100.0  5.7 32.7 145.0 103.0 102.0 1,050.0 4.13 2.1 
1,150.0  7.7 33.9 151.0 108.0 105.0 1,099.0 4.14 2.8 
1,200.0  9.8 35.5 158.0 115.0 110.0 1,149.0 4.17 3.5 
1,250.0  11.8 37.5 168.0 122.0 115.0 1,198.0 4.22 4.3 
1,300.0  13.9 39.8 179.0 131.0 122.0 1,247.0 4.30 5.0 
1,350.0  16.0 42.5 192.0 140.0 131.0 1,295.0 4.42 5.7 
1,400.0  18.0 45.5 207.0 151.0 141.0 1,343.0 4.58 6.4 
1,450.0  20.1 48.9 223.0 162.0 153.0 1,390.0 4.80 7.1 
1,500.0  22.2 52.7 241.0 173.0 167.0 1,437.0 5.08 7.8 
1,550.0  24.2 56.8 261.0 185.0 183.0 1,483.0 5.41 8.5 
1,600.0  26.3 61.2 282.0 196.0 201.0 1,528.0 5.80 9.2 
1,650.0  28.3 66.0 305.0 206.0 222.0 1,572.0 6.25 9.9 
1,700.0  30.4 71.1 329.0 215.0 245.0 1,616.0 6.74 10.5 
1,750.0  32.5 76.5 355.0 222.0 270.0 1,659.0 7.28 11.2 
1,800.0  34.5 82.2 383.0 227.0 297.0 1,700.0 7.86 11.8 
1,850.0  36.6 88.3 412.0 230.0 326.0 1,741.0 8.47 12.4 
1,900.0  38.7 94.6 443.0 229.0 356.0 1,781.0 9.11 13.0 
1,950.0  40.7 101.3 475.0 225.0 388.0 1,819.0 9.77 13.6 
2,000.0  42.8 108.2 508.0 216.0 420.0 1,856.0 10.45 14.1 
2,050.0  44.8 115.4 542.0 203.0 452.0 1,892.0 11.14 14.7 

TABLE 8.2—WELL-PATH SECTION DESIGNED USING THE CONSTANT-TURN-RATE METHOD

1 ,050.0 4.0 2.9 141.0 100.0 100.0 1,000.0 4.20 157.4  
1 ,100.0 6.1 8.4 145.0 104.0 100.0 1,050.0 4.29 104.1  
1 ,150.0 8.1 13.9 152.0 110.0 102.0 1,099.0 4.41 77.8 
1 ,200.0 10.2 19.4 160.0 118.0 104.0 1,149.0 4.56 62.2 
1 ,250.0 12.3 24.9 169.0 127.0 108.0 1,198.0 4.74 51.9 
1 ,300.0 14.3 30.4 181.0 137.0 113.0 1,246.0 4.95 44.5 
1 ,350.0 16.4 35.9 194.0 148.0 120.0 1,295.0 5.17 39.0 
1 ,400.0 18.5 41.5 209.0 160.0 130.0 1,342.0 5.40 34.8 
1 ,450.0 20.5 47.0 226.0 172.0 141.0 1,390.0 5.65 31.4 
1 ,500.0 22.6 52.5 244.0 184.0 155.0 1,436.0 5.91 28.7 
1 ,550.0 24.6 58.0 264.0 195.0 172.0 1,482.0 6.17 26.4 
1 ,600.0 26.7 63.5 286.0 206.0 191.0 1,527.0 6.45 24.5 
1 ,650.0 28.8 69.0 309.0 215.0 212.0 1,571.0 6.72 22.9 
1 ,700.0 30.8 74.5 334.0 223.0 236.0 1,615.0 6.99 21.5 
1 ,750.0 32.9 80.0 360.0 229.0 261.0 1,657.0 7.27 20.3 
1 ,800.0 35.0 85.5 388.0 232.0 289.0 1,698.0 7.54 19.2 
1 ,850.0 37.0 91.0 418.0 233.0 318.0 1,739.0 7.81 18.3 
1 ,900.0 39.1 96.6 448.0 231.0 349.0 1,778.0 8.08 17.5 
1 ,950.0 41.1 102.1 481.0 226.0 381.0 1,817.0 8.34 16.7 
2 ,000.0 43.2 107.6 514.0 217.0 413.0 1,854.0 8.60 16.1 
2 ,050.0 45.3 113.1 549.0 205.0 446.0 1,889.0 8.85 15.5 

B=4.13°/100 ft;  T=11.02°/100 ft     

S (ft) 
I 

(degrees) 
A 

(degrees) L (ft) x,N (ft) y,E (ft) Z (ft) 
DLS 

(degrees/100 ft) H (degrees/100 ft) 

[After Guo et al. (1992)]
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TABLE 8.3—WELL-PATH SECTION DESIGNED USING CONSTANT-CURVATURE METHOD

1,050.0 4.1 311.0 141.0 100.0 100.0 1000.0 893.5 63.1 
1,100.0 6.1 336.5 145.0 104.0 98.0 1050.0 393.1 41.9 
1,150.0 8.2 354.6 152.0 110.0 96.0 1099.0 220.4 31.3 
1,200.0 10.2 8.6 160.0 118.0 96.0 1149.0 141.1 25.1 
1,250.0 12.3 20.0 169.0 127.0 99.0 1198.0 98.2 20.9 
1,300.0 14.4 29.7 181.0 137.0 104.0 1246.0 72.4 18.0 
1,350.0 16.4 38.1 194.0 148.0 111.0  1295.0 55.7 15.8 
1,400.0 18.5 45.5 209.0 160.0 121.0 1342.0 44.3 14.1 
1,450.0 20.6 52.2 226.0 171.0 134.0 1389.0 36.2 12.7 
1,500.0 22.6 58.3 244.0 181.0 149.0 1436.0 30.1 11.6 
1,550.0 24.7 63.8 264.0 191.0 166.0 1482.0 25.6 10.7 
1,600.0 26.7 69.0 286.0 199.0 186.0 1527.0 22.0 9.9 
1,650.0 28.8 73.8 309.0 207.0 208.0 1571.0 19.2 9.3 
1,700.0 30.9 78.2 334.0 213.0 233.0 1614.0 16.9 8.7 
1,750.0 32.9 82.5 361.0 217.0 259.0 1657.0 15.1 8.2 
1,800.0 35.0 86.4 389.0 220.0 286.0 1698.0 13.6 7.8 
1,850.0 37.1 90.2 418.0 221.0 316.0 1739.0 12.3 7.4 
1,900.0 39.1 93.8 449.0 220.0 347.0 1778.0 11.2 7.1 
1,950.0 41.2 97.3 481.0 217.0 379.0 1816.0 10.3 6.8 
2,000.0 43.2 100.6 515.0 211.0 412.0 1853.0 9.5 6.5 
2,050.0 45.3 103.8 550.0 204.0 446.0  1889.0  8.8  6.3 

B=4.13 °/100 ft; DLS=6.07°/100 ft     

S (ft) 
I 

(degrees)
A 

(degrees) L (ft) x,N (ft) y,E (ft)  Z (ft) 
DLS 

(degrees/100 ft) T (degrees/100 ft)

[After Guo et al. (1992)]
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Fig. 8.14—Example 8.9: horizontal projections.
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8.  Inclination and azimuth angles at two neighboring points on the well trajectory are as below: 

Point Inclination Angle, 
degrees

Azimuth Angle, 
degrees

Point 1 24.2 56.8

Point 2 40.7 101.3

Calculate the DL. 
 9. Make a schematic diagram of the three basic 2D directional well trajectories.
10. Design trajectory of a slant-type offshore well for the conditions as stated below:

 • Elevation (above sea level) of the rotary table = 80 ft
 • Target depth (subsea) = –6,479 ft
 • Target north coordinate = 3,846 ft
 • Target west coordinate = 4,226 ft
 • Declination = 5.5° E
 • KOP depth = 1,875 ft
 • Build-up rate = 3°/100 ft

11.  Design a directional well trajectory using a build, hold and drop segments if the TVD is 14,100 ft and the 
HD is 9,010 ft. It is recommended that the build and drop is 2°/100 ft. The KOP is at the depth of 1,800 
ft.

12.  Plan a modifi ed S-shaped trajectory where the target must intersect at a constant inclination of 20°. KOP 
depth is 1,500 ft, and TVD at the end of drop-off section is 8,500 ft. Rate of drop and build is 2°/100 ft. 
The desired HD from the surface location is 3,100 ft, and TVD is 9,075 ft. 

13.  It is desired to design the simple tangent horizontal well profi le given:
 • KOP = 1,200 ft
 • VDT = 6,500 ft
 • Minimum tangent length = 150 ft
 • HD = 5,800 ft 
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Fig. 8.15—Example 8.9: inclination angles vs. vertical depth.
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14.  It is required to fi nd the difference in rectangular coordinates between two points on a well path located 
Δs = 600 ft apart given the following:

Point Inclination Angle, 
degrees

Azimuth Angle, 
degrees

Point 1 24.2 56.8

Point 2 40.7 101.3

Perform calculations using:
(a) AAM
(b) RCM
(c) MCM 

15.  Consider data as in Problem 14 above. Calculate the build and turn rates in the middle point of the seg-
ment. 

16. Derive Eqs. 8.33 and 8.34.
17.  Consider two points on a 3D well trajectory with the hole inclination and azimuth angles as follows:

Point Inclination Angle, 
degrees

Azimuth angle, 
degrees

Point 1 45.9 7.5

Point 2 50.0 39.8

The distance between Point 1 and Point 2 is 810 ft. Calculate the hole-inclination angle φ and azimuth ϑ at 202 
ft and 607 ft from the fi rst point. Assume constant curvature and build rate between Point 1 and Point 2.

18.  Given are hole-inclination and azimuth angles at two points 100 ft apart on a trajectory composed of a 
part of circular helix.

1 246.31 and 46.31

1 265.5  and 73.78
It is required to calculate:

 • DLS and DL
 • Pitch and radius of the helix

19.  Consider data as in Example 8.9. Is it possible to design the well trajectory using the minimum curvature 
method such that it would meet the prescribed requirements?

8.2 Deviation Control
A number of different methods have been invented to initiate new hole-inclination and azimuth angles (e.g., at 
KOPs) and to maintain control of a well path while drilling. In some applications, a whipstock or hydraulic jetting 
can be a cost-effective method to initiate a hole departure from the vertical and to make other required adjustments 
in hole direction. In buildup or drop-off wellbore segments, as well as in straight-hole drilling (e.g., drilling a 
tangent section), the inclination angle can be controlled to some extent using a conventional BHA by careful selec-
tion of BHA components. Considerable control of a well path, in terms of hole inclination and azimuth angles, can 
be achieved using downhole motors with a bent sub or bent housing and rotary-steerable tools. Some of these 
methods are  described below. 

8.2.1 Whipstocks and Jetting Techniques. Whipstocks and jetting techniques of various types were the princi-
pal defl ection tools for many years before turbine-type and positive-displacement mud motors were fully devel-
oped and made economical for drilling applications. A whipstock is a wedge-shaped steel casting with a tapered 
concave groove down one side to guide the bit into the wall of the hole to start a defl ection. There are two basic 
types of whipstocks: fi xed and removable. The fi xed whipstock stays in the hole after the desired defl ection 
(change in hole-inclination and azimuth angles) has been accomplished, while the removable one is pulled out of 
the hole with the drillstring. A whipstock can be set in an open and cased hole. Fig. 8.16 shows a removable whip-
stock in an openhole operation. 

The whipstock edge angle is selected according to the desired defl ection. A bit of diameter small enough to fi t 
into the hole with the whipstock is then chosen. Initially, the whipstock is fi xed to the drillstring above the bit. 
When the whipstock is positioned at the KOP depth, the center line of the toe is oriented in the desired direction. 
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The principles of tool-defl ection orientation are described in  Section 8.3. With the whipstock assembly oriented, 
enough weight is applied to the toe of the wedge to prevent whipstock movement when rotation begins. Additional 
weight is applied to shear the pin that holds the whipstock to the drillstring. As rotation begins, the bit starts to 
drill forward and sideways according to the shape of the whipstock. Drilling continues until the stop reaches the 
top of the whipstock, as shown in Fig. 8.16d. Then the whipstock assembly is pulled out, and a pilot bit with a hole 
opener (reamer) is used to enlarge the wellbore to the desired size. Subsequently, a proper building assembly is 
run to drill the curved section of the hole. Fixed whipstocks typically are used to sidetrack an existing cased hole, 
as shown schematically in Fig. 8.17. 

(a)
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closed position

(b)
Pin sheared

ready to
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(c)
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ahead on
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(d)
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with a hole
opener and

pilot bit

(d)
Drilling ahead
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Toe tool
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Direction
of bit

Direction
of bit

Pin
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bit

Drilling
pilot hole
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Fig. 8.16—Drilling with retrievable whipstock (Bourgoyne et al. 1986). 
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Fig. 8.17—(a) Setting the packer and whipstock seat; (b) locking the whipstock into the packer assembly; (c) cutting 
the casing with the starting mill; (d) cutting a window in the casing with a side-packing mill; (e) drilling ahead with a 
tricone bit through a window in the casing (Bourgoyne et al. 1986). 
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Typically, the operation is accomplished in three stages. First, a window is cut with the milling tool. Then the 
starting mill is replaced by a sidetracking mill, which makes a window approximately 8 to 12 ft long. Then the 
sidetracking mill is pulled out and replaced by a taper mill and a BHA with watermelon mills to enlarge the casing 
window to accommodate a conventional BHA. In some applications, a number of trips and many rotating hours 
are required to make the desired sidetrack.

In soft formations, defl ection can be accomplished using a jetting technique, as shown in Fig. 8.18. Typically, a 
rotary three-roller-cone bit with three nozzles, two small and one large, is run into the hole and properly oriented. 
Drilling-fl uid circulation is then initiated to begin the washing action. Rock erosion occurs due to the change in 
fl uid momentum at the bottom of the hole. First, the bit is advanced without rotation for a distance of approxi-
mately 3 to 6 ft. Then rotation is started, and conventional drilling proceeds for 20 to 25 ft. A survey is taken to 
evaluate the inclination and azimuth of the jetted interval. If a change is required, the jetting assembly is oriented 
again, and the process is repeated until the desired trajectory is achieved. The hardness of the surrounding rocks 
is the main factor that determines jetting effi ciency. Very soft rocks have a tendency to erode too much, making it 
diffi cult to maintain the desired direction. Reduction in fl ow rate may be a good solution if cuttings transport is 
not a problem. In harder rocks, the rate of jetting is small. However, under some geological conditions, the jetting 
technique can be the most economical. 

8.2.2 Mechanics of BHAs. In conventional rotary drilling, the bottomhole assembly (BHA) is the part of 
the drillstring that is placed above the drill bit for loading the bit and controlling the wellbore trajectory. 
The BHA composition can be relatively simple, consisting of only drill collars and a drillpipe, or more 
complex, consisting of two (or even three) sizes of drill collars, heavyweight drillpipe, and regular drill-
pipe, as shown in Fig. 8.19. For some directional-drilling applications, to drill complex trajectories and to 
obtain the desired information about subsurface formations, the BHA composition can be very complex, as 
shown in Fig. 8.20. 

In general, many parameters infl uence the performance of BHAs, including

 • Bending stiffness (the product of modulus of elasticity and moment of inertia) and weight of each compo-
nent of the BHA

 • Position of each element in the BHA with reference to the drill bit
 • Local inclination, azimuth, curvature, and diameter of the hole
 • Formation properties and drill-bit type
 • WOB and bit rotational speed
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Fig. 8.18—Jetting a trajectory change (Bourgoyne et al. 1986).
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This section presents the major concepts that govern the BHA directional-drilling behavior and mechanical 
performance. The goal is to fi nd an equilibrium BHA confi guration with a known composition in terms of geo-
metric and mechanical properties. Once such an equilibrium confi guration has been found, it is possible to deter-
mine the forces acting at the bit and to predict the direction of the anticipated drill-bit displacement and 
consequently that of the wellbore. It is also possible to calculate forces and moments along the BHA and to assess 
BHA mechanical integrity. Of course, the BHA as designed must not only meet the directional-drilling objectives, 
but also be strong enough to avoid costly downhole failures. 

Here, for the sake of simplicity, a slick assembly will be analyzed fi rst, followed by an assembly with one sta-
bilizer. Developments in straight, inclined, and curved sections of the wellbore will be presented. In all cases, the 
analysis will be limited to 2D wellbores with the well path confi ned to a vertical plane. Drill-bit rotation, inertia, 
and drilling-fl uid fl ow effects are not considered. 

Slick Assembly in an Inclined Hole. For the sake of simplicity, consider a slick (uniform inside and outside 
diameters) BHA in a straight, but inclined, hole, as shown schematically in Fig. 8.21. Also for the sake of simplic-
ity, the system is assumed to be two-dimensional and confi ned to a vertical plane. At some distance above the bit, 
the string contacts the low side of the wellbore at a point called the tangency point. This discussion will also as-
sume that the string lies on the low side of the hole, as shown in Fig. 8.21. Actually, under some conditions, the 
string will not lie along the low side, but will buckle and may develop a snaky or even a helical shape. 
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Fig. 8.19—Examples of BHAs (Bourgoyne et al. 1986).
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Let the axial component of the resultant force R at the bit be defi ned as the WOB and denote it as W, and let the 
lateral component be defi ned as a side force, H

0
 (Fig. 8.21). With no WOB, the only force acting on the bit is the 

side force, which is created by the weight of the string between the bit and the tangency point. This force tends to 
bring the hole toward the vertical (the pendulum effect). When weight is applied to the bit (a portion of the drill 
collar is slacked off on the bit by reducing hook load), another force is generated that tends to push the bit toward 
the upper side of the hole, away from the vertical. With a large enough WOB, the side force is nil (H

0
 = 0), and 

the resultant force direction angle, Φ, becomes the same as the hole inclination angle, φ. Assuming that the forma-
tion and bit do not have a preferential direction for drilling (isotropic drilling conditions), a straight hole is drilled. 
If the WOB is further increased, the bit is pushed upward, the side force changes direction, and a hole with an 
inclination angle greater than the original angle will be drilled. 

In other words, under isotropic drilling conditions, the BHA may have dropping, holding, or building tenden-
cies, depending on the side force acting on the bit. Moreover, the instantaneous direction of bit penetration into 
the rock is the same as the direction of the resultant force acting on the drill bit. If a straight hole is drilled, the 
side force is zero, and it can be said that an equilibrium hole angle has been achieved. 

Field experience indicates that formations with bedding planes exhibit better drillability when drilled perpen-
dicular rather than parallel to the bedding planes. In other words, inclined bedding planes make the bit drill updip, 
as shown schematically in Fig. 8.22. Consequently, the instantaneous direction of drilling (designated by the 
symbol ψ in Fig. 8.22) is different from the direction of the resultant force on the drill bit in anisotropic forma-
tions. 

Lubinski and Woods (1953) introduced the so-called drilling anisotropy index for quantitative predictions of 
drill-bit penetration direction while drilling in anisotropic formations. By defi nition, the drilling anisotropy index 
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(h) is the relative difference of drillabilities parallel and perpendicular to bedding planes. If h = 0, the formation 
is isotropic from the standpoint of deviation control. Ho (1986) extended the defi nition of the anisotropy index to 
3D systems. 

For a more detailed analysis, differences in the drill bit face- and side-cutting abilities can be  included. For 
example, the face-cutting ability of many rotary tricone roller bits is much better than their side-cutting ability. 
On the other hand, some diamond bits have similar side- and face-cutting abilities. 

It can be shown that the formation dip angle, γ
f
, the hole inclination angle, φ, the resultant force angle, Φ, and 

the drilling anisotropy index, h, are related by the following expression:

tan( )
=1 ,

tan( )
f

f

h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.42)

where φ is the equilibrium hole inclination angle. Eq. 8.42 makes it possible to determine the anisotropy index 
from actual drilling data if the quantities γ

f
 , φ, and Φ are known. Examination of Eq. 8.42 reveals that if the re-

sultant-force direction is the same as the hole inclination angle (φ = Φ), the value of h = 0, and the formation is 
considered to be isotropic from the standpoint of deviation control. 

Because H
0
/W = tan(Φ– φ), it can be shown that the following equation relates side force, H

0
, WOB, W, forma-

tion anisotropy index, h, hole inclination angle, φ, and formation dip angle, γ: 

0
2

tan( )
tan( ).

1 tan ( )
f

f

hH

W h
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.43)

Eq. 8.43 couples the interaction between the drill bit and the formation. To use Eq. 8.43, the side force at the 
bit, H

o
, must be known. This force can be determined from the equilibrium confi guration of the BHA. 

For this purpose, an idealized system for investigating drill-collar static-equilibrium confi gurations, but one 
still useful for practical applications, is presented in Fig. 8.23. The borehole is modeled as a cylinder with rigid 
walls free of any irregularities. Drill collars are represented by an elastic line Y =Y(X), with the unit weight in 
fl uid denoted as w and the bending stiffness denoted as EI. The elastic line of drill collars OT is a plane curve 
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Fig. 8.23—Elastic line of drill collars in an inclined plane.
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that lies on the low side of the hole for some interval above the point of tangency, designated as T. The distance 
from the bit to the point of tangency is denoted as L. In other words, at the point of tangency, X = L, both the slope   

(the fi rst derivative, Y
X

d

d
) nd the curvature are zero. For small defl ections, it may be assumed that the elastic-line 

curvature is equal to the second derivative 
Y
X

2

2

d

d
. In addition, dynamic effects are ignored, and the bit is centered 

in a borehole at Point 0, which is the origin (X = 0, Y = 0) of the orthogonal system of X-Y coordinates. At the 
point of tangency, the defl ection is equal to the radial clearance, r

c
, between the wellbore and the drill collars, as 

shown in Fig. 8.22 [r
c
= 0.5(D

h
 − OD

dc
)].

For small defl ections, the governing differential equation of the elastic line of drill collars is given by the well-
known equation:

3

3
,

d Y
EI S

dX
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.44)

where S = the shearing force at any arbitrary cross section, such as M’M in Fig. 8.23, EI = the bending 

stiffness (the product of the modulus of elasticity E and the moment of inertia, I) 4 4( )
64 dc dcOD ID , and OD

dc
, 

ID
dc

 = drill-collar outside and inside diameters. 
Projecting all the forces onto M’M:

S = H
0
cos(δ) – Wsinδ + wXsin(φ + δ).   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.45)

Substituting Eq. 8.45 into Eq. 8.44 and noting that for small defl ections, 

Yand
X

cos 1 tan ,d

d

after some rearrangements,

Y YX
X

3

03 ( cos ) sin .
X

d d
EI W w H Xw

d d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.46)

Eq. 8.46 is referred to as Lubinski’s equation. 
Integration of Eq. 8.46 yields three unknown constants of integration. Because the side force at the bit, H

0
, and 

the distance to the point of tangency, L, are also unknown, altogether the number of unknowns is fi ve. Conse-
quently, fi ve boundary conditions are needed to obtain the desired solution. 

For a slick BHA, the geometric (natural) boundary conditions are as follows:
At the bit:

X = 0, Y = 0,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.47a)

And at the point of tangency: 
2

2
( ) , 0 and 0.c

dY d Y
Y L r

dX dX
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.47b)

Clearly, one more boundary condition is needed to solve the problem. It is typically assumed that the bending 
moment at the bit is zero, resulting in the following equation: 

Y2
2

0.
X

d
EI

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.47c)

The governing differential equation, Eq. 8.46, with the boundary conditions given by Eq. 8.47, can be solved us-
ing an iterative technique or the power-series method (Lubinski 1987).

The solution, however, may be greatly simplifi ed if W >> ( cosw L ). This condition is satisfi ed for large values 
of WOB, W, and, in wells with high inclination angle, φ (φ ≥ 70˚). With this simplifi cation, the governing differ-
ential equation can be written as: 

Y3

03

Y sin .
X X

d d
EI W H Xw

d d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.48)

To obtain solutions independent of hole size, drill-collar properties, WOB, and mud weight, the following substi-
tutions can be introduced (Lubinski 1987): 
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1 2Y  and X m ,m y x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.49)

where m
1
, m

2
 = scaling factors in the Y- and X- directions, ft, and x, y = dimensionless coordinates.

Substituting Eq. 8.49 into Eq. 8.48 [to obtain the derivatives, the chain rule of differentiation (e.g., 
Y 1

2X

md dy

d m dx
, is used)] the result indicates that to obtain the dimensionless form of the governing 

differential equation, the scaling factors m
1
 and m

2
 are as follows:

1 2

sin
,

EI w
m

W
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.50a)

2 ;EI
m

W
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.50b)

consequently, Eq. 8.48 takes the dimensionless form given below:
3

3
.o

d y dy
h x

dxdx
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.51)

The corresponding dimensionless boundary conditions are: 
At the bit:

(0) 0, (0) 0y y     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.52a)

and at the point of tangency: 

,
1

( ) ( ) 0, and ( ) 0cry c y y
m

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.52b)

The variables h
0
, ℓ, and c in Eqs. 8.51 and 8.52b represent the dimensionless side force at the bit, the dimension-

less distance to the tangency point, and the dimensionless radial clearance (apparent wellbore radius), respec-
tively. 

Solving Eq. 8.51 with the boundary conditions given by Eq. 8.52 yields the desired equation for the centerline 
of the drill collars in the dimensionless form:

2
0

1 cos 1
1 cos sin ,

sin 2
y x x x h x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.53)

where

0 tan
2

h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.54a)

2

1

tan .
2 2

cr c
m

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.54b)

Simultaneous solution of Eqs. 8.54a and 8.54b yields the dimensionless side force, h
0
, and the dimensionless 

distance to the point of tangency, ℓ. 
The actual (dimensional) side force can now be found from:

1
3 3 3

2

  , where .o o

m
H m h m EI

m
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.54c)

In practical applications, in addition to the side force, it is also necessary to know the so-called tilt angle, which 
describes the direction in which the bit is pointed out. The tilt angle is the angle between the centerline of the hole 
and the centerline of the bit and is denoted as δ in Fig. 8.23. 

To determine the tilt angle, it is first necessary to find the slope of the drill-collar centerline at the bit. The 
first step is to determine the dimensionless tilt angle by differentiating Eq. 8.53 and setting x = 0 in the 
resulting expression. Then the dimensionless tilt angle needs to be converted to its dimensional form, ex-
pressed typically in degrees. For a slick BHA, the tilt angle is fairly small, in the range of approximately 
0.1–0.5°. 
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Using Eqs. 8.42, 8.43, 8.53, and 8.54, several important practical problems can be solved, as illustrated by the 
following examples. It should be noted that all the above equations are valid in any consistent system of units. 

Example 8.10 Consider a 6¼- by 2¼-in. (unit weight 91 lbm/ft) slick BHA in a straight hole, 8½ in. in diameter, 
with an inclination angle of 25°. The drill collars are made of steel with a modulus of elasticity of 30 (10)6 lbf/in.2. 
The mud weight is 10 lbm/gal (specifi c gravity = 1.2) and the WOB is 30,000 lbf. Determine whether this BHA 
exhibits dropping, holding, or building angle tendencies for the following two cases:

 • Case 1: Formation is nondipping and isotropic (γ
f
 =0, h = 0).

 • Case 2: Formation dip angle is 35° and the formation anisotropy index h = 0.1.

Solution. The fi rst step is to calculate the unit weight, w, of the drill collars in the drilling fl uid and their mo-
ment of inertia, which are equal to 77.1 lbf/ft and (3.55) 10–3 ft4, respectively.
Then the scaling factors are calculated:

(a) 
6 3

1 2

(4,320)(10 )(3.551(10 )(77.1)(sin 25)
0.555 ft,

(30,000)
m  

(b) 
6 3

2

(4,320)(10 )(3.551)(10 )
22.613 ft,

30,000
m

(c) 6 3
3 3

0.555
4,320 10 3.551 10 736.0 lbf.

22.613
m

The radial clearance (apparent wellbore radius) is

(d) 
0.5

(8.5 6.25) 0.09375 ft.
12cr

Substituting the quantities m
1
 and r

c
 into Eq. 8.54b yields

(e) 
2

tan 0.1695.
2 2

By solving the above equation, the desired dimensionless distance to the point of tangency, ℓ = 1.352, can be 
obtained. From Eq. 8.54a, the dimensionless side force at the bit can be calculated: h

0
 = –0.552. Hence, the side 

force at the bit is H
0
 = (736)(–0552) = –405 lbf. 

These calculations must be performed carefully because both the magnitude and the direction of the side force are 
very important for deviation-control applications. The reader is invited to repeat the calculations presented above 
and to verify both the sign and the magnitude of the side force of the bit. 

In conclusion, if the formation is isotropic as stated in Case 1 (h = 0), the assembly under consideration will tend 
to drop because the side force is negative. The rate of change in the angle (the drop rate) depends on the magnitude 
of the side force, the hardness of the formation, and the side-cutting ability of the bit. 

In Case 2, it is necessary to determine the directional tendency of the assembly for the formation dip angle 
γ

f
 = 35° and anisotropy index h = 0.1. For this purpose, the expected bit-displacement direction (with respect 

to the vertical) is calculated using Eq. 8.42. Setting φ = Ψ and solving Eq. 8.42 for ψ: 

f farctan 1-h tan .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.55a)

The resultant force angle is:

0 405
arctan 25 arctan 24.23 .

30,000

H

W
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.55b)

Therefore, from Eq. 8.55a, the expected instantaneous bit displacement is 

35 arctan 1 0.1 tan 35 24.23 25.28 .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.55c)
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Because the instantaneous rock-bit displacement direction (25.28°) is greater than the initial hole  angle (25°), the 
assembly will exhibit building tendencies. It is therefore apparent that whether a given BHA will have a building 
or dropping tendency depends not only on the BHA composition and the WOB, but also on the formation-bit in-
teraction. 

If the above-calculated angle of 25.28° is used as a new hole inclination angle, a new scaling factor, m
1
, must 

be calculated, and consequently a new side force and its corresponding angle, ψ. These calculations can be re-
peated until a new hole-equilibrium angle is found. For anisotropic formations, the side force at the hole-equilib-
rium angle is not zero. The reader is encouraged to write a computer program to accomplish this evaluation. 

For isotropic drilling conditions, a closed-form solution is presented here, as illustrated by Example 8.11 below. 

Example 8.11 Consider BHA data as in Example 8.10 above. Assuming that the drilling conditions are isotro-
pic, calculate the expected hole-equilibrium angle. 

Solution. For isotropic drilling conditions at hole-equilibrium angle, the side force at the bit is nil. Therefore, 
Eq. 8.54a takes the form

tan 0.
2

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.56a)

Solving for the dimensionless distance to the point of tangency, ℓ, the result is ℓ = 2.34. Hence, from Eq. 8.54b, 

1

2.74.cr

m
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.56b)

Substituting for m
1
 in Eq. 8.50a, Eq. 8.56b takes the form 

2

2.74.
sin

cr W

EIw
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.56c)

From Eq. 8.56c, the equilibrium hole angle is

2 2

6 3

(0.09375)(30,000)arcsin arcsin 1.5
2.74 (2.74)(4,320 10 )(3.551 10 )(77.1)

cr W

EIw
    . . . . . . . . . . . . . .    (8.56d)

In conclusion, under isotropic drilling conditions, the assembly under consideration would theoretically be 
drilling along a certain trajectory with decreasing hole inclination angle to reach 1.5° of equilibrium hole inclina-
tion, at which the side force is nil. Once the equilibrium angle is reached, a straight inclined hole is drilled. If the 
hole inclination angle is given, using Eq. 8.56d, one can calculate the required WOB if the drill-collar bending 
stiffness, unit weight, and radial clearance are known. The reader is invited to perform a few calculations to de-
velop the desired numerical experience. 

Example 8.12 Suppose that while drilling a 12¼-in. hole with an 8-in. by 2¾-in. slick BHA in a formation with 
dip angle γ

f
 = 16°, an hole-equilibrium angle of 11.5° has been established with a WOB of 52,000 lbf. Calculate 

the drilling anisotropy index, h.
Solution. Performing calculations analogous to those in Example 8.10 above, the side force at the bit can be 

found to be H
0
 = –397 lbf. Consequently, the resultant force angle (Eq. 8.55b) is

(a) 
397

arctan 11.06 .
52,000

From Eq. 8.42, the drilling anisotropy is

(b) 
tan(15-11.5)

1 0.112.
tan(15-11.06)

h

Once the drilling anisotropy index has been determined, it is possible to predict a new hole equilibrium angle if 
the BHA properties (e.g., bending stiffness, effective unit weight) or the WOB were to change. 

Slick Assembly in a Curv ed Hole. Many directionally drilled well profi les (slant type, S-shaped, horizontal 
wells) consist of straight sections and curved sections of constant curvature, as discussed in Section 8.1.6. Field 
experience indicates that drilling curved wellbore sections is usually more diffi cult than drilling slant parts. The 
following discussion will show how hole curvature will infl uence the magnitude and direction of the resultant 
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force as well as the direction in which the drill bit is pointed. However, essentially all the basic concepts of devia-
tion control, as discussed in the part on straight holes, are also valid for curved holes, and the reader is advised to 
review that section before studying the following material. 

A schematic diagram of a slick BHA in a hole with constant curvature is shown in Fig. 8.24. The center of the 
drill bit is at Point O, the line OA represents the centerline of the borehole, and the line OB represents the center-
line of the drill collars. 

To analyze BHA performance in a curved part of the wellbore, it is convenient to use an S-U system of coordinates, 
as shown schematically in Fig. 8.25. The S-coordinate is defi ned to coincide with the center of the borehole, and the 
abscissa, U, is chosen to be perpendicular to S. The function U(S) represents the radial defl ection of the centroidal 
axis of the elastic line of drill collars and is considered to be a positive defl ection if directed to the right of the bore-
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Fig. 8.25—S-U system of coordinates [from Miska et al. (1998)].  Reprinted courtesy of the American Society of Mechan-
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Fig. 8.24—Slick BHA in a curved wellbore with constant curvature [from Miska et al. (1998)].  Reprinted  courtesy of the 
American Society of Mechanical Engineers.
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hole center line. The elastic line of drill collars has its origin at the bit (i.e., zero defl ection) and extends to the low 
side of the borehole, where the point of tangency (i.e., maximum defl ection) is eventually reached. Just above the 
point of tangency, the drill collars are assumed to lie on the low side of the borehole for some fi nite length.

The drill collars are assumed to be under constant compression between the drill bit and the tangency point. The 
borehole is modeled as having constant curvature (constant radius of curvature, R) in a 2D vertical plane. It should 
be noted that if the wellbore curvature goes to infi nity, the wellbore become straight. Consequently, all equations 
discussed in this section are also valid for straight segments of wellbore if the curvature is set to zero (or the radius 
of curvature is set to infi nity). 

It can be shown that by transformation of coordinates from the X-Y to the S-U system, the governing differen-
tial equation, Eq. 8.48, can be transformed to the following form:

3

03 2

d U dU sin S.
dS dS

EI W
EI W H w

R R
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.57)

In Eq. 8.57, the quantity R represents the wellbore radius of curvature, and all other variables are the same as in 
Eq. 8.46. Specifi cally, W is the axial component of the resultant force acting on the bit (i.e., WOB), H

0
 is the side 

force at the bit, EI is the bending stiffness of the drill collars, w is the unit weight of the drill collars in drilling 
fl uid, and φ is the hole inclination. Because the distance to the tangency point is approximately 30–40 ft, it can be 
assumed that the inclination angle in Eq. 8.57 is constant and equal to the inclination angle at the drill bit. In many 
practical applications, the term (EI/R2) is small compared with the WOB, W, and can be neglected. In such cases, 
Eq. 8.57 assumes the form

3

03

d U dU sin S.
dS dS

W
EI W H w

R
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.58)

For a slick BHA, the natural (geometric) boundary conditions are
At the drill bit: 

S = 0, U = 0 (bit at the center of the wellbore);    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.58a)

at the tangency point: 

S = L, U (L) = ± r
c
; U′ (L) = 0 and U″ (L) = 0,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.58b)

where r
c
 and L are the radial clearance and the distance to the point of tangency, respectively.

It can be shown that the bending moment in the S-U system of coordinates is given by 

U2 2

2 2

Y U 1
.

X S

d d
EI EI

R Rd d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.58c)

In a manner similar to that for the BHA in a straight inclined hole, it can be assumed that there is no bending mo-
ment at the bit (S = 0), and, therefore, from Eq. 8.58c,

U2

2

1
.

S

d

Rd
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.58d)

Again, to make the analysis independent of drill-collar dimensions, hole curvature, and drilling-fl uid density, the 
following four scaling factors are introduced:

1 2 0 3 0 4U ,   S ,   ,   .dn u n s H n h R n r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.59)

Applying the chain rule of differentiation, 
nd du
n dsd

1

2

U
S

 and similarly for the other factors. 

The second and third derivatives are evaluated in a similar fashion, leading to the following dimensionless gov-
erning differential equation:

3

03
.

d u du
h s

dsds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.60)

It is important to note that the form of the dimensionless governing equation in a curved wellbore (Eq. 8.60) is 
the same as that of the governing differential equation in a straight inclined hole (Eq. 8.51). 
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The four scaling factors are defi ned by the equations:

1

W w sin
R ,

W

EI
n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.60a)

2 ,
EI

n
W

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.60b)

1
3

2

,
n

n W
n

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.60c)

2
2

4
1

,
n

n
n

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.60d)

The corresponding dimensionless boundary conditions become as follows:
At the drill bit:

1
0 0; 0 ;

d

u s u s
r

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.61a)

and at the point of tangency:

; 0; and 0.u c u u     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.61b)

Solution of the differential equation, Eq. 8.60, with the boundary conditions as given by Eq. 8.61, yields

0

1
tan ,

2 sind

h
r

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.62a)

21
tan .

2 sin 2d d

c
r r

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.62b)

It is immediately apparent that if the dimensionless radius of curvature r
d
 → ∞ (a straight well), Eqs. 8.62a and 

8.62b reduce to the previously derived equations for a slick assembly in a straight but  inclined well. Simultaneous 
solution of Eqs. 8.62a and 8.62b gives the dimensionless side force, h

0
, and subsequently the actual (dimensional) 

side force. 
It can be shown that the dimensionless tilt angle at the bit, δ

d
, can be calculated as:

0

1
1 1 cos  

.
sin  

d
d

r
h      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.63) 

The following example illustrates the sequence of calculations involved in determining the expected direction of 
bit penetration under anisotropic drilling conditions.

Example 8.13 Determine the side force at the bit for the BHA data given in Example 8.10 and a hole curvature 
(i.e., DLS) of 1.1,459°/100 ft (radius of curvature R = 5,000 ft) and inclination angle φ = 10°.

Solution. The unit weight of the drill collars in mud (77.1 lbf/ft), the fl exural rigidity [(14.821)106 lbf-ft2], and 
the radial clearance (0.09375 ft) have already been calculated in Example 8.10. Therefore, the scaling factors can 
immediately be calculated: 

(a) 

6

1 2

30,000
14.821 10 77.1 sin 10

5,000
0.319ft,

30,000
n

(b) 
6

2

14.821 10
22.2 ft,

30,000
n
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(c) 3

0.319
30,000 432 lbf,

22.2
n

(d) 
2

4

22
1,545ft.

0.319
n

The dimensionless radial clearance is then

(e) 
0.09375

0.294
0.319

c

and the dimensionless hole curvature is

(f) 4

4

1 1 1,545
0.31

5,000d

n
Rr R
n

.

Given the dimensionless radial clearance and the curvature, Eqs. 8.62a and 8.62b can be solved simultaneously to 
obtain the dimensionless side force at the bit: h

0
 = –0.864. Therefore, the side force at the bit is 

(g) 
0 0.864 432 373.5 lbf.H

The negative value of the side force indicates that this assembly would tend to drop in anisotropic formations. For 
anisotropic drilling conditions, the expected drill-bit displacement direction would have to be calculated in a man-
ner similar to that in Example 8.10. 

8.2.3 Use of Stabilizers To Control Hole Deviation. The practical usefulness of a slick BHA is rather limited 
because of restrictions related to the WOB and the geometric properties of the drill collars. To achieve a greater 
degree of control, so-called stabilizers are placed at a predetermined distance from the bit. The effective use of 
stabilizers began in 1953 when Lubinski and Woods published a paper that described a stabilizer in a BHA. They 
demonstrated that both the distance from the drill bit to the stabilizer and the radial clearance at the stabilizer have 
a major effect on the side force of the bit and the tilt angle at the bit. However, at that time, the primary purpose 
of a stabilizer was to increase the distance from the drill bit to the tangency point to maximize the pendulum effect. 
In fact, this practice is still effectively used today if the purpose of deviation control is to reduce hole inclination 
angle. 

Although the primary purpose of stabilizers is currently to control deviation (the resultant force and its direction 
at the bit), a near-bit stabilizer is sometimes recommended for keeping the bit rotating about its axis and providing 
uniform loading on the bit cutting structure and the bearings. A large number of different stabilizer designs are 
currently available. Selection of the proper type of stabilizer is usually based on analysis of drilling data from 
holes already drilled under similar geological conditions. Welded-blade stabilizers (in which steel blades are 
welded onto the body of the stabilizer) can be used in soft formations, while integral-blade stabilizers (in which 
the blades are machined from one piece of metal) are recommended in hard formations. Sleeve stabilizers consist 
of replaceable sleeves that are installed on the stabilizer body. The blades can be furnished with tungsten-carbide 
inserts for drilling in abrasive formations. Some commonly used types of stabilizers are shown in Fig. 8.26. De-
tailed information on stabilizer dimensions, materials of manufacture, and recommended applicability is readily 
available from various service-company websites. 

More recently, the so-called adjustable-diameter (gauge) stabilizers were introduced. These make it possible to 
control stabilizer OD without tripping the BHA out of the hole. The blades are extended or retracted by special 
mechanisms to control the clearance between the stabilizer and the wellbore wall. Typically, adjustable stabilizers 
are activated by WOB or fl ow of drilling fl uid. An example of an adjustable-diameter stabilizer (independent of 
WOB) used for fl ow control is shown in Fig. 8.27. When the bit is turning, the mud pumps off the piston, which 
retracts inside the blade diameter. Turning the pumps on again extends the piston, leading to an increase in the diam-
eter of the stabilizer. Various piston positions are indicated by 150- to 250-psi changes in standpipe pressure. Some 
stabilizers provide communication with the surface by means of the mud-pulse-telemetry system. The stabilizer di-
ameter can be controlled from the surface by a series of fl ow sequences that are received by the microprocessor lo-
cated above the stabilizer. 
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Upper mandrel

Ramp ring

Piston

Lower mandrel

Balance piston

Bulkhead

Flow ring

Orifice retainer

Barrel cam

Return spring

Fig. 8.27—Adjustable-diameter stabilizer (AGS Tool 2010). Courtesy of Halliburton.

(a)

(b) (c) (d)

Sleeve with
hard facing

Sleeve with
tungsten carbide
inserts

Fig. 8.26—Types of stabilizers: (a) welded-blade; (b) integral-blade; (c) sleeve; (d) nonrotating sleeve (Inglis 1987). 
Reprinted with kind permission of Springer.
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When drilling in highly abrasive formations where the bit gauge is wearing fast, a reamer may be placed above 
the bit. Because the reamer does not provide proper stabilization, a stabilizer may also be required to achieve the 
desired deviation control. If differential pressure is a problem, drill collars with a helical groove may be needed. 
Such drill collars are called spiral drill collars. When drilling in unstable formations where the hole diameter var-
ies rapidly, a square drill collar may be more effective than a stabilizer. The square drill collar provides long sup-
port for wall contact and essentially increases bending stiffness. 

Mechanics of a BHA With One Stabilizer in an Inclined Hole.  To understand the basic concepts behind the 
use of a stabilized BHA, let us consider an assembly with one stabilizer, as shown schematically in Fig. 8.28.

The distance to the point of tangency is increased by increasing the distance from the drill bit to the stabilizer. 
An increase in the unsupported length of the drill collar results in a greater side force at the bit. This tends to bring 
the hole toward the vertical. This practice is used if drilling personnel want to reduce the inclination angle. In fi eld 
practice, this is frequently termed the pendulum effect. If the stabilizer is placed closer to the bit, then the magni-
tude of the side forces decreases. Placing the stabilizer even closer may result in a nil side force or a change in the 
side-force direction. If the bit is pushed toward the high side of the hole, it is said that a so-called fulcrum effect is 
created. 

Consider a BHA with one stabilizer, as shown schematically in Fig. 8.28. In a similar manner as for a slick as-
sembly, the elastic line is assumed to be a plane curve. A stabilizer is placed at a distance X

1
 from the bit. The 

radial clearance at the stabilizer is r
st
. The length of the stabilizer is not considered in this model. In other words, 

the stabilizer is modeled as a point and simply called a point stabilizer. The side force at the stabilizer is denoted 
as H

stb
. It is recommended that the reader review the derivation of the governing differential equation for a slick 

assembly (Section 8.2.2) before studying the following material. 
Placing the stabilizer at a distance X

1
 from the bit divides the elastic line into two parts: Part A from 

the bit to the stabilizer and Part B from the stabilizer to the tangency point. The governing differential 
equations can be formulated for the two parts in a manner similar to that for the slick assembly, using Eq. 
8.44 for Parts A and B. Consequently, to determine the equilibrium configuration of the elastic line of the 

H0

X1 

0

L

Point of 
tangency 

X 

Y 

Φ–ϕ

R 

W

Hstb 

Part A

Part B

Elastic line of 
drill collars 

r
c

ϕ

Fig. 8.28—Schematic diagram of BHA with one stabilizer in a straight inclined hole. 
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BHA with one stabilizer, it is required to solve the following system of two differential equations, of 
which the first is

3

03
sin .A A

A
AA

d Y dY
EI W H X w

dXdX
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.64a)

Eq. 8.64a is valid for 0 ≤ X
A
 ≤ X

1
, and Eq. 8.64b, 

3

03 sin ,B B
stb B

B B

d Y dY
EI W H H X w

dX dX
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.64b)

is valid for X
1
 ≤ X

B
 ≤ L. 

It should be noted (Fig. 8.28) that a positive side force at the bit, H
0
, occurs if the bit is pushed toward the high 

side of the hole. For a stabilizer, however, a positive side force means that the stabilizer is pushing on the lower 
part of the hole. It is also important to note that the sign of the side force and the sign of the defl ection at the sta-
bilizer must be consistent. Specifi cally, both signs must be positive if the stabilizer is on the low side of the hole 
and both negative if the stabilizer is in contact with the upper side of the hole. For certain equilibrium confi gura-
tions, the stabilizer does not contact either the upper or the lower side of the hole. In such a case, it is said that the 
stabilizer is fl oating, and the side force at the stabilizer is nil. Of course, such equilibrium confi gurations are weak 
and of little practical importance. In fact, the stabilizer may oscillate between the upper and lower sides of the hole 
and  induce detrimental lateral vibrations. 

For a BHA with one stabilizer, the boundary conditions are as follows:
At the bit (X = 0):

Y
A
 (0) = 0; bit in the center of the hole;    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.65a)

Y″
A
 (0) = 0; no bending moment at the bit.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.65b)

At the stabilizer (X = X
1
):

Y
A
 (X

1
) = Y

B
 (X

1
) = ± r

st
; continuity of defl ection;    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.65c)

Y
A
′ (X

1
) = Y

B
′ (X

1
); continuity of slopes;    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.65d)

Y
A
′ (X

1
) = Y

B
′ (X

1
); continuity of bending moments.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.65e)

At the tangency point (X = L):

Y
B
 (L) = r

c
; defl ection equals the apparent radius;    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.65f)

Y
B
′ (L) = 0; drill collar tangent to borehole wall;    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.65g)

Y
B
″ (L) = 0; no bending moment at point of tangency.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.65h)

Introducing the scaling parameters m
1
, m

2
, and m

3
 as defi ned previously (Eqs. 8.50a, 8.50b, and 8.54c), the dimen-

sionless forms of the differential equations can be written as

0 ,a a ay y h x      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.66a)

0b b stb by y h h x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.66b)

and the corresponding boundary conditions are
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At x = 0:

0, (0) 0 and (0) 0;a ax y y     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.67a)

at x = x
1
:

1 1( ) ( ) ;a b sty x y x r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.67b)

1 1( ) ( );a by x y x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.67c)

1 1( ) ( );a by x y x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.67d)

at x = ℓ:

1( ) / ;b cy r m c     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.67e)

( ) 0;by     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.67f)

( ) 0.by     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.67g)

The lowercase letters in Eqs. 8.66a and 8.66b are dimensionless variables that correspond to the dimensional 
variables given by Eqs. 8.6 a and 8.6 b. The same applies to the boundary conditions. For example, ℓ = L/m

2
, h

0
 

= H
0
/m

3
, y

a
 = Y

a
/m

1
.

Integrating Eqs. 8.66a and 8.66b yields 

2
1 2 3 0

1
cos sin  ,

2a a a ay C C x C x x h x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.68a)

stb
2

1 2 3 0
1cos sin ( – ) .
2b b b by C C x C x x h h x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.68b)

Application of the boundary conditions given by Eq. 8.67 yields: 

1 1,aC     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.69a)

2 1,aC     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.69b)

2 2
1 1 1

0
1 1

1 0.5 cos sin
,

sin
st

stb

c c x x x
h h

x x
    . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.69c)

1
1

2 2

Note : and ,
X L

x
m m

2
1 1 1 1

0
1

1 0.5 cos sin
,

stc x x h x
h

x

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.69d)

2
1 1 1 1

3
1

1 0.5 cos
,

sin
st

a

c x x h x
C

x
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.69e)

2
1 01 0.5 ,b stbC c h h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.69f)

2 0cos sin ,b stbC h h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.69g)

3 2sin cos ,bC h    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.69h)

6 6
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2 1 3 3 11 sin cos 0.b b a stbC x C C x h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.69i)

Analysis of Eq. 8.69 leads to the conclusion that Eq. 8.69i actually contains only one unknown, which is the 
dimensionless distance to the point of tangency, ℓ.

Algebraic rearrangement of Eq. 8.69 yields 

1 1 1 1

2
1 1 1 0 1

sin cos sin

       cot 1 cos 0.5 0st stb

x h x x

x c x x h x h
 
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.70)

where

2
1 1 1 1

0
1

1 0.5 cos( ) ( )sin( )stc x x h x
h

x
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.70a)

and

2 2
1 1 1

1 0
1 1

cos sin 0.5 1

sin

st

stb

c c x x x
h h h

x x
    . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.70b)

Careful examination of Eqs. 8.70, 8.70a, and 8.70b shows that if the dimensionless distance to the stabilizer, x
1
, 

and the radial clearances, c and c
st
, are known, then Eq. 8.70 can be solved for the dimensionless distance to the 

point of tangency, ℓ. Once the value of ℓ has been obtained, the dimensionless side forces at the bit and stabilizers 
can be found from Eq. 8.70a. Eventually, Eq. 8.70b yields the side force at the stabilizer. Once the forces are de-
termined, the defl ections, bending moment, and shear forces along the assembly can be calculated. The bit tilt 
angle can be calculated from the fi rst derivative at the bit. 

The following example illustrates some of the calculations involved.

Example 8.14 Consider a 9-in. by 3-in. drill collar with a unit weight of 192 lbf/ft in a straight hole with incli-
nation angle φ = 25°. The mud weight is 10.5 lbm/gal, and the WOB = 55,000 lbf. Calculate the side force at the 
bit if a stabilizer is placed at 

Case (a) 15 ft from the bit 
Case (b) 60 ft from the bit 

The stabilizer clearance = 0.25 in. (OD of stabilizer D
o,stb

 = 12 in.). The hole diameter is 12¼ in.
Solution. Unit weight of drill collars in mud: 

(a) 
10.5(192) 1 161.2 lbf/ft.
65.5

w

(b) 
4 4

2 49 3Moment of inertia (1.533) 10 ft .
64 12 12

(c) Drill-collar bending stiffness:

EI 6 –2 6 2= (4,320)(10 )(1.533)(10 ) = (66.23)10 lbf-ft .

Now the scaling factors can be calculated:

(a) 
6

1 2

(66.23)(10 )(161.2)(sin 25)
1.492 ft,

(55,000)
m

(b) 
6

2

(66.23)(10 )
34.701 ft,

55,000
m

(c) 6
3 3

1.492(66.3 10 ) 2,365lbf.
(34.701)

m
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The dimensionless distance to the stabilizer is:

(d) 
1

15
Case (a) 0.432,

34.702
x

(e) 1
60Case (b) 1.729.

34.701
x

The dimensionless radial clearance at the stabilizer is

(f) 
(0.5)(0.25)

0.00698.
(12)(1.492)stc

The dimensionless radial clearance at the point of tangency is

(g) 
0.5(12.25 9.0)

0.0908.
(12)(1.492)

c

Solving Eq. 8.70 numerically yields

(h) Case (a) 1.835,

(i) Case (b) 3.267.

Consequently, for Eq. 8.51a, the dimensionless side forces are

(j) 0 0Case (a) 0.432, hence 1,035 lbf;h H

(k) 0 0Case (b)   0.623,  hence  1,472 lbf.h H

The results obtained clearly indicate that, for isotropic drilling conditions, the assembly of Case (a) will exhibit 
building tendencies, while the assembly of Case (b) will have dropping tendencies. In other words, it can be con-
cluded that

1. If the stabilizer is placed 60 ft from the bit, the BHA behaves as a pendulum assembly.
2. If the stabilizer is placed 15 ft from the bit, a fulcrum effect is created.

Clearly, by changing the position of the stabilizer (with all other parameters constant), it is possible to infl uence the 
side force at the bit. The reader is invited to calculate the direction of the tilt angle for the two cases. 

If the formation is anisotropic and the drilling anisotropy index is known, it is possible to calculate the 
expected instantaneous bit-displacement angle in a manner similar to that for the slick-type BHA. 

In any case, the model and solution presented above are valid only if the drill collars do not contact the wall of 
the hole between the bit and the stabilizer. A point of contact typically can develop if the distance to the stabilizer 
is too long or if the WOB is large. Once contact occurs, a side force is created at the contact point, which in turn 
reduces the effectiveness of the stabilizer for deviation control. If the distance to the stabilizer is even further in-
creased, the drill collars may contact the borehole wall over some fi nite length, and then the BHA behaves as a 
slick-type assembly. In other words, the effect of the stabilizer is no longer felt. 

Mechanics of a BHA With One Stabilizer in a Curv ed Wellbore. As discussed earlier, by changing the 
position of the stabilizer (the distance from the bit), it is possible to control the side force at the bit, as well 
as the direction in which the bit is pointed out. In general, placing the stabilizer close to the bit yields a ful-
crum effect, with the bit pushing on the upper side of the hole. Under isotropic drilling conditions, the ful-
crum effect results in building tendencies. Moving the stabilizer away from the bit reduces the fulcrum 
effect. The side force gradually decreases and eventually becomes negative. A negative side force indicates 
that the bit is pushed toward the lower side of the hole, which results in a reduction of the hole inclination 
angle for isotropic drilling conditions. Such a BHA is said to have dropping tendencies. These types of as-
semblies are called pendulum assemblies.

The solution to the problem of determining the equilibrium confi guration (the shape of the centerline of the 
BHA) and consequently the side force at the bit, the tilt angle, and the side force at the stabilizer in a curved well-
bore can be obtained in a manner similar to that for an inclined well. Once again, it is necessary to solve a system 
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of two differential equations with the proper boundary conditions. The solution of this boundary-value problem 
results in the following equation (Miska et al. 1998):

1 2 2 1 3 3 0(sin ) (cos ) 0,b a a bC C C C h h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.71)

where

2

1
1 ,a

d

C
r

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.72a)

2 cos sin ,bC h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.72b)

3 sin cos ,bC h     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.72c)
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    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.72f)

where l
1
 is the dimensionless distance to the stabilizer. Careful examination of Eq. 8.71 reveals that the 

only unknown in this equation is the dimensionless distance to the point of tangency. Solving Eq. 8.71 for 
the distance to the point of tangency (l), the side forces at the bit and the stabilizer can be calculated from 
Eqs. 8.72f and 8.72e, respectively. The following example illustrates a practical application of the above 
equations. 

Example 8.15 Determine the expected directional tendency of a BHA with one stabilizer in a curved wellbore, 
given the following data:

 • Hole diameter = 12.25 in.
 • Hole curvature = 1.9096°/100 ft (radius of curvature R =3,000 ft)
 • Hole inclination angle at the bit = 15°
 • OD of drill collars = 8.0 in.
 • ID of drill collars = 3.0 in.
 • WOB = 35,000 lbf 
 • Mud weight = 10.5 lbm/gal
 • Distance from bit to stabilizer = 50 ft
 • Stabilizer clearance = 0.25 in.

Solution.

 • Unit weight of drill collars: 147 lbf/ft  
 • Moment of inertia: (9.505) 10–3 ft4

 • Bending stiffness (fl exural rigidity): (41.06) 106 lbf-ft2 
 • Radial clearance: 0.177 ft
 • Scaling factors:

 ° n1 = 1.4709 ft

 ° n
2
 = 34.24 ft

 ° n
3
 = 1,503.5 lbf

 ° n
4
 = 797.0 ft
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 • Dimensionless radial clearance: c = 0.12
 • Dimensionless stabilizer clearance: c

sub
 = 0.0136

 • Dimensionless distance to stabilizer: l
1
 = 1.46

 • Dimensionless hole curvature: 
1

0.2657
dr

Now Eq. 8.71 can be solved numerically to obtain the dimensionless side force at the drill bit: h
0
 = – 0.705.

Consequently, the side force is H
0
 = (–0.705)(1,503.5)= –1,060 lbf.

Therefore, it can be concluded that the BHA considered in this example would have dropping tendencies under 
isotropic drilling conditions. For anisotropic drilling, the formation-drill bit interaction must be taken into ac-
count, as explained in Section 8.2.2. 
Although the concepts discussed above are very useful for obtaining a good understanding of the fundamental 
principles involved in deviation control, their practical usefulness in the fi eld is limited because most BHAs are 
fairly complex in composition. 

Complex BHAs. If the desired directional-drilling objectives cannot be achieved with one stabilizer, 
two or even three stabilizers must be used in the BHA and placed in the correct positions relative to the bit. 
Using more than three stabilizers for deviation control is seldom justified, but it still may be useful for 
keeping the BHA off the wall of the borehole to avoid differential pressure sticking. In general, in practical 
applications, only the bottom portion (approximately 120–160 ft) of the BHA affects the forces at the drill 
bit. Introduction of more than one stabilizer into the BHA makes the problem of determination of BHA 
equilibrium more difficult because more differential equations must be solved. Several techniques, how-
ever, are available to obtain the desired solutions,  including analytical solutions (Callas and Callas 1980; 
Wu and Chen 2006), finite-element methods (Mil heim et al. 1979), finite-difference approaches (Fischer 
1974), rotation and translation of coordinate systems (Lubinski 1987), and transfer-matrix approaches 
(Miska 2006). 

BHAs generally are designed to a particular build, drop, or hold angle. Classifi cation of BHAs as of build, hold, 
and drop type is somewhat arbitrary, but still useful for practical purposes. A typical build assembly is shown 
schematically in Fig. 8.29a. 

For a given formation and bit type, the build rate will depend mostly on the distance between the bit and the fi rst 
stabilizer, the distance between the fi rst and second stabilizers, and the clearances at the stabilizers. A short sub 
between the bit and the fi rst stabilizer will increase the side force of the bit and result in an increased build rate. 

(a)      (b)     (c) 

18 m (60 ft) 

9 m (30 ft) 

9 m (30 ft) 
control 
distance 

9 m (30 ft) 

9 m (30 ft) 

9 m (30 ft) 
control 
distance 

9 m (30 ft) 

18 m (60 ft) 

Fig. 8.29—Typical build, hold, and drop BHAs. 

l
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As the distance to the fi rst stabilizer increases, the side force of the bit decreases. Typically, the distance between 
the bit and the fi rst stabilizer should be less than 6 ft to make sure that the BHA remains a build-type assembly. 

As the distance between the fi rst and second stabilizers increases, the drill-collar defl ection (sag) will also in-
crease, thereby increasing the bit side force (BSF). If the second stabilizer is placed too far from the fi rst, the drill 
collars may contact the wellbore between the stabilizers, and the building tendency may be lost. For a given bend-
ing stiffness, weight of drill collars, and set of radial clearances at the stabilizers and drill collars, the sag of the 
drill collars depends on the hole inclination angle and the WOB. Generally, it is not recommended to place the 
second stabilizer more than 60 ft from the fi rst one. 

Fig. 8.29b shows a typical hold-angle (packed, locked) assembly. In some applications, four or more stabilizers 
are closely spaced to increase the overall stiffness of the BHA and thereby drill a straight hole with a constant 
inclination angle. 

A typical pendulum or drop assembly is shown in Fig. 8.29c. In theory, only one stabilizer is needed to develop 
the pendulum effect that tends to decrease the hole inclination angle, but often three stabilizers are used. Under a 
given set of drilling conditions (formation, drill bit type, WOB), the drop rate is a strong function of the distance 
between the bit and the fi rst stabilizer. As the distance to the fi rst stabilizer increases, the lateral component of the 
weight of the drill collars also increases, and the bit is pushed to the low side of the hole. Generally, the distance 
between the bit and the fi rst stabilizer is approximately 30 ft. Of course, the radial clearances between the well-
bore wall and the stabilizers or drill collars must also be carefully selected. 

The BHAs just discussed are sometime called fi xed rotary BHAs because any adjustments in their composition 
require tripping operations. For practical purposes, only the WOB can be changed to make the required adjust-
ments in build or drop rates. However, the WOB that is optimum for deviation control may be unacceptable from 
the viewpoint of drilling rate and bit life. Moreover, changes in the WOB typically result in only minor changes 
in BHA directional performance for assemblies with two or more stabilizers. 

Advancements in adjustable-diameter stabilizers have made it possible to gain more control over build and 
drop rates without pulling out the BHA. Changes in only the radial clearance at the stabilizers can produce a 
substantial change in the directional tendencies of the BHA. As shown in Fig. 8.30, the near-bit stabilizer clear-
ance of 3/

16
 in. is kept constant, and the BHA directional tendency is controlled by adjusting the clearance at the 

second stabilizer. 

Holding
angle

Building
angle

3 points defining
borehole curvature

Dropping
angle

Adjustable stabilizer
full gauge

Adjustable stabilizer
1¼-in. UG

Adjustable stabilizer
5⅝-in. undergauge (UG)

Fist stabilizer
3/16-in. UG

Fist stabilizer
3/16-in. UG

Fist stabilizer
3/16-in. UG

Fig. 8.30—Use of adjustable-diameter stabilizers to control building and dropping tendencies of a BHA (Underwood and 
Payne 1997). Reproduced with permission of John Wiley & Sons, Ltd.
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For practical applications, a BHA computer program is needed to calculate the distances to the stabilizers from 
the drill bit as well as the desired clearances. It should be well understood that the actual performance of the as-
semblies illustrated in Fig. 8.30 will depend on the formation and drill-bit directional tendencies, the hole inclina-
tion angle, and the quality of the wellbore (washouts, etc.). 

In some applications, so-called continuous stabilization has been attempted by welding long strips onto drill 
collars or using closely spaced stabilizers. In this case, the side force at the bit can be estimated simply by consid-
ering the clearance between the strips and the wellbore, not between the hole and the collars. Typically such a 
small clearance results in a larger hole inclination angle and less severe DLs in dipping formations with variable 
hardness (crooked formations). In other words, using continuous stabilization can be justifi ed in extremely 
crooked formations.

Frequently, accurate control of hole inclination and azimuth angles is diffi cult because of formation heterogene-
ity and variations in BHA and drill-bit loading while drilling. A BHA may include a  downhole motor, bent subs, 
a measurement-while-drilling (MWD) unit, an LWD unit, and other components. The composition of a BHA can 
be very complex, and its performance analysis requires a sophisticated computer program.

8.2.4 Downhole Drilling Motors. In some applications, it is more effective to rotate only the drill bit rather than 
the entire drillstring. For this purpose, so-called downhole motors, which provide the torque required to rotate the 
bit, are used. In other words, the rotational power is localized at the bit, meaning that the wear on drillstring com-
ponents as well as the energy required for drilling are considerably reduced. There are a number of downhole 
motors available for drilling. They are usually divided into two groups: the turbine type, also called a turbodrill, 
and the positive-displacement motor (PDM). Both types of motors can be used for straight-hole and directional-
drilling applications. To achieve more control over trajectory change, motors with bent subs, bent housings, or 
eccentric stabilizers are recommended. 

Turbodrills (also known as dynamic motors) were developed and successfully tested in the fi rst and second 
decades of the 20th century. In principle, the turbine motor consists of a multistage vane-type rotor and stator sec-
tion, a bearing section, a drive shaft, and a bit-rotating sub. Fig. 8.31 shows a turbodrill and its main components. 

A single stage composed of a stator and rotor is shown in Fig. 8.32. The stator is stationary and defl ects the fl ow 
of drilling fl uid to the rotor, which is attached to the drive shaft and thus transmits the rotary motion to the bit. In 
other words, the kinetic energy of the drilling-fl uid fl ow stream is converted into kinetic energy of the rotor. This 
energy is subsequently transferred by means of the drive shaft to the drill bit. In theory, each stage of the turbodrill 
power section contributes the same amount of torque (power) to the drive shaft. Depending on the turbine design, 
the number of stages can vary from a few to 400 or even more. In some designs, a gear reducer is also included 
between the turbine and the drive shaft to slow down the bit rotational speed. 

Drilling-fl uid fl ow through the two stages of the turbine is shown in Fig. 8.33. For a reaction-type turbine and a 
constant fl ow rate, the turbine performance characteristic is shown schematically in Fig. 8.34. 

If there is no resisting torque at the drive shaft (no WOB), drilling fl uid passes freely through the rotor, and the 
turbine runs at a high rotary speed, which is called the runaway speed (N

ra
). As the loading on the drill bit is in-

creased (as WOB is added, as torque is increased), the rotational speed is decreased, and eventually the motor 

Drift shaft

Turbine section body

Rig replaceable intermediate stabilizer

Flexible titanium drive shaft
Coupling

Lower bearing

Bit with turbine sleeve

Bent housing

Thrust bearings
Lower bearing
stabilizer

Turbine stages

Drive-shaft coupling

Fig. 8.31—Turbodrill with bent housing (Beaton et al. 2004).
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stalls (N = 0 rev/min). At constant fl ow rate, the motor torque varies linearly with bit revolutions per minute. Un-
der stall conditions, the turbodrill develops its maximum torque, M

max
. 

From Fig. 8.34, it is apparent that the relationship between the torque and the bit rotary speed, N, in terms of 
the stall torque and the runaway speed is

max 1 .
ra

N
M M

N
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.73)

The power (product of the moment M and the angular speed ω) can be written as P = Mω, and 2

60

N : 

max 1 .
30 ra

N
P M N

N
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.74)
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Fig. 8.32—Single stage of turbine (Beaton et al. 2004).

Stator blades
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Rotor blades
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First stage
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Tool rotation

Hydraulic flow through
two turbine stages

Fig. 8.33—Schematic of drilling-fl uid fl ow through a turbine (Beaton et al. 2004).
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From Eq. 8.74, it can be seen that the turbine power is a parabolic function of the bit rotary speed N and that the 

maximum power is achieved at 
2

raN
N . 

Although the considerations described above are general and useful, for practical applications, the actual turbo-
drill performance curves must be developed by bench testing. From bench testing, it is known that the torque vs. 
rotary-speed relationship is not perfectly linear and that the power vs. rotary-speed relationship is not a perfect 
parabola at constant fl ow rate. 

PDMs (also known as progressive-cavity motors or helimotors) were developed and introduced to the drilling in-
dustry in the mid-1950s; however, the original concepts were presented earlier by René Moineau, a French engineer 
and inventor who proposed various designs for pumping applications between 1930 and 1948. The conventional PDM 
(see Fig. 8.35) typically consists of fi ve basic components:

 • Dump valve
 • Power assembly
 • Connecting rod
 • Bearing and drive shaft
 • Bit sub

The desired torque is generated by the power assembly, which consists of the rotor and stator. Both stator and 
rotor have helical lobes. The stator is made of an elastomer and is securely fi xed in the motor housing. It is very 
important that the stator material have the resiliency to provide an effective hydraulic seal around the rotor while 
permitting the rotor to turn freely. The stator always has one more lobe than the rotor, and consequently helical 
cavities are formed. A half-lobe motor has a rotor with one lobe (n

r
 =1) and the stator has two lobes, also called 

teeth (n
s
 = 2). 

Fig. 8.36 shows a cross section through the power section of PDMs with various lobe patterns. Forcing drilling 
fl uid to fl ow through these cavities induces rotation of the rotor. In other words, the fl uid will not fl ow through the 
power section unless the rotor is turning. Therefore, to allow drilling fl uid to enter the drillstring during tripping 
operations when the motor is not rotating, a dump valve is placed above the power section. The dump valve is 
furnished with openings that permit the drillstring to fi ll or empty while the string is being tripped in or out of the 
hole. 

The connecting-rod assembly is attached to the lower end of the rotor and transmits rotational motion to the 
driveshaft and the bit. It also compensates for orbital motion of the rotor so that the driveshaft rotates about its 
own axis as it transmits rotary motion to the bit. PDMs are designed to operate with practically all types of drilling 
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Fig. 8.34—Typical torque and horsepower curves at a fl ow rate of 500 gal/min and a drilling-fl uid density of 10 lbm/gal 
(Beaton et al. 2004).
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fl uids, including fresh water, salt water, oil-based and synthetic-based fl uids, and even foams and air. If the drill 
bit is off the bottom (no WOB) and drilling fl uid is fl owing through the power section, the pressure drop across 
the motor is constant if the fl ow rate is constant. As the WOB is increased, the pressure drop across the motor 
increases proportionally, which results in an increase in the standpipe pressure at the surface. 

If the pressure drop, Δp (psi), fl ow rate, Q (gal/min), and motor effi ciency are known, it is possible to calculate 
the motor hydraulic horsepower (US horsepower) using the following equation: 

HP .
1714

pQ     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.75)

The motor effi ciency takes into account fl uid leaks along contact surfaces between the rotor and stator, various 
friction losses, and entry and exit effects. For a particular motor design, its volumetric effi ciency should be ob-
tained from the manufacturer. 

If the bit rotational speed, N (rev/min), is known, the rotary torque can be calculated from the well-known equa-
tion

5,252HP
.T

N
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.76)

At a certain value of WOB, the pressure drop reaches the maximum recommended value, and additional WOB may 
stall the motor. In a stall condition, the drill bit does not rotate, and pressure builds up rapidly for liquid-based drill-
ing fl uids, which in turn may break the seal between the rotor and stator and damage the power assembly. In other 
words, excessive bit weight should be removed as quickly as possible because major damage to the power section 
will occur if fl uid fl ows around a nonrotating rotor. 

Stabilizer

Driveshaft
Bearing pack

Power
section

Adjustable
bent housing

Dump valve
Coupling

Fig. 8.35—Components of PDM with adjustable bent housing (Underwood and Payne 1997). Reproduced with permis-
sion of John Wiley & Sons, Ltd.
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Fig. 8.36—Different lobe patterns (Tiraspolsky 1985). Printed courtesy of Editions Technip.
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The speed of rotation (rev/min) depends on fl ow rate and power-section specifi c displacement per revolution:

231
.

Q
N

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.77)

In Eq. 8.77, the fl ow rate is in gal/min, and the specifi c displacement per revolution is in cubic inches. The specifi c 
displacement per revolution depends on various geometric factors, including the rotor diameter, its eccentricity, 
and the confi guration of the lobes. In general,

,r rs Ap n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.78)

where
A = cross-sectional area of the fl ow path,
p

r
 = rotor pitch,

n
s
 = number of lobes in the stator (n

s
 = n

r
 +1).

For a single-lobe motor, the fl ow area is given by

2 ,rA ed     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.79)

where
e = eccentricity,
d

r
 = diameter of rotor.

The eccentricity, e, in Eq. 8.79 is the distance between the center of the rotor and the central axis of the stator. 
From Eq. 8.77, it can be seen that for a given motor confi guration, the bit rotational speed is controlled by the 
drilling-fl uid fl ow rate and increases proportionally with increasing fl ow rate. The geometric parameters of a par-
ticular motor can be obtained from the manufacturer.

A typical PDM performance characteristic curve is shown in Fig. 8.37. From Fig. 8.37, it is apparent that at a 
fl ow rate of 600 gal/min and a WOB corresponding to a 200-psi pressure drop, the expected bit rotary speed is 
slightly greater than 180 rev/min. As the pressure drop increases due to added WOB, the bit rotary speed is slightly 
reduced. Moreover, with an increase in pressure drop, the torque is increased. The maximum torque is obtained at 
stall conditions. Because the motor turns the bit clockwise (right-hand rotation), for all types of motors, a left-
hand (counterclockwise) reactive torque is generated in the motor housing and consequently in the drillstring, 
which causes the tool joints above the motor to tighten. The left-hand reactive torque also affects the orientation 
of any bent subs or housings that are used for deviation control. 

8.2.5 Steerable Motors. In 1962, a directional-drilling system using a PDM and a bent sub placed above the 
motor was introduced. The bent sub is a short sub placed above the motor. The upper end of the sub is concentric 

Fig. 8.37—Typical PDM performance characteristic curves (Underwood and Payne 1997). Reproduced with permission 
of John Wiley & Sons, Ltd.
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with the axis of the sub body, and the lower end is inclined in relation to the upper end. The downhole motor is 
attached directly to the bent sub and oriented to achieve the desired change in hole inclination and azimuth, as 
shown in Fig. 8.38. In some designs, the bent-sub angle can be adjusted from the surface. The effectiveness of the 
bent sub depends on its location in the BHA (distance from the bit) and the hole inclination angle. A BHA with a 
straight motor and a bent sub above it is effective in a vertical or nearly vertical hole and is frequently used in a 
kickoff assembly. 

For hole inclination angles of 20° or more, the effectiveness of straight motors with bent subs is poor, and for 
this reason, downhole motors with bent housings (Fig. 8.39) were developed. Fig. 8.39 shows an assembly with 
two stabilizers and a motor with a bent housing in a nearly vertical and highly inclined hole. 

A bent housing, when held stationary (nonrotating), causes the drill bit to drill in the direction of the bend. The 
bend angle can range from 0° to 3°. Such BHAs are usually furnished with an MWD unit above the motor and are 

Nonmagnetic drill collar

Orienting sub

Bent sub

Mud motor

Bit

Bent sub
angle

Hole

F

(a) (b)

Fig. 8.38—Bent sub above the motor in unconstrained and constrained confi gurations (Bourgoyne et al. 1986).

Fig. 8.39—Schematic of bent-housing motor with stabilizers.
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called steerable motors (SMs) because they permit the directional driller to orient (steer) the bit in the desired 
direction. The MWD-unit sensors provide information on the downhole orientation of the bend in terms of tool-
face angle. The orientation of the bend is referenced to the high side of the hole. A tool-face angle of 0° indicates 
that the bent housing is oriented upward and that, consequently, the hole inclination angle will increase while 
drilling. On the other hand, a tool-face angle of 180° indicates that the hole inclination angle will decrease. A 
positive tool-face angle of 90° (clockwise rotation) means that the bend is pointed to the right and that therefore 
the hole will also turn to the right, resulting in an increase in the azimuth angle. Determination of tool-face orien-
tation requires precise information from directional-survey data (inclination and azimuth angles). Information 
about the tool-face angle is transmitted to the surface and monitored by the directional driller. Several telemetry 
systems have been developed for this purpose. The calculations involved in determining tool-face orientation are 
discussed in Section 8.3. 

Drilling with SMs involves either active trajectory control in sliding mode or operation in rotating mode, as 
shown schematically in Fig. 8.40. In sliding mode, the drillstring is not rotating, and changes in inclination, azi-
muth, or both are accomplished by reorientation of the bent housing (tool face), as just mentioned. In rotating 
mode, the drillpipe is rotated using a rotary table or a topdrive system. 

As the drillstring rotates, the bent housing also rotates, which negates the directional effect of the bent housing, 
and the drill bit drills a slightly overgauge hole. The actual fi eld performance of an SM depends not only on the 
bent housing angle, but also on the type of formation and the drill-bit type. For example, a bent housing angle of 
1.5° may result in a DL of approximately 8°/100 ft severity (radius of curvature of 719 ft) in competent formations 
and perhaps only 5°/100 ft in soft formations (Lesso et al.   2001). Over time, a directional driller develops knowl-
edge of the build, drop, and turn rates for various bent-housing orientations in a given location. The system is used 
in a rotating mode if there is no need for active directional control and also to make adjustments to the DLS. For 
example, a well plan may require a 4°/100 ft DLS (build rate), but the SM delivers 7°/100 ft. In such a case, the 
drilling process must be broken into a sequence of sliding and rotating modes to achieve the desired overall build 
rate of 4°/100 ft. Fig. 8.41 shows a segment of a wellbore (500 ft) drilled in both sliding and rotating modes (Lesso 
et al. 2001). 

SMs guided with MWDs can drill more-complex trajectories and are relatively inexpensive. The limitations of 
SMs are related mostly to the sliding mode of drilling (poor axial-force transfer to the drill bit, ineffi cient cuttings 
transport, differential sticking, etc.) and to vibrations in rotary mode. Moreover, considerable time may be spent 
making tool-face adjustments while switching from rotating to sliding mode in long curved sections and during 
ERD. These problems led eventually to the development of rotary-steerable systems (RSSs). 

8.2.6 RSSs. In principle, an RSS enables active well-trajectory control while rotating the drillstring. In other 
words, unlike SM systems, no sliding drilling is required to change the well-path direction. The desired direc-
tional changes (bit steering) can be made while the drillstring is rotating. 

Use of an RSS permits effective drilling of wells with complex trajectories and results in a higher rate of drilling 
in highly inclined wellbore sections. RSSs are particularly effective for drilling long, highly inclined tangent sec-

Sliding Rotating

Fig. 8.40—BHA with steerable motor in sliding and rotating mode (Warren 1998).
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tions of ERD wells and 3D ERD wells when left and right trajectory turns are performed in a nearly horizontal 
plane. If the RSS is also used with LWD tools, it can drill wells close to the reservoir top and thus maximize 
standoff from the water-oil-contact (WOC). Many other applications of RSS in combination with LWD are also 
possible for optimizing reservoir performance and management. 

The fi rst commercially available RSSs were developed in approximately 1995, but the fi rst such tools were 
proposed much earlier. In fact, the fi rst concepts of deviation control while rotating the drillstring were proposed 
even before PDMs were commonly used for drilling. In Fig. 8.42a, a system (patented in 1955) is shown based 
on a nonrotating sleeve placed in the BHA some distance above the bit. Another system (patented in 1959), shown 
in Fig. 8.42b, uses hydraulically activated guide shoes to control the side force at the bit.

The two systems shown in Fig. 8.42 are just examples of a large number of tools that have been proposed over 
the years before the tools in use today. Early rotary-steerable BHAs were not commercially successful, however, 
due to the lack of effective downhole sensors and control systems.  Although there is wide variation in the RSS 
designs now available, they are typically classifi ed as push-the-bit or point-the-bit systems. 

A pure push-the-bit RSS (Fig. 8.43) achieves trajectory change by applying a side load to the bit using nonrotat-
ing (stationary) pads or stabilizers that are pushed against the wall of the hole. Because the pads can be pushed 
out only a certain distance, they become ineffective in borehole sections that easily develop washouts. Systems 
based on the push-the-bit principle use short-gauge bits (less than 2-in. gauge length) furnished with a good-
quality cutting structure capable of active side cutting into the formation. 

A point-the-bit RSS (Fig. 8.44) is furnished with a steering assembly that controls the direction of drilling (in-
clination and azimuth) by orienting a tilted shaft to which a drill bit is attached. The bit is defl ected internally using 
a hydraulic system, which enables the drill bit to be offset and pointed out in the desired direction. Ideally, the face 
of the bit should be pointing in the desired direction, and the side force at the bit should be nil. The disadvantage 
of point-the-bit systems is that they are slower to react to required well-path changes and that achievable DLS is 
less than with a push-the-bit system. In reality, both the push- and point-the-bit systems control side force and tilt 
angle to a greater or lesser degree. 

In the late 1990s, a rotary closed-loop steerable-tool (RCLS) system was developed, which made it possible to 
make required adjustments automatically and then to maintain a programmed inclination. The RCLS uses near-bit 
inclination data that are continuously fed to the steering control unit (controller), which in turn automatically 
adjusts the steering mechanism to maintain the wellbore trajectory as programmed (designed).

Computer-controlled, rather than manual, downhole linking systems facilitate communication from the surface to 
the downhole unit. Use of automated downlinking permits more precise steering of the drill bit, resulting in a closer 
match between the programmed (designed) and actually-drilled wellbore trajectories.
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Hydraulically
actuated

guide shoes

(a) (b)

Fig. 8.42—Early rotary-steerable-tool concepts (Warren 2006).

Fig. 8.43—Push-the-bit RSS (Schaaf et al. 2000).

(b)

(a)

Collar rotation clockwise

Sensor package
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Hole drilled 1/8 overgaugeMotorPower
generating

turbine

Collar rotation clockwise

Sensor package
+ control system

Motor rotation counter-clockwise
at collar speed

MotorPower
generating

turbine

Fig. 8.44—(a) Point-the-bit system in straight mode; (b) point-the-bit system in bent mode (Schaaf et al. 2000).

The well designer must, however, remember the detrimental effects of downhole temperature on electronics and 
some components (e.g., seals) of RSS and RCLS systems. In high-temperature environments (greater than 250–
300°F), a conventional BHA with adjustable-gauge stabilizers may still be the most practical and economical 
selection for deviation control. 

8.2.7 Review Questions and Problems.

 1. Make a schematic diagram of a whipstock and explain its applications. 
 2.  Explain why the drill bit of a jetting assembly is furnished with a large nozzle while other nozzles are 

small or closed off. 
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 3. List the major factors that infl uence BHA directional and mechanical performance. 
 4. Explain the concept of an equilibrium hole angle. 
 5. Defi ne the so-called “drilling anisotropy index.”
 6. Derive equations for the scaling factors m

1
, m

2
, and m

3
.

 7. Given BHA data as in Example 8.10, calculate:
(a) The defl ection of the centerline of the drill collars 
(b) The bending moment 
(c) The shear force

 8. Perform calculations at a distance of 15 ft from the bit. 
 9.   Show that for a slick BHA, the dimensionless tilt angle is given by 2 tan

2d
, where ℓ is the dimen-

sionless distance from the bit to the point of tangency.
10.  Consider an 8-in. by 3-in. slick BHA in a 12¼-in. hole with an inclination angle of 12°. The WOB is 

50,000 lbf, and the mud weight is 10 lbm/gal. Calculate:
(a) Distance from the bit to the point of tangency
(b) Side force at the bit
(c) Bending stress at distances of 5 ft and 10 ft from the bit

11.  Using the data specifi ed in Problem 10, calculate the equilibrium hole angle, assuming isotropic drilling 
conditions.

12.  Find the drilling anisotropy index for the following conditions:
Hole diameter = 8 ½ in.
Drill-collar OD = 6.75 in.
Drill-collar ID = 2.0 in.
Unit weight of drill collars = 111 lbf/ft
Hole equilibrium inclination angle = 10°
WOB = 20,000 lbf
Formation dip = 40°
Mud density = 12 lbm/gal

13.  Using the drilling anisotropy index calculated in Problem 12, calculate the expected hole equilibrium 
angle if the WOB is 32,000 lbf.

14. Using the BHA data specifi ed in Problem 10, calculate the side force at the bit for two cases:
(a) The BHA is in a curved hole with a build rate of 5.729°/100 ft.
(b) The BHA is in a curved hole with a drop-off rate of 5.529°/100 ft.

15. List the common types of stabilizers. 
16. What is the difference between a stabilizer and a reamer? 
17. Explain the concepts of the pendulum and fulcrum effects.
18.  Using the data from Example 8.14, calculate the side force at the bit for zero clearance at the stabilizer 

(c
st
 = 0).

19.  Show that for a BHA with one stabilizer, the dimensionless tilt angle can be calculated using the follow-
ing equation: 

2
1 1 0 1

0
1

1 cos 05

sin
st

d

c l l h l
h

l

where
h

0
 = side force at the bit,

c
st
 = clearance at the stabilizer,

l
1
  = distance from the bit to the stabilizer.

All quantities in the above equation are dimensionless.

20.  Consider a BHA composed of 8-in. by 23/
16

-in. drill collars and a stabilizer with OD = 12.22 in. placed 
in a 12¼-in. hole. The stabilizer is placed 5 ft from the bit, and the WOB is 30,000 lbf. The mud weight 
is 10.5 lbm/gal, and the hole inclination angle is 55°. Calculate the
 • Side force at the bit
 • Side force at the stabilizer
 • Resultant force angle
 • Bending moment at 3 ft and 9 ft away from the bit

21.  Recalculate Problem 20 above assuming distance to the stabilizer of 15, 30, and 45 ft. Also calculate the 
distance to the stabilizer that results in zero side force at the bit. For this case (h

0
 = 0), calculate the bit-dis-

placement direction if the formation dip angle g = 25° and the drilling anisotropy index h = 0.075.



Directional Drilling 511

22.  For a BHA as in Problem 20, calculate the expected side force at the bit when the curvature is
(a) 4°/100 ft
(b) 8°/100 ft
(c) 12°/100 ft
Draw conclusions as appropriate. 

23.  Create a schematic diagram of a BHA with three stabilizers that is expected to build hole inclination 
angle under isotropic drilling conditions. 

24.  Compare the major advantages and disadvantages of turbodrills vs. PDMs for directional-drilling appli-
cations.

25.  Calculate the power of a turbodrill if at a fl ow rate of 450 gal/min, a torque of 2,100 lbf-ft is produced at 
a rotational speed of 480 rev/min.

26.  In a single-lobe motor (half-confi guration), the rotor diameter is 2.5 in., the eccentricity is 1.125 in., and 
the rotor pitch is 24 in. At a fl ow rate of 300 gal/min, the total pressure loss through the motor is 480 psi. 
Calculate the expected
(a) Rotational speed
(b) Power output
(c) Torque 
Assume that the motor effi ciency = 80%.

27. List the advantages and disadvantages of SMs.
28. List the advantages and disadvantages of RSSs. 

8.3 Tool-Defl ection Orientation 

8.3.1 Basic Mathematical Concepts of 3D Trajectory Control. In this discussion, the emphasis will be placed 
on geometric considerations related to active trajectory control. For the sake of simplicity, let us fi rst consider a 
defl ection tool (e.g., a downhole motor with a bent sub) that is set in a vertical hole.

This tool will produce a defl ection (a change in hole inclination angle from the vertical) in the same azimuth 
(direction) as the tool-defl ection setting. For example, if the bent sub angle is 2°, the new hole inclination angle is 
expected to be 2° as well, and the new hole direction is assumed to be the same as the tool-defl ection orientation. 
This is a purely geometric approach and does not account for the bending effects of the BHA, pipe rotation (if 
any), formation dip angle, formation anisotropy, or other factors. If a defl ection tool is set in a hole that is not 
vertical and if the tool is oriented in a vertical plane including the hole, the resulting defl ection (change in hole 
inclination angle) will be in the same plane (no change in hole azimuth direction), and the hole inclination angle 
may build up or drop down, depending on the tool orientation with respect to the high side of the wellbore. For 
example, if the hole inclination angle is 10° and the tool-defl ection angle is 2°, the new hole inclination angle will 
be 12° if the tool will be pointing up the high side of the wellbore or 8° if the tool will be pointing toward the low 
side of the wellbore. There is no change in hole direction (azimuth) in this case because the tool is in the same 
vertical plane as the wellbore. 

Now let us consider the situation shown schematically in Fig. 8.45. Line AB represents the original hole with 
inclination angle φ. The segment A′B is a projection of AB onto a horizontal plane, and the angle ε is the direction 
of the original hole with respect to the south direction. In other words, the azimuth of the hole segment AB is (180 
–ε)°. A defl ection tool with defl ection angle β (e.g., a bent sub angle) is placed at the bottom (Point A) and then 
turned to the left about the AB axis through an angle γ , as shown in Fig. 8.45. The angle γ  is called the tool-face 
angle. Segment AC represents a new hole, and A′C is a projection of AC onto a horizontal plane. The new hole 
direction as measured from the South is ε + Δε. In other words, by turning the tool face by γ, orienting the tool in 
the BC direction, the new hole direction has been changed. In Fig. 8.45, the new hole azimuth is less than that of 
the original hole. It is also clear that the new hole inclination angle will be φ

n
 and that the overall angle change, 

β, will be the same as the tool defl ection angle (e.g., a bent sub angle). 
If the tool were to be turned to the right from the high side (case not shown in the fi gure), then the new hole 

azimuth would be greater than that of the original hole. If the tool is turned 360° around AB, then a cone would 
be formed out of lines like AC. Because AB is not vertical, the cross section of the cone on the horizontal plane is 
an ellipse. The tangents A′T

1
 and AT

2
 defi ne the maximum possible change in the original hole direction for the 

defl ection tool considered in Fig. 8.45. 
Ragland Method. The method proposed by Ragland (Inglis 1987) is valid for small hole inclination angles. For 

small inclination angles, the ellipse can be approximated by a circle. Such a simplifying assumption was made in 
the early days of directional drilling and can be effectively used if the hole inclination angle is not more than ap-
proximately 20 to 25°. Tool-defl ection orientation was determined using graphical techniques or with the aid of 
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specially designed slide-rule-type calculators such as the so-called “Ouija board” or tables. The graphical ap-
proach will be explained by solving the following problem. 

Example 8.16 Given the following data, determine the expected inclination and direction of a new hole:

 •  Original hole inclination angle = 3°
 • Hole direction: S42E (azimuth A = 138°)
 • Tool-defl ection angle: 1.5°
 • Tool-defl ection direction: N88E

Solution. A graphical method to solve this problem is outlined below:

 • Lay a quadrant N-S-E-W and select an appropriate scale (e.g., 1° = 1 in.); see Fig. 8.46. 
 • With a protractor, lay out an angle of 42° as measured from the south direction to represent the original hole 

direction and determine Point B at 3° from Point A (3 in. in this case).
 • Around Point B, describe a circle with a radius equal to the tool-defl ection angle = 1.5°.
 • Draw line BC, which represents the direction of the defl ection tool (N88E).
 • Draw line AC, and read off the new hole direction (S63N) and inclination angle φ

n
 = 4˚15′.

Note that to obtain the desired tool-defl ection direction of N88E, the tool-face angle is γ = 50°, and the tool 
needs to be rotated to the left from its high-side position. The lines AT

1
 and AT

2
 represent new hole directions 

corresponding to the maximum tool-face turns to the left and to the right, respectively. This graphical method is 
called the Ragland vectorial method and was effectively used to solve many directional-drilling problems for 
small hole inclination angles. 

8.3.2 Analytical 3D Model. The analytical three-dimensional model for tool-defl ection orientation was devel-
oped by Mil heim et al. (1979). As in the previous method, the mechanical aspects of BHA and formation direc-
tional tendencies are ignored; hence, the method is purely geometric and is shown schematically in Figs. 8.47 
through 8.49. 

There are fi ve variables in this model: the original hole inclination angle φ, the new hole inclination angle φ
n
, the 

overall angle change β (the DL), the change in hole direction Δε, and the tool-defl ection rotation from its original course 
direction (the tool-face angle) γ. The problem is to fi nd the mathematical relationships among these fi ve variables. 
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Fig. 8.48—Cross-section through MM ′K (Millheim et al. 1979).
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Fig. 8.49—Tool-face plane (Millheim et al. 1979).

The original hole is represented by the segment MO, and the defl ection tool is placed at Point O. If drilling were 
to continue without any changes in drilling parameters in the same formation, a hole with the inclination angle and 
direction represented by segment OE (broken line) would be obtained. Segment OK represents the hole that would 
be drilled if the defl ection tool were not rotated (γ = 0) from the original direction. To achieve the new hole inclination 
and direction angles, the tool face is rotated to the left from the high side through angle γ. The change in hole direc-
tion is denoted as Δε, the new hole inclination angle is φ

n
, and the overall angle change β is equal to the defl ection 

angle (e.g., a bent sub angle). Segment AO is equal to segment OC because they are generators of the cone that would 
be obtained by rotating the defl ection tool 360° about OE. Arc AC is a part of a circle generated by a plane perpen-
dicular to OE. Segment OE is perpendicular to EC and EA. Segment AB is equal to segment A¢ B¢. The angles COE 
and AOE are the same and equal to the tool-defl ection angle (the overall angle change), β. The reader is encouraged 
to review Figs. 8.47–8.49 carefully before proceeding any further. 

From the right triangle O¢B¢A¢ in Fig. 8.47,

A B AB
tan .

O B O E EB
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.80)
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From Fig. 8.49, it can be seen that

AB EAsin .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.81)

From triangles EBB′ and EAB, it is possible to obtain

EB′ = ΕΒcos ϕ and EB = EA cos γ.

Hence, 

EB EA cos cos     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.82)

From triangles OEC and OO′Ε,

EA CE OE tan ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.83)

O E OE sin ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.84)

AE
OE ,

tan
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.85)

Combining the above equations, the result is

tan tan
tan .

sin tan cos cos
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.86)

Note that if the tool rotation angle γ  or the defl ection angle β were nil, then there would be no change in the hole 
direction, Δε = O.

The new inclination angle φ
n
  is equal to the angle AOO′ or AOD. The Point D (not shown in Fig. 8.47. is ob-

tained by drawing a line from Point A perpendicular to OO′: 

OD OO O D
cos .

OA OAn
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.87)

From triangles OO′E and EBB′,

OO OE cos  and BB EBsin O D,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.88)

but EB =AE cos γ, hence, BB′ = AE cos γ sin ϕ.
From triangle OCE,

OE
OC OA .

cos
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.89)

Note also that EC = AE and AE = OE tan β .
Combining Eqs. 8.87 through 8.89 yields the desired equation for calculating the new hole inclination angle: 

cos cos cos sin sin cos .n
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.90)

Note that if the tool-face angle γ  = 0, then the new hole inclination angle is simply φ
n
 = φ + β, and as stated earlier, 

there is no change in hole direction. 
It can also be shown that the overall angle change (the tool-defl ection angle or DL) is related to the original and 

new hole inclination angles (φ and φ
n
) and the direction change Δε as follows:

cos sin sin cos cos cos .n n  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.91)
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Eqs. 8.86, 8.90, and 8.91 form a mathematical model for solving a number of practical problems related to the 
selection and orientation of defl ection tools. 

From the directional-drilling engineer’s standpoint, the result of the above calculation is three equations that 
contain fi ve variables. Hence, given any three of the variables, one can calculate the remaining two unknowns. 
However, one always needs to be careful with the interpretation of the results because multiple solutions are pos-
sible due to the periodic nature of the trigonometric functions. 

Example 8.17 The hole inclination angle φ = 10°, and the direction is N20°E (azimuth = 20°). It is required to 
build and turn the hole so that the new hole inclination angle ϕ

n
 = 12° and the new direction is N23E. Calculate 

the required tool-defl ection angle and the tool-face angle γ.
Solution. To obtain the tool-defl ection angle, use Eq. 8.91 to get 

arccos cos10cos12 sin10sin12cos3.0 2.08 .

For the actual defl ecting job, a mud motor with a bent housing of 2° can be used.
To increase the hole azimuth angle, the tool needs to be rotated to the right from the high side by the amount 

obtained from Eq. 8.90:

cos10.0cos2.0 cos12.0
arccos 9.76 .

sin 2.0sin10

In other words, the tool-defl ection direction is N20E + 9.76 = N29.76E.
It is recommended to use the graphical method (Ragland diagram) to solve this problem and compare the solutions. 

Example 8.18 The hole inclination angle φ = 22°, and the direction is S36W (azimuth = 216°). It is desired to 
turn the hole 6° to the right (increase the azimuth) and increase the build angle. For this purpose, a positive-dis-
placement motor with a bent sub of 3° is used. Calculate the expected new hole inclination angle and the required 
tool direction. 

Solution. To solve the problem, again Eq. 8.91 is used, but some rearrangement is needed to calculate φ
n
. Set 

a = sin φ cosΔε and b = cos φ ; then Eq. 8.91 can be written as

2 2cos cos( ),na b

where

sin 22cos6
arctan arctan 21.89 .

cos22

a

b

Hence,

2 2

cos cos3
arctan 21.89 arccos 23.88 .

0.9904n
a b

To fi nd the tool direction, it is necessary to calculate the tool rotation angle γ using Eq. 8.90:

cos22 cos3 cos23.88
arccos 54 .

sin 3sin 22

Finally, the required tool direction is obtained as 36 + 54 = S90W, and the azimuth = 270°. 

Example 8.19 A survey shows a hole inclination angle of 10° with the direction far off course. A defl ection 
assembly with a bent sub of 2.4° is available on the rig side. Determine the tool rotation angle γ  required to obtain 
the maximum turn. Also fi nd the corresponding hole direction change Δε  and the new hole inclination angle φ

n
.

Solution. As shown in Eq. 8.86 for a given hole inclination angle φ and tool-defl ection angle β, the change of hole 
direction Δε is a function only of the angle γ . Hence, it is possible to take the fi rst derivative and equate it to zero:

2

2 2 2

sin tan cos cos tan

sin cos tan cos tan sin

d

d
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Hence, 

2sin tan cos cos tan 0.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.92)

Solving for γ  yields

arccos( cot tan ) cos cot(10) tan(2.4) 104ar

Consequently, the expected maximum change in hole direction is

max

tan 2.4 sin 104
arctan 14 ,

sin 10 cos 10 tan 2.4 cos 104

and the expected new hole inclination angle is

arccos[cos(10)cos(2.4) – sin(10)sin (2.4)] 9.7 .n

Note that if the tool face is turned to the left, the azimuth will decrease, and if it is turned to the right, the azimuth 
will increase.

8.3.3 Relationships Between Tool-Face Angle, Curvature, and Build and Turn Rates. It is useful to note that 
for a small tool-defl ection angle dβ, the tool-face rotation angle γ  is given by

cos cos cos
cos .

sin sin
nd

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.93)

For small values of dβ, it can be assumed that 

cos 1, sin , , and cos 1.nd d d d d

Hence, after some arrangements, Eq. 8.93 takes the form

cos .
d B

d DLS
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.94)

Eq. 8.94 indicates that to drill a hole with a constant build rate and constant curvature, one needs to keep the 
tool-face angle γ  constant with respect to the high side of the hole. Moreover, to drill a well path with a con-
stant inclination angle (B = 0), such as a part of a helix, the tool-face angle should be equal to 90°. Continuous 
adjustments of the tool face are needed to drill a smooth well trajectory.

Now it can be concluded that the lateral curvature is B
L
 = DLS sin γ , and consequently the turn rate T and the 

horizontal turn rate H are

sin
,

sin

DLS
T     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.95)

2

sin
,

sin

DLS
H     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.96)

and the azimuth change can be expressed as

1
2 2

1
2 1

tan
tan ln .

tan
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.97)

8.3.4 Trajectory Calculations for Constant-Curvature and Minimum-Curvature Well Profi les. Using the 
above equations, well trajectories can be constructed that meet certain geometric constraints (the drill-ahead ap-
proach). The practical usefulness of the equations presented above will be demonstrated by a numerical example 
taken from Schuh (1992).
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Example 8.20 Design a well trajectory between two points with the inclination, azimuth angles, and coordi-
nates specifi ed below: 

initial final

initial final

55 , 90

0 , 20

Initial coordinates: 0.0 ft,   0.0 ft,    3,000 ft,x y z

Final coordinates: 305ft,    60 ft,    3,100 ft.x y z

The required hole curvature is 12°/100 ft. 

Solution. First, the calculations will be performed using the constant-curvature (constant tool face) method. 
Given the initial and fi nal hole inclination angles, a build rate of 10.6°/100 ft is chosen. This step may require 
several iterations before the desired value is determined. 

Given the build rate and well-path curvature, the tool-face angle γ can be calculated from Eq. 8.94:

10.6
arccos 28 .

12

Now it is possible to calculate all trajectory parameters for the point located at a distance of 30 ft (3,030 ft of MD) 
from the initial point.

The inclination angle is

1
10.6(3,030 ft) 55 30 58.2 ,
100

B s

and the azimuth (Eq. 8.97) is

58.2tan180 23,030 ft 0 tan 28 ln 2.0 .55.0tan
2

To calculate the x, y, z coordinates, the piecewise radius-of-curvature equations will be used, so the average value 
of the horizontal turn rate H  is needed. 

The average value of the horizontal turn rate between the initial point and the point under consideration (30 ft 
apart) can be obtained by integrating Eq. 8.96:

2

1

1 22
2 1 2 1

DLSsin DLSsin cot cot
sin

(12)(sin 28) 180 cot 55 cot 58.2 8.1 /100ft
(28.2 55.0)

d
H

With Eq. 8.96 and the arithmetic average value of the hole inclination angle 

1 2 55.0 58.3
56.6

2 2
, 

the result is

2 2

sin (12)(sin 28)
8.08 /100 ft.

sin sin 56.6

DLS
H

The similarity is due to the small difference in the inclination angles between the two points under consideration. 
Consequently, the corresponding turn rate (walk rate) is

DLSsin (12)(sin 28)
6.75 /100 ft.

sin sin 56.6
T
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Now the coordinates after drilling Δs = 30 ft can be calculated using Eqs. 8.30a, 8.30b, and 8.30c:

30

30

30

1 180
0 sin 2.0 sin 0 24.7 ft

0.081

1 180
0 cos0 cos2.0 0.43 ft

0.081

1 180
3,000 sin 58.2 sin 55 3,016.5 ft

0.106

x

y

z

In a similar manner, the hole inclination angle, azimuth, and coordinates of subsequent points on the trajectory 
can be calculated and the results presented in the form of tables and graphs. 

Now the sequence of calculations involved in computing a trajectory using the minimum-curvature method will 
be presented. Given the hole inclination and azimuth angles at the upper and lower end of the well path, Eq. 8.91 
can be used to calculate the DL (overall angle change) as

DL arccos sin 55 sin 90 cos20 cos55 cos90 39.66 .

From Eq. 8.90, the initial tool-face angle γ
1
 can be determined as

1 2
1

1

cos cos cos cos55cos39.6 cos90
arccos arccos 32.2 .

sin sin sin39.6 sin 55

Here the inclination angles φ
1
 and φ

2 correspond to the initial and fi nal inclination angles for the 300-ft section of 
the wellbore. 

After drilling the distance Δs = 30 ft from the initial point on a circular arc, the corresponding DL is

12 30
DL 3.6 .

100i i

The hole inclination angle after drilling 30 ft with the tool-face angle γ = 32.2° can be obtained from Eq. 8.90 
using 3.6° as the DL: 

1 arccos cos55 cos3.6 (sin3.6)(cos55)(cos32.3 58.1 .

The corresponding change in azimuth can be calculated from Eq. 8.91:

cos3.6 cos58.1 cos55
arccos 2.3 .

sin 55sin 58.1

Now it is possible to calculate the coordinates of the point on the circular-arc trajectory after drilling 30 ft using 
the minimum-curvature equations (Eqs. 8.31a, 8.31b, and 8.31c). 

First, from Eq. 8.32, the RF is

30 180 3.6
RF tan 15 ft,

3.6 2

and the coordinates are

30

30

30

0 sin 55cos0 sin 58.1cos2.3 15 25.01 ft

0 sin 55sin 0 sin 58.1sin 2.3 15 0.51 ft

3,000 cos55 cos58.1 15 16.54 ft.

x

y

z

To calculate the tool-face angle after drilling 30 ft, Eq. 8.90 can be used again to yield

f30 t

cos58.1cos 39.6 3.6 cos90
arccos 31.05 .

sin 58.1 sin 39.6 3.6
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Now select a subsequent point (Δs = 30 ft) on the circular arc and perform the calculations of the new hole inclina-
tion angle and azimuth in a similar manner. The calculated tool-face angles vs. MD for the two methods consid-
ered are shown in Fig. 8.50. The hole inclination angles vs. vertical depth are presented in Fig. 8.51. Horizontal 
projections are shown in Fig. 8.52. 

The reader is encouraged to write a program to verify the above results and also use the constant-turn-rate 
method to calculate the corresponding coordinates.

8.3.5 Review Questions and Problems. 

1. List three commonly used defl ection tools.
2.  The hole inclination angle is 46°, and the bend subangle of a defl ection tool is 2.0°. If the tool orientation 

is the same as the hole azimuth, fi nd the expected new hole inclination angle if the tool is pointing 
(a) To the high side of the wellbore (γ = 0°) 
(b) To the low side of the wellbore (γ = 180°)

3. The following data are given:
 • Hole inclination angle φ =17°
 • Hole direction N45E (ϑ = 45°)
 • Tool-defl ection angle (DL) β = 2.0°
 • Tool-face angle γ = 35° (to the right)
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Fig. 8.50—Tool-face angle vs. MD, Example 8.20.
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Fig. 8.51—Inclination angle vs. MD, Example 8.20. 
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Construct the Ragland diagram and fi nd the expected new hole inclination and azimuth angles. 
4.  The original hole inclination and direction angles are φ = 10° at N30W. It is desired to turn the hole to the 

left (counterclockwise) and reduce the inclination angle to 8°. Find the tool-defl ection angle and tool-face 
rotation from the high side.

5.  The original hole inclination and azimuth angles are φ = 6° and ϑ = 240° (S60°W). The desired 
new hole inclination angle is 7° with ϑ =255° (S75W). To perform this job, a whipstock with a DL 
of β = 20° was used. After drilling some distance, the new hole inclination and azimuth angle were 
measured to be 6°30′ and S72W. Find the amount of rolloff (bit walk) and the actual achieved de-
flection angle β*. Note: Because the drillpipe is rotated clockwise, a clockwise rolloff angle is 
anticipated.

 6.  Consider the information provided in Problem 5. How should the whipstock be oriented to drill a hole 
with φ

n
 = 5.5° and ϑ

n
 = 217° (S37W)?

 7.  Carefully review Fig. 8.47 and derive Eq. 8.91. List assumptions. 
 8.  Using the data given in Example 8.16, calculate the new hole angle and azimuth change using Eqs. 8.90 

and 8.91. Verify your calculations using Eq. 8.86. Draw conclusions as appropriate.
 9.  Using the following data, φ = 10°, φ

n
 = 12°, and Δε = 20.01°, fi nd the DL β and the tool- rotation angle 

γ.
10.  Using the following data, φ = 10° and β = 4.28°, fi nd Δε

max
 and the corresponding φ

n
 and tool-face angle 

γ.
11. Given φ, φ

n
 and γ, derive an equation for calculating β .

12.  Show that to drill a well path with constant curvature and build rate, one needs to keep the tool-defl ection 
angle γ constant with reference to the high side of the wellbore.

13.  It has been determined that at a certain point of a 3D well path, a build rate of 24.5°/100 ft was achieved 
with a tool-face angle γ = 47° and a hole inclination angle φ = 63°. Calculate the DLS.

14.  Show that to drill a well trajectory with constant build (B) and turn (T) rates, one needs to change the 
tool-face angle as a function of the hole inclination angle φ as follows:

arctan sin .
T

B

15.  The initial coordinates of a certain 3D well trajectory are x
1
 = 1,450 ft, y

1
 = 7,160 ft and 

z
1
 = 3,785 ft, and the hole inclination and azimuth angles are f

1
 = 35° and ϑ1 = 75°. Predict the hole in-

clination and azimuth angle after drilling 750 ft with build rate B = 4.5°/100 ft if the tool-defl ection angle 
γ = 32° is kept constant along the trajectory.

16.  Calculate the expected x, y, z coordinates of the endpoint of the trajectory as specifi ed in Problem 15 
above.
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Fig. 8.52—Horizontal projections, Example 8.20. 
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8.4 Method of Vectors and Its Application to Directional Drilling

8.4.1 Mathematical Preliminaries: Frenet-Serret Equations. A review of the concepts of vectors and vector 
calculus is recommended before reading this discussion. The position of a point on a curve in three-dimensional 
space representing the centerline of a well trajectory can be uniquely determined by specifying the rectangular 
coordinates x, y, z or by a position vector ( )r s  that is a function of the distance measured along the curve from the 
origin of the coordinate system, as shown schematically in Fig. 8.53.

Using the conventional unit vectors i , j , and k  and defi ning s as the distance from the origin of the coordinate 
system, the position vector r s  can be expressed as

.r s x s i y s j z s k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.98)

The unit tangent vector ( )t s  can be obtained by differentiating the position vector:

( ) ( ) ( ) ( )
( ) .

dr s dx s dy s dz s
t s i j k

ds ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.99)

From Eq. 8.99, it is apparent that the tangent vector is indeed a unit vector because the scalar product (dot prod-
uct) is t t  = 1.

The curvature vector is the second derivative with respect to s of the position vector or the fi rst derivative of the 
unit tangent vector ( )t s  and is equal to the unit normal vector times the curvature ( )s  (the magnitude of the 
curvature vector):

( )
( ) ( ) ( ).

dt s
K s s n s

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.100)

The reciprocal of ( )s  is the radius of curvature, which is the radius of a circle tangent to the trajectory at a 
point on the well path. The sign of ( )n s  is defi ned by the convention that ( )s  is positive. 

Substituting Eq. 8.99 into Eq. 8.100, the curvature vector can be obtained in terms of the second derivatives of 
the trajectory coordinates as follows: 

2 2 2 2

2 2 2 2

( ) ( ) ( ) ( )
( ) .

d r s d x s d y s d z s
K s i j k

ds ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.101)
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Fig. 8.53—3D segment of wellbore with an arbitrary point P(x,y,z) at distance sr  from the origin.
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Hence, the magnitude of the curvature vector is 
2 2 22 2 2

2 2 2
.

d x d y d z

ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.102)

This equation is exactly the same as that used earlier (Eq.8.20) for calculating the wellbore curvature. 
To form a set of three mutually perpendicular unit vectors or local coordinates at s, the unit binormal ( )b s  is 

defi ned as the cross (vector) product of the unit tangent and normal vectors:

( ) ( ) ( ).b s t s n s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.103)

The unit binormal vector is perpendicular to the plane containing the tangent and normal vectors, and the posi-
tive direction is established according to the right-hand rule. 

From differential geometry, it is known that the derivative of the unit binormal vector with respect to the arc 
length (MD) s is

( ) ( ) ( ),db s
s n s

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.104)

where ( )s  is the torsion of the curve. It should be pointed out that the torsion represents the rate of change in the 
unit binormal vector along the well trajectory. For example, if the trajectory is limited to a single plane (mono-
plane trajectory), the torsion is zero. In other words, if the well turns in one plane (vertical, inclined, or horizon-
tal), its torsion is zero. However, any 3D well trajectory must be characterized not only by curvature, but also by 
torsion. In other words, wellbore torsion is an indicator of wellbore departure from a 2D trajectory. The practical 
usefulness of torsion will be shown later in this chapter in a section on torque-and-drag calculations. 

The derivative of the unit normal vector 
dn

ds
 is given by 

( )
( ) ( ) ( ) ( ).

dn s
s t s s b s

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.105)

The set of Eqs. 8.100, 8.104, and 8.105 is known as the Frenet-Serret equations and is effectively used 
in modern directional drilling for well-path design, directional-survey evaluations, and torque-and-drag 
calculations.

8.4.2 DLS, Curvature, and Torsion of a 3D Well Path. The term wellbore curvature has already been explained 
earlier and used for practical calculations. Here it will be shown that same formula can be obtained using vector 
concepts. In addition, methods to calculate the DL and wellbore torsion will be presented. 

Consider a well path in 3D space. If x, y, and z are the rectangular coordinates of an arbitrary point on a 
trajectory and φ(s) and ϑ(s) are the inclination and azimuth angles along the trajectory, then the unit tangent 
vector is

i j k.( ) ( ) ( )( ) (sin cos ) (sin sin ) cosdx s dy s dz s
t s i j k

ds ds ds
    . . . . . . . . . . . . . . . . . . . . .   (8.106)

Eq. 8.106 is consistent with the equations of the fi rst derivatives obtained earlier in Section 8.1.3.
It is also useful to note that Eq. 8.106 can also be written in term of the x-, y-, and z-components of the unit 

tangent vector as ( ) x y zt s t i t j t k ; hence, for example, the z-component of the unit tangent vector is 
cos ( )zt s .

If the hole inclination and azimuth angles are given at two successive points on the well trajectory, then 

1 1 1 1 1 1(sin cos ) (sin sin ) cos ,t i j k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.107a)

2 2 2 2 2 2(sin cos ) (sin sin ) cos .t i j k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.107b)

The overall angle change between two arbitrary points on a well path is simply the angle between their two unit 
tangent vectors. 

If the angle between the unit tangent vectors is denoted by β (the DL angle), then the dot product of the unit 
tangent vectors gives 

1 2 cos .t t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.108)
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Substituting Eqs. 8.107a and 8.107b into Eq. 8.108 and solving for β yields 

1 2 1 2 1 2arccos sin sin cos cos cos .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.109)

Differentiating the unit tangent vector given by Eq. 8.106 results in the curvature vector, K:

cos cos sin sin

     cos sin sin cos sin .

d d
K i

ds ds

d d d
j k

ds ds ds

 

  
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.110)

Hence, the wellbore curvature, which is the magnitude of the curvature vector, is
2 2

2( ) sin .
d d

K s
ds ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.110a)

As anticipated, this is the same equation as Eq. 8.22 used in Section 8.1.5, but obtained in a different manner. 
Now the unit normal vector can be obtained: 

1 cos cos sin sin

1 1     cos sin sin cos sin .

d d
n i

ds ds

d d d
j k

ds ds ds   
  . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.111a)

In a manner similar to that for the unit tangent vector, the x-, y-, and z-components of the unit normal vector can 
be distinguished as ( ) x y zn s n i n j n k , and the z-component is 

1
sin sin sin cosz

d B
n

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.111b) 

where B, κ, and γ are the build rate, curvature (i.e., DLS), and defl ection tool-face angle. The relationship between 
build rate, DLS, and tool-face angle is derived in Section 8.3.3. 

The unit binormal vector is obtained by taking the cross-product of the unit tangent and unit normal vectors. 
From Eqs. 8.106 and 8.111a, 

2

sin cos sin cos

cos cos sin sin sin

d d
b i

ds ds

d d d
j k

ds ds ds
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.112)

In a similar manner as before, it can be determined that ( ) x y zb s b i b j b k , and the z-component of the unit 
binormal vector is 

2 21
sin sin sin sin ,z

d T
b

ds  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.112a)

where T is the turn rate (walk rate). 

It is known that db n
ds

; hence, taking the dot product of both sides yields 

,db
n n n

ds

or 

.y zx
x y z

db dbdbdb
n n n n

ds ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.113)
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Now the derivatives of the unit binormal vector must be obtained: 
22

2
2

2

2

2cos cos sin cos sin sin
1

cos sin cos

x

d d d d

ds ds ds dsdb

ds d

ds

    . . . . . . . . . . . . . . . .   (8.114)

2
2

2

2 2

2

2cos sin cos
1 ,

cos sin cos cos sin sin

y

d d d

ds ds dsdb

ds d d

ds ds

 
   . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.115)

zd d d d

ds ds ds ds

2
2

2

b 1
2sin cos sin .      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.116) 

Substituting Eqs. 8.114–8.116 into Eq. 8.113 yields: 

2 3
2

2
2 2

2 2

cos 2 sin
1

.

sin

d d d

ds ds ds

d d d d

ds dsds ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.117) 

Examination of Eq. 8.117 immediately reveals that if the hole azimuth angle is not changing along the well-
bore trajectory (e.g., if the well path is in a vertical plane), the wellbore torsion is nil. For a given wellbore 
curvature, the wellbore torsion is a function of the build and turn rates as well as their derivatives, as stated 
below: 

2 2 2
2

1
cos 2 sin sin .

dT dB
T B T B T

ds ds
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.118)

Eq. 8.118 can be simplifi ed for some specifi c cases by assuming constant build and turn rates. 

Example 8.21 Suppose that a well path is part of a circular helix. Calculate the wellbore curvature and torsion 
if the turn rate T = 6.5°/100 ft and the hole inclination angle φ = 65°.

Solution. To calculate the curvature, Eq. 8.110 is used:

2 2 2sin sin 6.5 sin 65 5.9 /100 ft,B T T
To calculate the torsion, use Eq. 8.118. Because for a circular helix, B = 0 and 0

dT

ds

(φ = constant and T = constant),

2 3
2

1
cos sin cos 6.5 cos 65 2.75 /100 ft.T T

Example 8.22 A wellbore trajectory has been designed using the RCM. For a build rate of B = 0.12°/ft  and a 
horizontal turn rate of H = 0.14°/ft, calculate the wellbore curvature and torsion at the hole inclination angle φ = 
55°.

Solution. Eq. 8.110 is used (note that T = H sin2 φ) to calculate the wellbore curvature:

2 22 2 4 4sin 0.12 0.14 sin (55) 15.24 /100 ft,B H



526 Fundamentals of Drilling Engineering

and the wellbore torsion can be obtained from Eq. 8.118:

2 2 4
2

2 2 4
2

sin cos 3 sin

0.14 sin(55)cos(55)
3 0.12 0.14 sin (55) 14.73 /100ft.

0.1524

H
B H

From the above example as well as similar calculations for some other cases, one can conclude that the magnitude 
of wellbore torsion can fall into a range similar to that of wellbore curvature. 

8.4.3 Calculating a Well Trajectory From Survey Data. Once a well is drilled out, its actual position must be evaluated 
in terms of the three-dimensional coordinates (x,y,z) and the inclination and azimuth angles along the well path. An im-
portant issue here is how far the actual wellbore path is from the designed trajectory. Normally, some type of survey instru-
ment, such as a magnetic compass or a gyrocompass, is used to measure the inclination and azimuth angles at various 
depths, and then the trajectory is calculated using the appropriate equations. Fig. 8.54 shows the standard way to represent 
part of a trajectory in the case where surveys have been taken at Points 1 and 2. 

The points where the measurements are taken are called the directional stations or simply stations. The inclination 
is the angle between the vertical and a tangent to the wellbore at a survey point. The azimuth is the angle between north 
and the projection of the tangent on a horizontal plane. At each station, the inclination angle φ and azimuth angle ϑ are 
measured and corrected to true north, in the case of a magnetic survey, or for drift, if a gyroscopic survey was taken. 
Of course, the MD s at which the surveys were taken is also known. As previously determined, the hole inclination 
angle and azimuth defi ne the unit tangent vector t . The x-, y-, and z-components of the unit tangent vector are

sin cos ,xt i t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.119a)

sin sinyt j t    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.119b)

cos .zt k t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.119c)
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Fig. 8.54—Two survey stations on a 3D wellpath. 



Directional Drilling 527

If it were known how the angles φ(s) and ϑ(s) vary between stations, then the trajectory could be determined by 
integrating Eq. 8.119:

2 2

1 1
2 1 1d sin cos d

s s

xs s
x x t s x s s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.120a)

2 2

1 1
2 1 1d sin sin d

s s

ys s
y y t s y s s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.120b)

2 2

1 1
2 1 1d cos d

s s

zs s
z z t s z s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.120c)

Because at the time the directional survey is performed, it is not known how the inclination and azimuth angles 
φ(s) and ϑ(s) change between the stations, there is no choice but to introduce some assumptions which will make 
it possible to carry out the required integrations. 

Average-Angle and Tangential Methods. Perhaps the easiest case, although it is not very likely, would be to 
assume a constant tangent vector between the stations. In other words, if both the inclination angle and azimuth 
are assumed constant between the stations, then integration of Eq. 8.120 gives a straight line in the (x, y, z) system 
of coordinates:

2 1 (sin cos ) ,x x s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.121a)

2 1 (sin sin ) ,y y s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.121b)

2 1 cos .z z s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.121c)

A fundamental question here is what angles to use in Eq. 8.121. Several versions of Eq. 8.121 have been used by the 
industry over the years in the early stages of directional drilling. The fi rst method is called the tangential method, in which 
the value of t  used is the value at s

1
, and, hence, the inclination and azimuth angles in Eq. 8.121 are set to φ

1
 and ϑ

1
. If 

the angles at the lower end are used, the inclination and azimuth angles in Eq. 8.121 are set to  φ2
 and ϑ

2
to determine the 

tangent vector; this approach is called the terminal-angle method. In other words, in the terminal-angle method, the 
straightline path is assumed to have the same inclination angle and azimuth angle as that measured at the lower of the two 
survey stations. Another method, the AAM or angle-averaging method, determines the constant values using the algebraic 
average inclination and azimuth angles over the interval between Stations 1 and 2. Hence, for this case,

2 1 (sin cos ) ,x x s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.122a)

2 1 (sin sin ) ,y y s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.122b)

2 1 cos ,z z s    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.122c)

where the average algebraic values are 1
2 1 2  and 1

2 1 2
 as shown in Fig. 8.55. 

A potential pitfall in using Eq. 8.122 arises when the angles are close to zero and 2π. For example, if one angle 
is slightly less than 2π and the other is slightly greater than zero, then the average angle will be near π instead of 
near 0. To obtain the correct result, either 2π must be subtracted from the fi rst angle or 2π must be added to the 
second angle. Care must be taken to ensure that a reasonable result is obtained. The second pitfall occurs in the 
case of nearly vertical wells. In this case, the azimuth angle becomes undefi ned. Neither of these methods is con-
sidered suffi ciently accurate for modern use. 

RCM. This method uses sets of angles measured at the upper and lower ends of the course length to generate 
a 3D wellbore path that has a shape of a spherical arc passing through Points 1 and 2, as shown in Fig. 8.56. 

The unit tangent vectors are as follows:
At Point 1:

1 1 1 1 1 1sin cos sin sin cost s i j k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.123)

and at Point 2:
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2 2 2 2 2 2sin cos sin sin cost s i j k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.124)

Therefore, the difference between the position vectors, r , is

2 2

1 1

s s

2 1 s s
( ) ( ) sin cos i + sin sin jr r s r s ds ds

2

1

s

s
                              cos ) kds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.125)
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Similarly to previous cases, the integrals in Eq. 8.125 can be evaluated for the case where the build and hori-
zontal turn rates are constant between the two survey stations. In this case, 

2 2

1 1
2 1( ) ( ) sin cos sin sin

sin sin
s s

s s

d d
r r s r s i j

H H

 

2

1

                              cos )
s

s

d
k

B
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.126)

Upon integration, the x-, y-, and z-components of r  can be obtained:

2 1 2 1 2 1sin sin cos cos sin sin
r i j k

H H B
    . . . . . . . . . . . . . . . . . . . . . . . . .   (8.127)

Examination of Eq. 8.127 reveals that, as expected, the same equations were obtained for the rectangular coordi-
nates as for well-path design using the RCM. 

Minimum-Curvature Method. In this method, the two tangent vectors are connected by a circular arc, as illus-
trated in Fig. 8.57.

By imposing the requirement that the arc between 1r  and 2r  have a minimum curvature, it follows that the arc 
must be located in a plane. In other words, the minimum-curvature arc is a part of a plane 

circle of radius 1R  , as shown in Fig. 8.58. 
In Fig. 8.58, the wellbore segment between 1r  and 2r  is represented by a circular arc of radius R over angle β 

(the DL) connecting two tangent vectors, 1t  at MD s
1
 and 

2t  at MD s
2
. The arc length is 2 1R s s s. Note 

that the angle β is also the angle between the tangents 1 2 and t t  and is given by Eq. 8.109, which was derived 
earlier. The corresponding position vectors are 1 1 2 2 and r s r s . 

The vector connecting Points 1 and 2 is denoted by r  and is equal to 2 2 1 1r r s r s . 
If r  is known, the change in coordinates Δx, Δy and Δz can be determined as for the RCM. It can be shown 

that for any point on the arc between Points 1 and 2,

1 1 1 1 1 1sin 1 cos .r s r s t R s s n R s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.128)
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Fig. 8.57—Schematic of minimum-curvature method.
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Differentiating Eq. 8.128 with respect to s yields the unit tangent vector t s :

1 1 1 1cos sin .t s t s s n s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.129)

Differentiating the unit tangent vector, the unit normal vector is obtained:

1 1 1 1

1
sin cos .

dt
n s t s s n s s

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.130)

Eqs. 8.129 and 8.130 make it possible to calculate the unit tangent and normal vectors at any point along the 
minimum-curvature trajectory for 1 2s s s . Note that, as expected, at .

Also at s = s
2

2 2 2 1 1cos  sin  .t s t t s n s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.131)

Because the unit tangent vectors 1 2 and t t  are known (φ and ϑ are known from survey stations), Eq. 8.131 can be 
solved to obtain the unit normal vector at P

1
:

2 1 2 1
1

cos  cos
.

sin  sin

t t s t t
n

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.132)

Note that Eq. 8.132 fails if 1 2t t . For this case, Eq. 8.121 for a straight wellbore should be used. For s = s
2
, Eq. 

8.128 can be written as

2 1 1 1sin 1 cos .r s r s r R t R n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.133)

Substituting for 1n  in Eq. 8.132 and setting 
s

R ,

1 2( ) tan .
2

s
r t t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.134)

Substituting known survey data for the unit tangent vectors yields the desired equation in rectangular coordinates:

2 1 1 1 2 2sin cos sin cos RF,x x     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.135a)

2 1 1 1 2 2sin sin sin sin RF,y y     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.135b)
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Fig. 8.58—Segment of a circular arc. 
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2 1 1 2cos cos RF,z z     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.135c) 

where the ratio factor RF is defi ned as

RF tan .
2

s
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.136)

The reader can immediately notice that Eqs. 8.135 derived above are the same as Eqs. 8.31 and 8.32 for the 
minimum-curvature method and its application to trajectory design. 

Analysis of Eqs. 8.129 and 8.130 shows that if several subsequent survey points are considered, the minimum-cur-
vature trajectory is smooth (its derivatives are continuous) at the survey points. Moreover, because the trajectory be-
tween two successive stations is a plane curve, the torsion of each segment is zero. However, although the tangents are 
continuous in the minimum-curvature method, the normal vectors are discontinuous at the survey locations. In other 
words, the minimum-curvature trajectory obtained from several survey stations will have discontinuous curvature. 

Example 8.23 The following data have been obtained from directional surveys:

MD,ft Inclination Angle, 
degrees

Azimuth Angle, 
degrees

7,100 0 0
7,200 10.1 S68W
7,300 13.4 S65W
7,400 16.3 S75W
7,500 19.6 S61W

Calculate the rectangular coordinates x, y, and z using

 • The tangential method
 • The AAM
 • The minimum-curvature method

At the MD s = 7,100 ft, the coordinates are x = 0; y = 0; and z = 7,100 ft. 
Solution. The sequence of calculations will be presented for measured-depth values of 7,200 ft and 7,300 ft. 

The reader is encouraged to complete the calculations for the two remaining stations. The coordinates will be 
calculated using the tangential method. 

According to Eq. 8.121, at s = 7,200 ft, x = 0, y = 0, z = 7,200 ft (Note: φ = 0 because the inclination angle at 
Station 1 is used). 

And at s = 7,300 ft, 
x = 0 + sin (10.1) cos (180+68) (100) = –6.57 ft,
y = 0 + sin(10.1) sin (180+68) (100) = –16.26 ft, 
z = 7,200 + cos(10.1) (100) = 7,298.5 ft.

To use the AAM, the average hole inclination and azimuth angles at s = 7,200 ft must fi rst be calculated:

5.05  and S68W 248  

Now Eq. 8.122 can be used to calculate the coordinates:

x = 0 + sin (5.05) cos (248) (100) = –3.30 ft,
y = 0 + sin(5.05) sin (248) (100) = –8.16 ft, 
z = 7,100 + cos (5.05) (100) = 7,199.61 ft. 

In a similar manner, values at s = 7,300 ft are obtained: 

11.75  and 246.5

and the corresponding coordinates are

x = –3.30 + sin (11.75) cos (246.5) (100) = –11.42 ft,
y = –8.16 + sin (11.75) sin (246.5) (100) = –26.83 ft,
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z = 7,199.61 + cos (11.75) (100) = 7,297.51 ft.
To use the minimum-curvature method, the DL and its corresponding RF must fi rst be calculated. At MD s = 

7,200 ft, the DL is

arccos sin 0 10.1cos0 cos0cos10.1 10.1 0.176 radian,

and the RF is

100 10.1
RF tan tan 50.21 ft.

2 0.176 2

s

Now the coordinates can be calculated using Eq. 8.135:

0 sin 0 cos248 sin10.1 cos 248 50.21 3.30 ft,x

0 sin 0cos248 sin10.1 sin 248 50.21 8.16 ft,y

7,100 cos0 cos10.1 50.21 7,199.64 ft.z

Consequently, at MD s = 7,300 ft,

arccos sin10.1sin13.4cos 3 cos10.1cos13.4 3.355deg 0.059 radian,

3.355100
RF tan 49.64 ft,

0.059 2

3.30 sin10.1 cos248 sin13.4 cos245 49.64 11.42 ft,x

8.16 sin10.1 sin 248 sin13.4 sin 245 49.64 26.66 ft,y

7,199.64 cos10.1 cos13.4 49.64 7,296.8 ft.z

The reader is encouraged to use the RCM and compare the results. 

8.4.4 Interpolation Between Survey Stations. If survey stations are not located close enough together, in-
terpolation is frequently required to calculate hole inclination and azimuth angles as well as build and turn 
rates along the trajectory between two successive stations. Such calculations are particularly important for 
accurate casing design, torque-and-drag predictions, and hole-cleaning calculations. The following discussion 
shows how to carry out interpolation calculations for hole inclination and azimuth angles and build and turn 
rates using the minimum-curvature method. For this purpose, let as consider the following two numerical 
examples.

Example 8.24 The following are two directional-survey measurements taken 100 ft apart:

Station 1: φ1 = 13.4°,ϑ
1
 = S65W = 245°

Station 2: φ2 = 16.3°, ϑ
2
 = S75W = 255°

Calculate the hole inclination and azimuth angles at the midpoint (50 ft from the fi rst station), 
assuming a minimum-curvature well path.

Solution. The unit tangent vector was given by Eq. 8.106 but is repeated below for the reader’s convenience: 

(a) ( ) (sin cos ) (sin sin ) (cos ) .t s i j k

For the minimum-curvature well path, the unit tangent vector was given as Eq. 8.129, but again is repeated below:

(b) 1 1 1 1cos sin .t s t s s n s s
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Multiplying (dot product) Line (a) by k  yields the z-component of the unit tangent vector:

(c) • cos ( )t k s

In a similar manner, from Line (b),

(d) 1 1 1 1• cos cos • sint k s s n k s s

Comparing Lines (c) and (d),

(e) 
1 1 1 1cos ( ) cos cos • sin .s s s n k s s

Line (e) enables calculation of the hole inclination angle at any arbitrary point of a minimum-curvature trajectory 
if the dot product 1 •n k  can be determined.

For the minimum-curvature method, the unit normal vector at Station 1 is given by Eq. 8.132: 

(f) 1 2 1

1
cos .

sin
n t t

Hence, 

(g) 2 1
1• cos cos cos

sin
n k

Substituting Line (g) into Line (e) gives 

(h) 2 1
1 1 1

cos cos cos
cos ( ) cos cos sin .

sin
s s s s s

Line (h) enables calculation of the hole inclination angle φ(s) along the well trajectory between surveying Stations 
1 and 2. First, however, it is necessary to calculate the DL angle β and the wellbore curvature κ.

From Eq. 8.109,

arccos sin 13.4 sin 16.3 cos 10 cos 13.4 cos 16.3 3.86 .

Hence, the wellbore curvature is

(i) 
3.86

0.0386 /ft.
100

Now, using Line (h) at a distance s–s
1
 = 50 ft from the fi rst station gives

cos(16.3) cos(13.4) cos(3.86)cos cos(13.4) cos(1.93) sin(1.93) 0.9668.
sin(3.86)

Consequently, the desired wellbore inclination angle is

(j) arccos 0.9668 14.79 .

The calculations of the azimuth proceed as follows: 
From Line (a), the x-component of the unit tangent vector can be obtained: 

• sin cost i

Consequently, 

(k) 
•

arccos .
sin

t i
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The dot product of the t  and i  unit vectors is now required.
From Line (b):

(l) 1 1 1• • cos - • sin - .t i t i s s n i s s

It is known that

(m) 1 1 1• sin cos sin(13.4) cos(245) 0.0979,t i  

and

1 2 1

2 2 1 1

1• • - • cos
sin

1        sin cos sin cos cos
sin

n i t i t i

(n) 
1         sin 16.3 cos 255 sin 13.4 cos(245)cos(3.86) 0.3725

sin 3.86

Substituting Line (m) and Line (n) into Line (l) and the result into Line (k) yields the desired azimuth angle: 

0.08534arccos arccos(–0.3342) 250.47 .
sin(14.79)

Note that two answers are possible for the azimuth angle, but only one is a reasonable choice for the problem 
under consideration.

The purpose of the next example is to show how to calculate the build and turn rates using the minimum-cur-
vature method. 

Example 8.25 For the directional-survey data in Example 8.24, determine the build and turn rates at the mid-
point of the minimum-curvature trajectory. The reader is advised to review the Example 8.24 solution before 
working on the one given below. 

Solution. It is known that the z-component of the unit normal vector is given (Eq. 8.111b) by the following 
equation:

(a) 1
sin sin .z

d B
n

ds

Moreover, the unit normal vector for the minimum-curvature well path (Eq. 8.130) is

(b) 1 1 1 1sin cos .n s t s s n s s

Multiplying (dot product) Line (b) by k , the z-component of the unit normal vector is

(c) 
1 1 1 1( ) • • sin • cos .zn n s k t k s s n k s s

and substituting for the dot products in Line (c) yields 

(d) 2 1
1 1

cos cos cos
cos sin cos .

sinzn s s s s  

By comparing lines (a) and (d), the build rate at any point on the well trajectory between survey Stations 1 and 2 
can be determined.

For the midpoint, it is known that

φ = 14.79° 

and 

κ (s – s
1
) = 1.93°.
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Consequently, from Line (d), n
z
 = –0.1924, and from Line (a), the build rate B = 0.0291°/ft = 2.91°/100 ft.

To calculate the trajectory turn rate (walk rate), the z-component of the unit binormal vector will be needed. It 
is known (Eq. 8.112a) that

(e) 
21

sin .z

d
b

ds

For a minimum-curvature trajectory, the unit binormal vector is

(f) 
1 1 2 2 .b t n t n

Substituting for 
1n ,

(g) 1 2

sin

t t
b

Therefore, the z-component of the binormal unit vector is

(h) 1 2 2 1sin sin sin
• .

sinzb b k

Hence, 0.1678zb , and the desired turn rate from Line (e) is

2

(0.1678)(0.0386)
0.0994 / 9.94 /100 ft.

sin (14.79)

d
T ft

ds

8.4.5 Tool-Face Angle Control for a Minimum-Curvature Trajectory. As shown in Examples 8.24 and 8.25, 
drilling a well that follows a minimum-curvature trajectory involves continuous changes in hole inclination and azi-
muth angle. Such changes in general result in variable build and turn rates along the minimum-curvature path. The 
challenge here is to derive an equation for calculation of the instantaneous tool-face angle γ (s) along the trajectory if 
the hole inclination angle φ (s)  and azimuth ϑ (s)  are known.

To solve this problem, it is convenient to introduce two more unit vectors: the high-side unit vector,h, and the 
right-side unit vector, v, as shown in Fig. 8.59. As their names indicate, these vectors point out to the high and 
right sides of the wellbore. 
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Fig. 8.59—High- and right-side vectors. 
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In Fig. 8.59, a 3D minimum-curvature well segment is denoted as AB, and at Point P, the unit tangent, normal, 
high-side, and right-side vectors are denoted as n h, , , and t v, respectively. At Point P, the hole inclination angle 
is φ and the azimuth is ϑ. 

The high-side unit vector h  lies in a vertical plane of the well and is normal to the unit tangential vector t ; 
hence, its inclination angle is = (90 ) and its azimuth is ϑ. The right-side unit vector v lies in a horizontal plane 
perpendicular to both t hand  vectors; hence, its inclination angle is 90° and its azimuth is (ϑ +90°).

Consequently, if the unit tangent vector is known, the unit high-side and right-side vectors are

h i j k(cos cos ) (cos sin ) ( sin )     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.137)

and

( sin ) (cos ) .v i j     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.138)

The v vector is perpendicular to the k  vector, and its z-component is nil. The tool-face angle γ is the angle between 
the unit vectors h and n; hence,

• cosh n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.139)

and

• sin .v n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.140)

Consequently, the tool-face angle can also be calculated from the following expression:

•
arctan .

•

v n

h n    

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.141)

Example 8.26 Consider a segment of a minimum-curvature wellbore as described in Example 8.24. Calculate 
the tool-face angle γ at the midpoint with φ = 14.79° and ϑ = 250.47°.

Solution. Using Eq. 8.137, the components of the unit high-side vector can be calculated as

50 ft cos 14.79 cos 250.47 cos 14.79 sin 250.47 sin 14.79 ,h s i j k

(a) 0.3232 0.9112 0.2553 .h i j k

The unit normal vector n s  is given by Eq. 8.130 and is repeated here for the reader’s convenience:

(b) 1 1 1 1sin cos ,n s t s s n s s

where

(c) 
t t

n 2 1
1

cos
.

sin

It is necessary to calculate the unit vectors 1 2andt t :

(d) 1  sin 13.4 cos 245 sin 13.4 sin 245 cos 13.4

0.0979 0.2100 0.9728 ,

t i j k

i j k

(e) 
2  sin 16.3 cos 255 sin 16.3 sin 255 cos 16.3

0.0726 0.2711 0.9598 .

t i j k

i j k
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It is known that cos β = 0.9977; substituting Lines (d) and (e) into Line (c) yields the unit normal vector at Point 
1:

(f) 1 0.3724 0.9150 0.1604 .n i j k

In the present case, κ (s – s
i
) = 1.93°

 
and substituting Lines (d) and (f) into Line (b) yields the unit normal vector 

at the midpoint:

(g) 50 0.3755 0.9074 0.1922 .n s ft i j k

Now the dot product 0.7545h n  can be calculated and, using Eq. 8.139, the desired tool-face angle is obtained:

arccos 0.7545 41 .

The defl ection tool must be turned 41° to the right from the high-side angle to obtain the required hole incli-
nation and azimuth angles. The reader is encouraged to verify the calculations using Eq. 8.140 and to write a 
computer program to perform the calculations after every 5 ft of drilling.

The tool-face angle can also be obtained directly from Eq. 8.111b because n
z
 = –0.1924 has already been cal-

culated in Example 8.25. One can easily verify that by using Eq. 8.111b, the tool-face angle is calculated as 41°. 

8.4.6 Review Questions and Problems.

 1. Defi ne the curvature vector and provide its geometric interpretation. 
 2. Defi ne the torsion of a 3D curve and provide its geometric interpretation.
 3. Explain why torsion is nil if the well path is in a 2D plane.
 4. Write the Frenet-Serret equations.
 5. Derive Eq. 8.109 for calculating the DL. 
 6.  Show that the z-components of the unit normal and binormal vectors can be expressed in terms of the 

hole inclination angle φ and the tool-face angle γ  by means of the following equations:

sin cos ,zn

sin sin .zb

 7.  Show that for a minimum-curvature well trajectory with DL β, the z-components of the unit tangential, 
normal, and binormal vectors can be calculated from the following equations:

2 1 1
1 2

1
sin cos sin cos

sinz

s s s s
t

s s

1 2 1 1 2 22

2 1
1 1 2 2

1 2 1 1 2 2

2 1
1 1 2 2

1 (sin cos sin cos sin sin )
sin

sin sin sin sin sin sin

(sin cos cos cos sin cos )

sin sin cos sin sin cos

zn

s s s s

s s

s s s s

s s

1 2 2 1sin sin sin ,zb

where φ
1
,ϑ

1
 and φ

2
, ϑ

2
 are the inclination and azimuth angles at the beginning and end points of the 

wellbore segment; s
1
 and s

2
 are the MDs at the beginning and end points, 2 1s s s ; and s is the MD at 

any arbitrary point between the limiting points. 
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 8.  Calculate the wellbore torsion for a point on a well trajectory with given DLS = 12°/ft and 
B = 10.6°/ft at hole inclination angles of φ = 58.2° and φ = 86.7°.

 9.  Is it true that using the AAM for evaluating directional surveys will result in a wellbore composed of a 
number of straight segments?

10.  For the data in Example 8.23, calculate the trajectory coordinates using the RCM.
11. The following information is available along the well path:

Point MD, ft
Hole Inclination 
Angle, degrees Direction

1 3,424 26.5 N50W
2 3,517 26.75 N48W
3 3,640 27.0 N46W
4 3,734 26.75 N43W
5 3,829 27.5 N41W

The rectangular coordinates at Point 1 are x = 257.9 ft, y = –266.4 ft, z = 3368 ft. Determine the x,y,z coordinates 
for Points 2 through 5 using the minimum-curvature equations.

12.  Consider two points on a well-path segment with the following hole inclination angles and azimuths:

Point
Inclination Angle, 
degrees

Azimuth Angle, 
degrees

1 ϕ = 45.9 ϑ = 7.59

2 ϕ = 50.0 ϑ = 39.8

The distance between two points as measured along the well path is Δs = 801 ft. Calculate the hole inclina-
tion and azimuth angles at the distance of 202.5 ft and 607.5 ft from the fi rst point, assuming the following: 

(a) minimum-curvature trajectory
(b) constant curvature and build rate trajectory

13.  Wellbore data as in Problem 12. Calculate the build and turn rates at the midpoint, assuming a minimum-
curvature trajectory.

14.   Data as in Problem 12. Formulate the high-side and right-side unit vectors and calculate the tool-face 
angle at the midpoint.

8.5 Torque-and-Drag Modeling and Calculations for 2D Well Profi les
In this section, equations are provided for calculating the tension (compression) along a length of drillstring or 
casing being slowly pulled from or lowered into a directional well. The well path is assumed to be 2D and con-
fi ned to a vertical plane. Allowance is made for the distributed pipe weight, friction, and hole curvature. On the 
other hand, the pipe bending stiffness and couplings are not taken into account. In other words, for the sake of 
simplicity, the string is treated as a continuous fl exible cable or rope.

8.5.1 Introduction. For effective drilling, it is necessary to apply a force to the drill bit and to rotate it to 
obtain the desired rate of drilling. In conventional rotary drilling, the force on the drill bit is achieved by 
slacking off a part of the weight of the BHA, and the bit rotation is accomplished either by rotating the entire 
drillstring or by means of a downhole motor. Frequently, even if a downhole motor is used, the drillstring is 
also rotated to increase the rate of drilling and to improve transport of cuttings from the drill bit to the top of 
the hole. 
In the ideal case of vertical drilling, the hook load (weight indicator at the surface) is attributable to the weight of 
the drillstring (drillpipe, BHA, and other components) in drilling fl uid, reduced by the weight of the portion that is 
slacked off on the drill bit, which is usually simply called the WOB, that is

BHA WOB,h dpF W W  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.142)

where W
dp

 = weight of drillpipe in drilling fl uid, W
BHA

 = weight of BHA (drill collars, downhole motor, MWD 
unit, stabilizers) in drilling fl uid, and WOB = weight on bit.

Usually, the pipe weight in drilling fl uid is called the effective weight or buoyant weight. For the sake of sim-
plicity, dynamic forces due to acceleration are disregarded in the torque-and-drag analysis. 
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If the well deviates from the vertical, the drillstring will be in partial contact with the wall of the wellbore, and 
so-called drag forces will develop due to friction between the contacting surfaces.  Because drag forces always 
oppose the direction of motion, the hook load is at its highest during tripping-out operations. The difference in 
hook loads during tripping into and tripping out of the well is a very good indicator of the magnitude of the down-
hole friction forces. In a good-quality vertical wellbore, the difference in hook loads during tripping-in and trip-
ping-out operations is expected to be small. 

The torque (moment) required to rotate the drillstring consists of three major components: torque required for 
rotating the drill bit, torque for rotating the drillstring to overcome viscous drag due to drilling fl uid, and torque 
due to the contact forces between the drillstring and the wellbore. This can be expressed as

,t db vd cdM M M M     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.143)

where M
db

 = torque required to rotate the drill bit, M
vd

 = torque to overcome viscous drag, and M
cd

 = torque to 
overcome drag resulting from contact forces.

In a good-quality vertical hole, the total torque is controlled by the fi rst two components in Eq. 8.143. In direc-
tional drilling and particularly in horizontal wells and ERWs, the third component is dominant and is of great 
concern for well designers. 

Accurate predictions of the forces and torques required for drilling and casing-running operations are very 
important for calculation of the horsepower needed for drilling (e.g., the selection of rig hoisting and rotary equip-
ment), for evaluation of the mechanical integrity of drillstring and casing components, and for prediction of dif-
fi culties with casing running, wellbore stability, and control of penetration rate. 

During drilling, the torques and forces are measured at the top of the hole and frequently above the drill bit. 
These measurements are carried out and recorded in real time and are very useful for detecting potential hole 
problems such as poor hole cleaning, differential pipe sticking, and hole spiraling. Any signifi cant deviations of 
the actual measured values from those obtained from well-planning calculations are early indicators of poor hole 
quality. A good-quality wellbore should be smooth, in gauge, and free of local DLs. Benefi ts include trouble-free 
drillstring and casing tripping, logging, and cementing operations. 

8.5.2 Axial Drag-Force Calculations. Straight Inclined Wellbore. To explain the concept of axial drag, let us 
consider a smooth pipe (no tool joints) with a unit weight in fl uid of w

bp
 in a straight but inclined wellbore with 

inclination angle φ, as shown in Fig. 8.60a. The pipe is pulled out slowly, so acceleration effects can be ignored. 
The force at the bottom of the pipe is given and equal to F

1
. The task at hand is to calculate the magnitude of the 

pulling force F
2
 at a distance L from the lower end. 

To generalize, let us consider the static equilibrium of a small (differential) pipe element with a length of ds and 
a weight in fl uid of w

bp
ds. In other words, the pressure forces attributable to the drilling fl uid are not shown on the 

L

F2 

F1 

ds

(a) (b)

wbp 

(wbp sin   )ds 

(wbp cos   )ds 

t

wbp ds 

wc ds 

wc ds 

μ

F

 F + dF 

 n 

ϕ

ϕ

ϕ

Fig. 8.60—(a) Pipe with length L in a straight inclined hole; (b) free-body diagram for pipe in a straight inclined hole. 
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free-body diagram (FBD), but their effect results in a pipe unit effective (buoyant pipe) weight w
bp

. An FBD for 
this element is shown in Fig. 8.60b. It is convenient to use a t-n coordinate system as shown in Fig. 8.60b, with 
the positive t acting up the wellbore. 

Let F be the tension at the lower end of the differential pipe element and F+dF the tension at the upper end. The 
force F is also called the axial effective force. Let w

c
ds and μw

c
ds be the normal and tangential reactions of the 

wall of the hole on the differential element of pipe, where. The sliding friction force is pointing downward be-
cause the motion is assumed to be upward. Note that the shear forces are not shown on the FBD because they are 
nil for a straight pipe. 

Equilibrium of forces in the normal (perpendicular to the pipe axis) and tangential (parallel to the pipe axis) 
directions gives the following:

In the normal direction:

sin 0.c bpw w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.144)

In the tangential direction:

( )cos 0.bp cF dF F w ds w ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.145)

Substituting Eq. 8.144 into Eq. 8.145 yields

( sin ) ( cos ) .bp bpdF w ds w ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.146)

Integrating Eq. 8.146 gives the force at the upper end of the pipe:

2 1 ( sin ) ( cos ) .bp bpF F w L w L     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.147)

Clearly, the axial force F
2
 is composed of three terms that represent the force applied at the pipe bottom (e.g., 

the weight of pipe suspended below the cross section under consideration), the friction force component [
( sin )bpw L], and the weight of the unsupported part of the string [( cos )bpw L]. If the pipe is lowered down 

(tripping in the hole), the sign of the friction component needs to be changed because friction force always op-
poses motion. Hence,

2 1 sin ( cos ) .bp bpF F w L w L     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.148)

For example, if the hole inclination angle is 45°, the effective pipe unit weight is 16 lbf/ft, the length of the seg-
ment is 300 ft, the coeffi cient of sliding friction is 0.3, and the force at the lower end is 10,000 lbf, the force at the 
top of the segment is 14,412 lbf for tripping out and 12,376 lbf for tripping into the wellbore. 

Examination of Eq. 8.148 tells us that the force F
2
 may be positive (tension), zero, or negative (compression). 

If the force F
2
 is negative, this indicates that the weight of the pipe is not suffi cient to move it down. In other 

words, a negative force indicates that pushing (compression) must be applied to the pipe at the top to slide it into 
the hole. Application of a pushing force is frequently required in highly inclined wells and is always needed in a 
horizontal well. If the compressive force is high enough, the string buckles into a 3D snake shape. This is called 
lateral, snaky, or sinusoidal buckling. Eventually the pipe may even assume a helical shape if the force is large 
enough, which is called helical buckling. 

During drilling operations, the friction coeffi cient μ in Eqs. 8.147 and 8.148 is determined under actual borehole 
conditions to match the measured forces at the top of the hole. Consequently, it also includes the effects of poor hole 
cleaning (cuttings buildup in horizontal and highly inclined parts of the wellbore), tight hole conditions, differential pipe 
sticking, washouts, keysets, and local wellbore irregularities. Therefore, this quantity is sometimes called the wellbore 
friction factor rather than the friction coeffi cient. To match the hook loads for tripping into and out of the hole, two dif-
ferent values of wellbore friction factor must sometimes be used. If the wellbore is clean and free of other problems, the 
sliding friction is the main factor affecting drag forces and torque and is not dependent on the direction of pipe motion.

Typically, well designers assume a sliding friction coeffi cient between 0.2 and 0.4 (depending mostly on the 
type of rock and drilling fl uids) at the planning stage of well development. However, friction factors of up to 0.8 
have been reported in the literature. 

Table 8.4 gives friction factors for drilling and casing-running operations in three different regions and using 
two different drilling-fl uid systems.
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The friction-coeffi cient values given in Table 8.4 are for a moving drillstring and represent the so-called dy-
namic coeffi cient of friction. The static coeffi cient of friction is somewhat greater. In other words, a greater force 
is required to initiate string motion than to keep a string in motion. The difference in the static and dynamic coef-
fi cients of friction and the presence of drillstring elasticity result in a slip-stick type of motion that is particularly 
apparent when the string is being pushed down the hole. This slip-stick motion causes dynamic loading of drill-
string components that may be detrimental to the drillbit and to the downhole motor. Uneven loading of the drill 
bit also causes changes in the defl ection tool-face setting that must be frequently corrected to drill the desired well 
trajectory. Because of the elasticity of the drillstring, some portion of the friction force may be trapped and even-
tually released, resulting in unexpected string movement. 

Over the years, a number of techniques have been developed to reduce longitudinal (sliding) drag. These in-
clude various lubricants added to the drilling fl uid, rollers, vibrations (hydraulic and mechanical), and special 
procedures that involve turning the pipe to the right and then to the left through an angle that is suffi ciently large 
to break down most of the axial friction without affecting the orientation of a bent housing or sub that is used for 
deviation control (Maidla and Haci 2004). 

If the pipe is rotated during tripping operations, the friction is absorbed by the torque, and for the purpose of 
force calculations, it can be assumed that the sliding friction coeffi cient is nil. Such an approach is justifi ed be-
cause the axial velocity component during drilling is much less than that due to pipe rotation. For practical calcu-
lations, the usual approach is still to use Eqs. 8.146 and 8.147 and to set the friction coeffi cient to zero. 

Curved Wellbore of Constant Curvature. In a manner similar to that for a straight inclined well, let us now 
consider a smooth pipe (free of couplings) in the curved part of a wellbore. For the sake of simplicity, only well-
bore segments with constant curvature will be considered here. The case where hole inclination angle decreases 
with depth will be analyzed fi rst, followed by that where the hole angle increases with depth. It is assumed that 
the well path lies in a vertical plane, and therefore gravity is acting downward. In other words, the well trajectory 
is two-dimensional and confi ned to a vertical plane. 

For the sake of simplicity, it is assumed that the pipe has no bending stiffness; it behaves like a fl exible cable or 
rope. At fi rst, this may look like an unrealistic assumption, but fi eld practice indicates that the results obtained 
using this approach are acceptable for many practical applications. This approach is called a soft-string model as 
opposed to a stiff-string model that accounts for pipe bending stiffness. 

Drop-Off Bend. First, let us consider the case where the hole inclination angle decreases with depth (a drop-off 
bend) and the pipe slides on the lower side of the hole. 

Fig. 8.61 shows a segment of wellbore with radius R, inclination angle φ, and increase in inclination dφ. In a 
similar manner as for the straight inclined wellbore, let F represent the tension at the lower end of the differential 
pipe element with length ds, and let F+dF represent the tension at the upper end. Let dN and μdN represent the 
normal (radial) and tangential reactions of the wall of the hole acting on the pipe element. In addition to the forces 
F+dF, F, cw Rd , and cw Rd , the pipe element is subjected to its weight w

bp
Rdφ, as shown in Fig. 8.61. 

Equilibrium of forces in the normal (radial) direction gives

cos cos cos 0.
2 2 2 2 2c bp

d d
w Rd F dF F w Rd     . . . . . . . . . . . . . . .    (8.149)

The shearing forces are not shown in the FBD because the pipe is assumed to behave as a rope (no bending stiff-
ness). 

Assuming sin
2 2

d d  and ignoring the higher-order terms such as 
2

d
dF ,

sin ,c bpw Rd Fd w R d      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.150)

TABLE 8.4—FRICTION FACTORS FOR DRILLING AND CASING-RUNNING OPERATIONS 

Region Drilling-Fluid System 
Drilling 12 -in. Open 

Hole 
9⅝-in. Casing-Running Open 

Hole 

North Sea Oil-based 0.10–0.20 0.25–0.40 
Caspian Sea Oil-based 0.20–0.30 0.30–0.50 

Alaska Water-based 0.15–0.25 0.30–0.40 

(Mason et al. 1999)
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and dividing Eq. 8.150 by dφ, 

sin ,c bpRw F w R     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.151)

or

sin .c bp

F
w w

R
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.152)

Eq. 8.152 represents the contact force per unit length of pipe w
c
. This force consists of two components: 

the first component, F/R, is due to the pipe force F and the wellbore curvature 1
R

, and the second is due 
to the pipe effective unit weight w

bp
. Note that even if the pipe unit effective weight w

bp
 is nil (for example, 

if buoyancy effects counteract the pipe weight), the unit contact force is not nil, but depends on the magni-
tude of the force F and the wellbore curvature κ. The product κF is called the capstan force. It should also 
be noted that if the pipe is in compression, the first term becomes negative (the direction of the pipe force F 
is changed), which in turn results in a decrease in the contact force w

c
. Eventually, if the contact force is 

small enough, the pipe can buckle, and then the model described above is no longer valid. This issue is dis-
cussed later in this chapter. 

Static equilibrium of forces in the tangential direction gives

cos cos cos 0.
2 2 bp cF dF F w R d w R d     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.153)

Assuming cos 1,
2

d

cos .c bpdF w R d w R d     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.154)

Substituting Eq. 8.150 into Eq. 8.154 and performing certain rearrangements yields

sin cos .bp bp

dF
F w R w R

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.155)

Solution of Eq. 8.155 gives the desired pipe force F as a function of the hole inclination angle φ:
2

2 2

1 2
sin cos ,

1 1bpF w R Ce     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.156)

where C is a constant of integration that needs to be determined from the boundary condition at the lower or upper 
end of the string. 

R

F + dF 

F dϕ

w
c 
Rdϕ

μ w
c 
R dϕ

w
bp

 R dϕ 

ϕ

Fig. 8.61—Free-body diagram for a small pipe element in a drop-off bend.
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It is useful to note that if the pipe is not sliding (the static case), the dynamic friction force is zero, and Eq. 8.156 
reduces to 

sin .bpF w R C    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.157)

Eq. 8.157 can also be used for calculation of forces if the pipe is rotating. Pipe rotation results in a decrease in the 
pulling force because the axial drag is absorbed by the rotary torque. It should be remembered, however, that pipe 
rotation always contributes to pipe fatigue and may lead to drillstring fatigue failures as well as local pipe over-
heating. 

Buildup Bend. If the hole inclination angle is increasing with depth (a buildup bend), two cases must be dis-
tinguished depending on the magnitude of the tension in the pipe: the so-called high-tension (Case a) and low-
tension (Case b) cases. 

Case a (High Tension). If the tension is high enough, the pipe will touch the high side of the wellbore, as shown 
in Fig. 8.62. For this case, the pulling force F is decreasing while the overall inclination angle ϕ is increasing. This 
may lead to some confusion in the derivations. For this reason, it is convenient to consider instead the angle 

2
, which increases as tension increases.

Following similar reasoning as in the case of decreasing hole inclination angle (equilibrium of forces in the 
radial and tangential directions), 

cosc bpw R F w R  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.158)

and

sin cos .bp

dF
F w R

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.159)

Solving Eq. 8.159 and substituting for 
2

, it is possible to obtain the pipe force F as a function of the 
hole inclination angle φ: 

2
2

2 2

1 2
sin cos .

1 1bpF w R Ce     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.160)

Eq. 8.160 is valid if the pipe is in contact with the high side of the hole, which requires that the pipe tension 
satisfy the condition sinbpF w R . 

R

F+dF 

wbp R dβ 

wc R dβ 

wc R dβ 

F  

μ
β

dβ

Fig. 8.62—Free-body diagram for a small pipe element in a buildup bend—“high-tension” case.
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Case b (Low Tension). For the low-tension case ( sinbpF w R ), the pipe slides on the lower side of the hole, 
as shown schematically in Fig. 8.63.

In a manner similar to that for Case a, projecting the forces in the tangential and normal directions, the follow-
ing equations are obtained:

cosc bpw R w R F     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.161)

and

sin cos .bp

dF
F w R

d
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.162)

Solving Eq. 8.162 and substituting for 
2

 yields
2

2 2

1 2
( ) sin cos exp

21 1bpF w R C  
   . . . . . . . . . . . . . . . . . . . . . . . . .    (8.163)

It is important to recall that Eq. 8.163 is valid on condition that sinbpF w R .
It is self-evident that the string lies on the lower side of the wellbore (due to the effect of gravity) if the pipe is 

in compression rather than tension. It must be well understood that the equations derived above are valid for a 
soft-string model and that their practical application will require determination of the constant of integration C 
from the boundary conditions. 

Sometimes well designers use segments with variable rather than constant curvature (parts of a parab-
ola, ellipse, or catenary). A catenary describes the shape of a hanging cable (belt) between two points of 
suspension. 

Example 8.27 Consider a 5-in. drillpipe with a buoyant weight of 20.15 lbf/ft in a wellbore, as shown 
schematically in Fig. 8.64. It is known that a BHA with a weight of 20,000 lbf is suspended below the drop-
off section of the well; the friction coefficient is 0.2. The S-type well trajectory parameters are as follows: 
KOP is at 1,100 ft; the radius of the buildup section is 558 ft; the length of the buildup section is 439 ft; the 
tangent length (sail length) is 4,292 ft; the inclination angle for the tangent section is 45°; the radius of the 
drop-off section is 558 ft; and the drop-off length is 439 ft. 

Calculate the axial force in a drillpipe at Point 4, Point 3, Point 2 and Point 1 on the well trajectory for the 
following three cases:

wbp R dβ 

wc dβ

wc R dβ R
F+dF 

F  

μ

β 

dβ 

Fig. 8.63—Free-body diagram for a “low-tension” case.
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1. Static (frictionless) conditions (assume that the pipe is not moving, set μ = 0)
2. Tripping out of the hole
3. Tripping into the hole

Solution. Case 1 (Static Conditions). Assume that the coeffi cient of friction μ = 0. To obtain the axial force at 
Point 4, set μ = 0  in Eq. 8.156, which yields

4 sin .bpF w R C

At Point 5, the hole inclination angle φ = 0° and F
h
 = 20,000 lbf; hence, the constant C = 20,000 lbf, and conse-

quently, the force at Point 4 is

4 20,000 20.15 558 sin 45 27,950 lbf.F °

To calculate the force at Point 3, Eq. 8.147 can be used, setting F
2
 (the force at the lower end) equal to the force 

calculated at Point 4: 

3 27,950 20.15 cos 45 4,292 89,100 lbf.F

To calculate the force at Point 2, use Eq. 8.160 with μ = 0 :

2 sin .eF w R C

Because at φ =45°, F = 89,100 lbf, the constant C is

89,100 20.15 sin 45 558 97,053 lbf.C

Consequently, at φ = 0 (Point 2), 

2 97,053 lbf.F

At Point 1 (top of the hole),

1 97,053 20.15 1100 119,220 lbf.F

KOP=1,100 ft 
R1=558 ft 

Buildup 
section: 439 ft 

45°

Tangent section 
length=4,292 ft 

R2=558 ft 

1 

3 

2 

4 

5 

BHA=20,000 lbf

Drop-off section 
length=439 ft 

45°

Fig. 8.64—S-type well trajectory for Example 8.27 (drillpipe size = 5 in., unit buoyant weight = 20.15 lbf/ft, friction 
coeffi cient = 0.2).
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Case 2 (Tripping Out of the Hole). To calculate the force F
4
 at the top of the drop-off section (Point 4), Eq. 8.156 

is used. Because at Point 5 0 ,
 
 F

5
 = 20,000 lbf, the constant C can be calculated as

2

2 0.2
20,000 20.15 558 24,324 lbf.

1 0.2
C

Hence, at Point 4 (ϕ = 45°),

2 0.2
4

4 2 2

2 0.21 0.220.15 558 sin 45 cos 45 24,324 32,740 lbf.
1 0.2 1 0.2

F e

Using Eq. 8.147, the force at the bottom of the build section can be calculated as

3 32,740 20.15 4,292 0.2sin 45 cos 45 106,124 lbf.F

To obtain F
2
 at the top of the build section (Point 2), Eq. 8.160 is used. Because the force at the bottom of this 

section is already known, the constant C can be determined as

2 0.2
2 4

2 2

2 0.21 0.2
106,124 20.15 558 sin 45 cos45 .

1 0.2 1 0.2
Ce

Solving for C, the result is C = 99,524 lbf.

Therefore, at Point 2 (φ = 0),

0.2
2

2 2

2 0.2
20.15 558 99,524 132,000 lbf,

1 0.2
F e

and fi nally, at the top of the hole,

1 132,000 20.15 1,100 154,165 lbf.F

Case 3 (Tripping Into the Hole). To calculate force F
4
, Eq. 8.156 will be used, but with a negative sign for the 

friction coeffi cient μ. Because φ equals 0° , F
4
 equals 20,000 lbf, C = 15,675, then at φ equal 45° (Point 4):

2
0.2

4
4 2 2

2 0.21 0.2
20.15 558 sin 45 cos 45 15,675 23,795 lbf.

1 0.2 1 0.2
F e

In a similar manner, it is possible to calculate the forces at Points 3, 2, and 1. 

The fi nal results for all three cases are given in Table 8.5. The magnitude of the effective axial forces along the 
string is shown in Fig. 8.65. The difference between the loads during tripping out and tripping in is due to the 
direction of the friction force, which always opposes the direction of motion. It is also interesting to note that the 
static forces are not the average values of the tripping forces. 

Once the effective axial force has been calculated, it is possible to calculate the contact force between the pipe 
(including tool joints or casing couplings) and the wellbore. The unit contact force in the middle of the buildup 
portion of an S-shaped well (shown in Fig. 8.64) can be calculated using Eq. 8.158. The effective axial force 
(tripping out) at this point is approximately 130,500 lbf, and the contact force per unit length is approximately 
230 lbf/ft. If the spacing between tool joints is 30 ft, the force at each tool joint is approximately 3,450 lbf. The 
distribution of unit contact forces along the string is shown in Fig. 8.66. 

In the next step, the designer needs to assess the possible damage to the tool joint, casing, and wellbore. High 
contact forces can cause grooves in casing or key-seats in the uncased part of the wellbore and serious wear on 

TABLE 8.5—AXIAL FORCES ON THE WELL 

TRAJECTORY; EXAMPLE 8.27  

Static Loads 
(lbf )

Tripping Out 
(lbf ) 

Tripping In 
(lbf ) 

F4 = 27,950 32,740 23,795 
F3 = 89,100 106,124 72,720 
F2 = 97,053 132,000 70,084 

F1 = 119,220 154,165 92,249 
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tool joints. Grooves in a casing reduce its collapse, burst, and tension resistance, and if the groove penetrates 
through the wall of the casing, it can cause casing failure and possibly fl uid leaks into the annular space behind 
the casing. If the pipe is rotating, a high contact force may result in local pipe overheating, which is detrimental 
to pipe strength and to the stability of the drilling fl uid. 

It is diffi cult to determine maximum acceptable values for contact forces because these depend on formation 
strength and abrasiveness, casing quality, type of drilling fl uid, and many other factors. It is recommended that the 
force at tool joints should not exceed 2,000 lbf, but forces in the 5,000- to 6,000-lbf range have been reported in 
some cases. 

Example 8.28 Consider three well profi les, each consisting of a vertical part, a buildup segment, and a hori-
zontal section, as shown in Fig. 8.67. The KOPs are at the depths of 3,000, 3,500, and 3,750 ft. The buildup 
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Fig 8.65—Pipe effective force vs. MD, Example 8.27.
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rates are 5.73°/100 ft (long radius), 11.46°/100 ft (medium radius), and 22.92°/100 ft (short radius), and the 
corresponding lengths of the horizontal sections are 5,000, 5,500, and 5,750 ft. Calculate the axial forces dur-
ing tripping-out and tripping-in operations, assuming a pipe unit weight in fl uid of 15 lbf/ft and a coeffi cient of 
friction μ = 0.3.

Solution. Let us fi rst consider a long-radius horizontal-well profi le (Case 1), in which the pipe is being tripped 
out of the hole. Using Eq. 8.147, the axial force can be calculated at any distance from the bottom of the horizon-
tal well. Hence, at the end of the buildup section, the force is:

0.3 15.0 sin 90 5000 22,500 lbf.F

Because this force is greater than (15)(1,000)sin 90 = 15, 000 lbf, this is a “high-tension” case, and Eq. 8.160 must 
be used to calculate the force while tripping out of the hole. 

First, the value of the constant C must be calculated as
2

2 2

2 0.31 0.3
22,500 15 1,000 sin 90 cos90 35,023 lbf.

1 0.3 1 0.3
C

Now Eq. 8.160 is used again to calculate the force at the beginning of the buildup section (φ = 0°):

0.3 0
2

2

2 0.3
15 1,000 35,023 47,836 lbf.

1 0.3
F e

Hence, the force at the top of the hole is 

64,350 15 3,000 92,836 lbf.F

For tripping in the hole, Eq. 8.148 is used to calculate the force at the end of the buildup segment:

0.3 15 sin 90 5,000 22,500 lbf.F

A negative sign indicates that a compressive force is needed to push the pipe into the horizontal section of the 
wellbore. 

Vertical Depth 
HD

1

2

3 4

250 500 1,000 6,000 
4,000 

3,750 

3,500 

3,000 

Case 1, R=1,000 ft 

Case 2, R=500 ft 

Case 3, R=250 ft 

Fig. 8.67—Well profi les for Example 8.28. 
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While tripping in the hole, F < ω
bp

R sin φ (meaning that the string is sliding on the low side), and Eq. 8.163 is 
used to calculate the force. Again, the value of C must be calculated as

2

2

1 0.3
22,500 15 1,000 sin 90 9,977 lbf.

1 0.3
C

Now the force at the top of the buildup segment (ϕ = 0°) can be calculated

0.3
2

2

2 0.3
15 1,000 9,977 24, 235 lbf.

1 0.3
F e

Consequently, at the top of the hole, the force is

24,235 15 3,000 20,764 lbf.F

Axial force profi les along the MD are shown in Figs. 8.68 through 8.70.

As expected, in all three cases, the string is under tension while tripping out and partially under tension and 
partly in compression while tripping in the hole. In the case where the axial friction coeffi cient is set to zero (the 
static or frictionless case), the force in the pipe is nil over the horizontal part of the wellbore. In all cases, the 
static forces are the same because the vertical depth of the hole is 4,000 ft in each case. The difference between 
the axial force while sliding out or in the hole and the static force is called the drag force. According to this 
model, there is no drag in the vertical part of the wellbore, and consequently the greatest drag force occurs at the 
top of the buildup section. Another interesting observation is that friction effects are more noticeable for trip-
ping-out than for tripping-in operations. 
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A unit contact-force profi le for Case 1 is shown in Fig. 8.71. A positive contact force indicates that the string lies 
on the low side of the wellbore, while a negative value indicates contact with the upper side. The highest absolute 
value of the unit contact force (approximately 48 lbf) occurs at the top of the buildup section while the string is being 
pulled out of the well. Still another interesting fi nding is that the maximum unit contact force at the bottom of the 
buildup section (approximately 43 lbf) occurs while tripping into the hole. 

8.5.3 Torque Calculations for Pipe Rotation. Field evidence indicates that pipe rotation considerably improves 
axial force transfer to the bit in highly inclined and horizontal wellbores. In addition, pipe rotation results in less 
hook load during tripping operations using topdrive systems. 

Consider two points on a drillstring segment at MDs s
1
 and s

2
, with s

2
 > s

1
 and corresponding inclination angles 

φ
1
 and φ

2
 in a drop-off portion of a wellbore. The moment (torque) required to overcome the drag force on the 

segment is

2

1

1 2 .
s

p c

s

M r w ds  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.164)

Because ds = Rdφ, and if φ
2
 < φ

1
, then

1

2

1 2 .p cM r w Rd     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.165)

If the pipe force at the bottom of the segment is F
2
, then Eq. 8.157 yields the following expression for pipe force 

as a function of hole inclination angle:

M
D

, 
f
t

Unit Contact Force, lbf/ft

Unit Contact Force vs. Measured Depth (Case 1)

0

1,000

2,000

3,000

4,000

5,000

6,000

7,000

8,000

9,000

10,000

–50 –30 –10 10 30 50

 

 

Tripping in

Tripping out
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2 2( ) (sin sin ).bpF F w R     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.166)

If Eq. 8.152 is used as a fi rst approximation to calculate the unit contact force, then substituting Eq. 8.166 into 
Eq. 8.152 gives

2
22 sin sin .c bp bp

F
w w w

R
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.167)

A more accurate unit-contact-force calculation requires vector analysis and is explained later in this chapter.
Substituting Eq. 8.167 into Eq. 8.165 and integrating gives the torque required to overcome friction for the pipe 

segment under consideration:

1 2 2 1 2 2 1 1 2 2( ) 2(cos cos ) ( )sin .p bpM r F w R     . . . . . . . . . . . . . . . . . . . . . . . .    (8.168)

Example 8.29 Calculate the torque needed to rotate the string in a drop-off portion of an S-shaped well, as 
shown in Fig. 8.64. 

Solution. For this case, φ
1
 = 45°, φ

2
 = 0°, and F

2
 = 20,000 lbf. It is also known that w

bp
 = 20.15 lbf/ft and R= 

558 ft. Substituting the above numbers into Eq. 8.168 yields

1 2
(0.2)(5.0) 20,000(45 0) (2,015)558 2(cos0 cos 45) 0 928ft-lbf

(2)(12) 180
M

The torque profi le for this well is shown in Fig. 8.72. The reader is encouraged to write a computer program to 
generate this curve. 

In the vertical portion of the well, the torque is constant because its viscous component has been ignored. In 
other words, it is been assumed that the drilling fl uid is ideal. A rapid increase in torque is observed in the build 
segment of the well because of the high value of the contact force. 

As stated earlier, rotation of a pipe provides several benefi ts, such as improved axial-force transfer, reduc-
tion in pipe forces while tripping, and improved hole cleaning. However, it should always be remembered 
that pipe rotation also has a considerable detrimental effect because it contributes to pipe fatigue damage and 
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casing wear. In particular, rotating the string off-bottom results in an increase in pipe tension (compared to 
the drilling stage when a part of the string weight is slacked off on the drill bit) and should be kept to the 
minimum. Field experience shows that at times the torque value also depends on pipe rotational speed. 
Typically, as the pipe rotational speed is increased, the torque increases also. Hence, it is recommended that 
values of pipe rotational speed should be specifi ed for a given friction factor. For example, μ

40
 = 0.26 is the 

friction factor at 40 rev/min. 
Because the viscous torque due to drilling fl uid is considered to be small, such behavior can be explained by 

dynamic effects (pipe whirl and precession) and possible cuttings accumulations that are not accounted for in the 
model presented above. 

Example 8.30 Consider the horizontal well profi le shown in Fig. 8.67 for Case 1 (R = 1,000 ft). Assuming 
that there is no torque applied at the bottom of the string, it is necessary to calculate the torque at the top of 
the hole. The pipe unit weight in fl uid and the friction coeffi cient are the same as in Example 8.29; the pipe 
OD = 4.5 in.

Solution. First, the torque required to rotate the pipe in a horizontal section of a length of 5,000 ft is calculated:

9,570 5,000

3 4

4,570 0

4.5

24p cM r w ds ds

The torque required to rotate the pipe in a buildup section (R = 1,000 ft) is

(a) 
2 2

1 1

2 3    .
s

p c p c

s

M r w ds r w Rd

The next step is to calculate the unit contact force w
c
 as a function of hole inclination angle. For this purpose, either Eq. 

8.158 or Eq. 8.161 can be used, depending on the amount of tension in the pipe. First, however, the axial force along the 
string must be calculated. Using Eq. 8.160 or Eq. 8.163 and setting μ = 0,

(b) sin .bpF w R C

At φ = 90° the force F = 0 lbf, C = w
bp

R, and the axial force in the pipe as a function of hole inclination angle is:

(c) 1 sin .bpF w R

To determine whether a particular case is “low-tension” or “high-tension,” Line (c) must be compared with  w
bp

R 
sin f; hence,

(d) 1 sin sin .bp bpw R w R

Solving Line (d) for φ, the value for φ =30° is obtained.
To summarize, it can be stated that a string is in “low tension” if φ > 30° and in “high tension” if φ < 30°.

Consequently, the unit contact force is as follows:
For 90° < ϕ < 30° (low tension),

(e) 2sin 1 ;c bpw w

For 30° < ϕ < 0°(high tension)

(f) 1 2sin .c bpw w

The torque change on the buildup bend is

(g) 
90 30 90

2 3

0 0 30

1 2sin 2sin 1 .p c p bpM r w Rd r w R d d

Upon integration of Line (g),

2 3 843 0.255 0.685 790 ft-lbf.M
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Because viscous torque was ignored, the expected rotary torque at the top of the hole is the summation of the 
torque components calculated for the horizontal and the buildup sections of the wellbore. The torque at the top = 
5,667 + 790= 6,457 ft-lbf.

8.5.4 Buckling Considerations. It is well known that if a pipe is in high enough compression (e.g., when tripping 
into a highly inclined and horizontal wellbore), it may buckle, and then the drag models discussed so far in this 
chapter are no longer applicable. 

It can be shown that if friction is ignored, the compressive force required to initiate lateral (sinusoidal) buckling 
of a long pipe can be calculated from the equation proposed by Dawson and Paslay (1984): 

, 2 ,c
cr s

c

EIw
F

r
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.169a)

where F
cr,s

 = magnitude of the compressive force in the string required for initiation of lateral buckling, EI = pipe 
bending stiffness (product of the modulus of elasticity and the moment of inertia), w

c
 = unit contact force, and r

c
 

= pipe radial clearance [(hole diameter – pipe OD)/2)]. 
Although Eq. 8.169a is strictly valid only for long, frictionless, and perfectly straight and smooth (no tool joints 

or couplings) pipes, it is still useful for practical design applications. The infl uence of tool joints, residual pipe 
bending, and friction is discussed in several SPE papers [e.g., Duman et al. (2003)]. 

Consistently with the drag-force analysis performed earlier, the unit contact force is

sin .c bp

F
w w

R
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.169b)

A positive sign is associated with a buildup section of the wellbore, while a negative sign is associated 
with a drop-off section. In the case of a drop-off segment, the contact force can be small, and a relatively 
small compressive force may buckle the pipe. On the other hand, in a buildup section, the wellbore curva-
ture increases the contact force, and consequently it takes a greater compressive force to buckle the pipe. 
In other words, positive wellbore curvatures (i.e., DLS) have a stabilizing effect on drillpipe, while in 
drop-off segments, the buckling resistance is reduced compared with that of a straight inclined hole. Eq. 
8.169a is also valid in straight inclined wells. Example 8.31 illustrates the practical usefulness of the 
above equations. 

Example 8.31 Consider Case 1 (R = 1,000 ft) for the horizontal wellbore profi le discussed in Example 8.29. 
Calculate whether or not the part under compression during a tripping-in operation will remain straight. Drill-
pipe bending stiffness is EI = (345.2)106 lbf/in.2, and the hole diameter is 8½ in.

Solution. First consider a horizontal part of the hole. The unit contact force is

 sin 15lbf/ft.c bpw w

From Eq. 8.169a, the critical force can be calculated as

6

,

15
345.2 10

12
2 29,380 lbf.

8.5 4.5
2

cr sF

Because the magnitude of the greatest compressive force is 22,500 lbf, it can be concluded that the pipe will not 
buckle in a horizontal segment of the wellbore. 

To calculate the critical force in a curved portion of the wellbore, it is necessary to substitute the contact force 
given by Eq. 8.169b into Eq. 8.169a and to solve the resulting equation for the force F. Eventually the following 
equation is obtained:

bp

c

w REI
F

r R EI

2( sin )2
1 1 .

   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.170a)
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With all other parameters held constant, the critical lateral buckling force depends on the hole inclination angle φ. 
For example, at φ = 45°,

2
6

, 6

15
sin 45 1,000 122 345.2 10 12

1 1 66,684 lbf.
2 1,000 12 345.2 10cr sF

Clearly the critical lateral buckling force in a buildup part of the wellbore is much higher than in a horizontal 
section, and the pipe is not buckled there. In conclusion, it can be stated that positive build rates provide more 
buckling stability for pipe in compression. 

In drop-off segments of the wellbore, the critical sinusoidal buckling force can be calculated as

2sin2 1 1 .bp

c

w REI
F

r R EI
.  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.170b)

The reader is encouraged to show that as the wellbore radius R goes to very high values (infi nity), Eqs. 8.170a and 
8.170b reduce to Eq. 8.169a.

The analysis of axial force transfer in post-buckling pipe confi gurations is beyond the scope of this chapter. 

8.5.5 Tortuosity Effects. At the planning stage of well development, the well path is smooth and typically com-
posed of straight and curved segments with constant curvature in two- or three-dimensional space. The actual 
drilled well trajectory may deviate from the planned path to a lesser or greater degree. The deviations may be a 
result of changes in geology (type of rock, formation dip angle, faults, etc.) as well as the mechanical behavior of 
the drill bits and BHAs. For example, drilling with SMs frequently results in a rippling (undulation) effect over a 
portion of the wellbore. The rippling effect is called macrotortuosity. Various tortuosity models have been proposed 
in the literature. These include simple sine-wave profi les (amplitude and wave length are fi tted to directional survey 
data to simulate the actual wellbore path more closely) and more-sophisticated models involving random changes 
in inclination and azimuth angles. Practical application of tortuosity models requires a good set of directional-
survey data. An example of a segment of wellbore drilled with an SM motor is shown in Fig. 8.73.

Wellbore undulation affects not only the torque and drag forces, but also the critical buckling forces. In addi-
tion, the wellbore may also exhibit microtortuosity associated with hole spiraling. Hole spiraling can be identi-
fi ed using image logs or good-quality caliper logs. Microtortuosity results in a reduction of the effective wellbore 
diameter and, consequently, higher torque and drag. Both macro- and microtortuosity may cause signifi cant dif-
fi culties in running casing and logging tools into wellbores. Tortuosity factors can be calculated by comparing 
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Fig. 8.73—Tortuosity created by a steerable motor (Mason and Chen 2007).
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torque and drag values using the results from the planned trajectory and values measured in an “as drilled” well. 
Some designers will simply increase the value of the friction coeffi cient to account for tortuosity effects. Because 
a large number of factors infl uence torque and drag, this subject is still of great interest to research engineers. 

8.5.6 Review Questions and Problems.

 1. List the factors that affect torque and drag in vertical and directional drilling.
 2. Explain why accurate calculations of torque and drag are important for drilling personnel.
 3.  Explain why the friction coeffi cient that exists in a torque-and-drag model is sometimes called a down-

hole friction factor.
 4.  List typical values of the coeffi cient of friction for oil-based mud and water-based mud drilling fl uids.
 5.  The inclination angle of a hole is 76°. Will the drillstring slide down due to its own weight if the coeffi -

cient of friction μ = 0.27?
 6.  List the major assumptions made in a soft-string model.
 7.  Create an FBD for a pipe element in a drop-off bend and explain all the forces acting on the element.
 8.  What is the “capstan force”?
 9.  A string is pulled out from a drop-off bend. The force at hole inclination angle φ

0
 is given and equal to 

F
0
. Show that the force at hole inclination angle φ can be calculated using the following equation:

0 0 02
0 0 02

1 sin sin 2 cos cos .
1

bpw R
F F e e e

10. Defi ne “low tension” and “high tension” in buildup bends.

11.  Consider the well profi le used in Example 8.27. Assuming coeffi cients of friction μ = 0.3, μ = 0.4 calcu-
late the forces at Point 4, Point 3, Point 2, and Point 1 for tripping-out and tripping-in operations. Write 
a computer program to solve the problem.

12.  Assume the data for the S-shaped well profi le described in Example 8.28. The hook load recorded while 
tripping the string out of the hole is 135,000 lbf. Find the corresponding friction coeffi cient.

13.  Consider a wellbore that consists of a vertical section 4,000 ft in length, a buildup section with radius of 
curvature R = 1,000 ft, and a horizontal section 6,000 ft in length. A 9-in. casing with a unit weight of 
40 lbf/ft is to be run into the hole. Calculate the expected force at the top of the hole if the drilling-fl uid 
density is 10 lbm/gal and the coeffi cient of friction μ = 0.25.

14.  Consider an ERW profi le as shown in the fi gure below
 • Hole size: 8½ in.
 • Drillpipe size: 4½ in. 
 • Pipe unit weight: 20 lbf/ft
 • Drilling-fl uid density: 12 lbm/gal
 • Friction coeffi cient: μ = 0.25

Calculate:
(a) The force at the top of the buildup section during tripping-out and tripping-in operations
(b) The unit contact force in the middle of the buildup section

KOP = 1,000 ft 

R = 2,046 ft 

25,153 ft 

84°

84°
26,848 ft 

5,664 ft 
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15.  Show that for a high-tension case, the rotary torque in a buildup section of a wellbore can be calculated 
using the following equation:

0( ) ( sin )[( ) 2 (cos cos )].p e o o p oM I r F w R r R

16.  Given the well profi le as described in the problem above (an ERW), calculate the torque required to ro-
tate the pipe and the unit contact force at the midpoint of the buildup segment.

17.  Calculate the expected force at the top of the ERW described in Problem 14 for running a 
9⅝-in. casing with a unit weight of 40 lbf/ft.

18.  Calculate the maximum length of a pipe with unit weight 6.5 lbf/ft (in fl uid) that can be pushed into a 
horizontal section of a wellbore without experiencing lateral buckling if the friction coeffi cient is μ = 
0.28. 

19.  Calculate the sinusoidal buckling force for a 3½-in. drillpipe in a drop-off segment of a wellbore with a 
drop rate of 17.5°/100 ft at inclination angles of 35 and 85°. 

20. Explain the difference in macro- and microtortuosity effects. 

8.6. Torque-and-Drag Modeling for 3D Well Profi les 

8.6.1 Equilibrium Equations in 3D . The main purpose of a torque-and-drag model is to develop a system of 
equations that can be used to calculate forces and moments in the pipe as well as the forces generated by interac-
tion between the pipe and the wellbore. This section presents the development of a three-dimensional model that 
is subject to several simplifying assumptions, but which is still useful for practical design applications. The major 
simplifying assumptions are as follows:

 • Pipe is in continuous contact with the wellbore (that is, the effects of tool joints, couplings, and wellbore 
irregularities and tortuosity are ignored).

 • Inertial effects due to pipe sliding or rotation are ignored.
 • Drilling-fl uid fl ow effects are not considered.
 • Friction force is modeled using the Coulomb friction concept.

To derive the force and moment equilibrium equations, consider a differential pipe element as shown in Fig. 8.74. 
For the purpose of this analysis, a right-hand x,y,z system of coordinates was chosen, with the z-axis pointing 
down and the conventional unit vectors , ,i j k  as shown in Fig. 8.74. It is also very useful to introduce the right-
hand Frenet-Serret local system of coordinates with its unit tangent, normal, and binormal vectors , ,t n b, as also 
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Fig. 8.74—Free-body diagram for a small pipe element in 3D.
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shown in Fig. 8.74. The position vector ( )r s  is drawn from the origin of the rectangular coordinates to the pipe 
element’s mass center. 

If the pipe is not moving or is moving so slowly that inertial effects can be neglected, the vector sum of all forces 
on the pipe segment gives:

0,F F w s F  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.171)

where F  is the force in the pipe (internal pipe force), w  is the total force per unit length applied to the pipe (the 
resultant of all external forces), and Δs is the length of the pipe segment. In the limit as Δs ® 0, the change in force 
F  due to the applied load vector w  is given by the following equation:

0.
dF

w
ds

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.172)

In general, the pipe force F consists of the tangential force F
t
 (the axial force) and two shear forces in the normal 

(F
n
) and binormal (F

b
) directions: 

.t n bF F t F n F b    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.173)

Typically, in a torque-and-drag analysis, only three external forces are considered: the force due to the pipe effec-
tive weight (the weight of the pipe in fl uid) bpw  , the force normal to the pipe contact force (the side force) cw , and 
the force due to friction (the drag force) dw . This relationship can be expressed as

.bp c dw w w w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.174)

In the system of coordinates used here, gravity is pointing downward, and so is the z-axis; therefore, the effec-
tive unit pipe-weight vector is 

.bp bpw w k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.175)

As already stated earlier, the unit contact force cw  is normal to the pipe, and therefore it lies in the   n b plane. 
As is known from elementary mechanics, the drag force always opposes the direction of pipe motion. If the pipe 
is sliding, the drag force is in the tangent t  direction. If the pipe is rotating, the drag force is also assumed to be 
tangent to the pipe, but in the n b  plane. 

In a manner similar to that for the force balance, it can be shown that the vector-moment equilibrium equation 
is

0,
dM

t F m
ds

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.176)

where M  = the internal moment (pipe moment), m = the applied moment per unit length (distributed moment) due 
to the drag force, and t  = the unit tangent vector.

According to the Bernoulli-Euler theory of elastic beams, for a circular pipe, the moment vector M  in the pipe 
consists of the bending moment (pointing in the binormal direction) with a magnitude equal to the product of the 
pipe bending stiffness (EI), the pipe curvature κ, and the torque (pointing in the tangential direction), which can 
be expressed as 

,tM EI b M t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.177)

where EI = the pipe bending stiffness (the product of modulus of elasticity and moment of inertia), 
κ = the pipe curvature, and M

t
 = the magnitude of moment (torque) required for pipe rotation.

The distributed moment m associated with the drag force dw  is the cross-product of the pipe radius and drag 
force:

p dm r w ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.178)

where pr  is the pipe radius vector. 
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For a frictionless system, the moment m  is nil. It should be well understood that the direction of the unit drag 
force dw  is different for sliding and for rotating pipe. 

8.6.2 Pipe in a Straight Section of an Inclined Wellbore. To explain the practical usefulness of the equilibria 
of forces and moments given by Eqs. 8.172 and 8.176, the wellbore will be assumed to be modeled as straightline 
segments with given lengths, inclinations, and azimuth angles. 

Consider the straight wellbore segment from point i to point i+1, shown schematically in Fig. 8.75. At Point i, 
the MD is s

i
, and at Point i+1, the MD is s

i+1
.

For a straight segment, the unit tangent vector is constant and is given by

sin cos sin sin cos ,i i i i i it i j k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.179)

where φ
i
 and ϑ

i
 are the segment’s inclination and azimuth angles. The unit normal vector n  may be selected as 

any convenient unit vector in the plane normal to the t  vector. Let it lie in a vertical plane containing segment i 
so that its inclination angle is 

2
 and its azimuth is the same as that of the unit tangent vector. Hence,

cos cos cos sin sin .i i i i i in i j k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.180)

In other words, the unit normal vector is pointing to the high side of the wellbore.
Following the right-hand rule, the unit binormal vector is in a horizontal plane, its inclination angle is equal to 

2
, and its azimuth is ϑ

i
+

2
, so:

sin cos .i i ib i j    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.181) 

Clearly, the unit binormal vector is perpendicular to the k  vector. In other words, the z-component of the binormal 
vector is zero (b

z
 =0), and the unit binormal vector is pointing toward the right side of the wellbore. 

Now consider two fundamental cases involving a pipe in a sliding mode (tripping in or tripping out) (Case 1) 
and in a rotating mode (Case 2). 

Case 1—Pipe in Sliding Mode. It is assumed that the pipe is sliding slowly in an axial (tangential) direction, 
as shown in Fig. 8.76. The angle θ (Fig. 8.76) is in the n b plane and gives the direction of the normal contact 
force cw . Because the pipe is straight, its curvature and torsion are nil. Taking derivatives of Eq. 8.173 with respect 
to the MD s,

.tdFdF
t

ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.182)
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Fig. 8.75—Straight segment of a 3D wellbore. 
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Examination of the FBDs in Fig. 8.76 reveals that the contact and drag forces can be expressed as

cos sin ,c c cw w n w b     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.183)

.d cw w t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.184)

The choice of sign in Eq. 8.184 depends on the direction of pipe motion. The plus sign (+) is for pulling (trip-
ping out), while the negative sign (–) is used when the pipe is moving in a downward direction (tripping into the 
well). The effective pipe unit weight vector 

ew  is pointing in the z-direction, as given by Eq. 8.175.
The vector force balance can be obtained by substituting Eqs. 8.182, 8.183, and 8.184 into Eq. 8.172: 

cos sin 0.t
i bp c i c i c i

dF
t w k w t w n w b

ds    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.185)

The desired scalar components can be obtained by multiplying Eq. 8.185 by the unit vectors , ,  and i i it n b  (taking 
dot products). As a result, the three scalar equations can be written as follows:

t-component:

t
c

F
w 0;bp

d
w t k

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.186a)

n-component:

• cos 0;bp cw n k w
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.186b)

b-component:

• sin 0.bp cw b k w
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.186c)

Using Eqs. 8.179, 8.180, and 8.181, the required unit-vector dot products with Eq. 8.186 can be calculated as

• cos ,i iz it k t    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.187a)
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Fig. 8.76—Free-body diagram for sliding pipe. 
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• sin ,i iz in k n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.187b)

• 0.i izb k b    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.187c)

Substituting Eq. 8.187 into Eq. 8.186 yields a system of three equations with three unknowns—F
t
, w

c
, and 

θ:

cos 0,t
bp c

dF
w w

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.188a)

sin cos 0.bp i cw w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.188b)

sin 0.bpw    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.188c)

From Eq. 8.188c, it can be concluded that the position angle θ = 0 (that is, the pipe lies on the lower side of the 
wellbore). From Eq. 8.188b, the unit contact force w

c
 = w

bp
 sin φ

i
. Substituting the unit contact force into Eq. 

8.188a and integrating the result yields

, 1 , 1cos sin 0.t i t i bp i bp i i iF F w w s s
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.189)

For example, if the force at the bottom of segment i is given and the pipe is pulled out of the wellbore, the force 
at the top (at Point 1) is

, , 1 1cos sin .t i t i i i bp i iF F w s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.189a)

For the case of tripping into the wellbore, 

, , 1 1cos sin .t i t i i i bp i iF F w s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.189b)

The reader is encouraged to study Eq. 8.176 to verify that all components of the moment-balance equation are nil, 
indicating that the bending moment and torque are nil for the case of pipe sliding in a straight segment of the 
wellbore. The results obtained are consistent with basic engineering intuition.

Case 2—Rotating Pipe. Now consider a pipe that is rotating about its own axis. The main task is to calculate 
the torque required for pipe rotation. The axial effective force in the pipe must also be calculated. 

When the pipe is rotated, the drag force (friction force) is no longer in the axial direction, but is now applied 
opposite to the direction of rotation (friction always opposes motion) in the n b  plane, as shown in the FBD 
(Fig. 8.77).

Examination of Fig. 8.77 shows that the drag force dw  can be expressed as

sin cos ,d d i d iw w n w b     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.190)

and that the magnitude of the drag force is

.d cw w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.191)

It is important to note that the drag force in the case of pipe rotation has both normal and binormal components. 
Now the vector sum of forces can be written as

sin cos cos sin 0.t
i e c i c i c i c i

dF
t w k w n w b w n w b

ds
    . . . . . . . . . . . . . . . .    (8.192)

In a manner similar to that for sliding motion (Case 1), multiplying Eq. 8.192 by the unit vectors  , ,  and i i it n b  
(taking dot products) yields the desired three scalar components:
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t-component:

• 0;t
bp

dF
w t k

ds
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.193a)

n-component: 

• sin cos 0;bp s cw n k w w    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.193b)

b-component: 

• cos sin 0.bp c cw b k w w    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.193c)

The dot products in the above equations have already been calculated in Case 1 ( • cosi it k , • sini in k , 
and • 0)ib k ; hence, from Eq. 8.193c, the unit contact-force direction angle θ can be obtained as

arctan( ).     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.194)

For example, if the friction coeffi cient is 0.4, then the contact angle is 21.8°. Then, from the n-component equa-
tion, the magnitude of the unit contact force is

2

sin
.

1

bp
c

w
w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.195)

This result is not intuitively obvious. It is correct, however, due to the effect of the binormal component of the drag 
force (Eq. 8.190). 

In conclusion, if a pipe rotates clockwise about its own axis, it moves up the wellbore through an angle θ counter-
clockwise with reference to the low side of the hole. Consequently, the contact force (the side force) is less than the 
unit contact force due to the normal unit pipe-weight component, sinbp iw .

The pipe position angle (contact angle) θ is of essential importance for drilling applications, not only for ac-
curate torque calculations, but also for deviation control and cuttings transport. If it is expected that the pipe will 
have some cutting ability, then the hole will have a tendency to turn to the right and increase the hole azimuth 
angle. A similar effect occurs at the drill bit, resulting in bit walk. In actual drilling applications, to determine if 
the bit walk will be to the right or left, the type of drill bit, its geometry, its face- and side-cutting ability, the for-
mation anisotropy, and the type of BHA would all have to be taken into account. 
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Fig. 8.77—Free-body diagram for rotating pipe.
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Bit walk can also be observed if the pipe is not rotating (e.g., when drilling with a downhole motor in a sliding 
mode). The direction of the walk will depend on the direction of the side force at the bit. For practical applications, 
the amount of bit walk is determined on the basis of analyses of offset wells that include the mechanical perfor-
mance of the BHA and drill bits, WOB, rotation speed, and the formation properties and dip and strike angles. 

Now the t-component equation can be integrated to obtain the effective axial (tangential) force: 

 , 1 , 1cos ( ) 0.t i t i bp i iF F w s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.196)

If F
t, i+1

 is known, the force at the top can be immediately calculated:

, , 1 cos ( ).t i t i bp i i iF F w s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.197)

To calculate the magnitude of the torque required to rotate the pipe, the balance of moments given by Eq. 8.176 
must be used.

For a straight segment of pipe, the curvature κ = 0 and the moment given by Eq. 8.177 take on the following 
simple form

.t iM M t    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.198)

Because for the case under consideration the force has only a tangential component ,tF F t  the vector product of 
0t F  and Eq. 8.176 can be written as

0.t
i

dM
t m

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.199)

The distributed external moment m is attributable to the unit drag force dw  acting on the arm pr , as shown in Fig. 8.77:

p dm r w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.200) 

The pipe radius vector pr  (with magnitude equal to the pipe radius r
p
) is

cos sin .p p i p ir r n r b     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.201)

Substituting Eqs. 8.190 and 8.201 and taking the cross-product gives

.p d i p c im r w t r w t
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.202)

It is important to point out that the negative sign in Eq. 8.202 indicates that the distributed moment m  is acting 
in the direction opposite to that of the unit tangent vector. 

Clearly, the equation for the moment consists only of the t-component:

0.t
p c

dM
r w

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.203)

Integrating Eq. 8.203 yields the equation for the change in torque (ΔM
i
) along a pipe segment of length (s

i+1
 – s

i
):

1 .t p c i iM r w s s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.204)

For example, if the pipe diameter is 4.5 in., the unit weight in fl uid is 16 lbf/ft, the coeffi cient of friction is 0.3, the 
length of the segment is 300 ft, the hole inclination angle is 45°, and the torque at the lower end is 1,000 ft-lbf, it 
is easy to calculate that the unit contact force is 10.8 lbf/ft and the torque at the upper end is 1,183 ft-lbf. 

8.6.3 Force and Moment Equilibrium Formulation. This section presents the development of a general system 
of equations incorporating shear forces, pipe curvature, and torsion. This task will be accomplished in two steps. 
First, the system of equations for the equilibrium of forces will be derived, and then the system for the equilibrium 
of moments. 
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Equilibrium of Forces. Substituting Eqs. 8.173 and 8.174 into Eq. 8.172 gives

( ) ( ) ( )
0.t n b

bp c d

d F t d F n d F b
w w w

ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.205)

Eq. 8.205 is a general form of the equilibrium of forces for a torque-and-drag model in three dimensions using 
vector notation. To obtain the corresponding scalar components, the fi rst step is to calculate the derivatives with 
respect to the MD s and then take the dot products of the tangent, normal, and binomial vectors. 

The force derivatives with respect to the MD s are as follows:

,t t t
t t

d F t dF dFdt
t F t F n

ds ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.206a)

,n n n
n n

d F n dF dFdn
n F n F b t

ds ds ds ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.206b)

.
b b b

b b

d F b dF dFdb
b F b F n

ds ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.206c)

Substituting the force components given by Eqs. 8.206a, 8.206b, and 8.206c and also Eqs. 8.174 and 8.175 into 
Eq. 8.172 and multiplying the resulting equation by the unit tangent, normal, and binormal vectors (taking the dot 
product) yields the following scalar force equilibrium equations:

t-component

• • 0;t
n bp d

dF
F w t k w t

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.207a)

n-component

• • • 0;n
t b bp d c

dF
F F w n k w n w n

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.207b)

b-component

• • • 0.b
n bp d c

dF
F w b k w b w b

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.207c)

It should be noted that in addition to the pipe curvature κ in the force balance equations, the pipe torsion τ is 
also present. In conventional torque-and-drag analysis, it is assumed that the pipe follows the wellbore path; there-
fore, for practical calculations, the pipe curvature and torsion are usually assumed to be the same as the wellbore 
curvature and torsion. 

Equilibrium of Moments. For a circular pipe with bending stiffness EI, the vector moment M in the pipe is 
given by Eq. 8.176. Differentiating Eq. 8.176 with respect to s yields

.t
t

dM s dMd
EI b n t M n

ds ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.208)

The vector product of the unit tangent vector and the force in the pipe is

( ) .t n b n bt F t F t F n F b F b F n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.209)

Substituting Eqs. 8.208 and 8.209 into Eq. 8.176 gives

0.t
n t b

dMd
EI F b M EI F n t m

ds ds
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.210)

Eq. 8.210 is a general form of the moment balance written in a vector differential form. 
Note that Eq. 8.210 contains, not only pipe curvature and torsion, but also the change of curvature 

d

ds  along 
the pipe. Note further that all components in Eq. 8.210 have the dimension of force because they represent the mo-
ments per unit length of pipe. 
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To obtain the corresponding three scalar equations, Eq. 8.210 is multiplied by the unit tangent, normal, and 
binormal vectors (using the dot product). 

The three scalar equations are as follows:
t-component

• 0;tdM
m t

ds    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.211a)

n-component  

- • 0;t bM EI F m n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.211b) 

b-component 

• 0.n

d
EI F m b

ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.211c)

In summary, a system of six scalar equations has been obtained that can be solved simultaneously to obtain the 
desired force and moment components along the pipe. Many practical problems can be solved by skillful applica-
tion of Eqs. 8.207 and 8.211.

The rest of this chapter will consider some simpler but still useful cases, starting with the soft-string model in 
three-dimensional space. 

8.6.4 Soft-String Model: 3D Formulation. Sliding-Pipe Model. As stated before, a soft-string model assumes 
that the pipe behaves as a fl exible cable with no bending rigidity and no shear forces. In other words, the normal 
and binormal force components are nil (F

n
 = 0 and F

b
 = 0). A FBD for a pipe element in a sliding mode is shown 

in Fig. 8.78. 
For the case of tripping operations (pipe sliding), the torque M

t
 = 0  along the string, and only the three force 

equilibria given by Eq. 8.207 are needed; these can be written as:

• 0,t
bp z d

dF
w t w t

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.212a)

• 0,t bp z cF w n w n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.212b)

• 0,bp z cw b w b  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (8.212c)

where t
z
, n

z
, and b

z
 are the z-components of the unit tangential, normal, and binormal vectors as discussed in Sec-

tion 8.4.
Applying Eqs. 8.183 and 8.184 gives

i

t
F

1+i
t

F

n

e
w

c
w

t

→

→

→

→

Fig. 8.78—Free-body diagram for a pipe in sliding mode—soft-string model. 
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• ,d cw t w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.213a)

• cos ,c cw n w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.213b)

• sin ,c cw b w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.213c)

where θ is the contact-force angle as shown in Fig. 8.77.
Substituting Eq. 8.213 into Eq. 8.212 gives

0,t
bp z c

dF
w t w

ds    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.214a)

cos 0,t bp z cF w n w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.214b)

sin 0.bp z cw b w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.214c)

From Eqs. 8.214b and 8.214c, the following formulas can be obtained for the unit contact force (the side force) 
w

c
 and the direction angle θ:

2 2
,c t bp z bp zw F w n w b     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.215a)

1tan .bp z

t bp z

w b

F w n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.215b)

Substituting Eq. 8.215a into Eq. 8.214a results in the following differential equation for calculating the effective 
pipe force for tripping operations: 

2 2
0.t

bp z f t bp z bp z

dF
w t F w n w b

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.216)

Because Eq. 8.216 is a fi rst-order differential equation, only one boundary condition is needed to solve for the 
force along the pipe segment under consideration. If the pipe force at s=s

i
 is known, the boundary condition is

, ,t i s iF s s F     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.217)

where Fs,i is the effective axial force at si.
It is also useful to represent the z-components of the unit vectors tz, nz, and bz in terms of wellbore inclination 

as discussed in Section 8.4.
For the reader’s convenience, these equations are repeated below:

• cos ,zt t k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.218a)

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.218b)

21
• sin .zb b k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.218c)

Now consider the following practical example.

1
• sin .knz n

ds
d

d
ds
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Example 8.32 Calculate the drag force in a segment of a wellbore between two directional surveys as given below:

MD, ft
Inclination Angle, 
degrees

Azimuth Angle, 
degrees

7,300 13.4 S65W

7,400 16.3 S75W

The axial force at the bottom of the segment is 30,000 lbf, the pipe unit weight in fl uid is 15 lbf/ft, and the coef-
fi cient of friction is 0.3. The string is pulled out of the hole. 

Solution. Assume a frictionless system (with the friction coeffi cient μ = 0). Then, from Eq. 8.214a,

(a) 0.t
bp z

dF
w t

ds

It is known that

(b) • • .z

dr
t t k k

ds

Substituting Line (b) into Line (a), 

t bpdF w dr k• 0.

It is further known that 

(c) d • • .r k dx i dy j dz k k dz

Substituting Line (c) into Line (b) and integrating yields 

(d) 1 2  .t t bpF F w z

Using the average-angle method as described in Section 8.1.7, it is possible to calculate Δz = 96.7 ft and then 
the force at the top of the segment:

(e) 
1 30,000 15 96.7 31,450 lbf.tF

Now a fi rst approximation of a unit contact force at the midpoint of the segment can be calculated using Eq. 
8.215a. First, however, the hole curvature must be determined:

(f)
 2 2

2 216.3 13.4 255 265
sin 14.85 3.87 10 /ft.

100 100

The z-components of the normal and binormal unit vectors can be calculated using Eqs. 8.218b and 8.218c:

(g) 2

1 2.9
sin 14.85 0.192,

1003.87 10
zn

(h) 
2

2

1 10
sin 14.85 0.1697.

1003.87 10
zb

Substituting Lines (e), (f), (g), and (h) into Eq. 8.215a yields

(i) cw
2

2231450 3.87 10 15( 0.192) 15 0.1697 18.5 lbf
180
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From Eq. 8.218a, the z-component of the tangent vector at the midpoint is

(j) cos 14.85 0.9666zt .

Substituting Lines (i) and (j) into Eq. 8.214a and integrating yields

(k) 
,1 ,2

30,000 (15)(0.9666)100 (0.3)(18.5)(100) 31,450 555lbf.

t t bp z cF F w t s w s

Consequently, the force at the top of the segment is

,1 32,005lbf.tF

It should be noted that, as expected, the force obtained from Line (e) is the same as that obtained from Line (k) 
if μ = 0. Now the direction angle θ of the unit contact force at the midpoint of the segment can be calculated as

2

15 0.1697
arctan 7.9

31450 3.87 10 15 0.192
180

The reader is invited to calculate a second approximation of the forces by repeating the steps described above and 
eventually writing a program to perform these calculations routinely. 

Some alternative useful forms of the governing differential equation (Eq. 8.216) can be obtained by substituting 
Eq. 8.218 into Eq. 8.216: 

2 2
21

cos sin sin 0.t e
bp f t e

dF w d d
w F w

ds ds ds
     . . . . . . . . . . . . . . . . . . . . . . .    (8.219)

Recall that the quantities 
d

ds
 and 

d

ds
 are the familiar build rate B and turn (walk) rate T, and that the well-

bore curvature is 
2 2

2sin .
d d

ds ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.220)

From Eqs. 8.219 and 8.220, after some rearrangements, the following form of the governing differential equation 
for soft-string model tripping operations can be obtained: 

2 2

cos sin sin 0.t
bp f t bp t

dF d d
w F w F

ds ds ds    

 . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.221)

Eq. 8.221 is the same equation as that presented by Johancsik et al. (1983) and later on by Sheppard et al. (1986).
Note that if the turn rate is nil, the above model reduces to the 2D model discussed earlier in Section 8.5.2. 

Because the governing differential equation is nonlinear, it does not have an analytical solution, and therefore a 
numerical approach is required to obtain the pipe effective force along the string. Perhaps the most effective ap-
proach is to divide the well path into a number of small elements and carry out calculations in a stepwise manner 
starting from a point where the force is known. 

8.6.5 Drag-Force Calculations for a Minimum-Curvature Well Path. When the wellbore trajectory is mod-
eled using the minimum-curvature method, the z-components of the unit tangential, normal, and binormal vectors 
are as follows:

2 1
1 1 1

cos cos cos
(cos )cos sin ,

sinzt s s s s     . . . . . . . . . . . . . . . . . . . . . . .    (8.222a)

2 1
1 1 1

cos cos cos
cos sin cos ,

sinzn s s s s     . . . . . . . . . . . . . . . . . . . . .    (8.222b)
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1 2 2 1sin sin sin
.

sinzb b k     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.222c)

The derivations of Eq. 8.222 are presented in the solutions of Examples 8.24 and 8.25 of Section 8.4.4. 
Analysis of Eq. 8.222 shows that if the wellbore inclination and azimuth angles are known at the initial (φ

1
, 

ϑ
1
) and fi nal (φ

2
, ϑ

2
) points on the minimum-curvature trajectory, the z-component of the binormal vector is 

constant between the two points, but both t
z
 and n

z
 are nonlinear functions of the MD s. Consequently, it is 

impossible to provide a closed-form solution of Eq. 8.221, and a numerical approach is needed to calculate the 
drag force. 

Although there are several possible options, in this section, the following sequence of calculations is proposed 
for the minimum-curvature trajectory: 

1. Calculate the DL β.
2. Calculate the RF.
3. Calculate Δz, the vertical distance between the stations under consideration.
4. Using Eq. 8.222a, calculate the inclination angle at the midpoint of the trajectory.
5. Calculate the curvature κ.
6. Obtain the z-components t

z
, n

z
, and b

z
 at the midpoint of the trajectory using Eq. 8.222.

7.  Set F
t
 = F

b
 + w

bp
 Δz and obtain a fi rst approximation for the unit contact force 1

cw  using Eq. 8.222a.
8. Calculate a fi rst approximation of the axial force at the top of the segment under consideration:

1 1
t b bp cF F w z w s     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.223)

9. Calculate the average value of the axial force:
1

.
2

a b t
t

F F
F

10.  Obtain a second approximation of the unit contact force 11
cw  using the axial force a

tF  as calculated above.
11. Calculate a second approximation of the axial force:

11 11 .t b bp cF F w z w s

12.  Calculate the tolerance 

1 11

11
t t

t

F F

F , and if the value is less than 1%, terminate the calculations; 

otherwise, repeat the calculations until the desired accuracy is achieved. 
A practical implementation of this procedure is illustrated in Example 8.33. 

Example 8.33 Consider a minimum-curvature segment of a wellbore with the parameters given below:

MD, ft
Inclination Angle, 
degrees

Azimuth Angle, degrees

6,750 30.9 78.2

7,050 43.2 100.6

The force at the bottom of the segment (s = 7,050 ft) is 25,000 lbf. The drillpipe size is 5 in., with an effective unit 
weight of 16 lbf/ft. Calculate the force at the top (s = 6,750 ft) of the segment if the pipe is being pulled out of the 
hole. The coeffi cient of friction is 0.3. 

Solution. Calculate the DL β:

arccos sin 30.9 sin 43.2 cos 100.6 78.2 cos30.9 cos 43.2 18.1 .

Calculate the RF:

300 18.1
RF tan 151.3 ft.

0.3157 2



570 Fundamentals of Drilling Engineering

Difference in vertical coordinates:

ftcos30.9 cos 43.2 151.3 240.1 .z

Inclination angle at the midpoint (s = 6,900 ft):

cos 0.8036

hence,

36.52

Calculate the curvature:

3 11 18.1 6.03 /100 ft 1.052 10 ft .
300R

Calculate t
z
, n

z
, and b

z
 (Eq. 8.222): 

cos36.8 0.8036

0.4018

0.4312

z

z

z

t

n

b
Calculate a fi rst approximation of the unit contact force using Eq. 8.218a:

2 2325,000 16(240.1) 1.052 10 16.0 0.4018 16.0 0.4312 24.9 lbf/ft.cw

First approximation of the force at the top of the segment, s = 6,750 ft: 

,6,750 25,000 16.0 240.1 0.3 24.9 300 31,081 lbf.tF

Calculate the average force:

,

31,081 25,000
28,041 lbf.

2t aF

Calculate a second approximation of the unit contact force:

2
328,041 1.052 10 16.0 0.4018 47.6 24.0 lbf/ft.cw

Calculate a second approximation for the force at s = 6,750 ft:

,6,750 25,000 3841.6 0.3 (24) 300 31,000 lbf.tF

Clearly, the relative difference is less than 1%, and the last value can be accepted as the fi nal answer.
For more-accurate calculations, the reader is encouraged to divide the segment into three parts, each 100 ft in 

length, and repeat the calculations. Useful closed-form solutions can be obtained if Eq. 8.221 is rewritten as follows:
2 2sin

cos sin 0.bpt
bp t

t

wdF d d
w F

ds ds F ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.224)

If the term 
d

ds  is considerably greater than 
sinbp

t

w

F
, then Eq. 8.224 takes the form

 cos .t
t bp

dF
F w

ds
     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.225)

An analytical solution of Eq. 8.225 is possible because the wellbore curvature κ is constant and cos φ is given by 
Eq. 8.222a for the minimum-curvature method. 
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8.6.6 Drag-Force Calculations for a Constant Tool-Face Trajectory. For a wellbore trajectory with con-
stant curvature and build rate (κ = constant and B = constant), the tool-face angle γ is also constant, and the 
following sequence of calculations can be proposed to obtain the unit contact force and the drag force along 
the pipe: 

1. Difference in z-coordinates between fi nal and initial points on the trajectory:

2 1

1
sin sinz

B

2. Hole inclination angle at the midpoint of the trajectory = 1
2 1 2

.
3. Tool-face angle: 

cos .
B

4. z-components of unit tangent, normal, and binormal vectors t
z
, n

z
, b

z
:

cos ,zt

sin cos ,zn

sin sin .zb

5. First approximation of ,1tF :

,1 ,2 ,t t bpF F w z

,1 ,2
, .

2
t t

t a

F F
F

6. First approximation of the unit contact force using Eq. 8.215a.
7. Second approximation of tF , etc.

Example 8.34 Consider a 3D segment of wellbore with a build rate and DLS of B = 4.13°/100 ft, DLS = 
6.07°/100 ft. Other data include:

Initial point: 

φ
1
 = 4.1°,ϑ

1
 = 311.0°

Final point:

φ
2
 = 45.3°,ϑ

2
 = 103.8° 

MD between the fi nal and initial points: 

Δs = 100 ft

Force at the fi nal point (bottom of the segment):

F = 50,000 lbf.

Pipe unit weight in fl uid:

w
bp

 = 15 lbf/ft

Calculate the force at the top of the segment if the coeffi cient of friction μ = 0.3. 
Solution. Because the build rate is constant, the difference in z-coordinates between the fi nal and initial points 

on the trajectory is

2 1

1 1 18,000
sin sin sin 45.3 sin 4.1 887 ft.

4.13
z

B
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The hole inclination angle at the midpoint of the trajectory is
1

2 4.1 45.3 24.7

The cosine of the tool-force angle γ is

4.13
cos 0.6804.

6.07

B

The z-components of the unit tangent, normal, and binormal vectors are

cos 0.9081,zt

sin cos 0.4186 0.6804 0.2848,zn

sin sin 0.4186 0.7328 0.3067.zb

If the friction coeffi cient is ignored, a fi rst approximation of the force at the top of the segment is

1 2 50,000 887 15 63,305 lbf,t bpF F w z

and the “average” force is

50,000 63,305
56,652 lbf

2

Now a fi rst approximation of the contact force w
c
 can be calculated as

2 2356,652 1.059 10 15 0.2848 15 0.3067 55.9 lbf ft .cw

The next step involves calculation of a second approximation of the force at the top of the segment:

1 2 50,000 15 887 0.3 55.9 1,000 80,075 lbf.t bp cF F w z w s  

A second approximation of the unit/constant force is 

64.8 lbf,cw

and the corresponding force at the top of the segment is 

1
82,735 lbf.tF

The reader is invited to divide the segment into four parts and repeat the calculations.

8.6.7 Torque Calculations for the Soft-String Model. As the pipe rotates, the drag-force direction is opposite 
to the direction of pipe rotation in the n b  plane, as shown schematically in Fig. 8.79. For the soft-string model, 
it is known that the shear force is nil (F

n
 = 0 and F

b
 = 0) and the bending stiffness EI = 0. Consequently, the general 

force (Eq. 8.207) and moment (Eq. 8.211) equilibrium equations reduce to 

0,t
bp z

dF
w t

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.226a)

cos sin 0,t bp z c cF w n w w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.226b)

sin cos 0,bp z c cw b w w  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.226c)
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0,t
c p

dM
w r

ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.226d)

0.tM     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.226e)

It is clear that the conceptual weakness of this model is that Eq. 8.226e cannot be satisfi ed. From Eqs. 8.226b and 
8.226c, the unit contact force can be obtained as

2 2

2

( ) ( )
,

1
t bp z bp z

c

F w n w b
w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.227a)

and the contact-force (side-force) direction angle is

arctan arctan .
( )

bp z

t bp z

w b

F w n
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.227b)

Therefore, it can immediately be concluded that, in contrast to the sliding case, pipe rotation results 

not only in a decrease in the axial force, but also in the unit contact force, by the factor 2

1

1
, 

which depends on the coeffi cient of friction. The same factor was calculated for the case of a straight inclined 
wellbore. The side-force direction angle θ is a function, not only of the friction coeffi cient, but also of the 
wellbore geometry, the pipe effective unit weight, and the magnitude of the drag force.

Now the model can be reduced to two equations: 

0,t
bp z

dF
w t

ds
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.228a)

2 2

2
( ) ( ) 0.

1

pt
t bp z bp z

rdM
F w n w b

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.228b)

If the force and torque are known at (s = si), the required boundary conditions are

, ,t i t iF s s F     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.229a)

, .t i t iM s s M     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.229b)

Eq. 8.226a can easily be integrated (see Example 8.33), but Eq. 8.228b requires a numerical solution because 
of the nonlinear nature of the expressions for the z-components (n

z
 and b

z
) of the unit normal and binormal vectors. 

n

b

c
w  

d
w

Rotation 

Formation 

i

t
F

+i
t

F

n

e
w

c
w

t

i

t
M

1+i
t

M

→

→

→ →

→

→

→

→

θ

Fig. 8.79—Free-body diagram for the case of pipe rotation.
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For quick practical engineering calculations, approximations can be used, as illustrated in the following numerical 
example. 

Example 8.35 Consider a wellbore segment as described in Example 8.33. The torque at the bottom of the seg-
ment is 4,750 ft-lbf. Calculate the torque at the top of the segment.

Solution. The magnitude of the force [Line (d) of Example 8.32] at the top of the segment is 

,6,750 25,000 16 240.1 28,842 lbftF , and a fi rst approximation of a force at the midpoint is 26,921 lbf. 
Therefore, the corresponding unit contact force (Eq. 8.227a) is

bf/ft.cw

2 23

2

26,921 1.052 10 16 0.4,070 16 0.4,443
22.0 l

1 0.3

From Eq. 8.228b, the change in the moment for the measured length change Δs = 300 ft can be calculated as

5
0.3 22.0 300 412.5 ft-lbf.

24t p cM r w s

Hence, the torque at the top of the segment is 5162.5 ft-lbf. A more accurate solution can be obtained by dividing 
the segment into shorter elements.

8.6.8 Stiff-String Model for a Minimum-Curvature Trajectory. As discussed earlier, if the well path follows 
a minimum-curvature trajectory, the geometric torsion τ is nil, and the curvature is constant. Therefore, the 

change in the rate of curvature, d

ds
, is also nil, and the equilibrium equations are as follows:

Equilibrium of forces: 

( ) 0,t
n bp z c

dF
F w t w

ds
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.230a)

cos 0,n
a bp z c

dF
F w n w

ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.230b)

sin 0.b
bp z c

dF
w b w

ds     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.230c)

Equilibrium of moments:

d
• 0,

d
tM

m t
s

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.231a)

• 0,t bM F m n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.231b)

• 0.nF m b     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.231c)

If the pipe is sliding without rotation, the torque Mi = 0, and the applied unit moment m is

( cos ) ( sin ) .p d c p c pm r w w r b w r n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.232)

Taking the dot products of Eq. 8.232, the tangential, normal, and binormal components of the unit distributed mo-
ment can be obtained as: 

• 0,m t     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.233a)
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• - sin ,c pm n w r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.233b)

• - cos .c pm b w r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.233c)

Substituting Eqs. 8.233b and 8.233c into Eqs. 8.231a and 8.231b, the components of the shear force can be ob-
tained as

sin 0,b p cF r w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.234a)

cos 0.n p cF r w     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.234b)

From Eqs. 8.234a and 8.234b, the magnitude and direction of the unit contact force are

2 2

,n b
c

f p

F F
w

r
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.235a)

1 .b

n

F
tg

F
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .(8.235b)

Substituting Eqs. 8.234a, 8.234b, and 8.235a into Eq. 8.230 yields 
2 2

0,n bt
n bp z

p

F FdF
F w t

ds r
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.236a)

0,n n
t bp z

f p

dF F
F w n

ds r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.236b)

0.b b
bp z

f p

dF F
w b

ds r
    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.236c)

Eventually a system of three differential equations has been obtained, with three unknown forces, F
t
, F

n
, and F

b
. 

Note that the pipe bending stiffness EI does not exist in this model because it was eliminated by the fundamental 
assumptions of constant curvature and zero torsion, which are valid for minimum-curvature trajectories. Three 
boundary conditions are needed to solve Eq. 8.236. The boundary conditions come from the interaction between 
the pipe segment under consideration and the parts of the string above or below it:

,i
a i aF s s F     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.237a)

, ,n i n iF s s F     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.237b)

, .b i b iF s s F     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (8.237c)

Mitchell (2008) analyzed Eq. 8.236 and concluded that for a minimum-curvature trajectory, the most reason-
able approach is to use as a fi rst approximation the following value for the magnitude of the binormal component 
of the shear force: 

b bp z pF w b r     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.238a)

The binormal component of the shear force can be considered to be constant along the minimum-curvature 

trajectory. If it can also be assumed that ndF

ds
 can be ignored in Eq. 8.236b, then 

.n p t bp zF r F w n     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (8.238b)
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Substituting Eqs. 8.238a and 8.238b into Eq. 8.235a, it can be observed that the unit contact force is the 
same as that obtained for the soft-string model. In other words, for sliding pipe, the stiff-string model behaves 
like a soft string as far as the axial force is concerned, but with the shear forces given by Eqs. 8.238a and 
8.238b.

 Analysis of torque-and-drag problems for stiff strings and well trajectories involving torsion and variable 
DLS is beyond the scope of this text. 

8.6.9 Review Questions and Problems.
1. Derive the equation for the static equilibrium of moments (Eq. 8.176).
2.  Consider Eq. 8.176 and show that for a straight pipe segment in sliding mode (tripping in or out), the bend-

ing moment is nil.
3.  A 4½-in. pipe with a unit weight of 15 lbf/ft is rotated in a horizontal straight section of wellbore. Calcu-

late the unit contact force and its direction if the coeffi cient of friction is μ =0.3 and μ = 0.45. Discuss the 
importance of the direction of the unit contact force (side force). 

4. Explain why wellbore torsion does not exist in a 3D soft-string model.
5. Derive Eq. 8.215a for calculating the unit contact force for a 3D soft-string model.
6.  Show that for a 2D well profi le, the 3D model for a soft string reduces to the following equation for the 

case of tripping in:

cos sin 0t
t bp

dF
F w

ds

if 

sin 0,t bpF w

else

cos sin 0,t
t bp

dF
F w

ds

where φ = φ
i
 + κs,

φ
i
 = the hole inclination angle at s = s

i
.

7. Consider a well profi le as described below:

Station MD, ft Inclination Angle, degrees Azimuth Angle, degrees

1 3,000 55 0

2 3,055 60.7 4.1

3 3,110 66.4 7.7

4 3,165 72.2 11

5 3,220 78.1 14.1

6 3,275 84.1 17.1

7 3,330 90 20

The force at the bottom segment is F
b
= 10,000 lbf, and the coeffi cient of friction is μ = 0.3.

Calculate the expected force at the top of the segment (s = 3,000 ft) for tripping-out and tripping-in op-
erations. The pipe unit weight in fl uid is 17.5 lbf/ft. To carry out the calculations, assume a minimum-
curvature well path between the stations. 

 8.  Wellbore and drillstring data as in Problem 7 above. Calculate the rotary torque at the top of the segment 
if the torque at the bottom is 2,580 ft-lbf.

 9.  Wellbore and drillstring data as in Problem 7. Calculate axial force and torque at the top segment using 
the constant curvature and build rate method (constant tool-face angle, γ = constant).
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10.  Show that by solving Eq. 8.224 with the boundary condition at s = s
2
 and the force F

t
 = F

t,2
, the following 

result can be obtained:

2 2cos sin ,l
tF s Ae B Bl C Bl

where the quantities A, B, and C are
A = F

t,2
 – B cos φ

2
 – Csin φ2

2 2 2
,bpw

B
B

2 2 2

bpw
C

B

The quantity l is a length of wellbore measured from the endpoint, hence l = s
2
 – s.

Verify the above equations and calculate the axial force at the top of a wellbore segment with build rate 
B = 4.13°/100 ft and curvature DLS = 6.07°/100 ft. The hole inclination angle at the bottom end is 45.3°, 
and the length of the segment is 1,000 ft. The force at the bottom is F

t,2
 = 50,000 lbf

 
and the friction coef-

fi cient is μ = 0.3. The pipe unit weight in fl uid is 15 lbf/ft. Assume that the pipe is being tripped out of 
the hole.

11.  Consider a segment of a horizontal wellbore (a wellbore path confi ned to a horizontal plane) with con-
stant curvature κ. The string’s unit weight in fl uid is w

bp
. Assuming the soft-string model, develop an 

equation for calculating the unit contact force if the tension in the string is F
t
. 

12.  Consider a segment of a horizontal wellbore as described in Problem 11 above. The length of the segment 
is 450 ft, and the force applied at the lower end is 8,000 lbf (in tension). Assuming that the coeffi cient of 
friction is μ = 0.27, the pipe unit weight =16 lbf/ft, and the turn rate = 21°/100 ft, calculate the pulling 
force at the top of the segment. 

Nomenclature
 A = fl ow area, in.2

 A
e
 = outer pipe area enclosed by nominal OD, in.2

 A
i
 = inner pipe area enclosed by nominal ID, in.2

 A
s
 = steel cross-sectional area, in.2

 A
x
, A

y
, A

z
 = cubic interpolation constants 

 b  = binormal direction vector
 b

iz
 = component of binormal vector in the z coordinate direction

 B = build rate
 B

L
 = lateral curvature

 B
v
 = vertical curvature

 B
x
, B

y
, B

z
 = cubic interpolation constants

 c = dimensionless radial clearance
 c

st
 = stabilizer radial clearance, m

 C = constant in force equation
 C

1a
, C

1b
, C

2a
,C

2b
,C

3a
,C

3b
 = coeffi cients in stabilizer calculation

 C
x
, C

y
, C

z
 = cubic interpolation constants

 dl = horizontal projection of ds 
 d

r
 = rotor diameter

 ds = differential MD
 dx,dy,dz = differential length in the x, y, z coordinate directions
 D

h
 = diameter of wellbore, m

 D
O,stb 

= outside diameter of stabilizer
 D

x
, D

y
, D

z
 = cubic interpolation constants

 e = eccentricity
 E = Young’s modulus of elasticity, psi
 F = force, lbf
 F

b
 = shear force in binormal direction, lbf

 F
cr, s

 = critical buckling force in a straight wellbore, lbf



578 Fundamentals of Drilling Engineering

 F
h
 = hook load, lbf

 F
n
 = shear force in normal direction, lbf

 F
r
 = stability load, lbf

 F
t
 = force in the tangent direction, lbf

 h = anisotropic index

 
h

0
 

= dimensionless side force
 hstb = dimensionless side force at the stabilizer

 h = horizontal vector
 H = horizontal turn rate
 H  = average horizontal turn rate
 H

0 
= side force on bit

 H
stb

 = side force at the stabilizer

 i  = north coordinate vector
 I = moment of inertia
 ID

dc
 = drill collar inside diameter, in.

 j  = east coordinate vector

 k  = downward vertical vector

 K  = curvature vector
 ℓ = dimensionless distance to point of tangency
 L = length from bit to point of tangency
 m

1
, m

2
, m

3
 = scaling factors

 M = torque
 M

cd
 = torque due to contact drag forces

 M
db

 = torque at drill bit
 M

max
 = maximum torque

 M
t
 = torque at rotary table

 M
vd

 = torque due to viscous drag
 n

1
, n

2
, n

3
 = scaling factors

 n = normal direction vector
 n

iz
 = x component of normal vector at point i

 n
r
 = n

s
–1

 n
s
 = number of lobes in motor

 N = motor rotary speed
 N

ra
 = runaway motor rotary speed

 OD
dc

 = drill collar outside diameter, in.
 p = pitch of helix, ft
 p

r
 = rotor pitch

 P = power, hp
 P

i
 = points on a trajectory

 Q = fl ow rate, gal/min
 r = radius, in.
 r  = displacement vector, ft
 r

c
 = radial clearance, in.

 r
d
 = dimensionless radius of curvature

 r
p
 = radius of the pipe, in.

 r
s
 = stabilizer radial clearance, in.

 R = radius of curvature, ft
 s = measured depth, equivalent to arc length
 s

target
 = measured depth to target

 S = shear force
 S-U =  special coordinate system for slick assembly analysis 

(see Fig. 8.25)

 t  = axial direction vector, tangent vector
 t

iz
 = component of the tangent vector in the x coordinate direction

 T = azimuth turn rate 
 T  = average azimuth turn rate
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 v = unit right-side vector
 w = weight per foot
 cw  = contact force load vector
 w

d
 = friction force vector

 w
bp

 = buoyant weight per foot of pipe
 w

c 
= contact force magnitude

 W = weight of drill collars in mud
 W

BHA
 = weight of BHA

 W
dp

 = weight of drillpipe
 x,y,z =  conventional (right-hand) rectangular system of coordinates consistent with the 

north, east, and vertical directions, N, E, and V
 z = true vertical depth
 β = angle change between survey points
 β* = actual achieved defl ection angle
 γ = tool face angle
 γ

f
 = formation dip angle

 δ = tilt angle
 δ

d
 = dimensionless tilt angle

 Δε = change in hole direction
 Δp = pressure increment
 Δx = change in position in the x coordinate direction
 Δy = change in position in the y coordinate direction
 Δz = change in position in the z coordinate direction
 Δs = increment of MD
 ΔL = length change
 ε = angle of original hole with respect to the south direction
 η = effi ciency
 θ = angle defi ning the direction of the contact load
 κ = curvature
 μ = friction coeffi cient
 ξ = turn rate direction (+ if positive, – if negative)
 τ = geometric torsion of a curve
 φ = angle of inclination of the wellbore

  = average angle of inclination
 φ

n
 = new angle of inclination

 Φ = resultant force angle
 ψ = instantaneous direction of drilling

 ω = angular velocity
 ϑ = azimuth angle 

  = average azimuth angle

Abbreviations

BHA bottomhole assembly

DT departure of target

DL overall angle change, dogleg

DLS dogleg severity

ERD extended reach drilling

HD horizontal departure

HP hydraulic horsepower

KOP kickoff point

MD measured depth

MCM minimum curvature method

MWD measurement while drilling
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PDM positive displacement motor

RCLS rotary closed-loop system

RCM radius-of-curvature method

RKB rotary kelly bushing

RF ratio factor

RSS rotary-steerable system

SM steerable motors
TVD true vertical depth

WOB weight on bit 

WOC Water-oil-contact
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Chapter 9

Fundamentals of Drillstring Design

Stefan Miska, University of Tulsa

The objective of this chapter is to present the fundamentals of drillstring design. Included in this chapter are de-
scriptions of the components of a drillstring, determination of the forces and moments in the drillstring, the effect 
of wellbore pressures on drillstring forces, and overall drillstring design.

9.1 Introduction
The drillstring (drillstem) is the major component of a rotary drilling system. The typical drillstring consists of a 
kelly, a drillpipe with tool joints, drill collars, and stabilizers. The part of the drillstring above the bit is called the 
bottomhole assembly (BHA). Fig. 9.1 illustrates the usual arrangement of drillstring components. The bit is at-
tached to the drill collars by means of a bit sub. In conventional rotary drilling, the rotary motion produced by a 
rotary table is transmitted to the drillpipe by a square or hexagonal pipe called the kelly. For effective rock destruc-
tion, the lower part of the drill collars is slacked off onto the drill bit to provide the so-called weight on bit (WOB). 
Cuttings generated by the rock bit are removed from the bottom of the hole by the drilling fl uid, which is circu-
lated inside the drillstring and through the drill bit into the annular space between the drillstring and the borehole 
wall. As explained in Chapter 8, stabilizers are placed above the bit to control the direction in which the drill bit 
will penetrate the formation. Downhole motors with bent subs and rotary-steerable tools are also used for control-
ling the direction in which the bit drills, as discussed in Chapter 8. 

The major functions of a drillstring in conventional rotary drilling operations are

· To transmit rotary motion from the rotary table to a drill bit
· To convey drilling fl uid to the working face of the bit
· To produce WOB for effective drilling action
· To provide control of borehole direction

In addition to the elements already mentioned, the drillstring may include shock absorbers, junk baskets, drilling 
jars, reamers, and other equipment. The drillpipe itself may serve for drillstem testing, completion, well stimula-
tion (e.g., fracturing, acidizing), and fi shing operations.

New developments involve using the drillstring as a vehicle for sending downhole information to the top of the 
hole. High-speed-telemetry drillpipe can provide high-quality downhole dynamic data along with logging infor-
mation (gamma scans, density images, etc.) that can be effectively used for real-time drilling optimization. 

9.2 Drill Collars 
The drill collars are the major part of the BHA. The BHA, if properly designed, serves several purposes, in-
cluding loading of the drill bit with the WOB, as previously mentioned. The mechanical and geometric proper-
ties of the BHA affect bit performance (i.e., drilling rate and bit wear), hole problems (doglegs, key seats, 
differential pressure sticking), drillstring vibrations, and drillpipe service life. 
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Fig. 9.1—Basic components of a drillstring [after API Spec. 7:2001 (2001)]. Reproduced courtesy of the American Petro-
leum Institute.

Drill collars are manufactured in various sizes and shapes. Conventional drill collars have a round cross section; 
however, square and spiral drill collars are also used in the drilling industry. Drill collars with a square cross-sectional 
outside profi le are used to increase the stiffness of a BHA, whereas the spiral type is recommended for drilling in 
areas where differential pressure sticking is a problem. The spiral grooves on the outside surface of these drill collars 
reduce the contact area between the borehole wall and the drill collars, which, in turn, decreases the sticking force. 

The unit weights of new conventional drill collars are given in Table 9.1. Corresponding data for non-Ameri-
can-Petroleum-Institute (API) drill collars are available from manufacturers on request. Conventional drill collars 
are usually made with a uniform outside diameter (OD); however, drill collars with slip and elevator recesses are 
also available. 

The string of drill collars is formed by connecting individual collars (usually with a length of approxi-
mately 30 ft) by means of rotary-shouldered connections. Selection charts for drill-collar connections are available 
from several manufacturers. The connections must be made up with an appropriate amount of makeup torque so 
that they will not separate under downhole conditions. The recommended makeup torques for different sizes of 
drill collars are given by API RP 7G (1998). Basic physical properties of new drill collars are given in Table 9.2.

9.2.1 Selection of Drill-Collar Size and Length. Many factors affect selection of the drill-collar shape and unit 
weight. The most important factors are

· Bit size
· OD of the casing that is expected to be run in the hole
· Formation dip angle and heterogeneity
· Hydraulic program (i.e., drilling-fl uid type, properties, fl ow rate, and nozzle size)
· Maximum acceptable dogleg (hole curvature)
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TABLE 9.1—SIZES AND UNIT WEIGHTS (lbf) OF NEW DRILL COLLARS

[after API Spec. 7:2001 (2001)] Reproduced courtesy of the American Petroleum Institute.

Drill-Collar ID, in. 

Drill-
Collar 
OD, in.     

1 1¼   1½  1¾  2 2¼ 2½ 213/16 3 3¼ 3½ 3¾ 4 

2⅞ 19 18 16           
              
3 21 20 18           
3⅛   22 22 20           
3¼   26 24 22           
3½   30 29 27           
3¾   35 33 32           
4 40 39 37 35 32 29        
4⅛              43 41 39 37 35 32        
4¼              46 44 42 40 38 35        
4½              51 50 48 46 43 41        
4¾                                     54 52 50 47 44       
5   61 59 56 53 50       
5¼                                     68 65 63 60 57       
5½                                     75 73 70 67 64 60      
5¾                                     82 80 78 75 72 67 64 60    
6   90 88 85 83 79 75 72 68    
6¼                                     98 96 94 91 88 83 80 76 72   
6½                                     107 105 102 99 96 91 89 85 80   
6¾                                     116 114 111 108 105 100 98 93 89   
7   125 123 120 117 114 110 107 103 98 93 84 
7¼                                     134 132 130 127 124 119 116 112 108 103 93 
7½                                     144 142 139 137 133 129 126 122 117 113 102 
7¾                                     154 152 150 147 144 139 136 132 128 123 112 
8   165 163 160 157 154 150 147 143 138 133 122 
8¼                                     176 174 171 168 165 160 158 154 149 144 133 
8½                                     187 185 182 179 176 172 169 165 160 155 150 
9   210 208 206 203 200 195 192 188 184 179 174 
9½                                     234 232 230 227 224 220 216 212 209 206 198 
9¾                                     248 245 243 240 237 232 229 225 221 216 211 
10   261 259 257 254 251 246 243 239 235 230 225 
11   317 315 313 310 307 302 299 295 291 286 281 
12   379 377 374 371 368 364 361 357 352 347 342 

· Required WOB
· Possibility of fi shing operations (retrieving the string if some of the elements fail and a portion of the BHA 

is lost in the hole)

If a near-bit stabilizer is not used, to prevent rapid changes in hole deviation (which may make running a casing 
string diffi cult or even impossible), the required OD of the drill collars can be calculated as follows:

D
odc

 = 2(D
occ

) – D
b 
,      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.1)

where D
odc 

= outside diameter of drill collars, D
occ 

= outside diameter of casing coupling, and D
b
 = bit diameter. 

The required length of drill collars depends mostly on the desired WOB, the unit weight of the drill collars, and 
the drilling-fl uid density. Assuming that only drill collars will be used to create bit loading, the required length is 
given by the formula

DF

cosdc
dc b

W
L

w K
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.2)
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TABLE 9.2—PROPERTIES OF NEW DRILL COLLARS 

 3 2 1
Drill-Collar  

OD Range, in. 
Minimum  

Yield Strength, psi 
Minimum  

Tensile Strength, psi 

3 ⅛ – 6⅞                                     110,000                                    140,000 
 000,531 000,001 01 – 7

where DF = design factor DF 1.1 to 1.2 ; W = WOB, lbf; w
dc

 = unit weight of drill collars (see Table 9.1); K
b
 = 

buoyancy factor = 1 m

st
; m  = drilling-fl uid specifi c weight; st  = drill-collar-material specifi c weight [steel 

specifi c gravity (SG) = 7.85; water =1.0); and  = hole inclination angle from the vertical.
A design factor of approximately 1.15 to 1.20 is recommended in nearly vertical holes to ensure that the part of 

the drillstring above the drill collar is under effective tension. The concept of effective tension is explained later in 
this chapter in the section dealing with axial stress in drillpipe. Maintaining the drillpipe under tension not only 
prevents it from buckling, but also helps prevent lateral movement of the pipe because of the centrifugal forces 
that are generated while the pipe is being rotated. Generally, in nearly vertical holes, a higher value of the design 
factor is recommended for higher rotary speeds of the drillstring and higher fl ow rates. As the hole inclination 
angle increases, gravity keeps the drill collars on the lower side of the borehole, which results in drag forces, as 
discussed in Chapter 8. 

The pressure-area method suggested by some authors for calculating the required length of drill collars is not 
correct and therefore should not be used because it does not consider the tri-axial nature of the stresses that are 
actually observed when the pipe is immersed in the drilling fl uid. It can be shown that hydrostatic forces cannot 
cause buckling as long as the density of the drilling fl uid is less than that of the drill-collar material. In other 
words, under these conditions, the drill collars will not buckle because of hydrostatic forces, no matter how deep 
the hole is.

Example 9.1 Select the drill-collar size and length for the following drilling conditions:

Hole size = 8¾ in.

Casing size 7 in. with 7.656-in. OD coupling

WOB = 45,000 lbf

Mud SG = 1.2 (water = 1.0, steel = 7.85)

Hole inclination angle = 10°

Design factor = 1.2

Solution. From Eq. 9.1, D
odc

 = 2(7.656) – 8.75 = 6.562 in. From Table 9.1, drill collars can be 
selected with OD = 6½ in. and inside diameter (ID) = 2 in., so that the unit weight w

u
 = 102 lbf/ft. The buoyancy 

factor is

K
b
 = 1 – 

1.2

7.85
= 0.847,

and the length of the drill collars, from Eq. 9.2, is

L
dc

 = 
(1.2)(45,000)

635 ft.
(102)(0.847)(cos10)

Assuming that the average length of one joint of drill collar is 30 ft, the required number of joints is 22. 
Note that once the ID of the drill collars has been selected (e.g., 2 in.), the unit weight has been 

determined, and consequently the length of the drill collars can be found from Eq. 9.2. Selecting different IDs 
gives different corresponding drill-collar string lengths. For each combination of ID and drill-collar length, the 
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corresponding pressure losses can be calculated. This clearly indicates that the selection of the drillstring should 
be made in conjunction with the hydraulic program.

9.2.2 Drill-Collar Buckling. To understand the phenomenon of drill-collar buckling, for the sake of simplicity, 
let us fi rst consider a steel vertical rod with a length L

r
 = 5 ft (60 in.) and a cross-sectional area of 0.5 in.2 [diam-

eter = 0.798 in. and moment of inertia = (1.99)(10–2)in.4]. The lower end is resting on a fl at surface, and the upper 
end is loaded with an axial force. The axial force results in an axial compressive stress equal to the magnitude of 
the force divided by the cross-sectional area of the rod. By gradually increasing the axial force, it can be observed 
that at a certain force, the rod buckles. If the hinged types of end conditions (no bending moment) are assumed 
and the rod weight is neglected, the magnitude of the critical force that causes the rod to buckle can be calculated 
from the well-known Euler equation [e.g., Popov (1990)] as

2

2

EI
cr

r

F
L

,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (9.3)

where EI is a bending stiffness that is a product of modulus of elasticity (E) and the moment of inertia (I), and L
r

is the length of the rod. If the rod is made of steel [E = 30(10)6psi], the critical buckling force from Eq. 9.3 is 1,635 
lbf for the case under considerations. Note that in Eq. 9.3, the rod weight is not considered (that is, the rod is as-
sumed to be weightless). In other words, the practical usefulness of Eq. 9.3 is limited to those cases in which the 
buckling force is much greater than the weight of the compressed elements. 

A similar phenomenon may occur if the WOB is increased above a certain value called the critical WOB. Be-
cause the lateral movement of the drill collar is restricted by the borehole wall, the drill collar will contact the wall, 
as shown in Fig. 9.2. 

H
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Fig. 9.2—Buckling of collars in a vertical hole [after Lubinski (1987)].
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The force W is called the WOB, which is the vertical component of the force that the formation exerts on the bit. 
W is also equal to the weight of the portion of the drill collars in drilling fl uid that is below the neutral point, N, 
reduced by the frictional force, F

f  
. In other words, the WOB force, W, plus the frictional force, F

f  
, is equal to the 

weight in mud of the portion of the drill collars that is below the neutral point. The force H
0 
is called the side force 

at the bit. The vertical force equilibrium requires that the F
h
 (hook load) be equal to the total weight of the drill-

string in drilling fl uid minus the weight of the drill collars that are used to generate bit loading reduced by the 
friction force (drag force). In other words, the neutral point divides the drillstring into two parts. The upper part, 
with length X

1
, is in effective tension, and the lower part, with length X

2
, is in effective compression. Because the 

buckling of drill collars is attributable to the amount of drill-collar weight that is slacked off onto the drill bit, Eq. 
9.3 cannot be used to calculate the critical buckling force. 

A theoretical analysis performed by Lubinski (1951, 1987) revealed that for a frictionless system (that is, 
friction force is neglected), the critical values of WOB W

cr
 that cause first- and second-order buckling 

(meaning that the first or the second buckle contacts the borehole wall) can be calculated from the following 
expressions:

W
cr,I

 = 1.94w
bp

m,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.4)

W
cr,II

 = 3.75w
bp

m,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.5) 

where W
cr,I

 =
 
critical value of WOB for fi rst-order buckling,

W
cr,II

 = critical value of WOB for second-order buckling,

m = 3

bp

EI

w
, a scaling factor or “dimensionless unit,” which relates actual to dimensionless length, ft,

EI = bending stiffness of the drill collars, and

w
bp

 = unit weight of the drill collars in drilling fl uid. 

If the WOB is less than calculated from Eq. 9.4, the drill collars remain straight and the side force H
0
 = 0. It can 

be shown that the coeffi cient 1.94 in Eq. 9.4 should be replaced with 1.08 for deep wells. 
Once the drill collars have buckled, the string is no longer vertical at its lower end, and the bit starts to drill 

an inclined hole. The direction (inclination) of the force on the bit and the tilt angle are given by (Lubinski 1951, 
1987)

crn
m

,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.6)

cr

m
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.7)

where F = inclination of the resultant bit force [note also that F = arctan (H
o  
/ 

 
W)],

b = tilt angle (the angle between the tangent to the centerline of the drill collars at the bit and the vertical 
at the bit) (radians),

r
c 
= radial clearance (apparent radius of the hole), r

c
 = 0.5 (D

b
 – OD

dc
),

n, l = coeffi cients that depend on the dimensionless distance, 2
2

X
x

m
, between the bit and the neutral 

point, as shown in Fig. 9.3.

Assuming that the drill-bit face- and side-cutting abilities are identical and the formation being drilled is isotro-
pic, the expected instantaneous bit-displacement direction is the same as the direction of the resultant force on the 
bit. If, however, the side-cutting ability of the drill bit is assumed negligible, the bit will penetrate the formation 
in the direction in which it is pointed out. In other words, the instantaneous hole angle will be equal to the tilt 
angle. In general, the direction of bit penetration will be neither that of the tilt angle nor that of the resultant force 
angle, because formation drillability (formation resistance to drilling) is different in different directions. 

The magnitude of the force applied by the buckled drill collars on the hole wall is given by

bp cN f w r ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.8)
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where f = a coeffi cient that depends on the distance from the bit to the neutral point, expressed in dimensionless 
units, x

2
 (Fig. 9.4):

x
2
 = NL

m
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.9)

L
N
 = X

2
 = distance from the bit to the neutral point, ft:

N
bp

W F
L

w
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.10)

F = N  = friction force, lbf, and m = coeffi cient of friction between the drill collar and the formation at the point 
of contact.

Analysis of Eqs. 9.8 and 9.10 indicates that if the coeffi cient of friction (m) is known or can be estimated, then 
the force N can be calculated iteratively. If the drillstring is rotating, the friction force is absorbed by the rotary 
torque, and the axial fi ction can be ignored in Eq. 9.10. 

It is evident that buckling generates a bending moment, which in turn produces a bending stress, which is a ten-
sion on one side and a compression on the other. This bending stress affects the compound stress in the inner and 
outer fi bers of the drill collars. 

The following expression can be used to calculate the bending moment:

M
b
 = iw

bp
mr

c
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.11)

where i = the bending-moment coeffi cient, which is a function of x
2
 (Fig. 9.5). There are two points in drill collars 

where the bending moment reaches a maximum. 
 In Fig. 9.5, the coeffi cient i

1
 corresponds to the point of maximum bending moment that is nearest to the bit, 

whereas i
2
 corresponds to the point above. The dashed lines M

1
M

3
 and 1

'M  3
'M  represent the dimensionless dis-

tance (the ordinate on the right side of Fig. 9.5) to the two points at which the bending moment is a maximum.
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Fig. 9.3—Coeffi cients t and n as functions of dimensionless distance from the drill bit to the neutral point, x2 [after Lu-
binski (1987)].
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Example 9.2 Consider 7½- by 2½-in. steel drill collars in a 12¼-in. vertical hole. If the WOB W = 20,000 lbf and 
the mud weight = 12 lbm/gal, determine

(a) Whether drill-collar buckling occurs and, if it does, the distance to the tangency point
(b) The inclination of the resultant force acting on the bit and the tilt angle
(c) The side force at the bit
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Fig. 9.4—Coeffi cient f for the force that collars exert on the borehole wall upon buckling [after Lubinski (1987)].
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(d) The force that the buckled drill collar applies to the borehole wall
(e)  The distance from the bit to the point of maximum bending stress and the corresponding bending stress

Solution. The fi rst step is to calculate the moment of inertia: 

(a)  
4 4

3 47.5 2.5
7.4 10 ft

64 12 12
I . 

The unit weight of the drill collars in mud (note that for 7½- × 2½-in. drill collars, the unit weight, w
dc

= 133 lbf/ft):

(b)  w
bp

= (133) (1 – 
12

65.5
) = 108.63 lbf/ft,    

(c)  Dimensionless unit: m = 
6 3

3
(4,320)(10 )(7.4)(10 )

66.51 ft.
108.63

  

The apparent radius of the hole (the radial clearance between wellbore and pipe) is

(d)  r
c
= 0.5

12.25 7.5
0.198 ft

12 12
.    

The WOB that causes fi rst-order buckling is

(e)  W
cr,I

 = (1.94)(108.63)(66.51) = 14,016.5 lbf.   

The WOB that causes second-order buckling is

(f)  W
cr,II

 = (3.75)(108.63)(66.51) = 27,093.7 lbf.   

Conclusion: Because the actual WOB is 20,000 lbf, fi rst-order drill-collar buckling will occur. 
The distance to the neutral point (assuming no friction at the tangency point) is

(g)  L
N
 = X

2
=

20,000

108.63
= 184.11 ft.      

Hence, the dimensionless distance to the neutral point is

(h)  x
2
 = 

184.11
2.768.

66.51
NL

m
       

To calculate the resultant force angle, F, and tilt angle, b, the coeffi cients n and λ can be read from Fig. 9.3 
as n = 0.415 and λ = 1.14. Consequently, from Eqs. 9.6 and 9.7,

(i)  
0.198

(0.415) 1.23
66.51

 × 10–3 radians = 0.0708°, 

(j)  
0.198

(1.14) 3.39
66.51

 × 10–3 rad = 0.194°.

The side force at the bit (H
0
) is

(k)  H
0
 = W tanF = (20,000)(tan0.0708) = 25 lbf.

Of course, in spite of the relatively small values of the tilt angle b and side force H
0
, the hole will eventually start 

to deviate from the vertical. 
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From Fig. 9.4, the coeffi cient f = 0.8. Hence, the side force at the point of tangency is 

(l)  N = (0.8)(108.6)(0.198) = 17.2 lbf.      

To calculate the distance from the bit to the points of maximum bending moment, the values of the dimension-
less distances, 0.875 and 4.075, can be read from Fig. 9.5. The corresponding actual distances are (0.875)(66.51) = 
58.2 ft and (4.075)(66.51) = 271.05 ft. To calculate the corresponding bending stresses, coeffi cients i

1
 and i

2
 can 

be obtained from Fig. 9.5 as i
1
 = 0.9 and i

2
 = 0.15. Consequently, the bending moments are (Eq. 9.11)

(m)  M
b1

 = (0.9)(108.63)(66.51)(0.198) = 1287.6 ft-lbf   

and

(n)  M
b2

 = (0.15)(108.63)(66.51)(0.198) = 214.6 ft-lbf.   

Once the bending moments are known, the corresponding bending stresses can be easily calculated. The reader is 
invited to complete this calculation. 

Buckling in an Inclined Hole. If the hole is straight, but not vertical, the critical WOB that induces buckling 
can be calculated as follows: 

W
cr
 = 2mw

bp
2 sin

c

m

r
.

     

.  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.12)

Eq. 9.12 is based on an experimental study performed by H.B. Woods of Hughes Tool Company. However, Daw-
son and Pasley’s (1983) theoretical study of long and frictionless rods provided the following equation:

W
cr
 = 2mw

bp
sin

c

m

r
.

     

.  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.13)

All quantities in Eqs. 9.12 and 9.13 (m, w
bp

, I, and r
c
) have the same meaning as previously. Clearly, the empirical 

equation (Eq. 9.12) predicts a value of the buckling force greater than that predicted by Eq. 9.13 by a factor of 2 . 
This is possibly due to the stabilizing effect of the friction force. In other words, Eq. 9.13 provides a fairly con-
servative estimate of the buckling force in a straight inclined hole and is frequently used by industry at present. 
This buckling force is called a sinusoidal, snaky, or lateral buckling force. As the compressive force is increased 
above the lateral buckling force, the pipe eventually develops a 3D helical shape.

Example 9.3 Assuming that the drill-collar properties and the hole size are the same as in Example 9.2, calculate 
the critical WOB if the hole inclination angle is 5°.

Solution. Using Eq. 9.12,

(a)  W
cr
 = (2)(66.51)(108.6) 2(66.51)(sin5)

0.198
= 110,586 lbf.  

Using Eq. 9.13,

(b)  W
cr
 = 110,586.4 

1
78,196 lbf.

2
    

Buckling of the drill collars in an inclined hole will require a very high WOB, which is usually outside the range 
recommended by bit manufacturers for effective drilling. However, because the stiff, heavy drill collars lie on the 
lower side of the hole, high contact forces are created, which in turn cause increased axial drag, increased rotary 
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torque, and the possibility of differential sticking. High wall friction can also result in whirling (rolling) of drill 
collars about the wellbore axis rather than rotation about their own axis. This causes very high rotary torque and 
additional bending loads that are detrimental to the mechanical integrity of the drillstring. 

To reduce the problems associated with stiff, heavy drill collars in directional wells, a regular- or heavyweight 
drillpipe (i.e., a pipe with increased wall thickness) is used to create the desired WOB. If placed in the BHA above 
the drill collars, a heavyweight drillpipe provides a gradual change in stiffness between the rigid drill collars and 
the fl exible drillpipe. Naturally, a drillpipe that is much more fl exible than the drill collars will buckle under much 
less force than will the drill collars. 

Experiments conducted under static conditions (no pipe rotation) in a horizontal well confi guration have shown 
that a pipe subjected to axial loading fi rst buckles into a “snake” shape (as mentioned earlier, this is also called 
lateral or sinusoidal buckling), and as the force is increased, the pipe eventually assumes a helical shape. This is 
the so-called helical buckling phenomenon. For pipe with a known bending stiffness (EI), the relationship be-
tween the axial force F and the helix pitch p is given by Lubinski (1962, 1987) as 

2 8 EI

F
.
   

. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.14)

Once the helix pitch has been obtained, the corresponding pipe curvature (k
p
) can be calculated from Eq. 9.15 and 

the bending moment (M
b
) from Eq. 9.16:

2

2 2 2

4

4
c

p

c

r

r
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.15)

b pM EI .
    

.  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.16)

It can be shown that in a helical pipe confi guration, the unit contact force between the pipe and the wellbore is 
given by Mitchell’s (1986) equation:

2

4
c

c

r F
w

EI
.
     

. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.17)

Clearly, for a pipe with a known bending stiffness (EI), the radial clearance r
c 
and the axial force F are the major 

factors controlling the bending moment (bending stress) and the unit contact force. 

Example 9.4 Consider a 3½-in. steel drillpipe with a unit weight of 15.5 lbf/ft (pipe ID = 2.602 in.) in a vertical 
hole subjected to a compressive force F = 15,000 lbf. Calculate the bending moment and the unit contact force if 
the hole diameter is 77/8 in. Assume that the pipe is helically buckled. 

Solution. 

Radial clearance:

(a) 
7.875 3.5

0.1823
2(12)cr ft. 

Bending stiffness:

(b) 
4 4

6 6 23.5 2.602
4,320(10 ) (1.065)(10 ) lbf-ft

64 12 12
EI .    

Pitch of the helix (Eq. 9.14):

(c) 

1/ 2
68 1.065 10

42.24 ft.
15,000
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Pipe curvature (Eq. 9.15):

(d) 
2

3
2 2 2

4 (0.1823)
(4.027)(10 )

42.24 4 (0.1823 )p ft–1. 

Bending moment (Eq. 9.16): 

(e) 6 3(1.065)(10 )(4.027)(10 ) 4,288bM  ft-lbf.        

Contact force per unit length (Eq. 9.17): 

(f) 
2

6

(0.1823)(15000)
9.63

4(1.065)(10 )cw
 

          

9.3 Drillpipe and Tool Joints
The major portion of a drillstring is composed of drillpipe. Drillpipe in common use is made out of steel [steel drill-
pipe (SDP)]. In some applications (e.g., drilling long extended-reach wells), it may be better to use aluminum drill-
pipe (ADP) or perhaps titanium drillpipe (TDP). To evaluate the usefulness of ADP and TDP compared with SDP, 
one would need to consider the wellbore path confi guration, the downhole temperatures, the working environment 
(presence of H

2
S and CO

2
), and the drag and torque issues discussed in Chapter 8. Hot-rolled, pierced seamless tubing, 

sometimes with the end threaded (eight threads per inch of thread length), is used for tool-joint attachments. As sche-
matically depicted in Fig. 9.1 tool joints provide a means of fastening the individual lengths of pipe together. Cur-
rently, threaded connections between the drillpipe and tool joints have been almost completely replaced by butt welds. 
To reinforce the ends of the pipe, the pipe is upset at both ends. The pipe can be internal-upset (IU), external-upset 
(EU), or internal-and-external-upset (IEU). These three different designs are shown in Fig. 9.6. 

For identifi cation purposes, drillpipe can be classifi ed according to:

· Size (nominal OD)
· Wall thickness (or nominal unit weight)
· Steel grade
· Length ranges

The API standard drillpipe sizes include 23/8 in., 27/8 in., 3½ in., 4 in., 4½ in., 5 in., 5½ in., and 65/8 in. The wall 
thicknesses and corresponding unit weights for the standardized drillpipe sizes are listed in Table 9.3. 

The steel grades used and the corresponding minimum tensile yield strength for each are given in Table 9.4. 
Usually, drillpipe is available in three length ranges:

Range 1: 16–25 ft

Range 2: 27–30 ft

Range 3: 38–45 ft

In regular rotary-drilling operations, the drillpipe most commonly used is Range 2. The minimum mechanical-
performance properties of various kinds of drillpipe are given in Table 9.5. 
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Fig. 9.6—Drillpipe upsets: IU, EU, and IEU.



Fundamentals of Drillstring Design 597

A tool joint is usually welded onto the drillpipe and consists of a pin and a box, as illustrated in Fig. 9.7. It is 
made from high-alloy steel with a wide thread (4 to 5 threads per inch) on the pin and the box. 

Tool joints are classifi ed by style as

· Extra-hole
· Wide-open
· Slimhole
· Full-hole
· Internal-fl ush

TABLE 9.3—NEW DRILLPIPE DIMENSIONAL DATA 

Nominal 
Weight of 
Thread 

Couplings,
   [lbf/ft]  

Plain-End 
Weight, lbf/ft

Wall 
Thickness, in. 

Cross-
Sectional 

Area, Body of 
Pipe, in2. 

Polar Sectional 
Modulus Z, in.3

 

2⅜                        4.85 4.43 0.190 1.995 1.3042 1.320 
 6.65 6.26 0.280 1.815 1.8429 1.734        

2⅞                        6.85 6.16 0.217 2.441 1.8120 2.242 
 10.40 9.72 0.362 2.151 2.8579 3.204 

3½                         9.50 8.81 0.254 2.992 2.5902 3.922 
 13.30 12.31 0.368 2.764 3.6209 5.144 
 15.50 14.63 0.449 2.602 4.3037 5.846 

4 11.85 10.46 0.262 3.476 3.0767 5.400 
 14.00 12.93 0.330 3.340 3.8048 6.458 
 15.70 14.69 0.380 3.240 4.3216 7.156        

4½                       13.75 12.24 0.271 3.958 3.6004 7.184 
 16.60 14.98 0.337 3.826 4.4074 8.542 
 20.00 18.69 0.430 3.640 5.4981 10.232 
 22.82 21.36 0.500 3.500 6.2832 11.345 
 24.66 23.20 0.550 3.400 6.8251 12.062        

5 16.25 14.87 0.296 4.408 4.3743 9.718 
 19.50 17.93 0.362 4.276 5.2746 11.416 
 25.60 24.03 0.500 4.000 7.0686 14.490 

5½                       19.20 16.87 0.304 4.892 4.9624 12.222 
 21.90 19.81 0.361 4.778 5.8282 14.062 
 24.70 22.54 0.415 4.670 6.6296 15.688 

6⅝                       25.20 22.19 0.330 5.965 6.5262 19.572 
 27.70 24.22 0.362 5.901 7.1227 21.156 

ID, in.OD, in.

[from API RP 7G (1998)] Reproduced courtesy of the American Petroleum Institute.

TABLE 9.4—MINIMUM TENSILE YIELD STRENGTH FOR NEW DRILLPIPE 
 

Steel Grade Minimum Yield Strength, psi 

 000,55 D
 000,57 E
 000,59 59 – X
 000,501 501 – G
 000,531 531 – S
 000,051 051 – V
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TABLE 9.5—MINIMUM PERFORMANCE PROPERTIES OF NEW DRILLPIPE

 

1 2 3 4 5 6 7 8 

OD, in.
D 

Nominal 
Weight, lbf/ft  

Wall 
Thickness, in. 

 t 
ID, in.

d 

Collapse 
Resistance, 

psi 

Internal 
Yield 

Pressure, 
psi 

Pipe-Body 
Yield 

Strength, 
1,000 lb 

2⅜                    6.65 E 0.280 1.815 15,600 15,470 138 

 6.65 X  0.280 1.815 19,760 19,600 175 

 6.65 G 0.280 1.815 21,840 21,660 194 

 6.65 S 0.280 1.815 28,080 27,850 249 

2⅞                    10.40 E 0.362 2.151 16,510 16,530 214 

 10.40 X 0.362 2.151 20,910 20,930 272 

 10.40 G 0.362 2.151 23,110 23,140 300 

 10.40 S 0.362 2.151 29,720 29,750 386 

3½    9.50 E 0.254 2.992 10,040 9,520 194 

 13.30 E 0.368 2.764 14,110 13,800 276 

 15.50 E 0.449 2.602 16,770 16,840 323 

 13.30 X 0.368 2.764 17,880 17,480 344 

 15.50 X 0.449 2.602 21,250 21,330 409 

 13.30 G 0.368 2.764 19,760 19,320 380 

 15.50 G 0.449 2.602 23,480 23,570 452 

 13.30 S 0.368 2.764 25,400 24,840 480 

 15.50 S 0.449 2.602 30,190 30,310 581 

4 11.85 E 0.262 3.476 8,410 8,600 231 

 14.00 E 0.330 3.340 11,350 10,830 285 

 14.00 X 0.330 3.340 14,380 13,720 361 

 14.00 G 0.330 3.340 15,900 15,160 400 

 14.00 S 0.330 3.340 20,170 19,490 514 

Grade

[from API RP 7G (1998)] Reproduced courtesy of the American Petroleum Institute.

Tong 
area 

Pin    Box 

Hardfaced 
area 

Shoulder 

Last engaged thread-pin 

Last engaged thread-box 

Fig. 9.7—Tool joint: rotary-shouldered connection. 
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Table 9.6 shows the corresponding API numbered connections as used in API RP 7G (1988). According to the API 
standard, the mechanical properties of tool joints shall not be lower than the minimum values as specifi ed below:

· Minimum yield strength: 120,000 psi
· Minimum tensile strength: 140,000 psi

For applications that require high rotary torque, double-shoulder tool joints are recommended. A double-shoulder 
connection involves a primary and secondary shoulder (Jellison et al. 2000). In the hand-tight position, only the 
primary shoulder makes contact. As more makeup torque is applied to the joint in the power-tight position, the box 
compresses, the pin elongates, and the secondary shoulder engages. The secondary shoulder provides the desired 
increase in torsional capacity compared with a conventional API rotary-shoulder connection. More technical in-
formation on double-shoulder tool joints is available from various manufacturers on the Internet. 

Recently, a drillpipe capable of transmitting downhole data and surface control signals has been developed (Jel-
lison and Hall 2003). This drillpipe is frequently called an intelligent or telemetry drillpipe. It should be noticed, 
however, that the application of electrical data transmission had been proposed much earlier (Denison 1976). In-
dividual pipe joints include a high-speed data cable that runs along the pipe and terminates at induction coils lo-
cated in the secondary torque shoulders of double-shoulder tool joints. When two joints are made up under power, 
the coils are brought into very close proximity, but not into contact with each other. An alternating current fl owing 
through the cable produces a variable electromagnetic fi eld that induces a variable current in the other coil. In 
other words, the coils create inductive couplings that can transmit signals across the tool-joint interface. Potential 
applications of telemetry drillpipe include real-time drilling optimization in terms of WOB and bit rotary speed, 
casing setting depth selection, well control under impending blowout conditions, elimination of wireline logs, and 
improved control of underbalanced drilling and managed-pressure drilling. 

9.3.1 Forces Acting on the Drillstring. A drillstring operating in the borehole is subjected to a number of loads, 
including tension, compression, torsion, bending, and collapse or burst pressure. These forces can be either static 
or dynamic. The loads can repeat a number of times (cyclic loads) or can be applied over a relatively short period 
of time (impact loads). As a result, the stress state of a drillpipe is very complex and diffi cult to describe analyti-
cally. Here, for design purposes, a static stress state is assumed, and an appropriate design factor [safety factor 
(SF)] is used to arrive at a solution that is acceptable for fi eld conditions.

Axial Tension/Compression Stresses. The largest tension load exists at the top of the drillstring because of the 
weight of the drill collars, stabilizers, drillpipe, and other string components, and because of forces attributable to 
fl uid pressure acting on surfaces perpendicular to the drillstring axis. The bottom of the string (immersed in a 
fl uid) is subjected to axial compressive force because of the hydrostatic pressure acting at the bottom of the pipe. 
The stress produced by an axial load, F, on the cross section, A, of a drillstring can be expressed as:

a

F

A
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.18)

where s
a
 = the average axial stress, or simply axial stress (tension or compression), psi; F = axial force, lbf; A = 

cross-sectional area, A = 0.785 (D
op

2 – D
ip

2), in.2; D
op

 = pipe OD in.; D
ip
 = pipe ID, in. The axial force, F, which 

is perpendicular to the cross-sectional area, A, can be determined by generating a free-body diagram, as ex-
plained in Example 9.5. Sometimes the stress calculated from Eq. 9.18 is called the actual (true) axial stress bec-
ause it can be measured by strain gauges. 

Example 9.5 Suppose that a drillstring is composed of 9,500 ft of 4½-in. drillpipe with a unit weight of 18.3 
lbf/ft and a cross-sectional area of 4.4074 in.2, and of 600 ft of drill collars with D

odc
 = 6½ in., D

idc
 = 2¼ in. 

TABLE 9.6—API NUMBERED CONNECTIONS

API Numbered 
Connection NC26 NC31 NC38 NC40 NC46 NC50

Internal flush    2⅜                    2⅞                    3½                                             4                  4½
Full hole                          4   

Extra hole                                                                                                                    4½                5 
Wide open                                                                  3½                                            4                  4½
Slimhole                 2⅞                   3½                      4½    

[after API RP 7G (1998)] Reproduced courtesy of the American Petroleum Institute.
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(A
dc

 = 29.1922 in.2), and a unit weight of 99 lbf/ft. The WOB is 28,000 lbf, and the drilling-fl uid SG is 1.2 (that 
of water is 1.0). Calculate the axial stress on a cross section of drillpipe located at a depth of 9,000 ft (500 ft from 
the top of the drill collars).

Solution. A free-body diagram for this situation is shown in Fig. 9.8. Note that only axial forces are considered.
System static equilibrium requires that

(a)  F = W
1
 + W

2
 + Fp

1
 – Fp

2
 – W, 

where F = axial force on the cross section under consideration, lbf; W
1 
= weight of drillpipe below the cross sec-

tion under consideration, lbf; W
2
 = weight of drill collars, lbf; Fp

1
 = pressure force acting at the top of the drill 

collars, lbf; Fp
2
 = pressure force acting at the bottom of the drill collars, lbf; and W = WOB, lbf. 

(b)  W
1
 = (500)(18.3) = 9,150 lbf

(c)  W
2
 = (600)(99) = 59,400 lbf

(d)  Fp
1 
= (0.052)(1.2)(8.34)(9,500)(29.1922 – 4.4074) = 122,534 lbf 

(e)  Fp
2
 = (0.052)(1.2)(8.34)(10,100)(29.1922) = 153,440 lbf

Hence,

(f)  F = 9,150 + 59,400 + 122,534 – 153,440 – 28,000 = 9,644 lbf,

and the axial stress is a tensile stress (F > 0):

(g)  
9644 2,188 psi

4.4074a .

P 

9,000 ft 

9,500 ft 

10,100 ft 

F1=P1H1 

Drillpipe 

Drill collars 

F2=P2H2

P1

P2

W2 

W1 

W 

Fig. 9.8—Free-body diagram for Example 9.5.
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To determine whether or not a string fails at a given cross section, one must evaluate the 3D stress state that actu-
ally exists at the cross section under consideration. Assuming that the drillpipe is a thin-walled pipe, the tangential 
and radial stresses are the same and equal to the negative of the fl uid pressure at a depth of 9,000 ft:

(h)  (0.052)(1.2)(8.34)(9,000) 4,683t r  psi.   

The drilling industry has adopted the maximum-energy-of-distortion theory to assess the strength of tubulars. The 
theory was originally proposed by Hubert (1904) and was further developed by von Mises (1913). According to 
the maximum-energy-of-distortion theory (e.g., Popov 1990), yielding begins when the distortion energy reaches 
the value of the distortion energy at the yield point in a simple tension test.

Assuming that there is no torsion, the following equation can be derived by use of the maximum-
energy-of-distortion theory (Budynas 1997; Popov 1990), which is frequently referred to as the Huber-von 
Mises criterion for yielding:

1/ 22 221

2
Y vm z t t r r z

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.19)

where s
Y 
= the yield point (limit of elasticity) as determined in a simple tensile stress test; 

vm
 = von Mises stress; 

and , ,z r t  = axial, radial, and tangential stresses, respectively. The right side of Eq. 9.19 is frequently called a 
von Mises stress. Eq. 9.19 states that yielding occurs if the equivalent stress equals the yield point of the material. 
If the equivalent stress is less than the yield point, then, theoretically, yielding does not occur. In other words, 
deformation occurs in the elastic range and disappears when loading is removed. 

For the data of Example 9.5, the equivalent stress is

vm

1/ 22 2 21
2,188 + 4,683 4,683 4,683 4,683 + 2,188 6,871 psi.

2

In the case under consideration, if the pipe wall is assumed to be thin, the radial and tangential stresses are the 
same ( )t r hp  and equal to the hydrostatic pressure (p

h
) of the drilling fl uid. Hence, the equivalent stress 

is 

vm z hp .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.20)

In general, it should be noted that if there is no WOB, then the axial stress at the bottom of the string is equal to 
–p

h
, and consequently the effective stress is nil. At the top of the hole, the hydrostatic pressure term p

h
 is zero, and 

the effective stress is equal to the axial stress.
It can also be shown that, for the case under consideration, the effective stress can be calculated by dividing the 

buoyant weight of the string below the cross section under consideration by the corresponding cross-sectional 
area:

dp dp dc dc b

e

L w L w K

A
,      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.21)

where s
e
 = effective axial stress (buoyant stress), psi; L

dp
 = length of drillpipe, ft; w

dp
 = unit weight 

of drillpipe, lbf/ft; L
dc

 = length of drill collars, ft; w
dc

 = unit weight of drill collars, lbf/ft; and K
b 
= buoyancy factor.

If the WOB, W, is used, then the effective axial stress is

dp dp dc dc b

e

L w L w K W

A
.     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.22)

Eqs. 9.21 and 9.22 are valid for vertical wells. Appropriate adjustments of the weight components are required for 
holes that are not vertical. 
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The quantity calculated using Eq. 9.21 or Eq. 9.22 is called the effective tensile (compressive) stress. API RP 
7G (1988) calls this quantity the buoyant tensile stress. Note that this stress does not actually exist because it 
cannot be measured. 

Analysis of Eq. 9.22 reveals that there exists a cross section in the drillstring at which the effective axial stress 
is nil. Above this cross section, the effective stress is positive, while below it, the effective axial stress is negative. 
This neutral cross section can be found from the following equation:

( ) 0dp dp dc dc bL w L w K W .

If only the drill collars are used to create WOB, then

,dc dc bL w K W

or 
dc

dc b

W
L

w K
.

    

. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.23)

It is immediately apparent that Eq. 9.23 may also be obtained by setting DF = 1 and cos j = 1 in Eq. 9.2. 
If the length of drill collars is calculated from Eq. 9.23, then the neutral point resides right at the top of the drill 

collars. In other words, the drill collars are under effective compression (or just compression), while the drillpipe 
is under effective tension (or just tension). For the sake of simplicity, in the following discussion, the term “ten-
sion/compression” refers to effective tension/compression. 

Knowledge of the actual axial stress along the drillstring is useful for calculating the length of the drillstring, 
while the effective stress indicates whether yielding (loading above yield stress) may occur.

Example 9.6 For the drillstring data of Example 9.5, calculate the total elongation of the drillpipe and the equiv-
alent stress at the top of the hole. Assume that there is no WOB.

Solution. From Hooke’s law, the axial strain is

1
[ ( )]z z t rv

E
.
    

.  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.24)

Under hydrostatic pressure conditions and assuming that ,t r hp

1
( 2 )z z hvp

E ,      . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .   (9.25)

where E = modulus of elasticity (for steel, E = 30 × 106 psi); n� = Poisson’s ratio (for steel, n @ 0.28–0.3); s
z
 = axial 

stress, psi; and p
h
 = hydrostatic pressure of the drilling fl uid, psi. The axial stress is

(a)  
(9,500 )(18.3) (600)(99) 122,534 153,440

45,910 (4.152) ,
4.4074z

H
H psi,

where H = the vertical distance from the top of the hole to the cross section under consideration, in feet. Note 
that at the top of the hole, H = 0 and s

z
 = 45,910 psi.

The hydrostatic pressure is

(b)  (0.052)(1.2)(8.34) (0.5204) , psi.hp H H     

Substituting the expressions for s
z
 and p

h
 into Eq. 9.25 yields

(c)  6

1
[45,910 3.84( )]

(30)(10 )z H .     



Fundamentals of Drillstring Design 603

Hence, the drillpipe elongation is

(d)  
H dH

Z
9,500

6
0

[45,910 (3.84) ]
8.76 ft

(30)(10 )
.      

To calculate the von Mises stress at the top of the hole (H = 0), Eq. 9.22 can be used to obtain

(e)  
9,500 18.3 600 99 0.847

44,832 psi.
4.4074vm      

The value obtained for the von Mises stress (44,832 psi) is only slightly different from the axial stress (45,910 psi) 
because of rounding errors. Of course, theoretically, the same number should be obtained. This result is consistent 
with statements made previously. In fact, the top cross section of the drillpipe is the only point in the drillstring 
where the value of the axial stress is equal to the effective axial stress. Once again, it must be remembered that 
while the axial stress is a stress that actually exists in the pipe (and can be measured), the effective axial stress is 
only a computational device. The magnitude of the effective (equivalent) stress determines whether or not plastic 
deformation (yielding) occurs.

Torsional Stresses. Torsion in a drillstring is caused by a twisting moment (T) called torque and results in a 
shear or torsional stress (t) and an angle of twist (f). The shear stress and the differential angle of twist can be 
calculated as

Tr

J
,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (9.26)

d

d

T

z GJ
,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (9.27)

where t = shear stress, psi

df  /dz = differential angle of twist, in.–1

T = torque, in.-lbf

r = distance from the center of the pipe to the point under consideration, in.

D
ip 

£ 2r £ D
op

, in.

G = shear modulus of elasticity, 
2(1 )

E
G

v
 

J = polar moment of inertia, 4 4( )
32 op ipJ D D

The maximum shear stress occurs at the outer fi ber of the pipe, and for this case, Eq. 9.26 can be  written as

max 4 4

16 op

op ip

D T T

ZD D
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.28)

where Z is the polar sectional modulus.
For fi eld engineering calculations, the expected value of rotary torque is calculated as explained in Chapter 8. 

If the horsepower, HP, to rotate the string is known, the corresponding torque is given by Eq. 9.29: 

5,250 HP

RPM
T ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.29)
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where HP = horsepower required to turn the rock bit and drillstring, hp (1 hp = 550 ft-lbf/s); RPM = drill-
string rotary speed, rev/min; and T = rotary torque, ft-lbf. The horsepower to rotate the drillpipe is

2HP ( )(RPM)( )(SG)p d op dpC D L ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.30)

where C
d
 = an empirical factor that depends on hole inclination angle = [(4.8(10–5) – (66.5)(10–7)] 

for hole angles ranging from 3 to 5°; L
dp

 = length of drillpipe, ft; and D
op

 = OD of drillpipe, in.; SG = drilling-
fl uid SG (water = 1.0). For hole inclination angles greater than approximately 5°, it is necessary to calculate 
the torque needed to overcome drag forces (as discussed in Chapter 8) and then eventually the corresponding 
horsepower. 

The horsepower to rotate a rotary-roller rock bit in a vertical hole can be estimated from Eq. 9.31:

1.5
HP C W RPM2.5

b f bD
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.31)

where C
f 
= an empirical factor ranging from (4)10–6 for very hard formations to approximately (14)10–5 for 

very soft formations; D
b
 = bit diameter, in.; and W = WOB, 103 lbf. For practical design applications, the 

coeffi cient C
f
 should be obtained from wells drilled under similar drilling conditions. 

In addition to the shear stress given by Eq. 9.26, there is a transverse shear stress produced by the shearing force 
due to changes in bending moment along the pipe. This stress, however, is usually small during regular rotary 
drilling operations, and for this reason is not usually included in drillstring design calculations.

Example 9.7 Determine the maximum tensile load capacity of 3½-in. drillpipe with unit weight 15.5 lbf/ft, steel 
grade E with a yield strength of 75,000 psi, if a rotary torque of 6,000 ft-lbf is applied to the pipe.

Solution. Application of the maximum-energy-of-distortion theory for this case yields

2 2 2
vm z 3 ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.32)

where s
z
 = axial stress (tensile stress).

Because z
F
A

 and 
T

Z
, by substituting the yield strength s

Y
 of pipe for the effective stress, 

Eq. 9.32 can be rewritten as 

2 2
2 3

ZY

F T

A
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.33)

From Eq. 9.33,

2
2 3

ZY

T
F A .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.34)

Eq. 9.34 provides the static pipe axial-load capacity as a function of rotary torque. Because 
Z = 5.846 in.3 (from Table 9.3) and s

Y
 =75,000 psi, the following result can be obtained from 

Eq. 9.34:
2

2 6,000(12)
4.3037 75,000 3 309,446 psi

5.846
F .

Bending Stress. In drilling operations, a drillstring frequently undergoes bending because of hole curvature (dog-
legs), transverse loads, and other disturbances. The bending stress can be calculated from the following equation:
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2
b op

b

M D

I .     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .     (9.35)

The bending moment in Eq. 9.35 is a product of pipe bending stiffness and curvature k
p
:

M
b
 = EIk

p    
   . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . 

    
(9.35a)

If, as a fi rst approximation, we assume that the pipe shape parallels the wellbore path (i.e., the pipe is in continu-

ous contact with the wellbore—no tool joints), the magnitude of pipe curvature k
p
= 1

R  
and Eq. 9.35 can be written 

as

2
op

b

ED

R
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.36)

where R is the wellbore radius of curvature.
As explained in Chapter 8, the hole curvature is usually called the dogleg severity (DLS) and is 

expressed in degrees/100 ft. If, for example, the DLS is 5°/100 ft, this implies that over every foot 
of hole, the hole curves by 0.05°. The relationship between the radius of curvature and the DLS is

5,729.6

DLS
R ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.37)

where DLS = dogleg severity, degrees/100 ft.

Example 9.8 Calculate the maximum torque that can be applied to 4-in. grade E drillpipe with a unit weight 
of 10.46 lbf/ft (ID = 3.476 in., A = 3.0767 in.2, Z = 5.400 in.3) if the DLS is 10.0°/100 ft. The tensile load ap-
plied to the pipe is F = 140,000 lbf. To solve this problem, assume that the pipe curvature is the same as the 
hole curvature.

Solution. Because the bending stress is an axial stress, the effective stress equation is given by

22 2
vm a b 3 ,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.38)

where s
a
 and s

b
 are the axial (tensile or compressive effective stresses) and bending stresses, respectively.

Substituting s
vm

 = S
y
; s

a = 
F

A
;
 

( )(DLS)

(2)(5,729.6)(12)
op

b

E D
; and 

Z

T  into Eq. 9.38 and solving for T, the following 

expression for maximum rotary torque results in
2

2
max 137,5103

op
Y

E D DLSZ F
T

A
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.39) 

Eq. 9.39 provides the torsional pipe-load capacity as a function of axial load and DLS. 
For the case under consideration, from Eq. 9.39:

in.-
26

2
max

5.4 140,000 (30)(10 )(4.0)(10.0)
(75,000) 161 523 lbf

3.0767 137,5103
T .

For practical applications, the maximum torque obtained should be divided by a reasonable design factor to account 
for dynamic effects and other uncertainties. Eq. 9.39 shows that for a given drillpipe material and set of geometric 
properties, an increase in tensile load and DLS results in a decrease in the torque load capacity of the pipe.
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For more accurate calculations, Lubinski (1961, 1987) derived the following expressions, which relate the pipe 
curvature and the hole curvature that accounts for the presence of tool joints: 

Case 1:

tjtan

tj
p

h
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.40)

Case 2:

h h

h h

2

1
sin cos 1

2

2 cos 1 sin

c
tj tj tj tj

tj

p tj

tj tj tj

r

,    . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.41) 

where k
p
 = drillpipe curvature at the tool joints, rad/in.; k = hole curvature over the distance between the tool 

joints, rad/in.; tj = half the distance between the tool joints ( tj = 180 in. for Range 2 drillpipe and tj = 270 in. for 

Range 3 drillpipe), in.; a = F

EI

; F = tensile force applied to the pipe, lbf; and EI = product of the modulus of 

elasticity and the moment of inertia, lbf-in.2. Eq. 9.40 applies (Case 1) if there is no pipe-to-borehole-wall contact 
between the tool joints, whereas Eq. 9.41 is used (Case 2) if there is pipe-to-wall contact.

Eq. 9.40 holds true (Case 1) if the hole curvature satisfi es the following inequality:

h

h

2

tj

tj tj

/

cos 11
2 sin

c tjr ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.42) 

where r
c
 = 0.5(D

otj
 – D

op
) and D

otj
 and D

op
 are the tool-joint and drillpipe OD, respectively.

If the hole curvature is greater than the right side of inequality (Eq. 9.42), a pipe-to-wall contact develops, and 
then Eq. 9.41 must be used. It is also possible that an arc of contact between the pipe and the hole wall may 
develop (Case 3). This situation, however, is rare for Range 2 drillpipe and for this reason is not described in 
this text. A complete mathematical model of drillpipe performance in a hole of constant curvature is given by 
Lubinski (1977, 1987). 

Example 9.9 Consider a Range 2 drillpipe with D
op

 = 4.5 in. and D
ip
 = 3.826 in. in a hole with a dogleg of 

5.729°/100 ft. Calculate the bending stress if the weight of the drillstring (buoyant weight) below the dogleg is 
70,000 lbf. The tool-joint OD is 6 in.

Solution.
Hole curvature: 

(a)  k = 5.729°/100 ft = (8.333)10–5 in.–1

Moment of inertia:

(b)  4 4 4(4.5 3.826 ) 9.6105 in.
64

I         

a, tj, tjtanh  can be defi ned as:

(c)  a = 1
6

70,000
, in. ,

(30)(10 )(9.6105)
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(d)  tj = 2.8014,            

(e)  tanh (2.8014) = 0.9926.          

The right side (RS) of inequality (Eq. 9.42) is:

(f)  RS
2

4

0.5(6 4.5)

180 (1.26)10
cos (2.8014) 1

0.5
(2.8014)sin (2.8014)

h

h

in–1. 

Because the RS is greater than the hole curvature, Eq. 9.40 is chosen to calculate the drillpipe curvature:

(g)  5 4 12.8014
(8.333)(10 ) (2.3517)(10 ) in.

0.9926p .  

Now Eq. 9.36 is used to determine the bending stress:

(h)  6 4(0.5) (0.5)(30)(10 )(4.5)(2.3517)(10 ) 15,874 psib op pED . 

Note that if the DLS is used rather than the pipe curvature,

(i)  
5,729.6

1,000 ft 12,000 in.,
5.729

R     

and from Eq. 9.36, the bending stress is:

(j)  
6

3

(30)(10 )(4.5)
5,625 psi

(2)(12)(10 )b .     

Therefore, it can be concluded that use of the hole curvature rather than the actual pipe curvature may lead to a 
signifi cant underestimation of bending stress.

Example 9.9 clearly shows that miscalculation of bending stress may lead to serious overestimation of permis-
sible rotary torque, resulting in possible twistoff of the pipe in the immediate vicinity of the tool joints. At this 
point, the reader is strongly encouraged to recalculate Example 9.8 and draw conclusions. 

Consider again the drillpipe of Example 9.9, which is under an effective tensile stress of 70,000/4.4075 = 
15,882 psi. As a result of bending, the outer pipe fiber is actually subjected to a tensile stress of 15,882 
+ 15,874 = 31,756 psi, while at the inner fiber, the tensile stress is only 15,882 – 15,874 = 8 psi. While 
the drillpipe is rotated about its axis, the outer fiber becomes the inner fiber, and vice versa. Thus, be-
cause of rotation, the fiber under consideration undergoes an effective stress variation ranging from 8 
psi to 31,756 psi. Such repeated wide fluctuations in stress may result in so-called fatigue failure in the 
pipe.

The maximum reverse bending stress that will not cause fatigue failure is called the endurance limit. The 
endurance limit depends on a number of factors, the most important being the average tensile stress and the 
working environment of the pipe. It is known that the greater the average tensile stress, the smaller the endur-
ance limit. The concept of endurance limit applies to noncorrosive environments. In a corrosive drilling fl uid 
(H

2
S, CO

2
, etc.), the pipe will always fail after a certain number of stress reversals (rotations), even if the bend-

ing stress is small (less than the endurance limit).
For grade E and grade S-135 drillpipe, the endurance limit can be calculated from the following equations: 
For grade E:
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2

2

10 0.6
19,500 33,500

67 670
b e e

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.43)

which is valid for 67,000 psi.e

For grade S-135:

20,000 1
145,000

e
b

,     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.44)

which is valid for e< 133,400 psi. e  is the effective tensional stress, which is equal to the ratio of the buoyant 
weight of the drillstring to the cross-sectional area of the pipe. Once the value of e  

has been determined, the 
corresponding maximum permissible bending stress can be obtained from Eq. 9.43 or Eq. 9.44. Consequently, the 
corresponding pipe curvature can be calculated as

2 b
p

opED
.

    

. . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.45)

By substituting the value obtained above for k
p
 in Eq. 9.40 or Eq. 9.41, fi nally a value of the so-called maximum 

permissible hole curvature (DLS) can be obtained.
Because the maximum permissible DLS is a decreasing function of the tensile load (the buoyant weight of 

the drillstring below the dogleg), doglegs are particularly dangerous in the upper part of the hole. If the hole 
curvature is greater than the maximum permissible curvature, drillpipe fatigue failure may occur. For this 
reason, it is recommended that, if possible, the DLS should be kept below the maximum permissible value. 
If the hole curvature is greater than the maximum permissible value, the pipe will accumulate fatigue dam-
age and eventually will fail if rotated for a suffi ciently long time. Therefore, to avoid costly drillpipe failures, 
good records should be kept of the individual pipe segments as they pass through doglegs that exceed the 
maximum permissible values. 

Example 9.10 Calculate the maximum permissible DLS for the following drillstring and hole data: drill-
pipe steel grade S-135, Range 2, D

op
 = 4.5 in. (D

ip
 = 3.826, A = 4.4074 in.2), unit weight 18.4 lbf/ft (with tool 

joints). Tool-joint outside diameter D
otj

 = 6 in. Drill collars are 7 in. by 2¼ in. with unit weight 117 lbf and 
total length 550 ft. Drilling-fluid density is 12 lbm/gal. Anticipated depth of the hole below the dogleg is 
8,000 ft.

Solution.

(a) Buoyancy factor: K
b
 = 1 – 12/65.4 = 0.815         

(b) Buoyant weight of drill collars: (550)(117)(0.815) = 52,445 lbf     
(c) Buoyant weight of drillpipe: (8,000 – 550)(18.4)(0.815) = 111,720 lbf    
(d) Buoyant weight suspended below the dogleg: 164,165 lbf      
(e) Effective tensile stress: s

e
 = 164,165/4.4074 = 37,247 psi     

The maximum permissible bending stress can be calculated from Eq. 9.44 as

37,247
20,000 1 14,862 psi.

145,000b

The corresponding pipe curvature (Eq. 9.45) is

(f)  1 4
6

2(14,862)
 in. 2.20 10

30(10 )4.5p  in.–1
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Other related data are

(g)  4 4 4(4.5 3.826 ) 9.6 in.
64

I        

(h)  
F

EI  
= 1

6

164 165
0.02387, in.

(30)(10 )(9.6)
    

(i)  tj 0.02387 180 4.296      

Maximum permissible DLS:
Using Eq. 9.40,

(j)  
p

h htj 4 5 1

tj

tan tan 4.296
2.20 10 5.12 10 in.

4.296

           5 180
(5.12)(10 ) (12)(100) 3.52 /100 ft .        

Hence, the maximum permissible DLS is 3.52°/100 ft.

If the pipe is used in a corrosive medium, these calculated values should be somewhat reduced. The choice of 
design factor should be based on experience from wells with similar drilling conditions.

Pressure-Induced Stresses. Generally, because of drilling-fl uid fl ow, the pressure inside the drillstring is differ-
ent from the pressure outside. If the drilling fl uid is circulated down the drillpipe and up the annular space, the 
pressure inside the drillstring is greater than the pressure outside. If, however, the drilling-fl uid circulation is re-
versed, the opposite holds true. Consider a certain pipe cross section at which the pressures are P

i
 inside the pipe 

and P
o
 outside the pipe. The pressures P

i
 and P

o
 exist because of fl ow, not because of hydrostatic pressure. These 

pressures induce axial, tangential, and radial stresses, which can be calculated as

2 2

2 2
i i o o

an

o i

r P r P

r r
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.46)

2 2

2 2 2

i o i o
t an

o i

P P r r

r r r
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.47)

2 2

2 2 2

i o i o
r an

o i

P P r r

r r r
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.48)

where s
an

 = axial neutral stress, psi; s
t
 = tangential stress, psi; s

r
 = radial stress, psi; r

i 
, and r

o
 = inner and outer 

radii of the pipe, in.; and r = radial distance to a point in the cross section under consideration, in. (Fig. 9.9).
Eqs. 9.47 and 9.48 are known as Lamé’s equations. It should be well understood that the neutral axial stress as 

given by Eq. 9.46 has no effect on bending. It can be shown (Lubinski 1975, 1988), that an increase in the pressure 
P

i  
, which results in an increase in the axial stress, does not decrease the pipe tendency to bending. Even a very 

high value of the inside pressure, P
i  
, does not prevent bending or buckling of the pipe. On the other hand, an 
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increase in the outside pressure, P
o  
, although it may produce high compressive stress, does not induce buckling. 

For this reason, the stress given by Eq. 9.46 is called the neutral axial stress.

9.4 Load Capacity of Drillpipe
The proper selection of drillstring components is based on the combined effect of stresses due to tension, torque, 
bending, and pressures. To evaluate the load capacity of drillpipe (e.g., the maximum  allowable tensile load when 
torque, bending, and pressure are applied simultaneously, or the maximum allowable torque when tensile and other 
loads are given), once again the maximum-energy-of-distortion theory can be used. According to this theory, yield-
ing occurs when an effective stress that is a function of axial, tangential, radial, and shear stresses reaches the yield 
point. In the present case, the effective (equivalent) stress may be calculated from the following equation:

2 222 22 6vm z t t r r z
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.49)

where s
z 
, s

t 
, s

r 
, and t are the axial, tangential, radial, and shear stresses, respectively.

If a bending stress exists, it must be added to (or subtracted from) the axial stress, s
a
. The stresses s

a 
, s

t 
, and s

r

in Eq. 9.49 are calculated without including any isotropic stresses caused by the hydrostatic pressure of the drill-
ing fl uid. Once the individual stress components have been determined, the resultant equivalent stress can be 
calculated:

1/ 22 22 21
6

2
vm z t t r r z .

     

.  . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.50)

If the value of s
vm

 is less than the yield point, the design is theoretically safe. By substituting for s
vm

 = s
Y
 (s

Y
 = yield 

strength), Eq. 9.50 can be solved for any one of the stress components if the remaining components are given. In 
this manner, a number of fi eld problems can be solved by the intelligent application of Eq. 9.50.

P
i

P
o

σ
t

Drillpipe 

r

ri

ro

σ
r

 

Fig. 9.9—Pipe cross section.
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For example, consider a drillpipe of known geometric properties that is subjected to an axial stress, s
a
, a bend-

ing stress, s
b
, a torsional stress, t, and internal and external pressures, P

i
 and P

o
, respectively. Substituting for s

t

and s
r 
, Eqs. 9.47 and 9.49 (Lamé’s equations) after some rearrangements become (Lubinski 1987): 

1/ 22 2 22
3

6
2

i
vm i o td a an b

o o

r r r
P P f

r r r
,    . . . . . . . . . . . . . . . . . . . . . . . . .    (9.51)

where

2

1

2
1

op

td
op

D

t
f

D

t

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.52)

where t = pipe-wall thickness (t = r
o
 – r

i
). All other notations have already been described.

In regular rotary-drilling operations, the pressure losses in the annular space of the hole are relatively small 
compared with the losses in other parts of the circulating system and can be ignored in many practical calculations 
related to drillstring design. Of course, annular pressure losses are very important for accurate calculations of 
ECD (as discussed in Chapter 5), slimhole, and casing-drilling applications. 

The sign (±) in Eq. 9.51 accounts for the fact that the bending stress, s
b
, must be added to the average axial stress 

on one side of the pipe and subtracted from it on the other. It can be shown that for zero bending and torsion, the von 
Mises effective stress, s

vm
, reaches its maximum at r = r

i
 (i.e., at the inner boundary of the pipe). If, however, the 

bending and shear stresses are not zero, the von Mises effective stress, s
vm

, reaches its maximum at r
o
 ³ r ³ r

i
 (i.e., 

between the inner and the outer boundaries of the pipe).

Example 9.11 Consider the drilling conditions described in Example 9.9. Assuming a drillpipe pressure of 3,500 psi 
and a tensile load of 165,000 lbf, calculate the maximum allowable rotary torque that can be applied to the pipe if the 
required SF is 2.0. Ignore the pressure losses in the annular space (P

o
 = 0). 

Solution.

(a) The axial stress is: 
165,000

37,500
4.4074e psi.

(b) The neutral axial stress (Eq. 9.46) is: an

2

2 2

1.913 (3,500)
9,130

(2.25) (1.913)
 psi.  

(c) Assume that the bending stress is 15,000b psi.      

(d) The quantity 

4.5
0.3370.5 0.540.
4.5

1
0.337

tdf          

Substituting for s
vm

 = 135,000/2.0 = 67,500 psi, the worst case was found for setting r = r
o
 = 2.25 in., and solving 

Eq. 9.51 for the maximum allowable shearing stress produces the following result

(e) 

1/ 222
2

max

2

2.25 3
67,500 (3,500)(0.54)1

1.913 2 21,110 psi
6

37,500 9,130 15,000
Hence, the maximum allowable torque is only:

(f) -lbf -21,100 8.542 186,575in. 15,548ft lbf.T     
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Load Capacity of Tool Joints. Individual drillpipe joints are connected together by means of tool joints. A tool 
joint is usually welded onto the drillpipe and consists of a pin and a box, as illustrated in Fig. 9.7. 

Not only do the tool joints hold the drillpipe together, but the shoulders of the connections also form a metal-
to-metal seal that prevents leakage. The shouldered connections of the drillstring differ in concept from tubing or 
casing connections. Casing and tubing threads are designed for continuous contact of the thread crest, root, and 
fl anks to provide the desired seal. The threads of tool joints are not designed to provide seals, but are designed to 
be made up even if the box is overfl owing at the time of makeup with drilling fl uid laden with solids. Conse-
quently, some clearance must be provided at the crest and root of the thread to accommodate these solids. For this 
reason, a seal is provided only at the shoulders. In other words, the shoulder is the only area of seal in a rotary 
shouldered connection. To prevent separation of the shoulders under tension, bending, or both, an appropriate 
amount of makeup torque is required.

API RP 7G (1998) contains statements such as, “tonging of tool joints properly when going into the hole is 
one of the most critical of the rig activities in the life of the drillstring and the eventual cost of the operations.” 
However, fully tested formulas to predict the load capacity of tool joints do not now exist. The following equa-
tions describe the major concepts involved in determining the load capacity of a tool joint. If these equations 
are used for actual design calculations, an appropriate SF must be used.

The makeup torque produces an axial preloading within the pin and the box, as well as torsional stresses. More 
specifi cally, the makeup torque induces a tensile stress state within the pin and a compressive stress state within 
the box. The average magnitude of the axial stress due to the makeup torque can be calculated from the screw-jack 
equation (Farr 1957):

cos
a t t t

m s

A p R
T R

12 2
,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.53)

where T
m
 = makeup torque, ft-lb; s

a
 = axial stress, psi (pin is in tension, box is in compression); A

t
 = cross-

sectional area (for a pin at ¾ in. from the shoulder, for a box at 3/8� in. from the shoulder), in.2; p
t
 = lead of 

thread, in.; R
t
 = mean radius of thread, in.; R

s
 = mean radius of shoulder, in.; q = one-half of thread angle, 

degrees; and m = coeffi cient of friction (approximately 0.06–0.08 on average).
The quantity s

a
A

t
 = W

pr
 is called preloading and is caused by the torque, T

m
. The preloading 

induced by the makeup torque decreases the total tensile load capacity of the pin. However, the benefi t of this 
design (with its shoulder-to-shoulder contact) considerably outweighs the detrimental effect of the tensile stress 
induced in the pin. Remember that all connections must be bucked up properly so that the shoulders never sep-
arate during drilling or tripping operations. Eq. 9.53 also represents the minimum value of makeup torque re-
quired for a given axial load, W, if the product s

a
A is replaced by W.

When the tool joint, made up with torque T
m
, is subjected to an axial tensional load, its axial load capacity is 

determined by the tensile strength of the pin. Ignoring the lateral load on the pin created by the axial forces,

y p prQ S A W ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.54)

where Q = pullout strength of the joint (axial load capacity of tool joint), lbf; W
pr

 = preloading created by the 
makeup torque, lbf; S

y 
= minimum yield strength of the pin material, psi; and A

p
 = pin cross-sectional area, in.2.

It can be shown that if lateral load effects are included, the tool-joint pullout strength is

1 1

y p pr

t t

t t

S A W
Q

R cot R cot

2L 2L

,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.55)

where h = arctan( ), degrees; b = 90 – q, degrees; and L
t
 = length of the threaded portion of the pin, in. All other 

notations have already been explained.
The maximum value of makeup torque that can be applied to the tool joint for a given axial load, F, is

y p t t
s

S A F p R
T R

12max 2 cos
.    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.56)
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Examination of Eqs. 9.53 and 9.56 leads to the conclusion that although the minimum makeup torque increases 
linearly with the axial load, F (the lateral loading of the pin and the box due to axial force is ignored), the maxi-
mum torque decreases linearly with F.

A graphical representation of Eqs. 9.53 and 9.54 is shown in Fig. 9.10. This diagram is called a screw triangle. By 
comparing Eqs. 9.53 and 9.56, it is apparent that the intersection of the minimum and maximum makeup-torque lines 
occurs at F = 0.5 S

y
A

p
. The value of makeup torque corresponding to this point is called the recommended makeup 

torque. For a given type of tool joint, the recommended makeup torque can be found in API RP 7G. A good under-
standing of the screw triangle and the recommended makeup torque is essential for proper use of the drillstring.

Example 9.12 Consider 4.5- × 3.826-in., EU 75 drillpipe (with a yield strength of 75,000 psi) furnished 
with the new NC 50 (IF) tool joints. According to API RP 7G (1998), the recommended makeup torque for 
this joint is 18,900 ft-lbf. Calculate the pullout strength of the tool joint if R

t
 = 2.375 in., L

t
 = 4½ in., = 

30°, and A
p
 = 7.867 in.2. Assume a friction coefficient of 0.08.

Solution. Assuming that the joints are actually made up with a torque equal to the makeup torque, the preload-
ing on the pin is

0.5 (0.5)(120,000)(7.867) 422,000 lbfpr y pW S A . 

Before using Eq. 9.55, it is necessary to calculate 

h = arctan(0.08) = 4.57°,

b = 90 – 30 = 60°.

Use of Eq. 9.55 then yields:

Q
422,000

395,000
(2.375)cot(64.57) (2.375)cot(64.57)

1 1
(2)(4.5) (2)(4.5)

 

lbf.

Note that the axial load capacity of the drillpipe is 75 000 4.4074 330,555 lbfF , . Hence, the tool-joint 
axial load capacity is greater than that of the drillpipe. It is generally recommended that properly selected drillpipe 
and tool joints will have this property.

It must be emphasized that the values obtained from the equations shown above are theoretical values. Actual 
tool joints in fi eld operations are subject to many factors not considered here that may affect tool-joint strength. 
To withstand higher loads associated with drilling of high-angle extended-reach wells as well as deepwater and 

Torsional strength of tool joint 

Load capacity of  
tool joint 

Axial Load 

Recommended make-up torque 

Maximum make-up torque line
(pin yield) 

Minimum make-up torque line 
(shoulder separation) M

a
k

e
-
U

p
 
T
o

r
q

u
e

Fig. 9.10—Makeup torque vs. axial load.
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ultradeepwater wells, one can use a second-generation, doubled-shoulder connection. Double-shouldered connection 
provides high torsional strength and gas-tight pressure sealing capacity. 

Slip Crushing. The most common method of drillpipe support in the rotary table is the slip-type mechanism, 
shown schematically in Fig. 9.11. Once the drillpipe has been suspended from the slips, the wedge’s taper 
produces a transverse force (perpendicular to the pipe axis), which is transmitted into the pipe. It is of critical 
importance that the pipe be gripped in such a manner that no permanent damage occurs as a result of this trans-
verse force. The distribution of the transverse load is shown in Fig. 9.11b. It can be seen that the axial load is 
greatest at the bottom of the slip. The transverse load diminishes to zero at the bottom and at the top of the slip. 
The maximum value of the transverse load occurs near the middle of the slip. The critical section of the slip is 
Section B, where the combined loads (axial and transverse) can cause permanent damage to the pipe.

Theoretically, the maximum allowable static axial load (F
slip

) that can be supported in the slips can be calculated 
using the following equation:

1/ 2

slip 2 2
2 2

0 0

2 2 2 2
0 0

2
,

2 2
1 1

ti

s dp s dp

i c i c

F F
r K A r K A

r r A r r A

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.57)

where F
ti
 = drillpipe tensional load capacity, lbf; A

c
 = contact area between slips and pipe (A

c
 = 2p r

o
L

s
), in.2; A

dp

= drillpipe cross-sectional area, in.2; r
o
 = outside radius of pipe, in.; r

i
 = inside radius of pipe, in.; L

s
 = length of 

slips (12 or 16 in.); and K
s
 = lateral load factor of slips:

1 tan

tansK ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.58)

where m = the coeffi cient of friction between the slips and the bushings and y = the taper of the slip in degrees.
If the actual load on the drillstring is less than that calculated from Eq. 9.57, the pipe should not be damaged in 

the slip area unless the slip itself is improperly supported in the bushings. For practical engineering calculations, 
an appropriate SF must be used.

Example 9.13 Determine the maximum allowable axial load that can be supported from a set of slips with length 
12 in. and taper y = 9°27′45″. The drillpipe data include D

op
 = 3.5 in., D

ip
 = 2.602 in., A = 4.3037 in.2, and S

y
 = 

95,000 psi. Perform the calculations for m = 0.1 and m = 0.2. Assume an SF of 1.8.

(a) (b) 

Drillpipe 

Axial 

load 

Transverse 

load 

Hook load             Average

 B B

O O 

Fig. 9.11—Forces in the slip mechanism.
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Solution.
Drillpipe load capacity:

(a)  95,000 4.3037 408,848 lbf.tiF

Contact area between slips and pipe:

(b)  22 (1.75)(12) 132 in.cA .

Lateral load factor for m = 0.1:

(c)  
1 (0.1) tan(9.5)

3.68.
0.1 tan(9.5)sK

Lateral load factor for m = 0.2:

(d)  
1 0.2 tan 9.5

2.63.
0.2 tan(9.5)sK

Use of Eq. 9.58 yields (for K = 3.68)

F

1/ 2

slip 2 2
2 2

2 2 2 2

2
408,848

2 1.75 3.68 4.3216 2 1.75 3.68 4.3216
1 1

1.75 1.301 132 1.75 1.301 132

302,320 lbf.

In a similar manner, for K
s
 = 2.63, the result is F

slip
 = 319,461 lbf. It is apparent that m = 0.2 yields a value of 

F
slip 

greater than that obtained for m = 0.1. This is not surprising in view of the elementary principles of the wedge 
mechanism. If the wedge is clean and well lubricated, the coeffi cient of friction between the wedge and the sup-
porting member is low, producing an increased transverse force. If the wedge is dry and not lubricated, the coef-
fi cient of friction increases, and more axial force is required to drive the wedge downward. In conclusion, the 
contact surface between the bushing and the slips should be clean (free of other bodies), dry, and not lubricated.

9.5 Drillstring Design
The purpose of drillstring design is to determine the optimal size, grade, and length of drillstring components so 
that they will be suffi ciently strong, yet entail minimum cost. Because of the complexity of the problem, an itera-
tive approach is normally used. A design model is initially assumed, the components of the drillstring are selected, 
and then the design is refi ned by incorporating factors that were ignored during the fi rst step. The designer must 
possess a good knowledge of drillstring performance properties (available sizes, grades, etc.), data from wells 
already drilled in similar conditions to those of the well under consideration, and also current prices of the drill-
string components.

The fi nal design should satisfy the following major criteria:

1.  The load capacity of any drillstring member (divided by an SF) should be greater than or equal to the 
maximum permissible load.

2.  Neighboring elements must be compatible. This is accomplished by selecting elements with an appropri-
ate bending-stress ratio (BSR).

3.  The drillstring geometric properties should be selected in conjunction with an optimal hydraulic and cas-
ing program.
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4. In deviated wells, drillstring rotation should not produce excessive casing damage.
5. The total cost of the string should be kept to a minimum.

Keeping in mind the criteria just mentioned and the fact that the drillstring is subjected to loads that may be 
cyclic and dynamic, the problem of drillstring design is rather complex. Because of the number and complexity 
of the calculations involved, obtaining a good design requires the use of high-speed computers. In this chapter, a 
simplifi ed approach is presented to illustrate the concepts involved and their practical importance.

First, the designer selects the drill-collar size based on the hole and casing diameters. Typically, the components of 
the BHA are selected on the basis of deviation-control requirements as discussed in Chapter 8. Next, the drillpipe size 
is selected. To avoid a rapid change in bending stiffness, an intermediate member may be placed between the 
drill collars and the drillpipe. For best performance, the BSR of adjacent members should be less than approxi-
mately 5.0–5.5. The BSR is defi ned as the ratio of the section moduli of two adjacent members of the drillstring. 
To satisfy this requirement, more than one size of drill collar may be needed. In addition, a few joints of heavy-
walled pipe are often placed above the collars below the regular drillpipe to obtain a BSR < 5.

The maximum allowable length of drillpipe (Section 1) that should be placed above the heavyweight pipe can 
be calculated as

1 ,
SF dc dc hw hw dpl dpl b

F
L w L w L w K

   
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.59)

where L
hw

 = length of heavyweight drillpipe (if used in the drillstring), lbf/ft; w
hw

 = unit weight of heavyweight 
drillpipe, lbf/ft; L

dp1
 = length of Section 1 of the drillpipe, ft; w

dp1
 = unit weight of Section 1 of the drillpipe, lbf/ft; 

F
1
 = tension load capacity of Section 1 of the drillpipe, lbf; and SF = safety factor. Other quantities have already 

been defi ned in previous sections of this chapter.
Eq. 9.59 is valid for a vertical hole; however, a corresponding equation can be written for a directional well if 

the hole shape is known. The tension-load capacity of a particular drillpipe (F
1
) can be determined as outlined in 

Section 9.4. Here, for the sake of simplicity, only axial and torsional loads are assumed, so

1
1

2

2 1
1 3

Zt

A
F F T ,    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.60)

where tF
1 

= tensional axial load capacity of Section 1 of the drillpipe t y 1F S A
1

; A
1 
= cross-sectional area of 

Section 1, in.2; Z
1
 = sectional modulus of Section 1, in.3; and T = rotary torque applied to the drillstring, in.-lbf.

The magnitude of the SF depends on the quality of the drillstring, the drilling practices, the working environ-
ment, and drilling experience from offset wells. Substituting Eq. 9.60 into Eq. 9.59 and solving for the length of 
Section 1 of the drillpipe leads to

1
1

1 1 1

.
SF

dc dc hw hw
dp

b dp dp dp

L w L wF
L

K w w w
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.61)

If the sum L
dc

 + L
hw

 + L
dp1

 is less than the planned depth of the hole, a stronger pipe must be selected for the 
portion above Section 1. This stronger pipe will be called Section 2 of the drillpipe.

The maximum length of Section 2 of the drillpipe can be calculated as

dp dpdc dc hw hw
dp

b dp dp dp dp

L wL w L wF
L

K w w w w
1 12

2
2 2 2 2

,
SF

    . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.62)

2
2

2

2 2
2 3 ,

Zt

A
F F T     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .    (9.63)

where 
2t

F = tension load capacity of Section 2 of the drillpipe; L
dp2

 = length of Section 2, ft; w
dp2

 = unit weight of 
Section 2, lbf/ft; A

2
 = cross-sectional area of Section 2, in.2; and Z

2 
= sectional modulus of Section 2, in.3.
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Again, the sum L
dc

 + L
hw

 + L
dp1

 + L
dp2

 is calculated and checked against the total hole depth. If necessary, a third 
section must be used. Normally, however, to avoid excessive logistical problems, no more than two sections are 
recommended. A drillstring consisting of more than one size of drillpipe is called a tapered drillstring.

Once the drillpipe sizes and lengths have been determined, tool joints should be selected so that their load ca-
pacities are greater than that of the drillpipe. The drillstring confi guration as obtained must be checked for margin 
of overpull, bending loads, drilling-fl uid pressure, and drillpipe crushing in slips. Usually there are several differ-
ent drillstring combinations that satisfy the desired strength requirements. To arrive at the fi nal selection, the cost 
of the various drillstring confi gurations is calculated, and the design that yields the lowest cost is chosen. In other 
words, the designer must consider string mechanical integrity, operational diffi culties, and economics to select the 
optimal set of drillstring components. 

Example 9.14 Design a drillpipe for the following conditions:
Hole depth = 7,000 ft
Hole size = 77/8 in.
Mud SG = 1.2 (water = 1.0)
Drill collars: 6¼ × 2¼ in. with unit weight = 91 lbf/ft
Length of drill collars = 600 ft
Heavyweight drillpipe = 4½ in. by 2¾ in. with unit weight 41 lb/ft
Length of heavyweight drillpipe = 180 ft

Available drillpipe sizes and grades as given below:

Drillpipe 
OD (in.)

Cross-
Sectional 
Area (in.2)

Polar 
Sectional 
Modulus 
(in.3)

Nominal 
Unit 
Weight 
(lbf/ft)

Steel 
Grade

Tool Joint

OD
tj

ID
tj

Makeup Torque

4½ 4.4074 8.543 16.60 EU-75 63/8 33/8 18,838

4½ 5.4981 10.232 20.0 EU-75 63/8 35/8 20,617

Desired SF = 2.0.
Minimum margin of overpull = 100,000 lbf.

Solution.
Buoyancy factor:

1.2
1 0.847.

7.85bK

Weight of drill collars:

  (91)(600) 54,600 lbfdc dcw L   

Weight of heavyweight drillpipe:

  (41)(180) 7,380 lbfhw hww L  

Axial load capacity, Section 1 of drillpipe (w
n
 = 16.60 (nominal) lbf/ft ® actual = 17.98 lbf/ft):

1
4.4074 75,000 330,555 lbftF .

Axial load capacity, Section 2 of drillpipe [w
n
 = 20.0 (nominal) lbf/ft ® actual = 21.62 lbf/ft]:

1
5.4981 75,000 412,358 lbf.tF
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Load capacity, Section 1 of drillpipe, corrected for torque (Eq. 9.60):

1/ 22
2

1

4.4074
330,555 3 12 18,838 261,658 lbf.

8.543
F

Load capacity, Section 2 of drillpipe, corrected for torque (Eq. 9.63):

1/ 22
2

2

5.4981
412,358 3 12 20,617 342,080 lbf.

10.232
F

Note that to calculate the load capacity of the drillpipe as corrected for torque, the makeup torque is used. This is 
reasonable because the rotary torque should not exceed the makeup torque.

Eq. 9.61 can be used to calculate the length of Section 1 of the drillpipe [w
n
 = 16.60 (nominal) lbf/ft]:

1

261,658 54,600 7,380
5,149 ft.

(2.0)(0.847)(17.98) 17.98 17.98dpL

Assuming that the average joint length is 30 ft, the result is 172 joints with a total length of 5,160 ft. Because the 
combined length of the drill collars, the heavyweight drillpipe, and Section 1 of the drillpipe (5,880 ft) is less than 
the total hole depth (7,000 ft), it is necessary to place some stronger pipe above Section 1.

Eq. 9.62 yields

2

342,080.7 54,600 7,380 (5,160)(17.98)
2,182 ft.

(2.0)(0.847)(21.62) 21.62 21.62 21.62dpL

Because the hole depth is 7,000 ft, the length of drillpipe needed for Section 2 is 1,120 ft, and the total weight 
of the string is

600 91 180 41 5160 17.98 1120 21.62 0.847 151,560 lbf.

Therefore, the margin of overpull (MOP) is
Section 2:

MOP 342,080 151,560 190,520 lbf.

Section 1:

MOP 261,140 131,079 130,061 lbf

It is clear that the margin of overpull is greater than the required minimum value, and therefore the drillstring 
confi guration as obtained satisfi es the design criteria.

Additional calculations should be performed to verify that the design meets the slip-crushing, bending-stress, and 
drilling-fl uid pressure requirements stated in preceding sections of this chapter. Appropriate refi nements 
should be introduced if the predicted stress levels become higher than the maximum acceptable values. In ad-
dition, other drillpipe sizes and steel grades should be considered to arrive at other designs. As previously 
stated, the confi guration that meets the safety criteria and yields the least overall cost will become the fi nal 
drillstring design.
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Problems
 9.1 Name the basic components of a drillstring.
 9.2 Discuss the major functions of a drillstring.
 9.3 What is the purpose of using drill collars?
 9.4 Explain why spiral and square drill collars are sometimes used in a BHA.
 9.5 List the major factors that affect selection of drill collars.
 9.6 Select the drill-collar size and length for the following data:

 Hole size = 12¼ in.
 Casing size = 9 8

5  in. with 10.625 in. OD coupling
 WOB = 55,000 lbf
 Mud weight = 11.5 lbf/gal
 Hole inclination angle = 15°
 Design factor = 1.1

 9.7 Defi ne the neutral point from the standpoint of buckling.
 9.8 Calculate the critical WOB that will result in fi rst-order buckling for the following data:

 Steel drill collars with OD
dc

 = 7½ in. and ID
dc

 = 2½ in.
 Mud SG = 1.4 (water = 1.0)

 9.9 Explain why, after buckling of drill collars, a wellbore deviates from vertical.
9.10  Calculate the inclination of the resultant force acting on the bit if OD

dc
 = 7½ in., ID

dc
 = 2½ in., mud density = 

12.5 lbm/gal, and WOB = 28,000 lbf. The hole diameter is 105 /8 in.
9.11  Calculate the critical axial load that results in buckling of 4½ × 2¾ in. heavyweight drillpipe with a unit 

weight of 41 lbf/ft for the following hole inclination angles: 3, 6, 9, and 12°. The mud density is 10 lbm/gal, 
and the hole size is 8¾ in. Draw conclusions.

9.12  A drillstring is composed of 5,100 ft of 4½-in. drillpipe with a unit weight of 18 lbf/ft, 300 ft of 4½-in. heavy-
weight drillpipe with a unit weight of 41 lbf/ft, and 660 ft of 6¼-in. drill collars with a unit weight of 91 lbf/
ft. If the drilling-fl uid density is 14 lbm/gal, fi nd the hook load, assuming that the WOB is 34,000 lbf. Mud 
weight = 10 lbm/gal. Recalculate this example assuming air as a circulating fl uid. To perform the calculations, 
ignore the hydrostatic head of air.

9.13  Using the drillstring composition in Problem 12, calculate the axial stress at the top of the hole and at the cross 
section located 2,000 ft from the top of the hole.

9.14  Calculate the total elongation of the string described in Problem 12 due to its own weight in mud and air.
9.15  Explain why an increase in rotary torque leads to a decrease in the load capacity of the drillpipe.
9.16  Consider the drillpipe data in Example 9.7. Using the maximum-energy-of-distortion theory, calculate the 

load capacity of the pipe if the torque is equal to 50% of the twistoff torque.
9.17 Recalculate Exercise 9.8 if the DLS is 11.458°/100 ft.
9.18  Calculate the maximum permissible DLS for the following drillstring and hole data:

  Drillpipe: Grade E, Range 2, OD
dp

 = 5 in., ID
dp

 = 4.276 in., actual unit weight = 20.89 lbf/ft;
 Tool joint: NC50 with OD

tj
 = 6 3/8 in. and ID

tj
 = 3¾ in.

 The buoyant weight of drillstring below the dogleg is 110,000 lbf. Mud weight = 11 lbm/gal.
9.19  Suppose that a drillpipe as specifi ed in Example 9.10 is placed in a hole with a DLS of 14.5°/100 ft. 

The pressure inside the pipe is 3,000 psi, and the torque is 12,000 ft-lbf. Calculate the maximum allowable 
axial load capacity if the SF is 1.25.

9.20  Explain why making up a tool joint with proper torque is of critical importance for drillstring performance 
while drilling.

9.21  Recalculate Example 9.13 assuming that the length of the slips is 16 in. (long slips).
9.22 Defi ne the BSR.
9.23 Redesign the drillstring discussed in Exercise 9.14 assuming a drillpipe steel grade of S-135.

Nomenclature
 A

t
 = cross-sectional area in screw-jack equation (9.53), in.2

 A
dc

 = cross-sectional area of drill collars, in.2

 A
dp

 = drillpipe cross-sectional area, in.2

 A
p
 = pin cross-sectional area, in.2

 A
i 

= cross-sectional area of Section i, in.2

 C
d
 = an empirical factor that depends on hole inclination angle

 C
f  

=  an empirical factor ranging from (4)10–6 for very hard formations to approximately (14)10–5 for very 
soft formations
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 df/dz = differential angle of twist, in.–1

 d = nominal inside diameter of connection (Fig. 9.6), in.
 D = nominal outside diameter of pipe (Fig. 9.6), in.
 d

ou
 = minimum inside diameter of connection (Fig. 9.6), in.

 D
b
 = drill bit diameter, in.

 DF = design factor
 D

idc
 = inside diameter of drill collar, in.

 D
ip 

= inside pipe diameter, in
 DLS = dogleg severity, °/100 ft
 D

occ 
= outside diameter of casing coupling, in.

 D
odc

 = outside diameter of drill collar, in.
 D

op 
= outside pipe diameter, in.

 D
otj

= OD of tool joint, in.
 D

ou
= maximum outside diameter of pipe (Fig. 9.6), in.

 E = modulus of elasticity (Young’s modulus), psi
 f = coeffi cient
 f

td
 = factor in Eq. 9.51

 F = axial force, lbf
 F

cr
 = critical buckling force, lbf 

 F
f
 = friction force, lbf

 Fp
1 

= pressure force acting at the top of the drill collars, lbf
 Fp

2 
= pressure force acting at the bottom of the drill collars, lbf

 F
cr
 = critical buckling force, lbf

 F
h
 = hook load, lbf

 F
slip

 = maximum allowable static axial load that can be supported in the slips, lbf
 F

ti
 = tensional axial load capacity of ith section of drillpipe, lbf

 F
i
 = tension load capacity of Section i of the drillpipe, lbf

 G = shearing modules of elasticity (modulus of rigidity), psi
 H = vertical distance, ft
 H

0
 = lateral force at the bit, lbf

 HP = horsepower
 HP

b
 = horsepower to rotate a rotary roller rock bit

 i = bending-moment coeffi cient
 i

1 
= point of maximum bending moment that is nearest to the bit (Fig. 9.5)

 i
2
 = point above i

1
 (Fig. 9.5)

 I = moment of inertia, in.4

 ID
dc 

= inside diameter of drill collars, in.
 J = polar moment of inertia, in.4

 K
b 

= buoyancy factor
 K

s
 = lateral load factor of slips

tj = half the distance between tool joints, ft
 L

dc 
= length of drill collars, ft

 L
dp

 = length of drillpipe, ft
 L

dp1
 = length of Section 1 of the drillpipe, ft

 L
hw

 = length of heavyweight drillpipe, ft 
 L

N  
= distance from the bit to the neutral point, ft

 L
r
 = length of rod, in.

 L
s
 = length of slips (12 or 16 in.)

 L
t
 = length of the threaded portion of the pin, in.

 m = 
3

e

EI

w
, length scaling factor, ft

 M
1
M

3
 and M1

 

M3  = dimensionless distances to the two points of maximum bending moment
 M

b
 = bending moment, ft-lbf

 MOP = margin of overpull, lbf
 n = coeffi cient in Eq. 9.6
 N = side force at the point of tangency, lbf
 OD

dc
= outside diameter of drill collars, in.
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 Ã = pitch of helix, ft
 p

h 
= hydrostatic pressure, psi

 P
i
 = pressure inside the pipe, psi

 P
o
 = pressure outside the pipe, psi

 P
t
 = lead of thread, in.

 Q = pullout strength of the joint (axial load capacity of tool joint), lbf
 r = radius, in.
 r

c
 = radial clearance, in. 

 r
i 

= inside radius, in.
 r

o
 = outside radius, in.

 R = wellbore radius of curvature, ft
 RPM = rotary speed, rev/min
 R

s 
= mean radius of shoulder, in.

 R
t
 = mean radius of thread, in.

 SF = safety factor
 SG = specifi c gravity
 S

y
 = minimum yield strength of the pin material, psi

 t = pipe thickness, in.
 T = torque, ft-lbf
 T

m 
= make-up torque, ft-lbf

 T
max

 = maximum rotary torque, ft/lbf
 w

c
 = unit contact force, lbf/ft

 w
dc

 = unit weight of drill collars, lbf/ft
 w

dp
 = unit weight of drillpipe, lbf/ft

 w
dp1

 = unit weight of Section 1 of the drillpipe, lbf/ft
 w

bp
 = unit buoyant weight of drill collars in drilling fl uid, lbf/ft

 w
hw

 = unit weight of heavy weight drillpipe, lbf/ft
 w

n
 = nominal unit weight, lbf/ft

 W = weight on bit (WOB), lbf
 W

1
 = weight of drillpipe below the cross section under consideration, lbf

 W
2 

= weight of drill collars, lbf
 W

cr,I 
= critical WOB, fi rst order of buckling, lbf

 W
cr,II

 = critical WOB, second order of buckling, lbf
 W

pr 
= preloading created by the make-up torque, lbf

 X
1
 = distance from neutral point to the surface, ft

 X
2

= distance from the bit to the neutral point, ft
 x

2
= dimensionless distance from the bit to the neutral point

Z = the polar sectional modulus, in.3

 Z
1
 = sectional modulus of Section 1, in.3

 a = F

EI
 β = tilt angle, radians

 γ
m
 = drilling fl uid specifi c weight, SG

 γ
st
 = drill collars specifi c weight, SG

DZ = drillpipe elongation due to loading, ft

z = axial strain, in./in.

 h = arctan(μ), radians

 θ = one-half of thread angle, radians
 κ = hole curvature over the distance between tool joints, 1/ft 
 κp = pipe curvature, 1/ft
 l = coeffi cient in Eq. 9.7
 μ = coeffi cient of friction
 ν = Poisson’s ratio
 σ

a
 = average axial stress, psi

 σ
an

 = axial neutral stress, psi
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 σ
b
 = bending stress, psi

 σ
e
 = effective axial stress (buoyant stress), psi

 σ
r
 = radial stress, psi

 σ
t
 = tangential (hoop) stress, psi

 σ
vm

 = von Mises stress, psi
 σ

Y
 = yield point (limit of elasticity) as determined in a tensile stress test, psi

 σ
z
 = total axial stress, psi

 τ = shear stress, psi
 τ

max 
= maximum sheer stress, psi

 f = angle of twist, radians
 j = hole inclination angle, radians

 F = inclination of the resultant force at the bit, radians
 y = the taper of the slip, radians
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Chapter 10

Drilling Problems

Neal Adams, Neal Adams Services and Alfred W. Eustes III, Colorado School of 
Mines

The objective of this chapter is to present specifi c drilling problems and their solutions. Included in this chapter 
are lost circulation problems, well control and blowout prevention, recovery of broken drillstring components, 
and preventing stuck drillpipe.

10.1 Lost Circulation

10.1.1 Description. Lost circulation—the signifi cant and continuing loss of whole mud or cement slurry to a 
formation—is one of the most common and troublesome downhole problems. It has been a hindrance to drilling, 
completion, and workover operations ever since rotary rigs fi rst came into use, and it continues to have a profound 
negative impact on well economics. Estimates of the direct and indirect costs of lost-circulation problems in the 
drilling industry worldwide run into the hundreds of millions of US dollars annually.

Although drilling ahead and primary cementing pose particular risks, lost circulation can occur during any well 
procedure that involves pumping fl uid down the hole. Indications of lost circulation may range from a gradual 
drop in pit level to a partial or complete loss of returns. In extreme cases, the fl uid level in the annulus may drop 
rapidly, sometimes by hundreds of feet.

Lost circulation invariably results in higher costs for materials, services, and additional rig time. Depending on 
the timing and severity of its occurrence, it can lead to the loss of formation-evaluation data because the informa-
tion normally obtained from mud returns and drilled cuttings is no longer available. Lost circulation can also re-
sult in reduced well productivity if the loss zone is also a potential pay interval. If the wellbore-fl uid level drops 
far enough and fast enough, the drop can allow fl uid to enter the wellbore from a higher-pressure formation. When 
this infl ux or kick does occur, it makes well control all the more diffi cult because of the inability to circulate kill 
fl uid (Ivan et al. 2003).

10.1.2 Occurrence of Lost Circulation. For lost circulation to occur, there must be (1) a formation with fl ow 
channels that allow passage of hole fl uid from the wellbore and (2) an overbalance or positive pressure differential 
between the wellbore and the formation. Both of these conditions must be present, although one or the other may 
predominate. For example, a very small overbalance may be suffi cient to drive fl uid into a highly porous and 
permeable rock, while even a relatively nonporous, impermeable rock can accept considerable amounts of fl uid if 
the overbalance is large enough to induce hydraulic fracturing.

Permeable Zones. Some types of rocks, because of their high primary porosity and permeability, almost seem 
to be designed to cause lost-circulation problems. Unconsolidated formations, gravel beds, loose conglomerates, 
and shallow or highly depleted sandstones have long been recognized as having natural lost-circulation tenden-
cies. Lost circulation in these rocks most often manifests itself as a gradual drop in pit level, although continued 
drilling time and additional exposure to the wellbore may result in partial or complete mud losses (see Fig. 10.1, 
the sections marked with an “A”). 

Natural Fractures. Secondary porosity and permeability—such as occur in naturally fractured sandstones, 
shales, and carbonates—are also conducive to lost circulation (Fig. 10.1, the section marked with a “C”). Natural 
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fractures may be either horizontal or vertical depending on a rock’s depth, mechanical characteristics, and stress 
environment. In a horizontal fracture network, lost circulation may fi rst manifest itself as a gradual lowering of 
the pit level, with a complete loss of returns occurring as additional fractures are encountered. Vertical fractures, 
on the other hand, will take progressively increasing amounts of mud as drilling progresses and more of the frac-
tures are exposed.

Induced Fractures. If lost returns occur in an area where offset wells have not experienced lost circulation, 
then the problem is likely the result of fracturing that is induced during well operations, rather than the result of a 
natural fracture network. Most induced fractures are related in some way to drilling-fl uid or cementing programs, 
although sometimes the well architecture may itself be a contributing factor as, for example, when a surface or 
intermediate casing string is set too high. Mechanical failures, such as leaks in a shallow casing string, can also 
result in lost circulation (Fig. 10.1, the section marked with a “D”).

Caverns. The most severe lost-circulation problems occur in cavernous or extremely vugular formations 
(Fig. 10.1, the section marked with a “B”). These are typically limestones that have been leached by water. The 
void spaces in these formations can be large enough that when they are encountered, the drillstring may actually 

A

A
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D

C

Fig. 10.1—Types of lost circulation. Courtesy of M-I SWACO.
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drop by as much as several feet preceding a sudden, complete loss of returns. Rough drilling may  occur just before 
a bit encounters a cavernous zone.

10.1.3 Prevention. To prevent or at least minimize lost-circulation problems, it is necessary to  address the con-
ditions that cause lost circulation to occur, either by sealing off the problem formation or by reducing the wellbore 
pressure differential.

Mud System. Prevention of lost circulation starts with the mud system. The best way to seal off a potential loss 
interval is to keep fi ltrate losses to a workable minimum and to maintain a thin, fi rm, impermeable fi lter cake 
along the borehole wall. The mud specifi c density should be as low as possible, but high enough to control the 
formation pressure (Darley and Gray 1988).

In an area where porous, permeable zones are a known problem, and a low-weight, low-solids mud is being 
used, it sometimes is a good idea to pretreat the mud with solid LCM. This material should be fi ne enough to pass 
through the shale shaker with the other mud components and sized so as to plug small openings in the formation. 
If mud losses are fracture related, however, such pretreatment will not be effective, especially in weighted-mud 
systems.

The mud-weight schedule is perhaps the single most important factor in preventing lost circulation. The closer 
that the hydrostatic pressure of the mud column gets to the formation-fracture pressure, the more likely lost cir-
culation becomes. Local drilling conditions and well parameters will determine how much overbalance is required 
to optimize drilling performance, control formation pressures, and allow for abnormal or unexpected conditions. 
If the well cannot be safely drilled using a conventional mud system, then a rig equipped for underbalanced drill-
ing should be considered.

Equivalent Circulating Density (ECD). Even when the mud weight is far less than that required to frac-
ture the formation, lost circulation can still result from a high ECD caused by excessive pump pressure and 
poor hydraulics practices. The mud’s rheological properties (viscosity, yield point, and gel strength) should 
be specifi ed to maintain its desired cuttings suspension and transport properties, but at the same time should 
enable the well to be circulated at an optimal pump pressure. 

High surge pressure is a major contributor to lost circulation. Surge effects can be minimized by avoiding exces-
sive speed when tripping in the hole, not spudding through bridges or other restrictions, breaking circulation 
gradually, and maintaining circulation at the minimum pump rate needed to ensure adequate hole cleaning.

Casing Setting Depth. Selection of casing setting depths is crucial to preventing lost circulation and is closely 
related to the design of the mud program. In many wells, it is necessary to set one or more strings of intermediate 
casing to protect low-pressure zones from the higher mud weights required for deeper intervals. In selecting these 
casing points, the well planner should ensure that they are not themselves located in potential loss zones (Moore 
1986; Devereaux 1998).

10.1.4 Diagnosis of Lost Cir culation. There are a number of methods for combating lost circulation, each of 
which is effective when properly used. Selecting the best method for a particular situation involves three diagnos-
tic steps: 

· Determining at what depth the loss is occurring
· Describing the type of loss zone
· Evaluating the severity of the loss

Depth. Intuitively, one might expect lost circulation to occur at or near the bottom of a well, where the ECD is 
at its highest. It is far more common, however, for the loss zone to be farther up the hole—typically near the cas-
ing shoe—where fractures may have been opened, resealed, and then reopened as the well was drilled deeper with 
increasing mud weights. Techniques for fi nding lost-circulation zones commonly involve the use of production-
logging devices including spinners, temperature logs, and radioactive-tracer tools. 

Methods of Locating Lost-Circulation Zones. The usual way to combat lost circulation during drilling is to 
monitor the possible presence of LCM across the suspected zone of loss. At shallow depth, the location of the 
losses into naturally permeable zones need not be known exactly. At greater depths [more than 5,000 ft (1,500 m)] 
or when severe losses are occurring, the exact location of the “thief” zone must be determined before effi ciently 
sealing the hole and continuing to drill. A number of methods have been developed for this purpose and are dis-
cussed below.

Temperature Survey. A temperature-recording device is run twice on wire and records the temperature at vari-
ous depths (Fig. 10.2). First, the device is run under static conditions—when the mud temperature is in equilib-
rium with the formation—to provide a base log. Enough fresh, cool mud is then pumped into the hole so that the 
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change in temperature can be recorded by a second survey. The temperature above the loss zone will be lower 
than that recorded in the fi rst run. Below the thief zone, the mud remains static and its temperature will be higher 
than that of the mud fl owing into the formation. The new temperature survey will show an anomaly across the 
zone where the losses are occurring, and their location can be determined by the depth where the recorded line 
changes its gradient. This method gives good results in areas where the temperature gradient is of the order of 
1°F/100 ft (1.8°C/100 m). One benefi t of this method is that it can be used with drilling fl uids containing large 
amounts of LCM.

Radioactive-Tracer Survey. Two gamma ray logs are run to determine the exact position of the thief zone. 
The first is recorded to establish the normal radioactivity of the downhole formation as a basis for compari-
son. Then, a small amount of radioactive material (e.g., carnotite) is displaced around the hole where losses are 
suspected to occur. A second gamma ray log is run and compared with the base log. At the thief zone, a steep 
change of radioactivity can be seen. The precise point of loss can be determined with this method, although 
it requires special equipment and is expensive. 

Hot-Wire Survey. As in the temperature survey, the change in mud temperature is monitored. A calibrated 
 resistance wire that is sensitive to changes in temperature is run to a certain depth, and then fresh, cool mud is 
pumped into the hole. If a change of temperature at the tool is observed, then the tool is placed above the point of 
loss. If no change is recorded, then it is placed below the thief zone. This method can be used in any mud system, 
but a large amount of mud is required to fi nd the exact location of the loss. 

Spinner Survey. A small spinner attached to the end of a cable is run in the hole to the location where the losses 
are suspected to occur. The spinner either spins or turns in response to mud movement, and the revolutions per 
minute of this response are recorded on fi lm. Near the thief zone, acceleration can be observed as mud fl ows into 
the formation. This method delivers the best results when there are no sealing agents in the mud, but it requires 
large volumes of mud.

Type and Severity of Losses. Once the loss zone is located, it can be described in terms of its lithology and the 
type of loss that is occurring. For example, if there is a slow but steady decrease in pit level and if mud logs or 
other data indicate that the loss zone is composed of sandstone, then high permeability and porosity are likely the 
causes of the problem. On the other hand, if the loss of returns is sudden, induced fracturing is the most likely 
cause. 

The severity of the problem can be expressed in terms of the amount of mud lost and the static fl uid-level drop. 
Seepage causes a gradual lowering of the pit level (generally from 1 to 10 bbl/hr). Losses in the 10- to 50-bbl/hr 
range are considered partial. Complete losses involve fl uid-level drops ranging from 200 to 500 feet (60 to 150 m), 
while severe complete losses involve drops of more than 500 feet (150 m) where there is evidence of vugs or 
caverns. In the worst case of lost circulation, an underground blowout, the loss zone is taking not only drilling 
mud, but also formation fl uid from a higher-pressure interval.
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Fig. 10.2—Temperature survey.
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Controlling Lost Circulation. Techniques for controlling lost circulation are designed to seal off the loss inter-
val (Howard and Scott 1951). They may entail

· Allowing the formation to heal itself by removing the conditions that caused the lost 
circulation 

· Using LCM or drilled solids to bridge off the interval
· Spotting a high-viscosity plug across the interval
· Squeezing the interval with cement
· Setting pipe across the interval 
· Abandoning or sidetracking the loss interval

Depending on the location, type, and severity of the problem, remedial measures may involve a combination of 
these techniques. No one method is applicable to all types of lost circulation. 

Removing the Conditions That Cause Lost Circulation. When lost circulation results from induced 
fracturing, a pause in operations or a change in drilling practices may help to eliminate the original cause of the 
fracture. 

Healing. In some cases, stopping circulation and allowing solids to build up against the borehole wall may 
heal an induced fracture. One such procedure involves pulling the pipe into a protective casing or a secure 
portion of open hole, shutting down the mud pumps for a minimum of six to eight hours, attempting to fi ll the 
hole with water, and then gradually resuming circulation in stages. 

Reducing the mud weight is an effective way of reducing the hydrostatic pressure of the mud column and, thus, 
the pressure differential with the formation. This is only feasible, of course, if there is no danger of a kick. Another 
step would be to adjust the mud viscosity and gel strength based on hole conditions—either increasing the viscos-
ity and gel strength to help slow the fl ow of mud into permeable zones, or decreasing the viscosity and gel strength 
to reduce the pump pressure required for circulation, thereby lowering the ECD and reducing losses from induced 
fractures. Decreasing the pump rate can likewise reduce the circulating pressure. 

10.1.5 LCM. In porous, permeable zones, lost circulation most commonly results from inadequate bridging 
agents or wall-building characteristics. Fixing the problem is, therefore, a matter of adding solids to seal off the 
interval. In some cases, simply drilling ahead and allowing the formation cuttings to bridge the loss zone may be 
enough to restore circulation. In other cases, it will be necessary to add solid LCM to the mud system in concen-
trations not exceeding 10 to 20 lbm/bbl [28 to 57 kg/m3]. Table 10.1 provides a general classifi cation of solid 
LCMs and gives examples of each category. 

Solid LCMs are most effective when different textures and sizes are used in combination. These materials are 
suitable only for plugging porous, permeable formations—because of their generic name, operators have often 
wrongly used them as an all-purpose remedy for all types of lost circulation. Various LCM materials have limits 
on their bridging capability. This bridging width for a typical LCM is shown in Figs. 10.3 and 10.4.

TABLE 10.1—COMMON LOST-CIRCULATION MATERIALS  

Classification Examples Description 

Fibrous 
materials 

Wood fiber (shredded wood, 
sawdust), paper pulp, glass fiber, 
cotton fiber, animal hair, leather 
fiber, straw, and shredded tires

 

Relatively little rigidity. Can be forced into large openings, 
where they bridge over and form a mat or base that acts to seal 
off the formation when solids from the drilling fluid deposit on it. 
If the openings are too small for the fibers to enter, a bulky, 
easily removable external cake may form on the walls of the 
hole. Not recommended for oil-based muds. 
 
Not normally used in cement because they tend to plug surface 
and downhole cementing equipment. Also may contain organic 
chemicals that can seriously extend cement-thickening time. 

Flaky 
(lamellar) 
materials 

Cellophane, mica (fine and 
coarse), plastic laminate, wood 
chips. 

Sealing action similar to that of fibrous materials. Cellophane 
products are not recommended for use in oil-based muds. 

Granular 
materials 

 

Nut shells (fine, medium, coarse, 
and very coarse), ground plastics, 
seed grains, coarsely ground rock 
materials (e.g., bentonite, asphalt, 
limestone). 

Tend to form a bridge just inside the opening of the pore. Must 
contain particles that approximate the size of the opening, as 
well as a gradation of smaller particles to form a seal. Granular 
materials may be used in oil-base muds. 

Combination Selected blends of fibrous and 
flaky materials and granular LCM. 

Blended products containing cellophane flakes are not 
recommended for use in oil-based muds. 
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Slurries and Plugs. An alternative to adding LCM on a system-wide basis, and an effective technique for uncon-
solidated permeable zones, is to spot a high-fi lter-loss slurry, consisting of water mixed with conditioning additives and 
bridging agents, directly in the lost-circulation zone. To spot the slurry, a drill bit (without jet nozzles) is run to the top 
of the loss zone, and the slurry is displaced to the end of the drillpipe. The slurry is then squeezed into the formation by 
closing the blowout preventers (BOPs) and pumping at low pressure. As water is squeezed out of the slurry, the bridging 
agents form a seal across the interval. 

In naturally fractured formations, a plug may be pumped across the loss interval. These plugs are designed to 
be pumpable at the surface and then to develop shear strength when placed downhole. The two main types of plugs 
are soft plugs (also known as reinforcing plugs, viscous pills, or gunk squeezes), and hard (cement) plugs. 

Soft Plugs. Soft plugs typically consist of a bentonite/diesel-oil base (for water-based muds) or a water base 
(for oil-based muds), with additives such as LCM, cement, and polymers for special applications. These plugs 
develop a viscous, gel-like consistency and offer the advantage of deforming under pressure surges, which makes 
them less likely to break down (Dawson and Goins 1953).

Hard Plugs. Hard plugs can also be used to seal off natural fractures. They have high compressive strength and 
enough fl exibility to enable good control of their fl ow and setting properties. However, they have a greater tendency 
to break down under pressure surges than soft plugs and can be harder to drill out. In soft formations, a hard plug 
may act as a whipstock and cause the bit to sidetrack. Many of the concerns about the use of cement as an LCM 
have been alleviated in recent years by the development of lightweight slurries and crosslinked cements and by 
other advances. These same advances have helped prevent lost circulation during primary cement jobs (Mata and 
Veiga 2004; Romero et al. 2004).

Cavernous formations present a special challenge. If the void spaces are small enough and if the formation can 
withstand the pressure surges inherent in drilling, it may be possible to seal the caverns. Otherwise, the operator 

Fig. 10.3—LCM and fracture sizes (Howard 1951).
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can attempt to drill blind (i.e., with no returns) or drill underbalanced (using air, foam, mist, or aerated mud as a 
drilling fl uid) and then cement a casing across the loss interval.

Strength-Enhancing Chemicals. As drilling advances into more-diffi cult areas, the problem of lost circulation 
often grows worse. When drilling into depleted reservoirs or in deepwater drilling, the trend is to design a mud 
system that increases the near-wellbore fracture resistance and has low fl uid loss. In this situation, the gap be-
tween the pore pressure and the fracture gradient must be narrow, or the mud weight required to support the for-
mation (weakened by depleted zones with low pore pressure) will exceed the fracture resistance. The theory 
behind this approach is to form a stress cage around the borehole, which effectively strengthens the formation 
with correctly sized bridging particles that prop and seal short fractures as they are created (Aston et al. 2004).

10.1.6 Best Practices. The mud system should have low viscosity and low gel strength and should support proper 
cuttings transport. When the hole is not properly cleaned, the weight added by loading the annulus with cuttings 
can overcome the fracture gradient. 

When entering areas where losses are known to occur, the mud should be pretreated with 3 to 5 lbm/bbl of LCM 
that is fi ne enough to pass the shale shakers. 

In shallow formations, adding cement, lime, gyp, or salt can be an inexpensive way to increase viscosity and gel 
strength and, thus, to slow the fl ow into the formation and stop losses. Reducing the pump rate can help restore 
circulation by reducing the ECD. When losses cannot be avoided, drilling blind (without mud returns) is a feasible 
approach. 

Abnormal pressure surges should be avoided, especially while tripping or starting the pumps. Many losses oc-
cur when running pipe too fast or applying pressure too rapidly on gelled-up mud. 

Pumps should be powered up one at a time at a few strokes per minute and the speed then should be increased 
smoothly to the desired fl ow rate. Pumps should be stopped by gradually reducing the fl ow to 75%, 50%, and 25% 
before shutting them off completely. Only a small amount of the connection time for a well is due to the running 
speed of the pipe. Running the pipe more slowly costs only a few seconds, but signifi cantly reduces surge or swab-
bing pressures, which are the main causes of inducing or opening fractures and initiating fl uid loss.

If the fracture gradient is low, using air or foam as a mud system is possible; drilling underbalanced is a way to 
avoid complete mud loss. If severe losses occur or if circulation cannot be restored after an extended period of 
trying, abandoning the well may be the most economical solution. 

10.2 Well Control

10.2.1 Introduction. Well control and blowout prevention are important topics in the oil industry for a number 
of reasons: higher drilling costs, possible loss of life, and the waste of natural resources when blowouts occur. One 
additional reason for concern is the increasing number of government regulations and restrictions that have been 
placed on the oil industry, partially as a result of recent, much publicized well-control incidents. For these and 
other reasons, it is important that drilling professionals understand well-control principles and the procedures to 
be followed to control potential blowouts properly.

The following are key principles for controlling kicks and preventing blowouts:

· Shut in the well quickly. 
· When a kick occurs, if in doubt, shut down the well and get help. Kicks happen as frequently while drilling 

as they do during tripping out of the hole. Many small kicks turn into big blowouts because of improper 
handling.

· Do not hurry and make mistakes. Take your time and get it right the fi rst time. You may not have an oppor-
tunity to do it again.

More details on these topics are presented in this chapter. Unusual problems occurring during kick killing are 
discussed in other reference sources.

10.2.2 Well-Control Equipment. This section discusses the basic equipment commonly used in well control. 
The following descriptions are based on onshore operations. For offshore use, the basic principles still apply, al-
though space limitations and the fact that the BOPs are often located on the bottom of the ocean (these are called 
subsea BOPs) do infl uence some aspects of the procedures. For more details on offshore well-control equipment, 
special literature should be consulted (Adams 1979a).

Preventer Stack. BOPs are used to seal the wellbore and thereby contain a kick. Two main types of preventers 
are in use in the industry: the annular preventer and the ram-type preventer (both types are discussed below). 
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Preventer stacks are rated to 3,000, 5,000, 10,000, or 15,000 psi. A preventer stack normally consists of an an-
nular preventer on top, followed by one or more (typically up to three) ram-type preventers (Fig. 10.5). The inclu-
sion of a full-bore drilling spool makes it possible to connect the kill and choke lines (Adams 1979b, 1980a).

An important consideration for design of the preventer stack is the space it occupies under the rig. Even after 
setting multiple casings (with each casing head adding to the total height of the equipment), it still must be pos-
sible to accommodate the full preventer stack.

Annular Preventers. Annular preventers are able to seal around any object with a circular (or nearly circular) 
cross section as well as over an empty hole. This means that it can also seal around a kelly (hexagonal shapes are 
better than square shapes). Because of its variable diameter, it also allows tool joints to pass when pipe is being 
lowered into the hole while surface pressure is present, an operation called stripping (overcoming the pressure 
area forces with the pipe weight) or snubbing (forcing the pipe into the hole because the weight is not enough to 
overcome the pressure area forces) (Fig. 10.6).

Operating pressure is generally lower than that used for ram-type preventers because the piston area is far larger. 
The pressure can also be adjusted to ease passage of the tubular while stripping into the well by reducing friction. 
Still, it is necessary to lubricate the pipe while stripping into the well. Drilling-mud or water can be used for lu-
brication.

Fig. 10.5—Typical stack arrangement (Watson et al. 2003, page 140).
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The operating principle of an annular preventer is simple. Hydraulic pressure is applied to the low side of a 
wedge-shaped piston. The circular wedge then forces the sealing element toward the inside. Frequent closing and 
opening of the sealing element will signifi cantly shorten its life. In particular, closing over an empty hole has an 
adverse effect on the sealing element. For this reason, it is common not to test annular preventers as often as ram-
type preventers.

Ram-Type Preventers. Rams are found on most BOP stacks, except in some low-pressure applications. They 
are closed by hydraulic pressure, which forces the set of rams together from both sides. As a backup measure, they 
can also be manually closed (Fig. 10.7).

Sealing is achieved between the upper surface of the ram and the preventer body and between the sealing sur-
faces of the ram. Different kinds of rams are available. Pipe rams have a semicircular groove that enables sealing 
around pipe. They are designed for sealing around a specifi c diameter of pipe. Therefore, changing the rams can 
be necessary when switching to a different-diameter drillpipe or closing in a well with drill collars or casing (or 
other equipment) within the preventer stack. Furthermore, while shutting in the well, no tool joints should be lo-
cated within the preventer stack. This is easily avoided by lowering or lifting the top tool joint of the drillstring to 
an easily accessible working height at the rig fl oor.

Variable-bore rams are available with fl exible steel fi ngers that can seal around pipe diameters smaller than that 
of the ram itself. With a standard pipe ram, it is possible to hang a drillstring on the ram. A variable-bore ram, on 
the other hand, is not strong enough to support a drillstring.

Blind rams are used to seal over an open hole. They have a sealing surface which is pressed together when actu-
ated. A special kind of blind ram is called a shear ram. Shear rams have cutting edges and are able to shear 
through drillpipe (and small-diameter drill collars) and seal over it. Because this option eliminates the possibility 
of circulating through the drillpipe, the shear ram is considered an option of last resort. Typically these are used 
offshore.

Most modern ram-type preventers have a built-in secondary seal consisting of a plastic sealing material that is 
forced against the sealing surfaces by twisting a bolt. This seal is designed as a contingency measure in case the 
ram preventer starts to leak during a well-control operation (Adams 2005).

Diverters. A diverter assembly is used to divert a gas kick encountered at shallow depth when only a conductor 
casing is in place. During this phase, the surrounding formation tends to be too weak to contain a shut-in kick. There-
fore, the only possibility is to divert the fl ow in a safe direction. Generally, an annular-type preventer is installed on top 
of the conductor pipe. Underneath it, a diverter line is run to a pit. This line should be of large diameter to allow the 
most unrestricted fl ow possible (Fig. 10.8) (Adams 1980a).

Testing. It is of critical importance that the whole well-control system function in the event of an emergency. 
Therefore, all equipment must be checked for any possible weaknesses before installation. Then, testing of the 
sealing ability and the correct function of every part should occur after installation and at periodic intervals. Spe-
cial equipment exists to pressure-test the BOP. The goal of all types of test equipment is to be able to test every 
single preventer on its own. Therefore, a tool is lowered inside the preventer stack, and a section is sealed off and 
then pressurized to testing pressure. It is common practice to test equipment fi rst at a low pressure, then at a higher 
pressure. 

Choke Line. The choke line directs fl ow out of the wellbore to the choke manifold. The choke line is connected 
to the preventer stack at the drilling spool by two valves. A manually operated master valve sits directly at the 
spool, followed by a remote-controlled valve. The master valve is used to isolate the choke line should repairs 
become necessary. During operations, only the hydraulically operated valve is used. The choke line itself should 

Fig. 10.7—U blowout preventer—example of a ram-type preventer (© Cameron 2010).
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be designed with as large a diameter and wall thickness as reasonably possible, because the fl uids fl owing through 
it in a well-control situation are likely to be loaded with solids (e.g., drill cuttings) and moving at high velocities, 
creating a very erosive environment. The choke line should be as straight as possible to minimize turns, which 
create impacts and erosion at those points. If turns cannot be avoided, they should be designed using targets or 
T-turns. No threaded connections are acceptable in the choke line. Instead, fl anged or welded connections should 
be used exclusively.

Choke Manifold. The choke manifold is a crucial part of the whole well-control system. The choke manifold 
makes it possible to control the backpressure on the well while circulating out a kick. The centerline, which runs 
straight through the manifold and onto a fl are pit, is called the panic line. It provides the least restricted fl ow pos-
sible in case the well cannot be controlled and must be allowed to blow out. All fl uids can then be diverted to a 
fl are pit and fl ared at a safe distance from other equipment. The manifold generally consists of a manual choke 
and a remote-controlled choke. This redundancy, as well as the fact that each side can be isolated by the valves, 
enables continuous operation even if one of the chokes has to be replaced (e.g., as a result of excessive erosion). 
A pressure gauge, which indicates the casing pressure, should be installed on the choke line at the manifold. Note 
that during operation, if the choke line is extremely long, the pressure drop within the choke line must be ac-
counted for when reading casing pressure at this point (Fig. 10.9).

Chokes. Drilling chokes used for well-control operations must be built much more sturdily than the standard 
positive chokes used for production operations. Solids in the mud circulated out of the well will induce erosion, 
which can wear out a choke relatively quickly. This is one reason to have at least two redundant chokes available. 
In addition, mud solids can easily plug a choke (Fig. 10.10).

Various choke designs are in use in the industry. The two most common designs either use a plug that moves 
into and out of an orifi ce to restrict the fl ow, or use two rotating carbide plates with circular openings that adjust 
the fl ow rate by rotating—and thereby changing—the area available for fl ow.

Accumulators. The accumulator unit provides the hydraulic power needed to operate the well-control equip-
ment (preventers, automatic valves, and chokes). Accumulators are available with different working-pressure 
ratings (1,500, 2,000, or 3,000 psi). An accumulator unit consists of several bottles. Each is precharged with ni-
trogen and loaded with hydraulic fl uid. Nitrogen is used because of its noncorrosive and nonfl ammable properties. 
The volume of usable hydraulic fl uid must be designed so that safe shut-in can be achieved even if the recharge 
pumps are inoperative. API RP53 suggests that the volume should be suffi cient to close one pipe ram and the 
annular preventer, and to open the hydraulic choke-line valve. However, these requirements are not widely ac-
cepted in the industry. Moreover, some government regulations request higher volumes. Usually, the accumulator 

Fig. 10.8—Diverter (Watson et al. 2003, page 261).
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unit is charged by two recharge pumps fed from different power sources. One pump is driven electrically, and one 
is driven by air from the rig pneumatic network. The latter pump can still operate from the compressor air tanks 
even if there is an electricity outage (Fig. 10.11).

10.2.3 Causes of Kicks. Introduction to Kicks. Different drilling problems confront the operator on a day-to-day 
basis, including lost circulation, stuck pipe, deviation control, and well control. This discussion focuses on well 
control; other drilling problems will be considered here only in relation to some aspect of well control.

A kick can be defi ned as a well-control problem in which the pressure encountered within the rock being 
drilled is greater than the mud hydrostatic pressure acting on the borehole or rock face. When this occurs, 
the greater formation pressure tends to force formation fl uids into the wellbore. The result is an uncontrolled 
fl ow into a wellbore. This fl uid fl ow is called a kick. If the fl ow is successfully controlled, the kick has been 
killed. A blowout is an uncontrolled fl ow out of a wellbore and often occurs because a kick was not properly 
controlled. 

For a kick to occur, three things must happen simultaneously. First, a mobile fl uid must be present in the porous 
rock adjacent to the borehole. Second, there must be enough permeability to sustain a fl ow into the wellbore. 
Third and most importantly, the pressure exerted in the wellbore, from a combination of hydrostatic, dynamic, and 
surface pressures, must be less than the pore pressure in the formation. If any one of these factors is missing, the 
well cannot kick. In one particular situation, gas can be entrained into a wellbore from inside the volume of rock 
being drilled, and this can lead to a kick even if permeability is not an important issue.

The severity of a kick depends on several factors. One is the ability of the rock to allow fl uid fl ow. The perme-
ability of rock describes its ability to allow fl uid movement. The porosity measures the amount of fl uid-containing 

Fig. 10.9—Choke manifold (Watson et al. 2003, page 142).
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space in the rock. A rock with high permeability and high porosity has a greater potential to generate a severe kick 
than a rock with low permeability and low porosity. For example, sandstone is considered to have a greater kick 
potential than shale because, in general, sand has a greater permeability and porosity than shale.

Another controlling variable for kick severity is the pressure differential involved. The pressure differential is the 
difference between the formation-fl uid pressure and the mud hydrostatic pressure. If the formation pressure is much 
greater than the hydrostatic pressure, a large negative differential pressure exists. If this negative differential pressure 
is coupled with high permeability and porosity, a severe kick can occur.

A kick can be characterized in several ways. One way is by the type of formation fl uid that has entered the 
borehole. Known kick fl uids include gas, oil, salt water, magnesium chloride, water, hydrogen sulfi de (sour) gas, 
and carbon dioxide. If gas has entered the borehole, the kick is called a gas kick. Furthermore, if a volume of 20 
bbl (3.2 m3) of gas has entered the borehole, the kick could be called a 20-bbl (3.2-m3) gas kick. Another method 
of characterizing kicks is by the required mud-weight increase necessary to control the well and to kill a potential 
blowout. For example, if a kick required a 0.7-lbm/gal (84-kg/m3) mud-weight increase to control the well, the 
kick could be called a 0.7-lbm/gal (84-kg/m3) kick. It is interesting to note that control of an average kick will 
require a mud-weight  increase of approximately 0.5 lbm/gal (60 kg/m3) or even less.

An additional important well-control consideration is the pressure that the formation rock can withstand 
without generating an induced fracture. This rock strength is often called the fracture mud weight or gradient 
and is usually expressed in lbm/gal equivalent mud weight. The equivalent mud weight is the sum of the 
 pressures exerted on the borehole wall and includes mud hydrostatic pressure, pressure surges resulting from 
pipe movement, frictional pressures applied against the formation as a result of pumping the drilling fl uid, and 
any casing pressure caused by a kick. For example, if the fracture mud weight of a formation has been deter-
mined as 16.0 lbm/gal, the well can withstand any combination of these pressures that yields the same total 
pressure as a column of 16.0-lbm/gal (1,920-kg/m3) mud extending to the depth in question. This combination 
could be (1) a 16.0-lbm/gal (1,920-kg/m3) mud, (2) a 15.0-lbm/gal (1,800-kg/m3) mud and some amount of 
casing pressure, (3) a 15.5-lbm/gal (1,860-kg/m3) mud and a smaller amount of casing pressure, or (4) other 
combinations.

Causes of Kicks. Kicks occur because formation pressure is greater than mud hydrostatic pressure, which causes 
fl uids to fl ow from the formation into the wellbore. In almost all drilling operations, the operator attempts to maintain a 
hydrostatic pressure greater than the formation pressure (a relationship that is called an overbalanced condition) and, 
thus, to prevent kicks. However, on occasion (and for various reasons), the formation will exceed the wellbore pressure, 
and a kick will occur. Following are the key causes of kicks:

· Insuffi cient mud weight
· Improper hole fi ll up on trips
· Swabbing
· Cutting of mud by formation fl uids
· Lost circulation

Fig. 10.11—Accumulator schematic (API RP 53 1984). Reproduced courtesy of the American Petroleum Institute.
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Insuffi cient Mud Weight. Insuffi cient mud weight is the predominant cause of kicks. A permeable zone is 
drilled using a mud weight that exerts less pressure than the formation pressure within the zone. Fluids begin to 
fl ow into the wellbore, and a kick occurs. 

Abnormal formation pressures are often associated with kicks. They are defi ned as pressures that have an 
equivalent mud weight greater than normal conditions. Normal conditions are defi ned as equivalent mud weights 
ranging from a freshwater density of 8.34 lbm/gal (1,000 kg/m3) to a saturated NaCl-water density of 10 lbm/gal 
(1,200 kg/m3). In well-control situations, greater-than-normal formation pressures are the greatest concern. Be-
cause normal formation pressure is equal to a full column of native water, an abnormally pressured formation will 
exert more pressure than that column of water. If an abnormally pressured formation is encountered while drilling 
a with mud weight that is insuffi cient to control the zone being drilled, a potential kick situation is present. 
Whether a kick occurs depends on the permeability and porosity of the rock.

A number of methods can be used to estimate formation pressures in an effort to prevent this type of kick. Some 
are listed below:

Qualitative Methods:

· Paleontology
· Offset well-log analysis
· Temperature-anomaly analysis
· Gas measurement
· Mud- or cuttings-resistivity analysis
· Cutting-characteristics analysis
· Hole-condition analysis

Quantitative Methods:

· Shale density profi le
· d-exponent analysis
· Normalized penetration-rate analysis
· Other drilling equations

Kicks caused by insuffi cient mud weight seem to require the obvious solution of drilling with high mud weight. 
However, this is not always a viable solution. First, a high mud weight may exceed the fracture mud weight of the 
formation and induce lost circulation. Second, a mud weight in excess of the formation pressure may signifi cantly 
reduce penetration rates. In addition, pipe sticking becomes a serious concern when excessive mud weights are 
used. The best solution is to maintain a mud weight slightly greater than the formation pressure until the mud 
weight begins to approach the fracture mud weight, thus requiring an additional string of casing.

Tripping Practice. Improperly fi lling the hole during trips is another predominant cause of kicks. As the drill-
pipe is pulled out of the hole, the mud level falls because the pipe steel had displaced some mud. With the pipe no 
longer in the hole, the overall mud level decreases. 

It is necessary to fi ll the hole with mud periodically to avoid reducing the hydrostatic pressure and thereby 
allowing a kick to occur. Several methods can be used to fi ll the hole, but all must be able to measure accu-
rately the amount of mud required. It is not satisfactory under any conditions to allow a centrifugal pump to 
fi ll the hole continuously from the suction pit, because with this approach, accurate mud-volume measurement 
is not possible. The two methods most commonly used to monitor hole fi ll up are a trip tank and pump-stroke 
measurement.

A trip tank includes a calibration device to monitor the volume of mud entering the hole. The tank can be placed 
above the preventer to allow gravity feed into the annulus, or a centrifugal pump can pump mud into the annulus, 
with the overfl ow returning to the trip tank. The advantages of a trip tank include ensuring that the hole remains 
full at all times and providing an accurate measurement of the amount of mud entering the hole. Another method 
of keeping a full hole is to fi ll the hole periodically using a positive-displacement pump. A fl owline device can be 
installed to measure the number of pump strokes required to fi ll the hole and to shut off the pump automatically 
when the hole is full. 

Swabbing. Pulling the drillstring from the borehole creates swab pressures. Swab pressure is negative and reduces 
the effective hydrostatic pressure throughout the hole below the bit. If this pressure reduction lowers the effective 
hydrostatic pressure below the formation pressure, a potential kick situation has developed. The variables control-
ling swab pressures include pipe-pulling speed, mud properties, hole confi guration, and the effect of “balled” equip-
ment. Some of these effects can be seen in Table 10.2.
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Cut Mud. Gas-contaminated mud will occasionally cause a kick. The mud-density reduction is usually caused 
by fl uids from the core volume which are cut and released into the mud system. As the gas is circulated to the 
surface, it expands and reduces the overall hydrostatic pressure suffi ciently to allow a kick to occur. Although the 
mud weight is cut severely at the surface, the hydrostatic pressure is not reduced signifi cantly because most gas 
expansion occurs near the surface and not at the hole bottom.

Lost Circulation. Occasionally kicks are caused by lost circulation. A decreased hydrostatic  pressure occurs 
because of a shorter mud column. When a kick occurs because of lost circulation, the problem may become se-
vere. A large volume of kick fl uid may enter the hole before the rising mud level is observed at the surface. It is a 
recommended practice to fi ll the hole with some type of fl uid to monitor mud level.

10.2.4 Kick Signs. A number of warning signs and possible kick indicators can be observed at the surface. It is 
the responsibility of each crew member to recognize and interpret these signs and to take proper action. Not all of 
these signs will positively identify a kick; some simply warn of potential kick situations. Key warning signs in-
clude the following:

· Flow-rate increase
· Pit-volume increase
· Continuing fl ow in the well with the pumps off
· Pump-pressure decrease along with a pump-stroke increase
· Improper hole fi ll up on trips
· Change in string weight
· Drilling break
· Decrease in mud weight

Each warning sign is identifi ed in the following paragraphs as being of primary or secondary importance to kick 
detection.

Warnings Signs of Primary Importance to Kick Detection. Flow-Rate Increase. An increase in the fl ow rate 
leaving the well while pumping at a constant rate is a primary kick indicator. The increased fl ow rate can be inter-
preted to mean that the formation is helping the rig pumps to move fl uid up the annulus by forcing formation 
fl uids into the wellbore. This is a key indicator of a kick.

Pit-Volume Increase. If the pit volume has not been changed as a result of control actions from the surface, an 
increase indicates that a kick is occurring. Fluids entering the wellbore displace an equal volume of mud in the 
fl owline and cause an increase in pit level. However, this change takes some time to manifest itself and does not 
provide an immediate indication of a kick.

Flowing Well. When the rig pumps are not moving the mud, continued fl ow from the well indicates that a kick 
is in progress. An exception is when the mud in the drillpipe is considerably heavier than that in the annulus (for 
example, in the case of a slug). Care must be taken to determine whether a slug is present. If so, the fl ow will 
decrease and eventually stop.

Warnings Signs of Secondary Importance to Kick Detection. Drilling Break. An abrupt increase in bit pene-
tration rate, called a drilling break, is a warning sign of a possible kick. A gradual increase in penetration rate is 
an indicator of abnormal pressure and should not be misconstrued as an abrupt rate increase. When the rate sud-
denly increases, it can be assumed that the rock type has changed. It can also be assumed that the new rock type 
has the potential to kick (as in the case of a sand), even if the previously drilled rock did not have this potential (as 
in the case of shale). Although a drilling break may have been observed, it is not certain that a kick will then occur, 
but only that a new formation that may have kick potential is now being drilled.

When a drilling break occurs, it is a recommended practice that the driller should drill 3 to 5 ft (1 to 1.5 m) into 
the new formation and then stop to check for fl owing formation fl uids. Flow checks are not always performed in 

TABLE 10.2—EXAMPLE SWAB PRESSURES (PSI) IN VARIOUS HOLE SIZES AT VARIOUS PULLING 

SPEEDS FOR A 14.0-PPG MUD AND 4 -IN. DRILLPIPE (LAKE 2006) 

Pulling Speeds, seconds/stand 

Hole Size, in. 15 22 30 45 68 75 

8  267 167 124 98 84 75 
6  589 344 256 192 159 140 
5  921 524 294 289 231 200 
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tophole drilling or if drilling through a series of stringers where repetitive breaks are encountered; unfortunately 
many kicks and blowouts have occurred as a result of this failure to perform fl ow checks.

Pump-Pressure Decrease with Stroke Increase. A pump-pressure change may indicate a kick. Initial fl uid entry 
into the borehole may cause the mud to fl occulate, which may increase the pump pressure temporarily. As the fl ow 
continues, the low-density infl ux will displace the heavier drilling fl uids, and the pump pressure may begin to 
decrease. As the fl uid in the annulus becomes less dense, the mud in the drillpipe tends to drop, and the pump 
speed may increase. However, other drilling problems may cause these same signs. A hole in the pipe, called a 
washout, will cause pump pressure to decrease. A twistoff of the drillstring will give the same signs. It is proper 
procedure, however, to check for a kick if these signs are observed.

Reduced Mud Weight. Reduced mud weight in the fl owline has occasionally caused a kick to occur. Some 
causes for reduced mud weight are core-volume cutting by gas or circulation of connection air or aerated mud 
from the pits down the drillpipe. Fortunately, the lower mud weights generated by the cutting effect are found near 
the surface, occur generally as a result of gas expansion, and do not appreciably reduce mud density throughout 
the hole. Table 10.3 shows that gas cutting has a very small effect on bottomhole hydrostatic pressure. An impor-
tant point to remember about gas cutting is that if the well did not kick during the time required to drill the gas 
zone and to circulate the gas to the surface, only a small possibility exists that it will kick later. Generally, gas 
cutting indicates that a gas-containing formation has been drilled; it does not mean that the mud weight must be 
increased.

Improper Hole Fill-Up. When the drillstring is pulled out of the hole, the mud level should decrease by a 
volume equivalent to that of the steel removed. If the hole does not fi ll with the volume of mud calculated to 
bring the mud level back to the surface, it can be assumed that a kick fl uid has entered the hole and fi lled the 
displacement volume of the drillstring. Even though gas or salt water has entered the hole, the well may not 
fl ow until enough fl uid has entered to reduce the hydrostatic pressure to a value lower than the formation 
 pressure.

Change in String Weight. Drilling fl uid provides a buoyant effect on the drillstring and reduces the actual pipe 
weight supported by the derrick. Heavier muds have a greater buoyant force than less dense muds. When a kick 
occurs and low-density formation fl uids begin to enter the borehole, the buoyant force of the mud system is 
 reduced. The string weight observed at the surface will increase. However, this change may be small and not 
readily observable.

10.2.5 Shut-In Procedure. When one or more warning signs of a kick have been observed, steps should be taken 
to shut in the well. If there is any doubt as to whether the well is fl owing, shut it in and check the pressures. More-
over, there is no difference in this context between “just a small fl ow” and a “full-fl owing” well, because both can 
very quickly turn into a big blowout. There has been some hesitation in the past to close in a fl owing well because 
of the possibility of sticking the pipe. It can be shown that for all types of pipe sticking, including differential 
pressure, heaving, or sloughing shale, it is better to close in the well quickly and reduce the kick infl ux. This 
 approach in fact reduces the chances of pipe sticking. The primary concern at this point is to kill the kick safely; 
when feasible, the secondary concern is to avoid pipe sticking.

Some concern has been expressed about fracturing the well and creating an underground blowout as a result of 
shutting in a well when a kick occurs. If the well is allowed to fl ow, it will eventually become necessary to shut in 
the well, at which time the possibility of fracturing the well will be greater than if the well had been shut in im-
mediately after the initial kick detection. Table 10.4 shows an example of the higher casing pressures that can 
result from continuous fl ow.

Initial Shut-In. There has been considerable discussion about the merits of hard vs. soft shut-in procedures. 
In a hard shut-in procedure, the annular preventer(s) are closed immediately after the pumps are shut down. In 
a soft shut-in procedure, the choke is opened before the preventers are closed, and the choke is closed afterward. 

TABLE 10.3—EXAMPLES OF THE PRESSURE-REDUCTION EFFECT (IN PSI)
OF GAS-CUT MUD ON BOTTOMHOLE HYDROSTATIC PRESSURE (Lake 2006)

 
Depth 

10 lbm/gal cut  
to 5 lbm/gal 

18 lbm/gal cut  
to 16.2 lbm/gal 

18.0 lbm/gal cut  
to 9 lbm/gal 

1,000 51 31 60 
5,000 72 41 82 

10,000 86 48 95 
20,000 97 51 105 



640 Fundamentals of Drilling Engineering

Arguments in favor of a soft shut-in procedure are (1) it avoids water hammer because fl uid fl ow is not stopped 
abruptly and (2) it provides an alternate means of well control (the low-choke-pressure method) if the casing 
pressure becomes excessive. The water-hammer concern has been proved to be of no substance, and the low-
choke-pressure method of well control is an unreliable procedure. It is best to use the hard shut-in procedure to 
minimize the kick volume.

Drilling Kicks—Land or Bottom-Supported Offshore Rigs. These rigs do not move during normal drilling 
 operations. They include land and barge rigs, jackups, and platform rigs. 

Shut-In Procedures.

· When a primary kick-warning sign has been observed, immediately raise the kelly or top drive until a tool 
joint is above the rotary table.

· Stop the mud pumps.
· Close the annular preventer.
· Notify company personnel.
· Read and record the shut-in drillpipe pressure, the shut-in casing pressure, and the pit gain. (The shut-in drill-

pipe pressure is referred to as the SIDPP and the shut-in casing pressure as the SICP.)

Raising the kelly/top drive is an important part of this procedure. With the kelly/top drive out of the hole, the 
valve at the bottom of the kelly/top drive can be closed if necessary. Also, the annular preventer members can 
 attain a more secure seal on pipe than against a kelly.

Tripping Kicks—Land or Bottom-Supported Offshore Rigs. A high percentage of well-control problems occur 
when a trip is in progress. Kick problems may be compounded when the rig crew is preoccupied with the trip 
mechanics and fails to observe the initial warning signs of a kick.

Shut-In Procedures.

· When a primary warning sign of a kick has been observed, immediately set the top tool joint on the slips.
· Install and make up a full-opening, fully opened safety valve on the drillpipe.
· Close the safety valve and the annular preventer.
· Notify company personnel.
· Pick up and make up the kelly/ top drive.
· Open the safety valve.
· Read and record the SIDPP, the SICP, and the pit gain.

Installing a full-opening safety valve in preference to an inside BOP (fl oat) valve is of prime importance be-
cause of the advantages offered by the full-opening valve. If fl ow occurs up the drillpipe as a result of a trip kick, 
the fully opened, full-opening valve is physically easier to stab. Also, a fl oat-type inside BOP valve will close 
automatically when the upward-moving fl uid contacts the valve. If wireline work such as drillpipe perforation or 
logging becomes necessary, the full-opening valve will accept logging tools approximately equal to its inside di-
ameter, whereas the fl oat valve may prohibit wireline work altogether. After the kick is shut in, an inside BOP fl oat 
valve may be stabbed onto the full-opening valve to enable stripping operations.

Drilling Kicks—Floating Rigs. A fl oating rig moves during normal drilling operations. The primary types of 
fl oating rigs are semisubmersibles and drillships. Several differences in shut-in procedures apply to fl oaters. 
Drillstring movement can occur, even with a motion compensator in operation. Moreover, the BOP stack is 
 located on the sea fl oor. To solve the problem of possible vessel and drillstring movement and resulting wear on 
the preventers, a tool joint may be lowered onto the closed pipe rams. The string weight is hung on these rams. 
This procedure may not be necessary if the rig has a functional motion compensator.

When the stack is located a considerable distance from the rig fl oor, the problem is to ensure that a tool 
joint does not interfere with the closing of the preventer elements. A spacing-out procedure should be executed 

TABLE 10.4—EXAMPLES OF THE EFFECT OF CONTINUOUS INFLUX ON CASING
PRESSURE AS A RESULT OF FAILURE TO CLOSE IN THE WELL (Lake 2006) 

Volume of Gas Gained, bbl Casing Pressure, psi 

20 1,468 
30 1,654 
40 1,796 
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when the BOP is tested, after running the BOP stack. Close the rams, slowly lower the drillstring until a tool joint 
contacts the rams, and record the position of the kelly/top drive at that point. Spacing-out should occur so that a 
tool joint and the lower kelly valve are above the rotary table. Spacing should be correlated with tide-measuring 
equipment on the rig fl oor.

The following procedure could be altered to use the annular preventer and motion compensator for cases in 
which (1) the SIDPP and SICP are low and close to the same value (indicating oil or water) or (2) the “kick vol-
ume” is less than 20 to 30 bbl and the expected time to kill the well is less than two or three hours. Be sure that 
the closing pressure on the annular preventer is reduced to within the range recommended by the manufacturer for 
this situation, to avoid annular-element failure.

Shut-In Procedures.

· When a primary warning sign of a kick has been observed, immediately raise the kelly/top drive to the level 
previously designated during the spacing-out procedure (tide adjusted).

· Stop the mud pumps.
· Close the annular preventer.
· Notify company personnel.
· Close the upper set of pipe rams.
· Reduce the hydraulic pressure on the annular preventer.
· Lower the drillpipe until the pipe is supported entirely by the rams.
· Read and record the SIDPP, the SICP, and the pit gain.

Tripping Kicks—Floating Rigs. The procedures for kick closure during a tripping operation on a fl oater are a 
combination of fl oating drilling procedures and tripping procedures for immobile rigs.

Shut-In Procedures.

· When a primary warning sign of a kick has been observed, immediately set the top tool joint onto the slips.
· Install and make up a full-opening, fully opened safety valve in the drillpipe.
· Close the safety valve and the annular preventer.
· Notify company personnel.
· Pick up and make up the kelly/top drive.
· Reduce the hydraulic pressure on the annular preventer.
· Lower the drillpipe until it is supported by the rams.
· Read and record the SIDPP, the SICP, and the pit gain.

Diverter Procedures—All Rigs. When a kick occurs in a well with insuffi cient casing to control a kick safely, 
a blowout will occur. Because a shallow underground blowout is diffi cult to control and may cause the loss of the 
rig, an attempt is usually made to divert a surface blowout away from the rig. This is the common practice on land 
and on offshore rigs that are not mobile. Special attention must be paid to opening the diverter lines before shut-
ting in the well.

· When a primary warning sign of a kick has been observed, immediately raise the kelly/top drive until a tool 
joint is above the rotary table.

· Increase the pump rate to maximum output.
· Open the diverter-line valve(s).
· Close the diverter unit (or annular preventer).
· Notify company personnel.

Recent experiences show that shallow gas fl ows are diffi cult to control. Industry philosophy is improving, and new 
handling procedures are being developed. 

Crew Member Responsibilities for Shut-In Procedures. Each crew member has different responsibilities dur-
ing shut-in procedures. These are listed according to job classifi cation.

Floorhand (Roughneck):

· Notify the driller if any warning signs of kicks are observed.
· Assist in installing the full-opening safety valve if a trip is in progress.
· Initiate well-control responsibilities after shut-in.
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Derrickman:

· Notify the driller if any warning signs of kicks are observed.
· Initiate well-control responsibilities and begin mud-mixing preparations.

Driller:

· Shut in the well immediately if any of the primary warning signs of kicks are observed.
· If a kick occurs while performing a trip, set the top tool joint onto the slips and direct the crews in the in-

stallation of the safety valve before closing the preventers.
· Notify all appropriate company personnel.

Reading and Interpreting Shut-In Pressures. Shut-in pressures are defi ned as pressures recorded on the drill-
pipe and the casing when the well is closed. Although both pressures are important, the drillpipe pressure will be 
used almost exclusively in killing the well. If the SIDPP reads as zero, check to see whether a drillpipe fl oat valve 
is installed. 

During a kick, fl uids fl ow from the formation into the wellbore. When the well is closed to prevent a blowout, 
pressure builds at the surface because of the entry of formation fl uid into the annulus and the difference between 
the mud hydrostatic pressure and the formation pressure. Because this pressure imbalance cannot exist for long, 
the surface pressures will build so that, eventually, the surface pressure plus the mud and infl ux hydrostatic pres-
sures in the well will be equal to the formation pressure. The equations below express this relationship for the 
drillpipe and the annular side, respectively:

,
p

p p p
form DP

form ann kick

SIDPP ,

SICP

p     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . .  (10.1)

where p
form

 is the formation pressure, p
DP

 is the drillstring hydrostatic pressure, p
ann

 is the annulus hydrostatic pres-
sure, and p

kick
 is the kick pressure.

Interpretation of Recorded Pressures. Fig. 10.12 illustrates an important basic principle. It can be observed that 
the formation pressure is greater than the drillpipe hydrostatic pressure by an amount equal to the shut-in drillpipe 
pressure. The drillpipe pressure gauge is a bottomhole pressure (BHP) gauge. The casing-pressure reading cannot 
be considered as a direct BHP gauge measurement because the amount of formation fl uid in the annulus is gener-
ally unknown.

Constant BHP Concept. Fig. 10.12 can be used to illustrate another important basic principle. The 780-psi 
(5.4-MPa) reading observed on the drillpipe gauge is the amount of pressure that was necessary to balance the 
mud pressure at the hole bottom with the pressure in the gas sand at 15,000 ft (4,600 m). A basic law of physics 
states that formation fl uids travel from areas of high pressure to areas of lower pressure only and that they do not 
travel between areas of equal pressures, assuming that gravity segregation can be neglected. If the drillpipe pres-
sure is controlled so that the total mud pressure at the hole bottom is slightly greater than the formation pressure, 
then no additional kick infl ux will enter the well. The concept is the basis of the constant BHP method of well 
control, in which the pressure at the hole bottom is kept constant and at least equal to the formation pressure.

Effects of Time. After shut-in, a fi nite amount of time will elapse before both pressures stabilize. The kick fl ow 
rate will eventually drop to close to zero when the pressure in the wellbore is almost equal to that in the formation. 
The amount of time this takes varies with the difference between the wellbore and the formation pressures, the 
permeability, the fl uid viscosity, and the length and diameter of hole in the kicking formation. Stabilization may 
take a few minutes to several hours depending on the conditions surrounding the kick. In general, 15 minutes are 
allowed to obtain shut-in pressures. The pressure will typically increase rapidly at fi rst and then level off, although 
it will not necessarily become stable. The breakpoint in the pressure curve is taken as the SIDPP. 

Several other factors affect the time needed for pressures to stabilize. One reason that they may not necessarily 
stabilize is differences in density between the kick fl uid and the drilling fl uid. Gas migration involves the move-
ment of low-density fl uids up the annulus. The kick may start to migrate up the hole, with an attendant increase in 
surface pressure (in the absence of any mitigation technique). It will tend to build pressure at the surface if time is 
allowed for migration. In addition, the infl ux may tend to degrade hole stability and to cause either stuck pipe or 
hole bridging. These problems must be considered when reading the shut-in pressures.

Trapped Pressure. Trapped pressure is any pressure recorded on the drillpipe or annulus that is greater than the 
amount needed to balance the BHP. Pressure can be trapped in the system in several ways. One common way is 
for gas to migrate up the annulus and expand; another is to shut in the well before the mud pumps have stopped 
running. Using a pressure reading that includes trapped pressure may result in erroneous kill calculations. There 



Drilling Problems 643

exist guidelines for checking for and releasing trapped pressure. If these are not properly executed, the well will 
be much more diffi cult to kill. These guidelines are as follows:

· When checking for trapped pressure, bleed from the casing side only. There are several reasons for this: (1) 
the choke is located on the casing side; (2) it avoids contamination of the mud in the drillpipe; and (3) it 
avoids the possibility of plugging the bit jets.

· Use the drillpipe pressure as a guide because it is a direct BHP indicator.
· Bleed small amounts (¼ to ½ bbl) of mud at a time. Close the choke after bleeding and observe the pressure 

on the drillpipe.
· Continue to alternate the bleeding and subsequent pressure-observation procedures as long as the drillpipe 

pressure continues to decrease. When the drillpipe pressure ceases to drop, stop bleeding and record the true 
SIDPP and casing pressure.

· If the drillpipe pressure should decrease to zero during this procedure, continue to bleed and check pressures 
on the casing side as long as the casing pressure decreases (note: this step will normally not be necessary).

Because the trapped pressure is in excess of that needed to balance the BHP, it can be bled off without allowing 
any additional infl ux into the well. However, after the trapped pressure has been bled off, if bleeding is continued, 
more infl ux will be allowed into the well, and surface casing pressures will begin to increase. Although bleeding 
procedures can be implemented at any time, it is advisable to check for trapped pressure when the well is shut in 
initially and to recheck whether any pressure remains on the shut-in drillpipe after the drillpipe has been displaced 
with kill mud.

Dril lpipe Floats. A kick can occur when a drillpipe fl oat valve is used. Because a fl oat valve prevents move-
ment of fl uid and pressure up the drillpipe, a drillpipe pressure reading will not be available after the well has been 

Fig. 10.12—Pressure relationships at shut-in conditions (Lake 2006).
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pressures needed to equal formation pressure 
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used in this example to simplify the calculations.)

NOTE: In practical situation, the amount or type
of influx will not be (exactly) known; therefore, the
annulus pressure should not be used to calculate
formation pressures.

Drillpipe
Hydrostatic pressure
=0.052×mud weight×depth
=0.052×15.0 lbm/gal×15,000 ft
=11,700 psi

Annulus
Mud hydrostatic pressure
=0.052×mud weight×depth
=0.052×15.0 lbm/gal×14,600 ft
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Therefore
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780 psi+11,700 psi  
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0.052×2.3 lbm/gal (assumed)×400 ft  
=48 psi

and SICP+(mud and gas hydrostatic)=BHP
1,044+11,388+48=12,480 psi 
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shut in. Several procedures are available for obtaining a drillpipe pressure value; the choice depends on the 
amount of information known when the kick occurs (see Fig. 10.13).

The procedure to obtain a drillpipe pressure value if the slow pumping rate (kill rate) is known is as follows:

· Shut in the well, record the SICP, and obtain the kill rate either from the driller or from the daily tour report.
· Instruct the driller to start the pumps and maintain the pumping rate (measured in strokes) at the kill rate.
· As the driller starts the pumps, use the choke to regulate the casing pressure to the same pressure that was 

originally recorded at shut-in conditions.
· After the pumps are running at the kill rate with the casing pressure properly regulated at shut-in pressure, 

record the pressure on the drillpipe while pumping.
· Shut down the pumps and close the choke.
· The SIDPP equals the total pumping pressure minus the kill-rate pressure.

If the kill rate is not known, the procedure is as follows:

· Shut in the well.
· Line up a low-volume, high-pressure reciprocating pump on the standpipe.
· Start pumping and fi ll all the lines.
· Gradually increase the torque on the pumps until they begin to move fl uid down the drillpipe.
· The SIDPP is the amount of pressure required to initiate fl uid movement. This is assumed to be the amount 

needed to overcome the pressure acting against the bottom side of the valve.

Kick Identifi cation. When a kick occurs, it may prove useful to know the type of infl ux (gas, oil, or salt water) 
entering the wellbore. It must be remembered that the well-control procedures outlined here are designed to kill 
all types of kicks safely. The equation required to perform the kick-infl ux calculation is:

kick mud
kick

SICP SIDPP
g g

h
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (10.2)

where g
mud

 is mud density in psi/ft, h
kick

 is kick height in ft, and g
kick

 is kick density in psi/ft. The infl ux gradient 
can be evaluated using the guidelines in Table 10.5.

Although both the SIDPP and SICP can be determined accurately, it is diffi cult to determine the infl ux height. 
This requires knowledge of the pit gain and the exact hole size.

Kill-Mud-Weight Calculation. Kill calculations require the mud weight, which will be needed to balance the 
bottomhole formation pressure. The kill mud weight is defi ned as the weight of mud necessary to balance the 
formation pressure . It will be shown later in this chapter that using the exact required mud weight without varia-
tions reduces downhole stresses. Because the drillpipe pressure has been defi ned as the reading from a BHP 

Fig. 10.13—Procedure for establishing SIDPP with a fl oat in the drillstring (Lake 2006).
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gauge, the SIDPP can be used to calculate the mud weight necessary to kill the well. The equation for kill mud 
weight is

SIDPP
KMW 19.25 OMW

TVD    
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (10.3)

where TVD is true vertical depth in ft, OMW is original mud weight in lbm/gal, and KMW is kill mud weight in 
lbm/gal. Because the casing pressure does not appear in the above equation, a high casing pressure does not nec-
essarily indicate a high kill mud weight. The same is true for a high pit gain.

Well-Control Procedures. Introduction. Many well-control procedures have been developed over the years. 
Some have used systematic approaches, while others have been based on logical but perhaps unsound principles. 
The systematic approaches will be presented in this section. 

In previous sections, the constant-BHP  approach was described, in which the total pressures (e.g., mud hydro-
static pressure and casing pressure) at the bottom of the hole are maintained at a value slightly greater than the 
formation pressure to prevent infl ux of formation fl uids into the wellbore. Moreover, because the BHP is only 
slightly greater than the formation pressure, this approach minimizes the possibility of inducing a fracture and an 
underground blowout. This concept can be implemented in three ways:

· One-circulation or wait-and-weight method. (Another name often used is the engineer’s method.) After the 
kick is shut in, weight the mud to kill density and then pump out the kick fl uid in one circulation using the 
kill mud. 

· Two-circulation or driller’s method. After the kick is shut in, the kick fl uid is pumped out of the hole before 
the mud density is increased.

· Concurrent method. Pumping begins immediately after the kick is shut in, and pressures are recorded. The 
mud density is increased as rapidly as possible while pumping the kick fl uid out of the well.

If properly used, each method achieves constant pressure at the hole bottom and will not allow additional infl ux 
into the well. Procedural and theoretical differences tend to make one procedure more desirable than the others in 
any particular situation.

Wait-and-Weight Method. Fig. 10.14 illustrates the one-circulation or wait-and-weight method. At Point 1, the 
SIDPP is used to calculate the kill mud weight. The mud weight is increased to kill density in the suction pit. As 
the kill mud is pumped down the drillpipe, the static drillpipe pressure is controlled to decrease linearly until, at 
Point 2, the drillpipe pressure should be zero. At this point, the heavy mud has killed the drillpipe pressure. At 
Point 3, the initial pumping pressure on the drillpipe is the sum of the shut-in drillpipe pressure and the kill-rate 
pressure. While kill mud is being pumped down the pipe, the circulating pressure decreases until, at Point 4, only 
the pumping pressure remains. From the time that kill mud is at the bit until it reaches the fl owline, the choke is 
used to control the drillpipe pressure to the fi nal circulating pressure value. The driller must ensure that the pump 
continues to operate at the kill speed.

Driller’s Method. In the two-circulation or driller’s method, the circulation is started immediately. Kill mud 
is not added to the fi rst circulation. The drillpipe pressure will therefore not decrease during the fi rst circulation 
(see Fig. 10.15). The purpose of the fi rst circulation is to remove the kick fl uid from the annulus. In the second 
circulation, the mud weight is increased, causing a decrease in pressure from the initial pumping pressure at 
Point 1 to the fi nal circulating pressure at Point 2. This pressure is held constant while the annulus is displaced 
with kill mud.

Concurrent Method. This method is the most diffi cult to execute properly. As soon as the kick is shut in, pump-
ing begins immediately after the pressures have been read. The mud density is increased as rapidly as rig facilities 
will allow. The diffi culty is to determine the density of the mud being circulated and its relative position in the 
drillpipe. Because this position determines the drillpipe pressures, the rate of pressure decrease may not be as 
consistent as in the other two methods (see Fig. 10.16). As a new density value arrives at the bit or at some prede-
termined depth, the drillpipe pressure is decreased by an amount equal to the hydrostatic pressure of the new 

TABLE 10.5—GRADIENTS FOR DIFFERENT TYPES OF INFLUX (Lake 2006) 

Gradient, psi/ft Type of Influx 

0.05–0.2 Gas 
0.2–0.4 Probable combination of gas, oil, and/or saltwater 

>0.5 Oil or saltwater 
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Fig. 10.14—Wait-and-weight method (Lake 2006).
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Fig. 10.15—Driller’s method (Lake 2006).
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mud-weight increment. When the drillpipe is displaced with kill mud, the pumping pressure is maintained con-
stant until the kill mud reaches the fl owline.

Constant BHP Methods. Determining the best well-control method for most situations involves several consid-
erations, such as (1) the time required to execute the kill procedure, (2) the surface pressures resulting from the 
kick, (3) the tradeoff of complexity vs. ease of implementation, and (4) the downhole stresses which will be ap-
plied to the formation during the process of killing the kick. All these points must be analyzed before a procedure 
can be selected. The following list briefl y summarizes the general opinion in the industry:
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· The wait-and-weight method should be used in most cases.
· The driller’s method should be used if a good casing shoe exists and if delays are expected in weighting the 

system.
· The concurrent method should be used only in rare cases. Its primary use would be for a severe kick (1.5 

lbm/gal or greater) with a large infl ux and a potential problem with development of lost circulation. The 
pump rate should be kept to a minimum to enable the weight to be increased smoothly.

In the present analysis of kick-killing procedures, emphasis has been placed on the fi rst two circulation methods. 
Inspection of these procedures will reveal that they are opposite approaches, with the concurrent method falling 
somewhere in between.

Special Considerations for Well-Control Procedures. Time. Two important time considerations must be at-
tended to in the kill procedure. The fi rst is the time required to increase the mud density from its original weight 
to the fi nal kill weight. Because some operators become very concerned with pipe sticking during this period, a 
well-control procedure is often chosen to minimize the waiting time  required to increase the mud density. The 
procedures that involve the shortest initial waiting times are the concurrent method and the two-circulation 
method. In both procedures, pumping begins immediately after the shut-in pressures have been recorded.

A second important time consideration, however, is the overall time required for the complete procedure to be 
implemented. The one-circulation method requires one complete fl uid displacement (drillpipe and annulus), while 
the two-circulation method requires that the annulus be displaced twice in addition to the drillpipe displacement. 
In certain situations, the extra time required for the two- circulation method may be a serious concern with respect 
to hole stability or preventer wear.

Surface Pressures. During the course of killing a well, surface pressures may reach alarming values. This may 
be a problem because of gas-volume expansion near the surface. It is important to choose the kill procedure that 
requires the least possible surface pressure to balance the bottomhole formation pressure.

Figs. 10.17 and 10.18 illustrate the different surface-pressure requirements for several kick situations. The fi rst 
major difference can be noted immediately after the drillpipe has been displaced with kill mud. The necessary 

Fig. 10.16—Concurrent method (Lake 2006).
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Fig. 10.17—Static annular pressures for one circulation vs. two circulations for a 10,000-ft well (Lake 2006).
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Drillpipe displaced with kill mud

One circulation method
(0.5 lbm/gal kick)

One additional 
circulation required

(1.0 lbm/gal kick)

(0.5 lbm/gal kick)

Two-circulation
method

Original formation  pressure—11,700 psi
Depth—15,000 ft
41/2-in. drillpipe
81/2-in. annulus
15.0 lbm/gal original mud weight

0 100 200

200

400

600

800

1,000

1,200

1,400

1,600

300 400 500 600 700 800 900 1,000

One circulation method
(1.0 lbm/gal kick)

Barrels of Kill Mud Pumped

C
as

in
g 

Pr
es

su
re

, p
si



Drilling Problems 649

casing pressure begins to decrease from the increased kill-mud hydrostatic pressure in the one-circulation proce-
dure. This decrease is not seen in the two-circulation method because this procedure does not circulate kill mud 
initially. In fact, the casing pressure increases as the expansion of the gas bubble displaces mud from the hole. The 
second pressure difference occurs as the gas approaches the surface. The two-circulation procedure generates 
higher pressures as a result of the lower density of the original mud. It is interesting to note that these necessarily 
high casing pressures suppress the gas expansion to a small degree, resulting in a later arrival of gas at the surface.

Procedural Complexity. In general, the suitability of a process is partially dependent on the ease with which it 
can be executed. This principle holds true for well control. If a kick-killing procedure is diffi cult to comprehend 
and to implement, its reliability will be diminished. The concurrent method is an example of reduced reliability 
because of procedural complexity. To perform this procedure properly, the drillpipe pressure must be reduced ac-
cording to the weight of the mud being circulated and its position in the pipe. This implies that (1) the crew will 
inform the operator when a new mud weight is being pumped, (2) that the rig facilities can sustain this increased 
mud weight, and (3) that the mud-weight position in the pipe can be determined by pump-stroke counting. Many 
operators have discontinued using this method because of its complexity.

On the other hand, the one- and two-circulation methods are widely used because of their ease of implementa-
tion. In both procedures, the drillpipe pressure remains constant over long intervals of time. Moreover, because 
the drillpipe is being displaced with kill mud, the drillpipe pressure decrease is essentially a straight-line relation-
ship, not staggered as in the concurrent method.

Downhole Stresses. Although all considerations are important, the primary concern should be the stresses im-
posed on the borehole wall. If the kick-imposed stresses are greater than the formation can withstand, an induced 
fracture will occur, creating the possibility of an underground blowout. The procedure that imposes the least 
downhole stress while maintaining a constant pressure on the kicking zone is considered the safest kick-control 
method.

Equivalent mud weights are a useful tool to measure downhole stresses. Equivalent weight is defi ned as the 
total pressure at a depth converted to pounds per gallon of mud weight:

p
EMW 19.25

TVD
 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (10.4)

where ∑p is the summation of pressures to  TVD in psi and EMW is equivalent mud weight in lbm/gal. The 
equivalent mud weights for the systems shown in Figs. 10.17 and 10.18 are presented in Figs. 10.19 and 10.20, 
respectively. The one-circulation method has consistently lower equivalent mud weights throughout the killing 
process after the drillpipe has been displaced. The procedures generally exhibit the same maximum equivalent 
mud weights from the time the well is shut in until the drillpipe is displaced.

Fig. 10.19—Equivalent mud weights for both circulation methods in a 10,000-ft well (Lake 2006).
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These fi gures illustrate an important principle. The maximum stresses occur very early in the circulation pro-
cess at deeper depth, not at the maximum-casing-pressure intervals. The maximum lost- circulation possibilities 
will not occur under gas-to-surface conditions, as might seem logical to the casual observer. If a fracture is not 
created at shut-in, it will probably not occur throughout the remainder of the process. A full understanding of this 
behavior may calm operators’ concerns about formation fracture as the gas approaches the surface.

Variables Affecting Kill Procedures. Although variables that affect kick-killing do not necessitate a change in 
the basic procedural structure, they may cause unexpected behavior that can mislead an operator into making bad 
decisions. The one-circulation method will be used to demonstrate the effect of these variables.

Infl ux Type. The type of infl ux entering the wellbore plays a key role in casing-pressure behavior. The infl ux 
type can range from heavy oil to fresh water. The most common type is gas or salt water. Each of these has its own 
characteristic casing-pressure curve and different downhole effects.

Gas kicks are generally more dramatic than other types of infl ux. Among the reasons are (1) the high rate at 
which gas enters the wellbore, (2) high casing pressures resulting partially from the low-density fl uid, (3) expan-
sion of the gas as it approaches the surface, (4) fl uid migration up the wellbore, and (5) fl uid fl ammability. A 
typical gas-kick casing-pressure curve is shown in Fig. 10.21. Gas expansion from decreased confi ning pressures 
as the fl uid is pumped up the wellbore affects the kick-killing process. As the gas begins to expand, the previously 
decreasing casing pressure begins to increase at an accelerating rate. This higher casing pressure may give the 
false impression that another kick infl ux is entering the well. Immediately after the gas reaches the surface, the 
casing pressure decreases rapidly, which may give the impression that lost circulation has occurred.

Both of these casing-pressure changes are expected behaviors and do not indicate an additional infl ux or lost 
circulation. The possibility of lost circulation is less under gas-to-surface conditions than under the initial shut-in 
conditions (see Figs. 10.19 and 10.20).

When gas expands, the increased gas volume displaces fl uid from the well, resulting in a pit gain. Fig. 10.22 
shows the pit gain for the problem illustrated in Fig. 10.17. This pit gain is in addition to the volume increase from 
weighting materials. Because the pit gains in volume, it is logical to assume that the fl ow rate exiting the well will 
increase (Fig. 10.23).

Saltwater kicks do not pose the same problems as gas kicks. Volume expansion does not occur. Also, because 
salt water is denser than gas, casing pressures are less than for a comparable volume of gas (see Fig. 10.24). Shut-
in pressures for a 50-bbl (7.9-m3) saltwater kick are approximately the same as those shown in Fig. 10.17 for a 
20-bbl (3.2-m3) gas kick under the same conditions. 

Hole-stability and pipe-sticking problems are generally more severe with a saltwater kick than with gas. The salt-
water fl uid causes a freshwater mud fi lter cake to fl occulate, creating pipe-sticking tendencies and unstable hole 

Fig. 10.20—Equivalent mud weights for both circulation methods in a 15,000-ft well (Lake 2006).
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Fig. 10.21—Typical gas-kick casing-pressure curve for the wait-and-weight method (Lake 2006).
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conditions. The severity of these problems increases with large kick volumes and with extended waiting periods 
 before the fl uid is pumped from the hole.

Volume of Infl ux. The fl uid volume entering the well is a controlling variable on the casing pressure throughout the 
kill process. Increased infl ux volumes give rise to higher initial SICP values and to greater pressure differences under 
gas-to-surface conditions (Fig. 10.25). This observation underlines the importance of quick closure rather than hesita-
tion.

Variations in Kill-Weight Increment. The original mud density must be increased in most kick situations to 
kill the well. This incremental density increase has some effect on casing-pressure behavior (Fig. 10.26). The gas-
to-surface pressures are higher than the original shut-in pressures for 0.5-lbm/gal (60-kg/m3) and 1.0-lbm/gal 
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(120-kg/m3) kicks. The 2.0-lbm/gal (240-kg/m3) and 3.0-lbm/gal (360-kg/ m3) mud-weight increases do not show 
this tendency. The 3.0-lbm/gal (360-kg/m3) kick has a lower gas-to-surface pressure than that at initial closure due 
to suppressed gas expansion, which minimizes the associated pressures. This is generally observed in kicks re-
quiring an incremental increase greater than 2.0 lbm/gal (240 kg/m3).

Another important mud-weight variation is the difference between the kill mud weight necessary to balance 
BHP and the mud weight actually circulated. If the weight of circulated mud is less than the kill mud weight, the 
casing pressure will be higher than if the kill mud weight had been used, because of the need to maintain a bal-
anced pressure at the hole bottom (Figs. 10.17 and 10.18). The equivalent mud weights will be greater, which 
increases the possibility of formation fracture.

Circulated mud weights greater than the calculated kill mud weight do not decrease the casing pressure. This 
situation is synonymous with mud-weight safety factors and is called overkill. As the extra-heavy mud is pumped 
down the drillpipe, the casing pressure will increase due to the U-tube effect (Fig. 10.27). This U-tube principle 
states that the pressures on each side of the tube must be equal (Fig. 10.28). These higher casing pressures create 
associated downhole stresses that increase formation-fracture potential.

Fig. 10.23—Typical fl ow rates during kick kill operations (Lake 2006).
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Several attempts have been made to achieve the benefi ts of “safety factors” while avoiding the ill effects of high 
casing pressures caused by the U-tube effect. The most common approach has been to subtract the hydrostatic 
pressure supplied by the extra mud-weight increment from the fi nal circulating pressure, creating a zero net effect 
from the added mud weight. In a static situation, the casing pressure is reduced by an amount equal to the hydro-
static-pressure safety factor, which results in zero net effect. From a theoretical standpoint, the approach is based 
on sound principles. However, fi eld experience has shown that this procedure is not practical because of its com-
plexity. This procedure is not necessary for proper well control, and only experienced well-control engineers 
should use it.

Hole-Geometry Variations. In practical kick-killing situations, hole and drillstring size changes will alter the 
kick-fl uid geometry. This is a particular problem in deep tapered holes where several pipe and hole sizes are 
used. The infl ux may occupy a large vertical space at the hole bottom, creating a high casing pressure. As the 
fl uid is pumped into the larger annular spaces, the vertical height is decreased, thus increasing the mud-column 
height and resulting in lower casing pressures. Figs. 10.29 through 10.31 show a typical tapered hole and its 
associated casing- and drillpipe-pressure curves.

Fig. 10.25—Static casing-pressure curves for 10-, 20-, and 50-bbl kick volumes (Lake 2006).
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10.3 Pipe Sticking and Fishing Operations
This section discusses drillstring components, the various ways that a drillstring can become stuck in the borehole, 
typical fi shing techniques, and the mechanics of jarring. This discussion includes a  description of the types of jars 
and other tools used in jarring strings. 

In the drilling industry, fi shing operations are not pleasant outings by a lake or river. They involve sleepless 
nights, exhausting days, much time, and a lot of money. It is up to the rig personnel— primarily the drilling engineer 

Fig. 10.27—Safety-factor effects (1 lbm/gal) and casing pressures (Lake 2006).
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Fig. 10.29—Tapered hole (Lake 2006).
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involved—to complete the fi shing operation as quickly and as economically as possible or to determine that the 
best course of action is to abandon the hole. Fishing is a term coined by the drillers of the cable-tool era. After a 
cable line broke, the drillers would put a hook on the end of the remaining line and try to “catch” the lost line. 
Being the innovators that these drillers were, they often devised unique and clever methods of recovering items 
that were lost in the hole. Many of these items, such as wireline spears and wireline jars (now called bumper subs) 
still exist and are used daily.

There are many techniques and procedures for fi shing, and the drilling engineer must determine the appropriate 
method for retrieving the lost or stuck item, usually referred to as the fi sh. For example, wireline fi shing is consid-
erably different from fi shing with drillpipe. The nature of the fi sh itself may dictate the procedure. A fi sh may be 
free or stuck. If the fi sh is stuck, jarring or washover operations may be needed. 

10.3.1 Stuck-Drillstring Problems. There are more ways to get stuck in a hole than there are words to describe 
the emotions of the driller after this happens. Just about any item that goes into a hole—including drillpipe, drill 
collars, casing, tubing, and downhole production equipment—can get stuck. This section reviews the most common 
ways of getting stuck in both open and cased holes (Adams 1977a).

Differential-Pressure Sticking. Differential-pressure sticking, often called differential sticking, is very preva-
lent in the drilling industry. Differential sticking causes most of the fi shing operations that occur in the Gulf of 
Mexico. Basically, the string is stuck against the side of the well because of a large pressure differential between 
the fl uid in the borehole and that in the formation. Differential-pressure pipe sticking occurs when friction forces 
in the wellbore acting on the drillstring in a normal direction exceed either the rig’s ability to move the pipe or the 
strength of the pipe. Hydrostatic pressure creates a differential that forces the pipe into a fi lter cake across a perme-
able zone (Fig. 10.32). This sticking usually occurs, initially, only across a permeable zone such as sand, where 
friction resistance is a function of several variables. Forward operations are halted until the stuck pipe can be re-
moved from the wellbore or a sidetrack hole can be drilled. Both of these options are costly in terms of both time 
and money (Helmick and Longley 1957).

Formation-pressure increases above normal pressure—usually called abnormal pressure—require increased 
mud weights to control the high-pressure formations. Lower-pressure, uncased formations higher in the hole 
will also be exposed to these higher mud weights and, consequently, to increased pressure differentials. Pres-
sure regressions can sometimes occur in deeper drilling intervals. At these levels, the formation pressure is re-
ceding, while the mud weight remains constant to control the high-pressure formations that have already been 
penetrated and remain uncased. With each newly drilled section, the tendency toward differential pressure and 
sticking can increase. Properly designed casing programs can signifi cantly reduce stuck-pipe occurrences dur-
ing changing pressure regimes. 

Differential sticking occurs only across a permeable formation and, in fact, the higher the permeability, the 
higher the probability of differential sticking. As the drilling fl uid moves across the permeable zone, it tends to 

Fig. 10.31—Hole geometry effects on casing pressure (Lake 2006).
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Fig. 10.32—Basic concept of differential pressure sticking: pipe is stuck in the fi lter cake in a permeable zone (Adams 
1977a).
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lose its fl uid phase to the permeable formation, leaving behind the solid phase. These remaining solids often settle 
out onto the side of the borehole. This nearly impermeable fi lter cake can become very thick. Meanwhile, if the 
hydrostatic pressure of the mud in the permeable zone is much higher than the formation pressure in the perme-
able zone, there will be a pressure gradient toward the formation across the borehole wall. If, by chance, the 
drillpipe or collars are lying in the fi lter cake (which is likely because all boreholes have some degree of devia-
tion), a hydraulic seal can form. Now the pressure gradient lies across the string. Because fi lter cake has a high 
friction coeffi cient, the force required to pull the string tangentially across the fi lter cake is high. In many cases, 
the rig is not powerful enough to pull the string or the string is not strong enough to handle the load. Differential 
sticking is usually the problem if the drillstring cannot be moved up or down or rotated, yet circulation can be 
maintained. Typically it occurs when the drillstring is lying stationary across a permeable zone. 

An equation used in the petroleum industry to describe differential sticking is

tangential normal ,F A P     . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (10.5)

where A is the hydraulically sealed area, μ is the coeffi cient of friction, P
normal

 is the pressure differential between 
the wellbore and the formation, and F

tangential
 is the drag force needed to move up or down the hole.

Unsticking requires the reduction of the normal force, the coeffi cient of friction of the fi lter cake, or the hydrau-
lically sealed area—or a combination of these. The sooner these methods can be undertaken, the greater the 
chance of success. One method used to unstick the string is to spot a lightweight fl uid with a fi lter-cake-destroying 
chemical and then jar on the string. The fl uid reduces the pressure differential, the coeffi cient of friction of the 
fi lter cake, and the hydraulic seal area. An example of this approach would be to spot an oil-based fl uid across the 
stuck point. Another method is to blow nitrogen past the stuck point. This assumes that there are no potential kick 
zones above or below the stuck point. Well control can easily be lost in such cases.

Undergauge Hole Sticking. An undergauge hole is any hole that has a smaller diameter than the bit that drilled 
that section of hole. One potential cause of an undergauge condition is drilling a high-clay-content plastic shale 
with a freshwater mud. If an oil-based mud is used, a plastic salt formation can “fl ow” into the wellbore. If the 
wellbore fl uid has a hydrostatic pressure less than the formation pressure, shale or salt will slowly ooze into the 
wellbore. This process is slow, but can stick the drilling tools of the unwary.

An undergauge hole can also occur because a drill bit has been worn smaller while drilling through an abrasive 
formation. In this case, the hole is undergauge because the bit drilled it that way. If a new bit is run, it can jam into 
the undergauge section of the hole and become stuck. This is often called tapered-hole sticking. The presence of 
a thick fi lter cake as described above can also cause an undergauge hole. The fi lter cake can become so thick that 
tools cannot drag through it. The fi lter cake shows as a drag load on the weight indicator.

Sloughing-Hole Sticking. Sloughing-hole sticking occurs after a piece of the hole wall sloughs off. For 
 example, water-sensitive shales that have been invaded by water will swell and break. If circulation is stopped, the 
broken pieces will collect around the drillstring and eventually pack the drillstring in place.
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Shales under high formation pressure can slough as well. In this case, the formation pressure is greater than 
the wellbore hydrostatic pressure. Because shale has very low permeability, no fl ow is observed. The rock, 
which has a high pressure differential toward the wellbore, shears off the hole wall. The result can be seen as 
large cuttings on the shale shaker screen. Sometimes, the borehole curvature can be seen on the cuttings, a clas-
sic sign of having entered a high-pressure zone. If too much sloughing occurs, or if the wellbore is not cleaned 
properly, the drillstring can become stuck. More than likely, circulation will cease, and no string movement will 
be possible. 

Steeply dipping and fractured formations can also slough into the hole. Drilling sites in overthrust belts are 
notorious for this problem. If there are cavities in the wellbore, cuttings can collect there. After circulation stops, 
the cuttings in the cavities may fall back into the hole.

Keyseat Sticking. In a deviated hole, or if ledges are present, the drillpipe can wear a slot into the borehole wall. 
This slot, called a keyseat, has essentially the same diameter as the drillpipe. While the drillstring is being pulled, the 
drill collars or bit will try to run through the keyseat. Because the diameter of the keyseat is smaller than that of the 
drill collars or bit, these tools become wedged in the keyseat. Circulation can be maintained in this situation. Of 
course, the usual response of a driller who sees the string start to stick is to pull harder. This exacerbates the situa-
tion, sticking the string even more solidly. Keyseat sticking usually occurs while the drillstring is being moved up 
the hole during a trip.

Sand Sticking and Mud Sticking. Sand sticking and mud sticking are similar. The sand particles or the sol-
ids in the mud can settle out of suspension. If there is little or no circulation, the rain of particles settles around 
the string, sticking the string in place. Sand sticking usually occurs in cased holes, although it can also occur in 
open holes. In cased holes, a leak can develop in the casing, enabling sand particles to fl ow into the well. The 
sand particles will then fall down and eventually pile up either on a packer or on some other restriction in the 
hole.

Mud sticking is similar. For whatever reason, the solids that form part of the mud can settle out of suspension. 
These solids can be barite particles or cuttings. In a high-temperature well, the mud can lose its fl uid phase (fi l-
trate), leaving the solids packed around the string. In addition, sometimes contaminants such as acids or salts can 
alter the mud properties leading to loss of the suspension properties of the mud.

Inadequate-Hole-Cleaning Sticking. Inadequate-hole-cleaning sticking can occur if the fl ow rate of the circu-
lation fl uid slows to the point that the solids-carrying capacity of the circulation fl uid is exceeded by the force of 
gravity. If the fl uid is not viscous enough or fl owing fast enough, the drag forces on the solids are less than the 
gravity forces. This means that the solids fl ow down the hole, instead of up and out of the hole. The hole fi lls up 
with solids that build up around the string, eventually sticking the string. The fl ow rate can slow down for a num-
ber of reasons, including

· The driller may not be running the pumps fast enough.
· There could be a hole enlargement in the drillstring that slows the fl ow rate (e.g., a washout).
· The amount of solids may become overwhelming as a result of sloughing shales, unconsolidated forma-

tions, or lost circulation.
· There may be a rate of penetration that generates cuttings faster than the drilling fl uid can carry.

Cemented Sticking. Cemented sticking can occur if the cement that is being circulated goes somewhere other 
than where it was intended to go. For example, if a cement plug was being spotted and the cement fl owed higher 
up the string than anticipated, the cement could set before the string could be pulled out of the cement. The string 
is then stuck. If the cement is not too thick, the string could be jarred loose; otherwise, a washover operation is 
needed. The causes of cement sticking include

· Mechanical failures (e.g., string leaks)
· Human error (e.g., miscalculating a displacement or losing track of cement being used to remedy a blowout 

or a lost-circulation zone)
· An oversized hole 

Blowout Sticking. During an uncontrolled fl ow of fl uid from a well, called a blowout, solids and materials such 
as drillpipe protector rubbers can fl ow with the fl uids and become lodged against the string. The force of the blow-
out then wedges these solids and materials against the string. These same solids and materials can also bridge 
across the hole.

Mechanical Sticking. This is a “catch-all” category for sticking problems. Any drilling or completion tool can 
become mechanically stuck.
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Packers. Sometimes the slips on a packer can become wedged so tightly against the casing that they cannot 
come free. In addition, retrieval failures can happen. In these cases, sometimes a high-force pulse of short duration 
can knock the packer loose.

Multiple Strings. Multiple strings can jam in a hole. The two, three, or even four strings in the hole can rotate 
around each other as they are being run into the hole. The strings become intertwined, in which case they are 
notoriously diffi cult to retrieve.

Crooked Pipe. If a drillstring is dropped in a mud-fi lled hole, the string can become permanently bent. This 
bend can wedge the string against the side of the hole, making it diffi cult to retrieve. If a string is dropped in an 
air-drilled hole, there is no hope of recovery. Think of taking your string up in an airplane and dropping it from 
some altitude.

Junk in the Hole. Junk in the hole is a description for small pieces of man-made materials that either are 
dropped down the hole or fall off of a downhole tool. Examples of items dropped down the hole include drill-
collar safety clamps, wrenches, and drillstring tools being made up in the rotary table. Items that can fall off of 
downhole tools include slips from packers, rubber drillpipe protectors, and (especially prevalent) cones off roller-
cone bits. This debris can either fall to the bottom of the hole or can wedge against the side of the drillstring. If 
debris has wedged the string in the hole, then jarring can possibly knock it loose.

10.3.2 What Is The Problem? Recognizing the Problem. As noted, several types of pipe sticking may occur 
during drilling. Certain identifi cation markers are peculiar to pipe sticking. Recognition of these markers will help 
in the decision to select the appropriate procedure to free the pipe. 

Often, time is an important factor in determining the severity of a sticking problem. For example, in pressure-
differential sticking, after the pipe becomes stuck, fi ltration continues to deposit solids adjacent to the pipe/mudcake 
interface and increases the contact area. In addition, fi ltration continues behind the pipe/mudcake interface. This 
ongoing deposition decreases the water content of the fi lter cake and increases its friction coeffi cient (Fig. 10.33).

Two early warning signs of differential sticking are increased torque and drag. Both indicate that an increased 
frictional force is being encountered while either rotating or moving pipe vertically in the hole. These increases may 
indicate other drilling problems, but they are most often considered the early warning signs of differential sticking. 
When pipe is differentially stuck, there is no obstruction in the hole to prevent or retard mud circulation, as opposed 
to the case of a pipe stuck due to hole bridging or caving (Fig. 10.34). Continued fl uid circulation while the pipe is 
stuck is a basic indicator of differential sticking. Another characteristic is the inability to rotate or move the pipe in 
either direction. This is the primary distinction from keyseating, in which the pipe becomes stuck as a result of pro-
longed wear in a dogleg. Although these two types of pipe sticking appear identical in most respects, pipe stuck in a 
keyseat can usually be worked downward, which is not possible if the pipe is differentially stuck. Differential sticking 
usually occurs when the pipe has remained motionless in the hole for a prolonged period of time. Often pipe becomes 
stuck while making a joint connection. In other cases, long periods of inactivity are necessary for other reasons. 

Knowledge of the depth intervals at which sticking is more likely to occur is important in evaluating the reme-
dial procedures to be followed. The intervals most likely to create differential sticking are those with high differ-
ential pressures. These can be divided into three categories: 

· Drilling through depleted reservoirs
· Pressure progressions
· Pressure regressions 

Fig. 10.33—After the pipe is stuck, fi ltration continues to deposit solids, which build the fi lter cake and increase the 
coeffi cient of friction behind the pipe because of decreased water content (Adams 1977a).
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A common drilling situation with a high sticking tendency is drilling through a depleted reservoir, one that is 
not only hydrocarbon-depleted, but also pressure-depleted. Differential pressures in these cases can range as 
high as several thousand pounds, compared with a differential of only a few hundred pounds before depletion 
(see Fig. 10.35).

Minimizing Sticking. Using the proper procedures for preventing stuck pipe in intervals that are expected to be 
troublesome can signifi cantly reduce the number of stuck-pipe occurrences. Low- water-loss muds reduce the 
initial contact area because they produce a thin, hard fi lter cake. A thick, soft fi lter cake is associated with a high-
water-loss mud. Pipe cannot be embedded as deeply in a thin cake and, therefore, the sticking force is reduced (see 
Fig. 10.36).

Moreover, low-water-loss muds have a reduced fi ltration rate, which decreases the solids-deposition rate along 
the pipe/cake interface and minimizes the friction coeffi cient increase. Oil-based muds offer perhaps the best 

Fig. 10.34—Differential sticking poses no restriction to fl uid fl ow as opposed to bridging; differentially stuck pipe cannot 
be moved in any direction, as opposed to keyseating (Adams 1977a).
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weapon against stuck pipe. Increased lubricity is most important. These muds develop little or no fi lter cake, 
 resulting in minimum contact area for the pipe. 

Drillstring alterations can reduce sticking tendencies by minimizing the pipe area in contact with the borehole 
wall. Commonly, stabilizers in the bottomhole assembly (BHA) are used to force pipe standoff. To position the 
stabilizers properly, the formation of interest must be relatively close to the stabilizer. Another string alteration 
uses spirally grooved drill collars or heavyweight pipe instead of conventional or smooth pipe. This pipe has a 
spiraling, shallow but wide groove cut into the outer diameter over the entire length of the joint. Surface area is 
reduced by approximately 50%, while weight is reduced only by 4%. 

A fi eld-developed procedure has been used successfully to minimize (temporarily) the mud friction coeffi cient 
along the borehole wall. Addition of walnut hulls or similar specialty products has been found to reduce friction by 
embedding hulls in the fi lter cake. This material seems to act like ball bearings for pipe. Although the friction reduc-
tion—for both drag and torque—is temporary, it usually alleviates the immediate rigsite situation. The addition of 
bentonite to the mud system is another temporary measure for reducing the friction coeffi cient on the borehole wall. 
The hydration capabilities of the bentonite reduce sticking tendencies. This relief is also temporary because the water 
fi lm is eventually lost through further fi ltration or is replaced with drilling solids with a higher friction coeffi cient 
(Adams 1977a, 1977b).

Detecting Stuck Sections. This operation involves fi rst determining where the string is stuck in the hole, and 
then determining the procedure needed to unstick the string. If a pipe string cannot be quickly worked or jarred 
free, the next step is to determine the free point, or the depth above which the string is free to move. 

Freepointing. An initial estimate involves taking a stretch reading to see how far the pipe moves in response to 
an applied tension. Although not as accurate as the wireline methods that may be used later, stretch readings pro-
vide a good fi rst approximation of the free point. Moreover, if the drillstring is plugged, stretch readings may be 
the only way of obtaining this information.

Fig. 10.35—Drilling through a depleted reservoir will create differential pressures greater than drilling the reservoir 
when it was originally normally pressured (Adams 1977a).
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A procedure for obtaining a stretch reading is as follows:

· Calculate the buoyant weight of the drillstring, including the blocks (or use the hook load recorded imme-
diately before sticking occurred).

· Pick up the pipe to this weight and make a mark on the pipe at the rotary table.
· Apply a predetermined amount of overpull to the drillstring. Service companies provide charts, nomo-

graphs, and other tools for estimating this overpull.
· Make another mark on the pipe at the rotary table. The length between these two marks represents the 

amount of stretch in the pipe. 

Once a stretch reading has been recorded, there are two ways of estimating the free point. The fi rst method uses 
the relationship

LAE
L

F
,
   

 . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . . (10.6)

where L is the free-pipe length, ΔL is the stretch length, A is the cross-sectional pipe area, E is the modulus of 
elasticity, and F is the tension load applied.

A simpler approximation of this equation is
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where W
p
 is the unit weight of pipe, lbf/in. = 2.67 (OD2 – ID2), OD is outside diameter in inches, ID is inside 

diameter in inches, and
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The pipe stretch constant, K, shown in Table 10.6 can be used with Eq. 10.8.
Although this method is fast, it is not particularly accurate. It can provide an answer to within two or three 

joints. If the string is to be backed off, a more accurate answer is needed. In addition, if there is more than one 
type of pipe in the string, the calculations become more complicated. Moreover, if the hole is deviated or dog-
legged, the drag from the string rubbing against the hole wall may preclude any stretching of the string below 
that point.

Freepoint Tool. The freepoint tool (see Fig. 10.37) is far more accurate than the stretch method; however, it 
requires that a wireline tool be run inside the drillstring. The freepoint tool consists of a set of strain gauges and 
spring-loaded drag blocks or electromagnets that rub against the inside of the string. As the tool is run into the 
string, torsion or tension is applied to the string. The degree of pipe movement resulting from the application of 
this torsion or tension is transmitted to the surface through the wireline. After the tool moves below the stuck 
point, no movement of the string will be detected.

A collar log is also run in conjunction with freepoint tools for positive depth control. A pipe-recovery log (Fig. 
10.38) records acoustic measurements in which high energy readings indicate free pipe and low energy readings 
indicate stuck pipe. It provides a continuous record of stuck intervals and identifi es potential trouble spots or areas 
where sticking is especially severe. 

TABLE 10.6—CONSTANTS USED TO CALCULATE 

THE FREE POINT

Tubing K Value

2 in. 3,250,000
2.5 in. 4,500,000

Drillpipe K Value

2.87 in. (10.4 lbm/ft) 7,000,000
3.5 in. (13.3 lbm/ft) 8,800,000
4.5 in. (16.6 lbm/ft) 10,800,000
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It is important to understand that the drillstring below the uppermost stuck section is not necessarily stuck. It 
could be entirely free, or else free at some depths and stuck at others. This information is of critical importance 
for making decisions about future operations.

The pipe-recovery log provides more decision-making information than the freepoint survey. The log results 
provide guidance about which downhole intervals are more likely to be free or stuck. The tool functions similarly 
to cement evaluation logs that identify the various degrees of bonding after a cement job. Interpretation of the 
results is not unequivocal. Pipe in some hole sections may appear to be free, yet cannot be pulled if backed off 
with a string shot.

10.3.3 Procedures To Free a Differentially Stuck Drillstring. After a drillstring becomes differentially stuck, 
three release techniques may be used:

· Spotting fl uids 
· Hydrostatic reductions
· Mechanical methods 

Fig. 10.37—Freepoint indication tool. Courtesy of Dia-log (Adams 1977b).

Fig. 10.38—Freepoint log (Adams 1977b).
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Selection of the appropriate procedure is based on an evaluation of the factors that created the problem in the fi rst 
place, the time elapsed since initial sticking, mud types and properties, and other issues (Adams 1977b).

Spotting Fluids. A spotting fl uid is any type of fl uid used to cover a section of a well for any reason. Those used 
for stuck pipe are usually oil-based products positioned or spotted in an open hole to cover a specifi ed interval 
(Fig. 10.39). 

The oil penetrates the fi lter cake and invades the seal on the drillpipe. In addition, the oil tends to wet the cir-
cumference of the pipe, creating a thin layer between the pipe and the mudcake (Fig. 10.40). This reduces the 
coeffi cient of friction and may enable the pipe to be pulled free. 

Spotting-fl uid density is important. Hydrocarbon fl uids that are less dense than drilling fl uids will migrate or 
fl oat to the surface. The reverse is true with oil weighted to a density greater than that of the original drilling fl uid. 
To ensure that the spotting fl uid will remain where it is placed in the hole, its density should be approximately the 
same as the mud density. One exception is when pipe is known to be stuck at the bottom of the hole. The spotting-
fl uid density should then be slightly greater than the mud density to ensure complete encirclement of the pipe in 
spite of gravity segregation. 

One potential problem with weighted spotting fl uids is that the mixing time for the chemicals and the barite in 
oil may appear limited because of the perceived need to spot the fl uid as quickly as possible. If the fl uid is not 
mixed properly, the properties necessary to support the barite in suspension may not develop. This can result in 
barite settling that forms a bridge plug in the pipe or the open hole. Proper fl uid mixing is necessary, even if it 
takes a little longer. 

Spotting-fl uid success is directly related to the volume used. Larger volumes cover a longer section of the open 
hole and are therefore more likely to cover the stuck intervals. It is a mistake to assume that the pipe is stuck only 
in the drill-collar region and to use only enough fl uid volume to cover the collars. This conservative tendency in 

Fig. 10.39—Spotting fl uids are usually oil-based muds positioned in the hole to cover a particular interval (Adams 1977b).
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spotting-fl uid use probably contributes to a large number of failures. Minimum spotting-fl uid volumes can be 
determined at the rigsite. Using the pipe-stretch calculations described earlier, the uppermost stuck interval can be 
identifi ed. Once this is done, a suffi cient fl uid volume should be used to cover this section and all lower open-hole 
sections. 

Pipe sections higher in the hole often become stuck while efforts are being made to free lower sections (Fig. 
10.41). It is often benefi cial to spot enough fl uid volume to cover all exposed permeable zones. Although more 
expensive initially, this technique may be the most economical procedure overall. 

After spotting the fl uid in the hole, time is required before the pipe can be released. The amount of time depends 
on a number of factors such as mud properties, mud-displacement effi ciencies, hole-to-pipe geometry, and dif-
ferential pressure. Even though the time cannot be quantifi ed with any degree of precision, raw fi eld data suggest 
that an average of eight to ten hours is required for release. Many cases, however, have taken longer. A good fi eld 
rule is to spot enough fl uid to cover the open-hole section and wait for at least 12 hours for the fl uid to free the 
pipe. 

Correct positioning of the spotting fl uid is of critical importance. The volume pumped must be recorded using 
number of pump strokes or the rig’s trip tanks. Fluid should be spotted in the open hole with a volume left in the 
drillpipe (Fig. 10.42). At specifi c time intervals, small amounts of fl uid must be displaced from the pipe to create 
annular movement. This may increase fl uid effectiveness as well as minimizing potential bridges. 

While displacing fl uid and waiting for the pipe to release, it is important to maintain a rig hookload that is equal 
to or slightly less than the load before the pipe stuck. Do not hold extra pull on the pipe while using spotting fl uid. 
Extra surface pull does not increase the chemical effectiveness of the spotting fl uid, and it places abnormal 
stresses on the pipe. Pipe should be raised and lowered as conditions permit and at specifi c intervals, perhaps 
hourly, to check whether it can be released. Lowering some weight onto the pipe for a short time can also assist 
in releasing the stuck pipe from the fi lter cake. If the pipe is not yet free, release the extra surface pull and allow 
additional time for the fl uid to work. 

Spotting fl uids may be used effectively for preventive as well as remedial purposes. For instance, fl uid may be 
spotted before running casing or tubulars into a well where a sticking potential exists. 

Hydrostatic Pressure Reduction. Reducing differential pressure is another technique for releasing stuck pipe. 
Lowering the differential pressure reduces the restraining force on pipe, and it may become possible to pull it free. 
Reducing hydrostatic pressure, however, may create problems such as kicks or sloughing in other hole sections. 
Circulating a lower-density fl uid reduces hydrostatic pressure. Another common procedure is a localized pressure 
reduction to reduce hydrostatic pressure on and below the stuck interval while maintaining full hydrostatic pres-
sure above. 

Localized pressure reduction uses stuck-zone detection procedures, conventional backoff procedures, and drill-
stem-testing (DST) tools (Fig. 10.43). After the stuck interval has been identifi ed, the pipe above that section is 
unscrewed and pulled from the hole, and a DST tool is attached. The pipe is rerun and screwed into the fi sh. Water 
is displaced into the drillpipe to reduce hydrostatic pressure to a precalculated value. The test tool is opened and 
the pipe is pulled free. This procedure minimizes exposure of the open hole to reduced pressure while decreasing 
pressure in the zone of interest. 

This technique is not universally applicable in all drilling environments. The pressure reduction below the 
DST tool can create potentially large negative differential pressures. Kicks can occur, or the hole can collapse. 

Fig. 10.40—Oil has a tendency to wet the circumference of the pipe, reducing friction (Adams 1977b).
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The technique is better suited for hard, low-permeability rocks such as west Texas geology rather than young, 
high-permeability environments such as the Gulf of Mexico, Indonesia, and large sedimentary basins such as the 
Niger, Amazon, and Makaham regions. 

Mechanical Methods. Mechanical methods physically destroy the bond between the pipe and the fi lter cake. 
They are based either on impact loading using jarring devices or on destruction of the cake by grinding procedures. 
Another method is to wash over the pipe—in essence, coring over the stuck pipe. 

With the drillstring out of the hole, the fi shing tools are made up. A fi shing string with a jar is often called a 
jarring string. A typical jarring string consists of an overshot or screw-in sub, drill collars, a jar, more drill collars, 
perhaps an accelerator, more drill collars, perhaps a bumper sub, and drillpipe. The makeup of jarring strings var-
ies considerably and depends on the fi sh and the amount of jarring force needed. There are no hard-and-fast rules 

Fig. 10.41—Sections above the original stuck section often become stuck during the time spent trying to free the pipe 
(Adams 1977b).

New stuck
zone

Original
stuck
zone

Filter
cake

Sand

Drillstring

Sand

M
ud

Original conditions New conditions after
some time interval

M
ud

Fig. 10.42—Fluid should be spotted in the open hole with some volume left in the drillpipe for pumping at later intervals 
(Adams 1977b).

Sand Sand Filter
cake

Borehole

Drilling mud

Initial placement Small volume
pumped after 1 hour

Additional volumes
pumped at specific

time intervals



Drilling Problems 667

for making up a jarring string. The amount of impulse, force, and energy developed and applied by the jar to the 
string is highly dependent on the makeup of the jarring string.

Jarring. Jarring is simply the process of impacting the fi sh with a large force impulse. This is not unlike hitting 
a stuck item with a hammer. For example, if a mechanic fi nds a cotter pin stuck in its hole, the fi rst thing usually 
done is to hit the pin with a hammer. The reaction is a longitudinal wave running back and forth in the pin. The 
longitudinal wave causes the particles of the pin to move as the wave passes through the particles. This, in turn, 
causes motion along the side of the pin and the hole in which the pin is stuck. If the forces are large enough to 
overcome the friction loads at the interface of the pin and hole, the pin will move. With enough hammer blows, 
the pin eventually comes loose (or breaks).

The same phenomenon is true when using jarring to fi sh for stuck tools. In this case, the hammer is called a jar. 
The jar is placed in the drillstring in a position where it can apply a hammer blow to the fi sh. This is accomplished 
in the following manner (Fig. 10.44). The string is stretched, putting strain energy into the string above and below 
the jar. The amount of tension put into the string over and above the weight of the string above the jar is called the 
overpull. At some predetermined load value, the jar is triggered. The top and bottom parts of the jar disconnect 
from each other and are free to travel up for the top part (called the hammer) and down for the bottom part (called 
the anvil). Both parts of the string contract at what is known as the free contraction velocity and build kinetic en-
ergy. Eventually, after the anvil and hammer have traveled a certain distance (called the stroke), the hammer and 
anvil will impact. Most of the kinetic energy is converted back into strain energy that then propagates up and down 
the string. Some of this energy will propagate to the stuck point and hopefully jar the fi sh loose. The magnitudes 
of the force, energy, and impulse involved depend on the initial strain energy, the stroke length, and the wave-
propagation characteristics of the jarring string. With each hammer blow, this wave propagates to the stuck point 
to provide a short-duration (milliseconds) pulse of force. Eventually the fi sh will come loose. The bad news is that 
this may take days or weeks. At some point, it may be more economical to abandon the hole and drill a new one. 

Types of Jars. The original jar used in cable-tool drilling consisted of two links of steel attached to the cable. 
The links would be loose while attached to the fi sh. Then the driller would pull on the cable, causing the two links 
to crash together. This applied a jolt to the fi sh.

There are two types of jars: fi shing jars and drilling jars. Fishing jars are used in fi shing strings. They are of 
somewhat lighter construction than drilling jars and are more easily adjusted from the surface. In addition, they 
are designed to generate a larger impact than the typical drilling jar. Drilling jars are part of the drillstring. They 
are placed in the drillstring to be ready for immediate use in case the drillstring gets stuck. Both types of jar can 
operate on either a hydraulic or a mechanical principle. Most jars can operate either downward or upward, but are 
designed to impart a larger impact force upward. The jar is designed to impart a force impulse to the fi sh. 

A review of fi eld case histories suggests that if jarring is to be effective, success will be achieved within the 
initial few hits of the jars. Jarring operations that are ineffective within the fi rst hour are likely to prove ineffective 
regardless of the length of the operation. The exception can be when jarring is used after large volumes of spotting 
fl uids have been pumped into the open hole.

Fig. 10.43—Localized pressure reduction is possible using conventional test tools (Adams 1977b).
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Hydraulic Jars. Hydraulic jars are often called oil jars because a hydraulic fl uid or light oil is used in the jar. 
In the cocked position, the jar has a tight-fi tting piston (the hammer) inside of a cylinder. There is fl uid in a cham-
ber above the piston. As the string is pulled in tension, the piston tries to move up, but the fl uid above cannot by-
pass the piston very quickly. The fl uid increases in pressure and slowly bypasses the piston through a bypass hole 
or channel. At some point, as the piston slowly travels up the cylinder, the tight clearance opens up to a very loose 
clearance, and the fl uid can easily bypass the piston. At this point, the jar is triggered. The sudden reduction in 
pressure above the piston enables the piston to travel freely up the cylinder until it impacts the anvil. After impact, 
and after the strain waves have died out, the jar is reset by slowly recompressing the jar and shoving the piston 
back into the tight-fi tting cylinder. This can take a few minutes.

The big advantage of a hydraulic jar is that the impact intensity can be varied from the surface by changing the 
amount of overpull in the string before triggering the jar. However, heat and too-rapid recocking can destroy the 
seals in the hydraulic jar. If the seals leak, the jar has failed, and a trip is necessary. Hydraulic fi shing jars are of 
somewhat lighter construction than hydraulic drilling jars.

Some jars can be triggered to provide impact either upward or downward. The upward impact is called an up 
hit. This is the usual operational direction of most jars. However, in some cases, such as when unsticking a keyse-
ated string, the jar should be fi red downward. This is called a down hit. Most jars do not work as well downward 
as they do upward.

Mechanical Jars. Mechanical jars trigger differently than hydraulic jars. The triggering mechanism can be a set 
of rollers or a spring detent that is set at a given load for triggering. The trigger load is set at the surface before 
running in the hole. Once in the hole, most mechanical jars cannot be reset to a different triggering load. A few 
mechanical jars enable very limited trigger load changes by using torque from the string to reset the trigger load. 
These kinds of jars can be recocked up to three times per minute, as opposed to the two- to three-minute delay for 
hydraulic jars. Mechanical jars tend to be more rugged than their hydraulic counterparts and are used more often 
in drilling strings.

Accelerator. An accelerator is often called a booster jar or an intensifi er. It is run in the jarring string some-
where above the jar and is full of a compressible fl uid that acts like a spring. The accelerator can act as a shock 
absorber for the rest of the jarring string under the impact of the jar, but its main purpose is to intensify the impact 
force. The force of the jar impact is directly related to the velocities of the hammer and anvil. The accelerator acts 
to increase the velocity of the hammer by refl ecting the free-contraction waves sooner than would have occurred 
without the accelerator. The position of the accelerator in the jarring string is critical to the success of this inten-
sifi cation. The accelerator makes possible an impact of shorter duration and greater force.

Bumper Sub. A bumper sub is used to impart a downward impact to a jarring string. It is is essence a mechani-
cal slip joint. The impact is generated by allowing the string to fall through the length of the slip joint. After the 
string travels along the slip joint, it stops with an impact. By maintaining the load such that the slip joint is within 
its stroke, the only load below the bumper sub is the string below that point. Moreover, if an overshot or a spear is 
grappled onto a fi sh, it takes a downward blow to free the grapples.

Jars. Jars are mechanical tools placed in the drillstring to deliver an impact load when triggered. Jars are run in 
the string during drilling, but may wash out or be located below the stuck interval, negating their use. Placement 

Fig. 10.44—Jarring process (Eustes 1996).
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of jars in the string after stuck pipe occurs requires backoff procedures, which entail delays and complicate the 
situation. Jars should never be considered as an all-purpose pipe-release tool, but should be used with other con-
ventional approaches. 

Washover Pipe. Wash pipe is perhaps the most widely used procedure to free severely stuck pipe. A wash 
pipe is a large-diameter, thin-walled tubular with a grinding shoe on the bottom. The shoe is used to destroy the 
bond between the pipe and the cake as the wash pipe is rotated and lowered. After a specifi c length has been 
freed in this manner, the previously stuck section can be mechanically unscrewed and retrieved. This procedure 
is repeated until the entire drill string has been recovered. 

A common occurrence when using wash pipe is that it also becomes stuck. Its large OD then prevents further 
retrieval operations. Sidetracking around the fi sh (or fi shes) is the only remaining viable option. Retrieval presents 
several problems. Because the borehole is known to have sticking tendencies, the danger of stuck wash pipe is 
especially great because of the large outer surface area of the pipe. Occasionally, it is impossible to free and 
 remove all pipe in the hole completely. When this occurs, it becomes necessary to sidetrack. 

Backoff Procedures. After the stuck point has been found, the method of recovery must be determined. Often, 
the string is broken just above the stuck point, and a jarring string is run into the hole. The backoff procedure, as 
this is called, involves unscrewing or cutting the string above the stuck point. Unscrewi ng the string is the pre-
ferred method because it leaves the string intact. Breaking the string involves explosive, chemical, or mechanical 
cutting of the metal.

To unscrew a string that is stuck, a string shot is run into the hole. A string shot is a small amount of explosive. 
The tool joint that is to be unscrewed is found using a collar locator. Then the string shot is run into the middle of 
the inside of the tool joint. The driller then applies torque and tension to the string. The amount of torque should 
be suffi cient to unscrew the string after the shot, but not before. The string shot is then exploded. The resulting 
torque in the string should unscrew the string at the explosion point. The approach is similar to hammering a re-
luctant screw. If all goes well, which it often does not, the string should come loose at that point. The string is then 
pulled out of the hole, leaving the fi sh stuck in the hole.

10.3.4 Economics of Avoiding or Fr eeing Stuck Pipe.  Previous discussions have covered various effi cient 
procedures to avoid or free stuck pipe. The economics of each option should be a primary factor when considering 
various preventive and remedial procedures. From an economic viewpoint, it is better to prevent differential stick-
ing than to be forced to use remedial measures. However, when remedial efforts are necessary, the cost of large 
volumes of spotting fl uids is small compared to rig costs. 
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The use of washover techniques should be based on economics. Drillpipe recovery “at any cost” should be re-
placed with sound economic judgment. A recent study of stuck pipe at various offshore Louisiana locations re-
vealed that an average cost of USD 393,610 was incurred to resume drilling at the original depth before sticking 
occurred. 

Some confusion exists as to which techniques are best to retrieve pipe when spotting fl uid fails. Economics are 
the controlling factor at this point, and the drilling supervisor must decide whether it is less expensive to fi sh the 
stuck pipe or simply to sidetrack and redrill the interval.

Drillstring Economics. Altering the drillstring confi guration is an easy and inexpensive technique to avoid 
stuck pipe. Minimizing the contact area between the pipe and the wellbore can be accomplished using spirally 
grooved collars and heavyweight drillpipe. Fig. 10.45 shows several example BHAs which have the same buoyed 
weight. The assemblies in Figs. 10.45b and 10.45c effectively reduce contact area without sacrifi cing available bit 
weight. 

Table 10.7 shows rental prices for various types of collars and heavyweight pipe plus the cost of each BHA 
illustrated in Fig. 10.45. Table 10.7 also shows that if USD 20,000/day is a typical rig cost (including support 
services), the cost of improved BHAs to avoid stuck pipe represents only a fraction of daily rig costs. 

Drilling fl uids play an important role in relation to stuck pipe. Water-based muds with low fi ltration properties, 
low friction coeffi cients, thin fi lter cakes, and low rates of fi lter-cake buildup can reduce the severity of sticking if 
it does occur. Table 10.8 shows the relative costs of building and maintaining muds of various densities and fi ltra-
tion rates. 

TABLE 10.7—COST COMPARISONS FOR A BHA TO MINIMIZE CONTACT AREA 

Smooth Wall Collars Spiral Collars 
Heavyweight Drillpipe 

(HWDP) 

 
Size (in.) 

Cost 
(USD/day/jt) 

 
Size (in.) 

Cost 
(USD/day/jt) 

 
Size (in.) 

Cost 
(USD/day/jt) 

31/8–41/8 8 31/8–41/8 9 3   7 
4 –5 9 4 –5 10 4   9 
5 –6 10 5 –6 11 
61/8–7 11 61/8–7 14 
71/8–8 12 

8 –10 28 
11 57 

BHA Cost Percent of Rig Cost for 20,000/day Rig 
Smooth collars (A) USD 220/day  1.10%  
Spiral collars (B) USD 308/day  1.50%  

Spiral collars with HWDP USD 413/day  2.00%  

1/2 
1/2

1/2 1/2

1/2

1/4

1/4

TABLE 10.8—COSTS FOR FRESHWATER LIGNOSULFONATE MUDS

Mud System Initial Cost/bbl Daily Maintenance Cost/bbl

Weight (lbm/gal) 6 cm3 Water Loss 2 cm3 Water Loss 6 cm3 Water Loss 2 cm3 Water Loss

10 7.31 7.67 0.72 0.9
11 7.38 7.75 0.9 1.08
12 9.65 10.1 0.96 1.14
13 12.02 12.62 1 1.18
14 14.51 15.23 1.06 1.24
15 17.1 17.95 1.13 1.31
16 19.83 20.82 1.19 1.34
17 22.72 23.86 1.25 1.34
18 25.7 26.98 1.38 1.5
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High-density muds exhibit little variation in cost because of the relative ease of decreasing the fi ltration proper-
ties of muds with high percentages of barite. Lower-density muds exhibit greater variation in the cost to reduce 
fi ltration properties, but the difference is small compared to total rig costs, as shown in Table 10.7. The cost data 
in Table 10.8 are for lignosulfonate muds. Because lime and other inhibited muds are comparable in cost and may 
provide additional protection against sticking, it would be prudent to use these types of muds if all other mud-
programming variables were equal. Oil-based muds provide maximum protection against stuck pipe. Oil-based 
mud costs (as well as environmental concerns) have historically been considered prohibitive, when in fact these 
muds may be cheaper compared with water-based muds. Oil-based and synthetic-oil-based muds are becoming 
standard in many wells to avoid hole problems. 

Problems

10.1    Calculate the hydrostatic pressure for each of the following:
 (a) 13,500 ft of 14-lbm/gal mud
 (b) 8,600 ft of 9-lbm/gal salt water
 (b) 17,000 ft of 18.5-lbm/gal mud
10.2   A well is 15,000 ft deep, true vertical depth. It contains 7,500 ft of 15-lbm/gal mud and 7,500 ft of 

16-lbm/gal mud. What are the hydrostatic pressures for each section and the total hydrostatic pressure 
at 15,000 ft?

10.3 A typical kick situation has developed the following arrangement of fl uids in the annulus:
 (a) 2,500 ft, 12-lbm/gal mud
 (b) 2,500 ft, 8.6-lbm/gal salt water
 (c) 3,500 ft, 12-lbm/gal mud
 (d) 4,000 ft, 13.1-lbm/gal mud
10.4 Using the solution from Problem 10.2, what is the equivalent mud weight at 15,000 ft?
10.5   What is the equivalent mud weight of the system from Problem 10.3 at 2,500 ft; 5,000 ft; 8,500 ft, and 

12,500 ft?
10.6  A kick situation has developed that shows 500 psi on the annulus pressure gauge. The annulus con-

tains 8,000 ft of 10-lbm/gal mud above 1,000 ft of 9-lbm/gal salt water. What is the equivalent mud 
weight at 9,000 ft?

10.7   If the active mud system of the Louisiana Producer No. 14 contains 1,260 bbl of 12.5-lbm/gal mud, 
what would be the number of 100-lbm sacks of barite necessary to increase the mud weight to 13.5 
lbm/gal? What would be the number of long tons?

10.8   In Problem 10.7, if the mud weight was increased from 17.5 lbm/gal to 18.5 lbm/gal, would the sack 
requirements be the same? If not, how much would be required in 100-lbm sacks?

10.9   The AMSCO Oil Company is drilling at 12,675 ft with 13.2-lbm/gal mud. It becomes necessary to 
increase the bottom hole hydrostatic pressure by 450 psi. What mud weight is required? If the active 
mud volume is 975 bbl, how much barite is required?

10.10  In a blowout situation, the Dry Hole Oil and Gas Co. Wildcat No. 182 must develop a hydrostatic 
pressure of 7,400 psi over a 5,000-ft interval. What is the required mud weight? Assuming a galena-
based mud is used, how many tons are required if the mud system presently contains 460 bbl of 
14-lbm/gal mud?

10.11  The mud density required to kill an underground blowout is 26 lbm/gal. A total of 500 bbl of 
18-lbm/gal mud was used as the base fl uid. How many tons of hematite would be required to weight 
the mud?

10.12  If the hydrostatic pressure must be increased by 700 psi in a well that contains 12,600 ft of 11.5-lbm/
gal mud, how much barite in 100-lbm sacks is required? If hematite were used instead of barite, how 
much would be required? The system volume is 1,200 bbl.

10.13  Calculate the pressure reduction when 450 ft of 4.5-in., 16.6-lbm/ft pipe is pulled without fi lling the 
hole. The hole diameter is 7.875 in. and 15.6-lbm/gal mud is used.

10.14  Using data from Problem 10.13, what would be the pressure reduction if 450 ft of 6-in.-OD × 2-in.-ID 
collars are pulled without fi lling the hole? Assume two cases—one in which the drillpipe is plugged 
and one in which the drillpipe is not plugged.

10.15  A well is drilled to 13,000 ft with 13.2-lbm/gal mud. The formation pressure in a gas sand at that depth 
is 8,710 psi. The intermediate casing is 43.5 lbm/ft, 9.625 in. ID set to 11,000 ft, TVD. The drillpipe 
is 4.5 in. OD, with collars of 7-in. OD with 2-in. ID. The operator requires that the hole be fi lled after 
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5 stands of drillpipe and drill collars are pulled. Will the well kick when pulling the drillpipe? Will the 
well kick when pulling the drill collars? Assume two cases—one in which the drillpipe or drill collar 
is plugged and one in which it is not plugged.

10.16  Calculate the pump strokes required to fi ll the hole in Problems 10.13, 10.14, and 10.15 for each of 
the following pumps. Assume 90% effi ciency.

 (a) 6.5-in. liner, 18-in. stroke length, duplex
 (b) 7-in. liner, 14-in. stroke length, duplex
 (c) 4-in. liner, 10-in. stroke length, duplex
 (d) 3-in. liner, 6-in. stroke length, triplex
 (e) 3-in. liner, 10-in. stroke length, triplex
 (f) 4-in. liner, 18-in. stroke length, triplex

 10.17  In an effort to measure the output of a 3-in. liner by a 10-in. stroke, triplex pump under actual condi-
tions, a 20-bbl trip tank was fi lled with mud. A total of 1,274 strokes were required to empty the tank. 
What is the pump output, volume per stroke? What is the pump effi ciency?

10.18  A drillstring contains 12,000 ft of 4.5-in., 16.6-lbm/ft drillpipe and 1,000 ft of 7-in. OD × 2.5-in. ID 
drill collars. How many strokes would be required to displace the pipe if a 4.5×10-in. triplex pump 
was used at 90% effi ciency? At 80% effi ciency?

10.19 A kick is taken on a well with the following pressures recorded:

Shut-in
(min)

SIDPP
(psi)

SICP
(psi)

Pit Gain
(bbl)

0 250 375 18

5 290 415 18

10 290 415 18

15 295 415 18

 (a) What is the true shut-in pressure to be used in mud calculation?
 (b) The drillstring contains 10,600 ft, TVD of 12.1-lbm/gal mud. What is the BHP?
10.20 Using the data given below, what is the true shut-in pressure?

Increment
Bleed Volume

(bbl)
SIDPP
(psi)

SICP
(psi)

0 - 760 1,160

1 1 700 1,100

2 1 640 1,040

3 0.5 630 1,020

4 0.5 630 1,020

5 0.5 630 1,030

6 0.5 630 1,045

10.21 Given the solution from Problem 10.20, what is the BHP for each of the following:

Well
TVD
(ft)

   Mud
(lbm/gal)

1 10,750 10.4

2 13,500 14.6

3   8,300 9.5

4 15,000 11.7

5   5,500 9.9
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10.22  After a kick is taken, bleeding procedures were implemented to check for trapped pres-
sure. Using the results given below, what is the true shut-in pressure?

Increment

Bleed 
 Volume

(bbl)
SIDPP

(psi)
SICP
(psi)

0 - 250 690

1 1 175 615

2 1 100 540

3 1   50 490

4 1   20 470

5 1    0 450

6 1    0 450

7 1    0 460

10.23  Using the solution from Problem 10.22, what is the BHP if the mud weight is 12.1 lbm/
gal and the well depth is 13,130 ft, TVD?

10.24  A kick was taken on a well in which a fl oat valve was used in the drillstring. The SIDPP 
was read as 0 psi and the SICP was 675 psi. The kill rate and associated pressure was 32 
strokes per minute (spm) and 700 psi, respectively. After implementing the procedures to 
establish the true SIDPP, the total pumping pressure was 1,150 psi. What was the true 
SIDPP?

10.25 Using the data given below, calculate the BHP of the well.
SIDPP: 0 psi (fl oat valve in the drillstring)
SICP: 400 psi
Pump data: 45 spm, 750 psi
Total pump pressure, initial: 900 psi
TVD: 11,000 ft
Mud: 12.9 lbm/gal

10.26  While drilling the Colorado Rover No. 1, a kick was shut in with an SIDPP of 400 psi and 
an SICP of 550 psi. A kill rate had not been established prior to the kick. The pumps were 
started after the well was shut in and run at 21 spm while the casing pressure was main-
tained constant at 550 psi. The total drillpipe pressure was observed to be 1,250 psi. What 
is the pumping pressure at 21 spm (assuming no kick)?

10.27  Using the same conditions from Problem 10.26, the pumps were run at 35 spm with a total 
pumping pressure of 1,500 psi. What is the kill pump pressure at 35 spm?

10.28  While killing the kick in Problem 10.26, Pump 1 washed out a valve while displacing the 
drillpipe with kill mud. The well was shut in and the pressures recorded as 175 psi SIDPP 
and 525 psi SICP. Rather than repairing Pump 1, Pump 2 was started at 45 spm while the 
casing pressure was held at 525 psi. The total drillpipe pressure at 45 spm was observed 
to be 1,475 psi. What was the kill pressure for Pump 2?

10.29  A kick occurred on a well in which the kill rate was not known and a fl oat valve was used 
in the drillstring. The SIDPP was 0 psi and the SICP was 500 psi. A low-volume pump was 
connected to the stand pipe and pressure applied. The following results were obtained. 
What was the SIDPP?

Volume Pumped
         (bbl)

  SIDPP
   (psi)

0 0

1 0

2 40

3 90

4 140

5 190
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6 210

7 215

8 215

9 220

10.30  Using the results from Problem 10.29, the rig pump was run at 25 spm with a pressure of 950 psi. The 
casing pressure was held constant throughout this procedure. What was the kill rate pressure?

10.31  What is the probable kick-infl ux fl uid using the following data? (Assume the kick fl uid is around the 
drill collars only.)

SIDPP: 400 psi
SICP: 600 psi
Pit gain: 25 bbl
Mud: 12.0 lbm/gal
Collars (OD): 6.0 in.
Hole: 9.875 in.

10.32  Using the data from Problem 10.31, what is the probable infl ux if the OMW was 17 lbm/gal?
10.33 If the following data is known, what fl uid type entered the well? (Assume no collars.)

SIDPP: 800 psi
SICP: 1,400 psi
Pit gain: 20 bbl
Mud: 15.0 lbm/gal
Pipe (OD): 3.5 in.
Hole: 6.0 in. 

10.34  Using the same data from Problem 10.33, what fl uid entered the well if the SICP was 1,100 psi?
10.35  A kick was taken on a well in which the following data was known. What was the kill mud weight?

SIDPP: 250 psi
SICP: 475 psi
Pit gain: 20 bbl
Mud: 13.4 lbm/gal
Measured depth: 12,750 ft
TVD: 12,000 ft

10.36 Calculate the kill mud weight for Problem 10.19.
10.37  If the information in Problem 10.20 is known, what must be the mud-weight increase to kill the well 

if the TVD is 12,300 ft?
10.38 Calculate the kill mud weights for the situations developed in Problems 10.20 and 10.21.
10.39 What mud-weight increase is necessary for Problem 10.22?
10.40  If the following data is known, what is the mud-weight increase necessary to balance each situation?

No.
SIDPP
  (psi)

SICP
 (psi)

Pit Gain
  (bbl)

TVD
  (ft)

1 300 500 30 14,200

2 300 4,750 108 14,200

3 450 800 18 21,630

4 300 500 unknown 14,200

5 300 unknown 35 14,200

6 unknown 500 35 14,200

7 0 500 35 14,200

10.41  A kick was taken on a well in which the following data were known. What was the kill mud weight?
SIDPP: 250 psi 
SICP: 475 psi 
Measured depth: 12,750 ft 
True vertical depth: 12,000 ft 
Mud weight: 13.4 lbm/gal
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10.42  If the following data is known, what is the mud-weight increase necessary to balance each situation?

SIDPP
(psi)

SICP
(psi)

Pit Gain
(bbl)

TVD
(ft)

a. 300 500 30 14,200

b. 300 4,750 108 14,200

c. 450 800 18 21,630

d. 300 500 unknown 14,200

e. 300 unknown 35 14,200

f. unknown 500 35 14,200

g. 0 500 35 14,200

Nomenclature
 A = hydraulically sealed area, in.2

 A
p 

=
 

cross-sectional area of the pipe, in.2

 E = modulus of elasticity
 F

applied
= applied force to the stuck drillstring, lbf

 F
tangential 

=
 

drag force needed to move up or down the hole, lbf
 g

kick
 = gradient of kick fl uid in annulus, psi/ft

 g
mud

 = mud gradient, psi/ft
 h

kick
 = height of kick fl uid in annulus, ft

 L = free pipe length, ft
 p

ann
 = annulus hydrostatic pressure, psi

 p
DP

 = drillpipe pressure, psi
 p

form
 = formation pressure, psi

 p
kick

 = kick-fl uid hydrostatic pressure, psi
 p

normal
 = pressure differential between the wellbore and the formation

 w
p
 = unit weight of the pipe, lbf/in. [2.67(OD2–ID2)]

 ΔL = stretch length, in.
 μ = coeffi cient of friction, dimensionless
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SI Metric Conversion Factors
bbl ´ 1.589 873 E – 01 = m3

ft ´ 3.048* E – 01 = m
°F ´ (°F – 32)/1.8  =  °C
gal ´ 3.785 412 E – 03 = m3

in. ´ 2.54* E + 00 = cm
in.2 ´ 6.451 6* E + 00 = cm2

lbf ´ 4.448 222 E + 00 = N
lbm ´ 4.535 924 E – 01 = kg
psi ´ 6.894 757 E + 00 = kPa
ton ´ 9.071 847  E – 01  = Mg
ton (metric) ´ 1.0* E + 00 = Mg
tonf ´ 8.896 444 E + 03 = N
tonne ´ 1.0* E + 00 = Mg

*Conversion factor is exact.
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Appendix–Proposed Standard 
Symbols for Drilling Engineering

SPE does not have a set of symbols specific to drilling engineering. The following symbols are consistent with 
SPE usage, or SPE reserve usage, and ISO usage with the following exceptions: 
 
I is used by SPE for various items, but not moment of inertia. 
u is used by SPE for velocity. 
! and " are used by SPE, but not # and $, unlikely to be confused in context. 
# and $ are used by ISO, but not consistent with this usage. 
 
Units are given as standard SI units. 
 
Because there is no standard set of symbols, symbols in the individual chapters may not follow this standard 
exactly, but each chapter will have a list of symbols to prevent confusion. 
 
A = area, m2 
Ai = internal cross-sectional area of the pipe, m2 
Ao  = external cross-sectional area of the pipe, m2  
Ap = cross-sectional area of the pipe, m2 
Aw  = cross-sectional area of the wellbore, m2  
b  = t n! , the unit binormal vector of the wellbore trajectory 
c = compressibility, PaÐ 1 

cp = heat capacity at constant pressure, J/kg-K 
cv 

 = heat capacity at constant volume, J/kg-K 
d = diameter, m 
di

 = inside diameter, m 

od  = outside diameter, m 

wd  = wellbore diameter, m 
Dh = hydraulic diameter, m 
E = YoungÕ s elastic modulus, Pa 
E = energy, J 
f = fraction 
fD = Darcy friction factor 
fF = Fanning friction factor 
F
!

 = force, N 
Fa  = axial force, N  
Fe = Ò effectiveÓ  force, stae FFF += , N 

stF  = stream thrust force, Avp )( 2!+ , N  

g  = acceleration of gravity, m/s2 
G = shear modulus, Pa 
h = specific enthalpy, J/kg 
h = height, thickness, m 
I = moment of inertia (may be tensor), m4 
J = polar moment of inertia, m4 
K = bulk modulus, Pa 
K = consistency index, pseudoplastic fluid, Pa-sn 
L = distance or length, m 

fL  = fracture half-length, m 
m = mass, kg 
m!  = mass flow rate, kg/s 
m!   = applied moment load vector, N-m/m 

! !!
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WM  = molecular weight 
M   = moment vector, N-m 
Mb = bending moment, N-m 

tM  = axial torque, N-m 
n = flow behavior index, pseudoplastic fluid 
n  = unit normal vector of the wellbore trajectory 
NHe = Hedstrom number 
NNu = Nusselt number 
NRe = Reynolds number 

breakp  = breakdown pressure in extended leakoff test, Pa 

closurep   =  closure pressure in extended leakoff test, Pa 

ip   =  fluid pressure internal to the pipe, Pa 

op  =  fluid pressure external to the pipe, Pa 

porep  = pore pressure, Pa 

reopenp   =  reopening pressure in extended leakoff test, Pa 
q = heat flow rate, W 
q = flow rate, m3/s 
R = radius of curvature, m 
R = ideal gas constant, Pa-m3-K/kg 
rc = radial clearance, m 
Hr  = hydraulic radius, m 

ir  = inside radius of pipe, m 

or  = outside radius of pipe, m 

wr  = wellbore radius, m 
s = measured depth, m 
s = specific entropy, J/kg-K 
t = time, s 
t  = unit tangent vector to the wellbore trajectory 

T = temperature, K 
u  = displacement, m  
ud   = total drillstring displacement, m 
uw  = wellbore trajectory, m 
U = energy, J 
bU  = bending energy, J 

v = velocity, m/s 
iv  = fluid velocity internal to the pipe, m/s 

ov  = fluid velocity external to the pipe, m/s 

pv  = compressional wave velocity, m/s 

sv  = shear wave velocity, m/s 
V = volume, m3 
w   = total load per unit length applied to the pipe, N/m  
wbp  = buoyant weight per unit length of the pipe, N/m 
wc   = contact force between the pipe and the wellbore, N/m  
wd   = friction drag force tangent to the wellbore, N/m 

efw  = load on the pipe due to external flow, N/m  

efww  = load on the wellbore due to fluid flow, N/m 

ifw   = load on the pipe due to internal flow, N/m  
w p  = weight per unit length of the pipe in air, N/m 
W = work, J 
y = holdup  

!

!

!

!
!
!

!
!
!
!
!
!
!
!
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z = true vertical depth, m 
z = gas compressibility factor 
% = coefficient of thermal expansion, KÐ 1 
& = buoyancy factor 
&H = angle from North to maximum horizontal stress 
' = shear strain 
' = specific gravity 
!!  = shear rate, sÐ 1 

(, ! = decrement 
) = normal strain, strain 
r!  = radial strain 

z!  = axial strain 
, h!" "  = hoop strain 

*  = curvature = 1/R, mÐ 1 
+ = thermal conductivity, W/m-K 
µ = viscosity, Pa-s 
aµ  = apparent viscosity, Pa-s 

fµ  = Coulomb friction coefficient  

pµ  = plastic viscosity, Pa-s 
,i   = internal fluid density, kg/m3 
,o   = external fluid density, kg/m3 
# = inclination angle 
! = porosity 
$ = azimuth angle  
- = stress, Pa 
-. = effective stress, Pa 
-h = minimum horizontal formation stress, Pa 
-H = maximum horizontal formation stress, Pa 
n!  = normal stress, Pa 

r!  = radial stress, Pa 
-t = tensile strength of rock, Pa 
ult!  = ultimate strength, Pa 

-v = overburden (vertical formation) stress, Pa 

Y!  = yield stress, Pa 

z!  = axial stress, Pa 

!"  = hoop stress, Pa 
/ = shear stress, Pa 
/c = cohesion of the formation, Pa 
y!  = yield point, Pa 
" = borehole circumferential angle 
" = soil angle of internal friction 
0 = PoissonÕ s ratio 
1 = angular frequency, sÐ 1 
 
Special Cement Chemistry Notation 
C3S = tricalcium silicate 3CaO•SiO2 
C2S = dicalcium silicate 2CaO•SiO2 
C3A = tricalcium aluminate 3CaO•Al2O3 
C4AF = tetracalcium aluminoferrite 4CaO•Al2O3•Fe2O3 
CH = calcium hydroxide Ca(OH)2 
C-S-H   = variable composition of CaO•SiO2•H2O 

2HSC  = calcium sulfate dihydrate (gypsum) CaSO4•2H2O 
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C2AH8  = 2CaO•Al2O3•8H2O   
C3AH6  = hydrogarnet 3CaO•Al2O3 •6H2O   
C4AH19 = 4CaO•Al2O3•19H2O   

3236 HSAC  = ettringite 6CaO•Al2O3•3SO3•32H2O       

124 HSAC  =   monosulfate or monosulfoaluminate 4CaO•Al2O3•SO3•12H2O  

2/1HSC      = calcium sulfate hemihydrate (plaster or bassanite) 

SC-!    = anhydrous calcium sulfate (soluble anhydrite) 
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A
actual (true) axial stress, 599
aluminum drillpipe (ADP), 596
analytical 3D model

3D deflection model, 512–513
inclination angle, 512, 514–515
MM ‘K cross section, 512, 514
overall angle change, 515
tool-face plane, 512, 514
trigonometric functions, 516

apparent viscosity, 206
average-angle method (AAM), 465–466

B
barite, 154
bending-stress ratio (BSR), 615–616
bentonite, 153
BHA. See bottomhole assembly
Bingham plastic fluids

frictional pressure drop, eccentric annulus, 265
pipe flow

field units, 233
flow rate, 232–233
fluid velocity, 232
plug region, 231–232
shear rate, 233–234
shear stress, 231–232

rheological models, 207, 210
slot flow

flow rate, 231
plug region, 230
shear stress, 229–230
velocity, 230

bioremediation, 132–133
blowout preventers (BOP), 32
borehole stability analysis

borehole collapse, 78–80
inclined wells

failure analysis, 75
in-situ stresses, 74–75
Kirsch equations, 73–74

principal borehole stresses, 76–77
vertical wells

borehole pressure, 62–63
breakout analysis, 66
caliper logs, 71
circulation loss, 55
classical mechanics approach, 61–62
collapse failure, 66–67
equivalent density, 56
fracture gradients, 63–64
fracture mechanics approach, 61
gradient equation, 56
hole enlargement/collapse, 55
in-situ stresses, 57
LOT, 63–64
mechanical borehole collapse, 55
Mohr-Coulomb shear model (see Mohr-Coulomb 

shear model)
mud losses, 62
optimal mud weight, 64–65
pore pressures, 58–59
radial, tangential and axial stress, 61–62
shear failure, 66, 68
stress concentration factor, 61
unplanned time spent, 56–57
water-based vs. oil-based drilling fluids, 73

bottomhole assembly (BHA)
bit-displacement direction, 486
curved wellbore, constant curvature, 488
dimensionless boundary conditions, 485
dimensionless governing differential equation, 489
drill collars, 585–586
drilling anisotropy index, 481, 483
drilling, dipping formations, 481–482
drillpipes, 31
drillstring, 479
elastic line, drill collars, 483–484, 489
equilibrium configuration, 480
face- and side-cutting abilities, 483
instantaneous bit displacement, 486–487
isotropic drilling conditions, 481
Lubinski’s equation, 484
magnetic instruments, 450
parameters, 479
resultant force angle, 486
rotary-steerable system, 479, 481
scaling factors, 485, 489–490
shearing force, 484
side force, 485–486
slick assembly, inclined hole, 480, 482
S-U system of coordinates, 488
tangency point, 480
tilt angle, 485

breakout analysis, 66
Buckingham Pi theorem, 246
buoyancy factor (BF), 425

C
calcium aluminate cements, 148
calcium chloride, 154
cam-actuated drill-ahead (CADA) tool, 40–41
carbon steels, 387
casing axial forces

balance, 422–423
buoyancy factor, 425
exterior fluid, 422
internal flow force balance, 422–423
pressure force, area change, 424

casing design
casing program, 385–386
casing-program selection

axial forces, 422–425
casing-setting depths, 418–419
combination string, 418
intermediate casing, 428–429
production casing, 429–430
size, casing strings, 420–421
surface casing, 425–428
weight, grade, and couplings, 421–422

computer-based design
initial condition, 434–435
load case, 435
optimization capability, 436
safety and utilization factor, 435
spreadsheets and programs, 434

conductor casing, 385
connections

API and ISO, 407
buttress threads, 409–410
collapse, 417
connection joint strength, 414–415, 417
internal pressure resistance (see internal 

pressure resistance)
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makeup, 413
non-API/ISO, 410–412
performance plot, 417–418
round threads, 408–410
thread compounds, 412–413
threaded and coupled/integral-joint, 407
XC threads, 410

corrosion
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SSC, 405–406
stainless and nickel-based steels, 407
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manufacture, 387–388
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casing tension strength, 398
collapse resistance, 400–403
deterministic approach, 397
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proprietary methods, 398
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probabilistic reliability, 433–434
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special considerations
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cementing, 441
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standardization

chemical requirements, 388–390
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squeeze cementing, 166, 168–169
stage cementing, 162–163
WOC times, 171–172

Portland cement composition, 140–141
standard and nonstandard drilling cements

API Spec. 10A, 145
classes and grades, 145–146
construction industry cement designations, 145, 147
nonstandard cements, 145, 147–149
normal water content of cement, 145, 147

well parameters
depth, 173
formation chemical characteristics, 174
formation permeability, 175
formation pressures, 174
temperatures, 174
wellbore geometry and drilling-fluid removal, 174

cement retarders, 156, 158
Charpy impact energy, 394–395
Charpy toughness. See Charpy impact energy
clay types

activity levels, 96
attapulgite, 97–99
bentonite/gel, 96
montmorillonite, 96–97, 99
sodium montmorillonite, 97–98
subbentonite, 96

Colebrook function, 248
collapse resistance

casing, combined loading, 402
collapse modes, 400
elastic-collapse pressure formula, 402
factors, yield strength, 400–401
high-collapse tubulars, 403
plastic-collapse pressure formula, 401
transition-collapse pressure formula, 401–402
yield-strength collapse-pressure formula, 401

combined stresses
axial and radial stresses, 395
bending stress, 395–396
effective tension, 396
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failure criteria, 396–397
hoop/circumferential direction, 395
Huber-von Mises-Hencky theory, 396
loading condition, 395
pipe, 395–396

complex-tangent build curve, 463–464
consistency index, 212–213
constant build and turn rate method (CBTM), 471
constant curvature and build rate method (CCBM), 472–473
constant tool-face method. See constant curvature and build 

rate method
corrosion-resistant alloys (CRAs), 388, 406–407
cutter wear

bit weight, 343–344
hydraulics, 344–345
PDC cutters

bit whirl and full-contact gauge ring, 347
blank geometry, 345–346
chipping and fracture resistance, 346
contact area, 346
critical cutter temperature, 348
dynamic loading, 345
failure modes, 346
fractional tooth wear, 345
ring PDC bit, 347
stable and unstable PDC, 347
steady-state wear, 345
wear-flat temperature, 348

rotary speed, 344
tooth height, 342–343
wear equation

fixed-cutter bits, 350
roller-cone bits, 348–349

cuttings transport
annular clearance, 294
cuttings size, 292–293
density, 290
deviated wells

flow patterns, 288–289
flow rates, 280
inclined wellbores, 279
new experimental data, 287–288

eccentricity, 292
field application, 295
flow rate, 289–290
hole inclination, 290
mechanistic modeling, 294–295
mud type, 293
particle slip velocity

Bingham fluid, 283
friction factor, 281
non-Newtonian fluids, 283
Reynolds number, 281
sphericity, 281
stagnant fluid, 280
Stokes drag, 280

pipe rotation, 290–291
rheology, 291–292
solids volumetric concentration, 293
vertical wells

cross-sectional geometry, 283–284
cuttings concentration, 285–286
drilling-fluid carrying capacity, 279
flow conditions, 284
transport efficiency, 279

D
Darcy friction factor, 196
Darcy-Weisbach friction factor, 250
directional drilling

deviation control

BHA mechanics (see bottomhole assembly)
downhole drilling motors (see downhole drilling motors)
RSSs, 507–509
stabilizers (see stabilizers, hole deviation control)
steerable motors, 505–507
whipstocks and jetting techniques, 477–479

directional-well trajectory design
applications, 450
build rate, 451
definition and development, 449
directional cosines, 454
directional-well profiles, 458–464
drop rate, 453
3D wellbore trajectory, 451, 454
ERW and ERD, 449
geosteering methods, 449–450
hole inclination and azimuth angles, 450–451
horizontal turn rate, 453
inclination and direction angle, 450
KOP, 451
measured depth (MD), 450
multilateral completion, 449–450
plane and side view, 451–452
surveying instruments, 450
target-point coordinates, 455
three-dimensional well profiles (see three-dimensional 

well profiles)
three segments wellbore, 451, 453
turn rate, 453
TVD, 450
vertical and horizontal planes, 455–456
wellbore curvature and dogleg severity, 457–458

method of vectors
3D well path, 523–525
Frenet-Serret equations, 522–523
minimum-curvature trajectory, 535–536
survey station interpolation, 532
well trajectory, survey data, 526–531

tool-deflection orientation
analytical 3D model, 512–516
constant- and minimum-curvature well profiles, 517
3D trajectory control, 511–512
face angle, curvature, and build and turn rates, 517

torque and drag modeling
buckling consideration, 554
conventional rotary drilling, 538
drag-force calculations, 568–571
drag forces, 539
effective/buoyant weight, 538
equilibrium equations in 3D, 557–559
force and moment equilibrium formulation, 563–565
inclined wellbore, pipe, 559–563
pipe rotation, 551–553
soft-string model (see soft-string model)
stiff-string model, 574–576
straight inclined wellbore (see straight inclined wellbore)
torque (moment), 539
tortuosity effect, 555–556
vertical drilling, 538
WOB, 538

directional-well profiles
continuous-build trajectory, 459
2D wellbore trajectories, 458
2D wells, 458
horizontal well profiles, 462–464
ideal slant-type well profile, 459–460
slant well, 458
S-shaped pattern, 458–459
two phases, 458

dogleg rate, 457
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dogleg severity (DLS)
bending effect, 403
bending stress, 605
wellbore curvature, 457–458

downhole drilling motors
bit rotary speed, 503
connecting-rod assembly, 503–504
different lobe patterns, 503–504
drilling-fluid flow, 501–502
eccentricity, 505
flow area, 505
motor hydraulic horsepower, 504
PDM, 503–504
PDM performance characteristic curve, 505
power, 502
rotary torque, 504
specific displacement per revolution, 505
torque, 502, 505
turbine performance characteristic, 501, 503
turbine single stage, 501–502
turbodrill, 501

drag-force calculations
constant tool-face trajectory, 571
minimum-curvature well path, 568–569

drill collar buckling
axial force, 589
bending coefficients, 591–592
borehole wall, 591–592
coefficients, 590–591
Euler equation, 589
first- and second-order, 590
helical buckling phenomenon, 595
inclined hole, 594
resultant bit force, 590
side force, 590
tilt angle, 590
vertical hole, 589
WOB, 590

drilling-fluid-handling equipment
decanting centrifuge, 27–28
hydrocyclone, 26–27
mud pits, 25
sand trap, 26
shale shaker, 26
vacuum-chamber degasser, 28–29

drilling fluids
additives, 94–95
buoyancy, 90
clay chemistry

clay types (see clay types)
particle sizes, 95–97

continuous-phase classification
OBF, 92–93
pneumatic drilling fluids, 93–94
silicate-based drilling fluids, 94
water-based fluids, 91–92

control subsurface pressure, 89–90
cuttings transport, 89
fluid-loss control, 89
health, safety, and environmental considerations

bioremediation, 132–133
contamination sources, 130
encapsulation, 132
environmental protection, 130
personal protective equipment, 130
treatment and disposal, drilled cuttings, 131–132
waste management, 131
waste-stream reduction, 130–131
zero-tolerance policy, 130

history, 87–88
hydraulic horsepower transmission, 90

lubrication and cooling, 89
LWD tool, 90
mud viscosity estimation, 107–109
mud weight calculation

brine density, 102, 104
specific gravities, drilling-fluid solids, 100
water and oil densities, 100–103

OBF, 88
physicochemical functions, 89
solids-control

centrifuge, 129–130
formation cuttings, 125
hydrocyclones, 124–128
settling pit, 125
shale shakers, 125–127
solids-particle sizes, 124, 126
solids-removal system, 124–125

testing
acidity and alkalinity, 120
acids, bases, and salts, 119–120
alkalinity and lime content, 122–123
API filter press—static filtration, 117–120
apparent viscosity, 114
buffer solutions, 120–121
calcium concentration, 124
chlorine concentration, 123–124
concentration of solutions, 121
density, 110
effective viscosity, 114
electrolytes, 121
gel strength, 115
hydrogen-ion concentration, 123
lubricity testing, 115–116
physical and chemical properties, 110
plastic viscosity, 113–114
solid-content analysis, 123
titration, 121
viscosity, 111–113
water-based mud, 110
yield point, 113–114

drilling hydraulics
cuttings transport

annular clearance, 294
cuttings size, 292–293
density, 290
deviated wells, 279–280, 287–289
eccentricity, 292
field application, 295
flow rate, 289–290
hole inclination, 290
mechanistic modeling, 294–295
mud type, 293
particle slip velocity, 280–283
pipe rotation, 290–291
rheology, 291–292
solids volumetric concentration, 293
vertical wells, 279, 283–287

dynamic surge and swab pressures
axial drillstring elasticity, 273
balance of mass, 275–276
balance of momentum, 276
borehole expansion, 276
longitudinal elasticity, 273
low-clearance liner annulus, 274–275
normalized transient pressures, 273–274
solution method–fluid dynamics, 276–278
transient swab/surge pressure, 273–274
trip-in velocity profile, 273–274

frictional pressure drop, eccentric annulus
Bingham plastic and Herschel-Bulkley models, 265
correction factor, 260–261
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Newtonian fluid model, 261
with pipe movement, 265–267
power-law model, 262–264

hydrostatic pressure calculations
complex fluid columns, 185–186
compressible fluids, 182–183
entrained solids and gases, 189–190, 192
equivalent density concept, 187–189
forces, fluid element, 180
incompressible fluids, 181–182
SI units, 181
subsurface well pressures, 180
well deviation, 192

laminar flow, pipes and annuli
annulus as slot, 221–223
Bingham plastic model (see Bingham plastic fluids)
cylindrical pipe flow, 219–221
Herschel-Bulkley fluids (see Herschel-Bulkley fluids)
Newtonian fluid model (see Newtonian fluid models)
power-law model, 236–239
pump rate, 218
PWD tools, 219

rheological models
advanced models, 217–218
Bingham plastic fluids, 207, 210
Casson fluids, 215–216
Herschel-Bulkley fluids, 213–215
laminar flow, Newtonian fluids, 206
Newtonian fluid model, 208–210
non-Newtonian fluids, 207–208
power-law fluids, 211–212
pseudoplastic/yield-pseudoplastic, 207
Robertson-Stiff fluids, 216–217
shear stress vs. rate, 206–207
shear stress vs. time, 207–208
viscous forces, 206
yield stress, 207–208

steady flow
bit hydraulic impact force, 202–203
bit hydraulic power, 202
energy balance, 197–198
flow through jet bits, 199–201
frictional forces, 194
jet bit nozzle size selection, 203–206
mass balance, 194–195
momentum balance, 195–196

steady-state pressures
surge pressure prediction (see surge pressure prediction)
wellbore pressure circulation, 267–269

turbulent flow, pipes and annuli
Newtonian fluid models (see Newtonian fluid models)
non-Newtonian fluid models, 251–255
recommended friction models (see recommended 

friction models)
wellbore pressure, 179

drillstring design
BHA, 585–586
BSR, 616
drill collars

buckling, 589–592
manufacture, 586
physical properties, 586, 588
size and length, 586–589
spiral grooves, 586
string, 586
unit weights, 586–587

drilling fluid, 585
drillpipe and tool joints

API numbered connections, 599
axial tension/compression stresses, 599
bending stress, 604–605

dimensional data, 596–597
double-shoulder connection, 599
intelligent/telemetry drillpipe, 599
IU, EU, and IEU, 596
minimum performance properties, 596, 598
minimum tensile yield strength, 596–597
pressure-induced stresses, 609–610
rotary-shouldered connection, 597–598
torsional stresses, 603–604

interactive approach, 615
load capacity, drillpipe, 610–611
tapered drillstring, 617
WOB, 585

3D well path
unit binormal vector, 524–525
unit normal vector, 524
unit tangent vector, 523–524
wellbore curvature, 524
wellbore torsion, 525

E
effective tensile (compressive) stress, 601–602
effective tension, 588
effective tensional stress, 608
elastic limit/yield point, 393
electric-resistance-welding (ERW) process, 387
empirical correlations

drillability correlations, 80–81
fracture pressure correlations, 81–82
pore-pressure correlations, 82

endurance limit, 607
equivalent centipoise, 212, 214, 217
Euler equation, 589
expanding cements, 148
extended-reach drilling (ERD), 449
extended-reach wells (ERWs), 449
Extreme line and couplings (XCs) threads, 410

F
Fanning equation, 248–249
Fanning friction factor, 248
filtration-control additives, 159
fixed-cutter bits

diamond bits
abrasive formations, 315
matrix body, 315–316
oilwell drilling, 312
partial encapsulation, 316
profile, crown, 316
scraping/cutting surface, 312–313

fish tail/drag bits, 311–312
IADC bit-classification system

bicenter bit, 330
bit’s cross-sectional profile, 329
cutter/bottomhole pattern, 329
cutter size and density, 330–331
double-cone profile, 330
four-character coding system, 328
hydraulic design, 330
primary cutter type and body material, 328–329

impregnated bit, 314–316
PDC bits

cutter design and manufacturing, 325
design principles, 322–324
dual-diameter bit, 314–315
matrix, 324–325
rock-shearing action, 312
scraping/cutting surface, 312–313
shape, 324

rock-failure mechanism
angle of internal friction, 341
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axial force, 338
compressive and confining stress, 339
force-balance equation, 340
helix angle, 338
Mohr criterion, 339–340
self-sharpening effect, 338
unit area, 339–340

ROP, 362–363
TSP bits, 312
wear equation, 350

flow behavior index, 212–213
fluid acceleration, 196
foamed cement, 152
fracture mud weight, 636
free-body diagram (FBD), 539–540

G
gas kick, 636
gauge pressure, 181
geomechanics, drilling

borehole stability analysis (see borehole stability analysis)
empirical correlations, 80–82

gypsum, 156
gypsum cements, 147–148

H
health, safety, and environment (HSE) policy, 5
helitransportable rigs, 7
hematite, 153–154
Herschel-Bulkley fluids

frictional pressure drop, eccentric annulus, 265
pipe flow, 243–245
rheological models

consistency index, 213–214
flow behavior index, 213
hydraulic computation model, 215
rotational viscometer, 215
shear stress vs. rate, 213
yield stress, 213

slot flow
flow rate, 243
shear stress, 240–242
velocity, 241–242

hoisting system
block and tackle

derrick and substructure, 22
drilling line, 20–21
efficiency factors, 20
mechanical advantage, 18–19
nominal breaking strength, wire rope, 21
schematic diagram, 18–19

drawworks, 18–19
Huber-von Mises-Hencky theory, 396
hybrid bits, 316
hydraulic diameter, 250
hydrazine, 159
hydrostatic pressure calculations

complex fluid columns, 185–186
compressible fluids, 182–183
entrained solids and gases, 189–190, 192
equivalent density concept, 187–189
forces, fluid element, 180
incompressible fluids, 181–182
SI units, 181
subsurface well pressures, 180
well deviation, 192

I
IADC bit-classification system

fixed-cutter bits
bicenter bit, 330

bit’s cross-sectional profile, 329
cutter/bottomhole pattern, 329
cutter size and density, 330–331
double-cone profile, 330
four-character coding system, 328
hydraulic design, 330
primary cutter type and body material, 328–329

roller-cone bits, 326–327
IADC bit dull-grading system

bearings and seals, 333–335
cutting structure

dull characteristics, 332–333
dull location, 333–334
PDC and surface-set diamond bits, 332–333
roller-cone-bit, 332
subcategories, 331

gauge, 334–335
remarks category, 335–336

ideal build curve, 462
inclined wellbore, pipe

rotating pipe
bit walk, 563
distributed external moment, 563
drag force, 561
effective axial (tangential) force, 563
FBD, 561–562
magnitude, 562
moment, 563
pipe position angle, 562
pipe radius vector, 563
scalar components, 561–562
unit contact-force direction angle, 562

sliding mode, 559–561
straight segment, 3D wellbore, 559
unit binormal and tangent vector, 559

internal pressure resistance
API burst calculation, 399
Barlow equation, 398–399
butress casing thread dimensions, 413, 416
casing long-thread dimensions, 413, 415
casing short-thread dimensions, 413–414
coupling internal yield pressure, 413
crack propagation, 399
diameter, coupling thread, 413
ductile rupture, 399–400
external-upset tubing thread dimensions, 413, 417
Lamé formula, 398
non-upset tubing thread dimensions, 413, 416
von Mises yield theory, 399

International Association of Drilling Contractors (IADC), 325

J
jarring string, 666–668
jet bit nozzle size selection

maximum bit hydraulic horsepower, 203–205
maximum jet impact force, 205–206
maximum nozzle velocity, 203

joint operating agreement (JOA), 5

K
kelly, 585
kickoff point (KOP), 451

L
Lamé equations, 395
latex cement, 149
leakoff test (LOT), 63–64
logging-while-drilling (LWD) tool, 90
loss of stability, 437
lost circulation

caverns, 626–627



693Subject Index

diagnosis, 627–629
induced fractures, 626
natural fractures, 625–626
permeable zones, 625–626
prevention

casing setting depth, 627
ECD, 627
mud system, 627

shallow formations, 631
solid LCM

classification, 629
fracture sizes, 629–630
hard plugs, 630–631
slurries and plugs, 630
soft plugs, 630
strength-enhancing chemicals, 631
types, 629–630

whole mud/cement slurry loss, 625
lost-circulation additives, 158–159
Lubinski’s equation, 484

M
macrotortuosity, 555
margin of overpull (MOP), 618
maximum-distortion-energy theory. See Huber-von Mises-

Hencky theory
maximum permissible hole curvature, 608
mechanical energy balance equation, 198
mechanical specific energy (MSE), 365–366
mechanistic modeling, 283, 294–295
microfine cements, 148
microspheres, 152
microtortuosity, 555
minimum-curvature/circular-arc method (MCM), 469–470
minimum-curvature trajectory, 574–576
modified thread compound, 412
Mohr-Coulomb shear model

critical collapse pressure, 67–68
failure line, 67–68
fracture angle, 68–69
Leuders limestone, 67–68
material properties, 68
mechanical wellbore collapse, 68

Moody friction factor, 250
mud-clinging constant, 266

N
necking, 393
Newtonian fluid models

frictional pressure drop, eccentric annulus, 261
laminar flow

annular flow, 224–225
pipe flow, 223–224
shear stress, 223
slot flow, 228–229

rheological models
pressure-velocity relationship, 209
shear stress and rate, 208–209
turbulent flow, 209–210
viscosity, 208

turbulent flow
absolute pipe roughness, 248–249
Buckingham Pi theorem, 246
Colebrook function, 248
Darcy-Weisbach friction factor, 250
drillpipe diameter, 250
Fanning equation, 248–249
friction factor, 247–248
kinetic energy, 247–248
Moody friction factor, 250
primary units, 246

rotary-drilling situations, 247
shear stress, 247
Stanton chart, 248–249

non-Newtonian fluid models
Bingham plastic model

pipe flow, 231–234
slot flow, 229–231

power-law model
flow rate, 238–239
shear rate, 239
shear stress, 236–237
velocity, 237–238

rheological models, 207–208
turbulent flow

Bingham plastic model, 251
Herschel-Bulkley model, 255
power-law model, 252–253

nylon, 159

O
oil-based fluids (OBF), 88
oil country tubular goods (OCTGs), 385, 395
overkill, 652

P
paraformaldehyde and sodium chromate, 159
parasitic pressure loss, 204
percent mix, 150
pipe sticking

backoff procedures, 669
blowout sticking, 658
cemented sticking, 658
depth intervals, 659
differential-pressure sticking, 656–657
fishing, 656
freeing stuck pipe, 669–671
hole bridging/caving, 659–660
hydrostatic pressure reduction, 665–667
inadequate-hole-cleaning sticking, 658
keyseat sticking, 658
low-water-loss muds, 660–661
mechanical methods

accelerator, 668
bumper sub, 668
drilling and fishing jars, 667
hydraulic jars, 668
jarring string, 666–668
mechanical jars, 668

mechanical sticking, 658–659
mud friction coefficient, 661
mud sticking, 658
sand sticking, 658
sloughing-hole sticking, 657–658
spotting fluids, 664–666
stuck section detection, 661–663
time factor, 659
torque and drag, 659
undergauge hole sticking, 657
walnut hulls, 661
washover pipe, 669

plastic-state shrinkage, 160
plastic viscosity, 210, 215
point-the-bit system, 508–509
polycrystalline-diamond-compact (PDC) bits

cutter design and manufacturing, 325
design principles, 322–324
dual-diameter bit, 314–315
matrix, 324–325
rock-shearing action, 312
scraping/cutting surface, 312–313
shape, 324
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positive-displacement motor (PDM), 503–504
power-law fluids

frictional pressure drop, eccentric annulus, 262–264
laminar flow

flow rate, 238–239
shear rate, 239
shear stress, 236–237
velocity, 237–238

rheological models, 211–212
pozzolan-Portland cements, 147
pozzolans, 152
pressure-induced stresses, 609–610
pressure-while-drilling (PWD) tools, 219
progressive-cavity motors/helimotors. See positive-

displacement motor
push-the-bit RSS, 508–509

R
radioactive tracers, 159
radius-of-curvature method (RCM), 467–469
Ragland method, 511–512
rate of penetration (ROP)

bit hydraulics, 357–358
bit tooth wear, 356–357
bit type, 352
drilling-fluid properties, 353–354
fixed-cutter bits, 362–363
formation characteristics, 352–353
operating conditions, 355–356
roller-cone bits

bit footage, 361
Bourgoyne-Young drilling model, 359–360
composite drilling variable, 361
curve-fitting techniques, 359
final tooth wear, 361–632
penetration-rate equations, 358

recommended friction models
Bingham plastic fluids, 256–258
Newtonian fluids, 255–256
power law fluids, 258–259
yield power law fluids, 259–260

recommended makeup torque, 613
resin and plastic cements, 149
roller-cone bits

bearing wear, 350–351
components

cone-cleaning-nozzle systems, 320–321
cone offset, 319
cone skidding, 319–320
grinding/crushing zone, 320
inserts, 320–321
journal angles, 319
journal-bearing system, 318
skidding/gouging action, 319

cone offset, 313
cutting-structure geometry, 313
design principles, 317–318
historical development, 311–312
IADC bit-classification system, 326–327
journal angle, 314
milled-tooth/insert bits, 312
monocone bits, 320–322
rock-failure mechanism

crater mechanism, 336–337
insert bits, 336
pseudoplastic craters, 338
rock fractures, 337
threshold force, 338

ROP
bit footage, 361
Bourgoyne-Young drilling model, 359–360

composite drilling variable, 361
curve-fitting techniques, 359
final tooth wear, 361–632
penetration-rate equations, 358

soft- and hard-formation bits, 313–314
two-cone bits, 320–322
wear equation, 348–349

rotary closed-loop steerable-tool (RCLS) system, 508–509
rotary drilling, 7–8

BHA, 31
bits (see rotary drilling bits)
cable drilling tools, 2–4
cable-tool rig, 2–3
circulating system

centrifugal pumps, 25
drilling-fluid-handling equipment (see drilling-fluid-

handling equipment)
drilling-fluid path, 23
duplex double-acting pump, 23–24
duplex pump factor, 24
mud pumps, 23
pulsation dampeners, 25
pump suction design, 24–25
triplex single-acting pump, 24
wellbore, pressure, 28

development, 2–3, 5
drilling cost analysis

authorization, expenditure, 41, 45–46
casing, 45
learning curve, 42
time distribution, deepwater well, 46–47

drilling rig organization, 6–7
drillstring stabilizer, 31–32
hoisting system (see hoisting system)
HSE policy, 5
JOA, 5
land rigs

cantilever derrick, 9
mobile rigs, 7, 9
rig specification sheet, 9–11

Lucas spindletop well, 2, 4
marine drilling

CADA tool, 40–41
dynamic positioning system, 36–38
heave compensators, 38
MLH mud line suspension system, 38–39
mooring system, 36
pneumatic tensioning system, 37
SS10 subsea system, 39–40
thruster, 36–37

marine rigs
anchored drillship, 14–15
compliant towers, 12
deepwater rigs, 15–16
dynamic positioning system, 14
fixed-platform structure, 12–13
jackup rig, 12–13
semisubmersible drilling unit, 14
spar platform, 15
submersible offshore drilling barges, 10, 12
TLP, 15

offshore operations, 6
oil well, 1
operational standards, 6
rig classification, 7–8
rig power system, 16–17
rotary swivel, 29–30
rudimentary hand tools, 1
steam engine, 2, 4
topdrive, 29–30
well classification, 5
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well construction, 16
well-control system

annular preventer, 33–34
blind rams, 32
blowout, 32
BOP, 32–34
double ram preventer, 32–33
kick, 31
kill line, 33

well-monitoring system, 35–36
wildcat, 5

rotary drilling bits
bit-operation practices

BHA optimization, 368
drilloff tests, 368–369
WOB and rotation-speed optimization, 371–372, 376

economics
bit run termination, 366
bit selection, 364
break-even analysis, 365
cost calculations, 363
cost-per-foot calculation, 364
MSE, 365–366
run-cycle speed, 365

fixed-cutter bits (see fixed-cutter bits)
hybrid bits, 316
IADC bit dull-grading system (see IADC bit dull-grading 

system)
roller-cone bits (see roller-cone bits)
ROP

bit hydraulics, 357–358
bit tooth wear, 356–357
bit type, 352
drilling-fluid properties, 353–354
formation characteristics, 352–353
operating conditions, 355–356

wear mechanism
bearing wear, 350–351
cutter wear (see cutter wear)

rotary-steerable systems (RSSs), 507–509

S
shear failure, 66
shear stress

laminar flow, pipes and annuli
annulus as slot, 221–223
cylindrical pipe flow, 219–221

vs. rate, 206–207
vs. time, 207–208

silica flour, 159
silicone thread compound, 412
simple-tangent build curve, 463
slip crushing, 614
sodium chloride, 156
sodium montmorillonite, 97
sodium silicates, 152
soft-string model

sliding-pipe model
boundary condition, 566
free-body diagram, 565
governing differential equation, 568
tripping operations, 565–566
unit contact force and direction angle, 566

torque calculations, 572–574
Sorel cement, 149
stability neutral point, 437
stabilizers, hole deviation control

adjustable-diameter (gauge) stabilizer, 491–492
BHA mechanics, curved wellbore

boundary-value problem, 498
fulcrum effect, 497
pendulum assemblies, 497

BHA mechanics, inclined hole
boundary conditions, 494–496
contact point, 497
dimensionless distance, 496
equilibrium configurations, 494
fulcrum and pendulum effect, 493
point stabilizer, 493
scaling parameters, 494
schematic diagram, 493
tilt angle, 496

communication, 491
complex BHA

build assembly, 499–500
building and dropping tendencies control, 500–501
continuous stabilization, 501
fixed rotary BHA, 500
hold-angle assembly, 499–500
pendulum/drop assembly, 499–500

primary purpose, 491
spiral drill collars, 493
types of, 491–492

Stanton chart, 248–249
steerable motors

actual field performance, 507
bent-housing motor, 506
bent sub, 505–506
definition, 506–507
disadvantages, 507
500-ft wellbore section, slide-rotate sequence, 507–508
sliding and rotating mode, 507
tool-face angle, 507

straight inclined wellbore
axial effective force, 540
buildup bend

axial force, 546
drag force, 549
high tension, 543–544
low tension, 544
pipe effective force vs. MD, 546–547
under tension, 549
unit contact force, 551
unit contact force vs. MD, 546–547

curved wellbore, constant curvature, 541
drop-off bend

capstan force, 542
dynamic friction force, 543
small pipe element, 541–542

dynamic coefficient of friction, 541
FBD, 539–540
friction component, 540
helical buckling, 540
lateral, snaky/sinusoidal buckling, 540
static coefficient of friction, 541
wellbore friction factor, 540–541

sulfide stress cracking (SSC), 405
surface casing

beneficial effect, 426–427
burst design, 426
burst loads, 425
collapse loads, 425–426
directional wells, 428
loading condition, 425
lost-circulation zone, 427
tension loads, 425–426

surge pressure prediction
definition, 269
end of pipe boundary conditions, 270–272
pipe-annulus and pipe-to-bottomhole region, 269–270
pressure-drop calculation, 269
surface boundary conditions, 269–270
surge pressure solution, 272–273
swab pressures, 269
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T
tangential method, 527
tensile test

brittle material, 393–394
ductility, 393
isotropy condition, 393
nominal stress-strain curve, 392–393
offset method, 393
proportional limit, 392–393
strain/work hardening, 393

tension leg platform (TLP), 15
terminal-angle method, 527
thermally stable polycrystalline (TSP) bits, 312, 314, 330
three-dimensional (3D) well profiles

AAM, 465–466
CBTM, 471
CCBM, 472–473
cluster, 464
designer wells, Gullfaks field, 464–465
MCM, 469–470
offshore applications, 464
RCM, 467–469
torque and drag modeling

drag-force calculations, 568–571
equilibrium equations in 3D, 557–559
force and moment equilibrium formulation, 563–565
inclined wellbore, pipe, 559–563
soft-string model (see soft-string model)
stiff-string model, 574–576

titanium drillpipe (TDP), 596
torque, 603
torque and drag modeling

2D well profiles
buckling consideration, 554
pipe rotation, 551–553
straight inclined wellbore (see straight inclined wellbore)
tortuosity effect, 555–556

3D well profiles
drag-force calculations, 568–571
equilibrium equations in 3D, 557–559
force and moment equilibrium formulation, 563–565
inclined wellbore, pipe, 559–563
soft-string model (see soft-string model)
stiff-string model, 574–576

torsional stresses, 603–604
true vertical depth (TVD), 450
tungsten-carbide-insert (TCI) bits, 312, 320, 364

U
unit binormal vector, 523
U-tube principle, 652–654

V
viscosity-control additives, 159
von Mises stress, 601

W
waiting-on-cement (WOC) times, 171–172
weight on bit (WOB), 585
well control

accumulators, 634–635
blowout prevention, 631
choke line, 633–634
choke manifold, 634–635
kicks

causes, 636–638
characteristics, 636
controlling principles, 631
definition, 635
equivalent mud weight, 636
pressure differential, 636
warning signs, 638–639

preventer stack
annular preventers, 632–633
blind rams, 633
diverters, 633–634
preventer stack, 631–632
ram-type preventers, 633
variable-bore rams, 633

shut-in procedure
concurrent method, 645–647
constant BHP methods, 646–647
crew member responsibilities, 641–642
diverter procedures, 641
downhole stresses, 649–650
driller’s method, 645–646
drilling kicks, 640–641
gas kicks, 650–651
hard vs. soft shut-in procedures, 639–640
hole-geometry variations, 653, 655–656
kick identification, 644–645
kill-mud-weight calculation, 644–645
kill-weight increment, 651–653
procedural complexity, 649
saltwater kicks, 650–652
shut-in pressures, 642–644
static casing-pressure curves, 651, 653
surface pressures, 647–648
time considerations, 647
tripping kicks, 640–641
U-tube principle, 652–654
wait and weight method, 645–646

subsea BOP, 631
testing, 633

well trajectory, survey data
average-angle and tangential methods, 527
directional/simply stations, 526
inclination and azimuth angles, 526
minimum-curvature method, 529–531
RCM, 527–529
two survey stations, 3D well path, 526

whipstocks and jetting techniques, 477–479
working-stress designs, 422, 433

Y
yield strength, 388
yield stress

Casson fluids, 215
drilling fluids, cement slurries, 207–208
Herschel-Bulkley fluids, 213
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